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In the presence of extra neutrino states at high scales, the low-energy effective 3 × 3 leptonic mixing
matrix (LMM) is in general nonunitary. We revisit the question of what is our current knowledge of
individual LMM matrix elements without assuming unitarity. We first demonstrate that a minimal set of
experimental constraints suffices in bounding LMM nonunitarity parameters to the level of Oð10−3Þ,
without the use of neutrino oscillation data. We then revisit oscillation results as a complementary cross-
check, using different physics and different experimental techniques to probe a similar parameter space. We
correct some common misconceptions in the neutrino nonunitarity literature resulting from an incautious
treatment of input parameters. We find that neutrino oscillation experiments can constrain LMM
nonclosure, but, contrary to claims in the literature, are completely insensitive to the overall normalization
of the LMM. Thus, we conclude that oscillation experiments, including the future DUNE experiment, have
no power in excluding nonunitarity altogether.
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I. INTRODUCTION

The discovery of neutrino oscillations is a milestone in
the history of particle physics. This phenomenon was the
first and so far only direct observation of physics beyond
the standard model (BSM). Neutrino oscillations are a
consequence of (i) at least two neutrinos being massive,
and (ii) mass eigenstates being misaligned with weak
interaction eigenstates. While these properties are absent
in the SM, in the minimally required extensions only two
mass differences and a 3 × 3 unitary mixing matrix need to
be introduced. The unitary Pontecorvo-Maki-Nakagawa-
Sakata (PMNS) mixing matrix has three angles and one
Dirac phase.1 Since the first observation of missing
neutrinos at the Homestake experiment [1] a grand exper-
imental program succeeded in measuring the two mass
squared differences and the three angles to the level of a few
percent [2]. Nevertheless, even in the minimal scenario

many questions remain open. Those are the overall scale
and the neutrino mass ordering, the Majorana or Dirac
nature, and whether or not CP symmetry is broken in the
leptonic sector.
In a huge class of models leading to neutrino masses and

mixing, new sterile states need to be introduced. These are
Weyl fermions which are singlets under the SM gauge
group. In minimal scenarios these states are either very
heavy and give mass to SM neutrinos via the seesaw
mechanism (Majorana neutrino), or very light and generate
the neutrino masses via the Higgs mechanism (Dirac
neutrino). Nevertheless, it is plausible to introduce addi-
tional neutrino states which might lead to richer phenomena
of neutrino oscillations (see e.g., Ref. [3] and references
therein).
In such nonminimal scenarios, if the mass scale of the

additional neutrino states lies above the kinematic reach of
a considered experiment, the consequences of their exist-
ence at low energies are embodied in the nonunitarity of the
effective low-energy 3 × 3 leptonic mixing matrix (LMM).
In the most general case, the LMM consists of nine
magnitudes and four phases, in contrast to the unitary
PMNS where three magnitude and one phase suffice.
In the past two decades a huge effort has been carried out

in order to study deviations from unitarity of the LMM.
Since Ref. [4] first explored the topic, and the seminal
paper of Antusch et al. [5] put the theoretical grounds for
the formalism of nonunitary neutrino oscillations, many
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1If the neutrinos are Majorana, there exist two additional
Majorana phases, but these do not affect oscillation probabilities.
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authors confront different oscillation data with the theo-
retical predictions [6–15]. Throughout the years, different
parametrizations of the LMM matrix were presented, with
the well-known η parametrization of Ref. [16], and the α
parametrization of Ref. [17]. Recently Ref. [18] presented
yet another convention by packing the information in terms
of normalization and nonclosure factors, which have a clear
physical interpretation and reveal different aspects of
nonunitarity physics. On top of the information extracted
from oscillations, Refs. [19–21] extensively studied bounds
from nonoscillation-related constraints, and Ref. [22] pre-
formed a global fit to all data.
The experimental constraints are traditionally split in the

literature between bounds from neutrino experiments com-
pared to an extensive set of complementary measurements.
The former involves independent measurements of all nine
matrix elements and four phases, which in general is highly
challenging. It is traditionally unjustifiedly motivated by
the claim that, unlike other constraints, constraints from
this dataset are model independent.
Current constraints on LMM nonunitarity arise from a

variety of measurements, including, for example, electro-
weak data, universality tests, radiative lepton decays, and
oscillation data. In this work we do not aim to perform a
global fit to these constraints, but rather study the impli-
cations and limitations of individual constraints by splitting
the collection of relevant measurements into two minimal
complementary sets:
(1) Minimal and robust—We demonstrate that a min-

imal set of (i) lepton flavor universality (LFU) ratios
and (ii) weak angle measurements, is able to place
stringent bounds on nonunitarity parameters.

(2) Oscillationþ LFU—We treat a dataset of oscil-
lation data together with the LFU bounds as a
complementary cross-check of LMM nonunitarity
constraints. We argue that using oscillation data
without using the LFU constraints is inconsistent.

In studying our second dataset we draw special attention to
contamination in input parameters and fix some common
errors in the literature. We provide the correct expressions
which are needed to consistently analyze neutrino oscil-
lation data in the framework of nonunitarity, and show that
a correct treatment of input parameters completely removes
the ability of oscillation experiments to exclude LMM
nonunitarity. This is in sharp contradiction to current
literature. We emphasize that neutrino oscillation experi-
ments are sensitive only to the nonclosure of the mixing
matrix, and hence that should be the only target of such
experiments.
The structure of the paper is as follows: In Sec. II we

review the formalism needed for nonunitarity of the LMM.
In Sec. III we update the bounds arising from LFU and
weak mixing angle measurements and derive the resulting
constraints on nonunitarity. In Sec. IV we study the (in)
sensitivity of neutrino oscillation data, discussing the

subtleties and misconceptions in the literature. We con-
clude in Sec. V. Complementary material is given in
Appendixes A and B.

II. FORMALISM

In this section we review the framework and formalism
used throughout this paper. We mainly follow the notations
of Ref. [18], while we clarify explicitly in places where we
differ. The formalism is based on Ref. [23] which was
developed to the scenario of nonunitary LMM in Ref. [5].
We consider models in which extra sterile neutrino states
exist at scales above the relevant scale for neutrino
production, and whose consequences at low energies are
embodied in the nonunitarity of the 3 × 3 leptonic mixing
matrix (LMM).
In its most general form the LMM contains nine

magnitudes and four phases, and can always be rotated
to the following form:

U ¼

0
B@

jUe1j jUe2jeiϕe2 jUe3jeiϕe3

jUμ1j jUμ2j jUμ3j
jUτ1j jUτ2jeiϕτ2 jUτ3jeiϕτ3

1
CA: ð1Þ

The effective neutrino flavor state produced in an
experiment in association with a charged lepton, lα, from
a hadron or lepton decay at t ¼ 0 after propagating in
vacuum for a time t, is given by

jναðtÞeffi ¼
1ffiffiffiffiffiffi
Nα

p
X3
k¼1

U�
αke

iEktjνki; ð2Þ

where α ¼ e, μ, τ stands for the neutrino flavor and k stands
for the neutrino mass eigenstate. The sum is truncated at
three, as under our assumptions mass eigenstates with k>3
are kinematically inaccessible at production. The normali-
zation factor Nα is chosen such that hναðtÞjναðtÞi ¼ 1. In
general we define the normalization factors,

Nα ≡ jUα1j2 þ jUα2j2 þ jUα3j2; ðα ¼ e; μ; τÞ; ð3Þ

Nk ≡ jUekj2 þ jUμkj2 þ jUτkj2; ðk ¼ 1; 2; 3Þ; ð4Þ

and the nonclosure factors,

tαβ ≡U�
α1Uβ1 þ U�

α2Uβ2 þ U�
α3Uβ3; ð5Þ

tkl ≡U�
ekUel þU�

μkUμl þU�
τkUτl; ð6Þ

which are measures of the nonunitarity of the LMM.
Throughout this work we assume that the LMM is a
submatrix of a larger unitary matrix. That is,
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Ni; Nα ≤ 1 i ¼ 1; 2; 3; α ¼ e; μ; τ: ð7Þ

The normalization factors and nonclosure factors are not
independent; in particular, using the Cauchy-Schwarz
inequality on the vectors of the full extended mixing
matrix, one can derive the following relations:

jtαβj2 ≤ ð1 − NαÞð1 − NβÞ;
jtijj2 ≤ ð1 − NiÞð1 − NjÞ: ð8Þ

This implies that any nonunitarity exhibited in nonclosure
factors must be accompanied by nonunitarity in normali-
zation factors of at least the same magnitude.

III. A MINIMAL AND ROBUST SET
OF CONSTRAINTS

In this section we demonstrate, that a minimal set of
experimental constraints, consisting of:
(1) Two lepton flavor universality (LFU) ratios.
(2) One ratio of weak angle measurements.

is able to exclude deviations from unitarity in the LMM
larger thanOð10−3Þ. These constraints, together with many
others, have been considered previously in the literature in
the context of LMM unitarity (see, e.g., Ref. [20]). Here we
emphasize that a very minimal set such as the one
considered here suffices in placing stringent constraints,
remarkably without the use of neutrino oscillation data. We
update these constraints with the latest relevant experimen-
tal data.
The robustness of these constraints is due to the fact that

they are sensitive to nonunitarity at leading order in pertur-
bation theory, and were measured using several independent
systems and experimental techniques. We note that, if the
only new physics affecting these measurements is the
effective nonunitarity, then the constraints detailed below
are unavoidable. In order to circumvent them, one would
need to altermeson and lepton decays, introducing additional
couplings to light and invisible states (to avoid LFU con-
straints), or introduce effective operators that affect weak-
angle determinations (to avoid EW constraints).

A. Lepton flavor universality bounds

One of the most robust constraints on row normalization
factors can be derived from nonuniversality constraints in
meson and lepton decays (see Refs. [5,19,20]). Here, a ratio
of branching ratios of identical processes with a single
different flavor of charge lepton is proportional to the ratio
of normalization factors. For instance one finds the follow-
ing from LFU measurements of pion decay (for a detailed
derivation see Appendix B):

BRðπ → μνÞ
BRðπ → eνÞ ¼

�
BRðπ → μνÞ
BRðπ → eνÞ

�
SM Nμ

Ne
: ð9Þ

LFU constraints arise from tree-level processes and are
applicable in any model in which the extra states are
kinematically inaccessible at meson and lepton mass scales.
In order to avoid the LFU bounds one has to introduce
either light fermions which are singlets under the SM gauge
group, also known as light sterile neutrinos, and/or intro-
duce nonstandard neutrino interactions in a way that
mimics the SM prediction. Therefore, we argue these
limits cannot be avoided without further NP in the neutrino
sector.
In our analysis, we use a set of LFU constraints provided

by the HFLAV Collaboration [24], as summarized in
Table I. More details as to LFU bounds from additional
processes can be found in Appendix B.
The conjunction of any two ratios from Table I leads to

the conclusion that all row normalization factors, Nα, can
be thought of as moving together in the allowed flat
direction, up to deviations of Oð10−3Þ at most. The only
considerable freedom that remains is of the universal
normalization, which we denote as Nuniv.,

Ne ≃ Nμ ≃ Nτ ≃ Nuniv: ð10Þ

B. Weak-mixing angle bounds

As was shown in Ref. [20], the combination of various
weak mixing angle measurements places a strong bound on
the universal normalization, Nuniv. In the following we
update the experimental inputs to this derivation. The Fermi
constant as measured from muon decay is sensitive to
nonunitarity of the LMM matrix at tree level

Gμ ¼ GF

ffiffiffiffiffiffiffiffiffiffiffiffi
NeNμ

p
: ð11Þ

This measurement can be compared to the value of sin2 θW
measured by using other systems [20,25], and can be
interpreted as setting stringent bounds on the product
NeNμ. We consider leptonic Z-boson decays, and update
the effective weak mixing angle estimations using the latest
LHC data.
The effective weak mixing angle, sin2 θfeff [26,27], is

measured in Z boson decays to fermion pairs, via forward-
backward asymmetries or polarization asymmetries.
Comparing the SM theoretical prediction (see Sec. 10.5
of [3]) with the expectation of a nonunitary LMM, one
finds

TABLE I. Summary of LFU constraints on ratios of normali-
zation factors, taken from Ref. [24].

Ratio Bound Processes

Nμ

Ne

1.004� 0.003 Lepton decays
Nτ
Ne

1.006� 0.003 Lepton decays
Nτ
Nμ

0.999� 0.003 Lepton, π, K decays
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ðsin2 θfeff cos2 θfeffÞSM
ðsin2 θfeff cos2 θfeffÞNU

¼ ffiffiffiffiffiffiffiffiffiffiffiffi
NeNμ

p
: ð12Þ

where the subscript NU stands for the nonunitary case.
Here we update the results of Ref. [20] by combining
results from the Tevatron CDF and DØ experiments
[28,29], and the LHC ATLAS, CMS, and LHCb experi-
ments [30–33]. Following [3] for combining leptonic
(l ¼ e, μ) observables, we have

sin2 θleff cos
2 θleff ¼ 0.17784� 0.00012: ð13Þ

This is to be compared with the SM prediction [3],

ðsin2 θleff cos2 θleffÞSM ¼ 0.17792� 0.00002: ð14Þ

The resulting constraint reads

ffiffiffiffiffiffiffiffiffiffiffiffi
NeNμ

p ¼ 1.0004� 0.0007: ð15Þ

Together with the nonuniversality constraints of Table I, by
using simple propagation of error, this implies,

Ne ¼ 0.998� 0.002; Nμ ¼ 1.002� 0.002;

Nτ ¼ 1.003� 0.002; ð16Þ

or in terms of lower bounds,

Ne > 0.995; Nμ > 0.999; Nτ > 0.998 at 2σ: ð17Þ

Thus, without using any input from neutrino experi-
ments, the combination of
(1) LFU constraints, and
(2) Weak mixing angle bounds.

suffices in order to exclude deviations of row normalization
factors from unity larger than Oð10−3Þ.
Using the Cauchy-Schwartz inequality, the row non-

closure parameters are similarly constrained,

jtαβj2 ≤ ð1−NαÞð1−NβÞ<Oð10−6Þ; α;β¼ e;μ;τ: ð18Þ

Finally, as the sum over column normalization factors
equals to the sum over row normalization factors,

X
α

Nα ¼
X
i

Ni; ð19Þ

we conclude that the sum of column normalization factors
is also equal to one at the per mil level. As we take all
normalization factors to be at most one, we cannot achieve
large cancellations between different column normalization
factors. This results in per mil level bounds on each of the
column normalization factors as well.

IV. COMPLEMENTARY CROSS-CHECKS
FROM OSCILLATION DATA

Oscillation experiments are directly sensitive to the
LMM parameters. In this section we work with a dataset
excluding the weak mixing angle constraints of the pre-
vious section, considering only measurements that directly
involve neutrinos in the initial or final state. We treat
oscillationþ LFU data in what follows as a complementary
cross-check of LMM constraints, and find that, contrary to
what is claimed in much of the literature, oscillation
experiments are only sensitive to the normalized LMM
elements, fjUαij2=Nunivg, and have no sensitivity to the
overall normalization of the LMM rows and columns.
As discussed in Sec. III A, LFU constraints cannot be

avoided without modifying neutrino physics beyond non-
unitarity. Moreover, some of the LFU bounds arise from the
same meson decays that play a role in the production
mechanisms of many oscillation experiments. Hence,
ignoring LFU constraints but assuming that the only NP
in the neutrino sector is embodied in nonunitarity is
inconsistent. Therefore, our starting point for the analysis
below is the conclusion of the LFU analysis outlined in
Sec. III A.
In order to interpret oscillation data, we derive the

oscillation probability expressions in the presence of
nonunitarity, and the relation between the number of
observed events and these probabilities.
The oscillation probabilities are given by

Pðνα → νβ; tÞ ¼ jhνeffβ jναðtÞeffij2; ð20Þ

where explicit expressions are given in Appendix A. It is
important to highlight the effect of neutrino appearance at
zero distance, which arises due to the nonorthogonality of
the effective flavor states of Eq. (2). The transition
probability at zero distance does not vanish but is rather
given by

Pðνα → νβ; 0Þ ¼
(
1 β ¼ α
jtαβj2
NαNβ

β ≠ α
: ð21Þ

A. Flux and cross section predictions

In order to relate the probability expressions to a
measured number of events in a neutrino experiment, the
neutrino flux and its interaction cross section need to be
taken into account,

nβ ∝ Φα · Pðνα → νβÞ · σβ; ð22Þ

whereΦα (σα) is the neutrino flux (cross section) associated
with a lepton lα. In experiments that use both a far detector
(FD) and a near detector (ND) and consider the ratio of
measured events (assuming a source of a single neutrino
flavor), the flux and cross section cancel in the ratio which
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is then a clean measurement of the evolution probability.
Conversely, all other experiments require estimations of
both the flux and the cross section in order to be interpreted.
Since initially postulated in Ref. [5], the leptonic non-

unitarity literature traditionally treats the estimation of
fluxes in the presence of nonunitarity as differing from
their SM expectations by a normalization factor, arising
from the effective flavor states of Eq. (2). We argue,
however, that the SM prediction is misleading, as input
parameters are derived from measurements. Therefore, in
reality, no such correction factors need to be applied, since
fluxes are estimated using measured branching ratios. In the
following we provide two characteristic examples of flux
estimations in order to convey this point:
(1) Consider a pion source of μ-neutrinos. Given a

known pion flux, the μ-neutrino flux is given by

Φμ ¼ Φπ · BRðπ → μνÞ: ð23Þ

If the branching ratio is taken from measurement,
then there is clearly no need to correct the flux
estimation, which would inherently include the
effects of nonunitarity. In the special case of the
pion, the branching ratio can also be estimated
without any hadronic input, using only the fully
leptonic two-body modes,

BRðπ→ μνÞ

≈
jhμνeffμ jHj0ij2 ·PSμ

jhμνeffμ jHj0ij2 ·PSμþjheνeffe jHj0ij2 ·PSe
; ð24Þ

where PSe;μ stands for the relevant phase-space
factor. Plugging in the effective flavor states of
Eq. (2) and the Hamiltonian in the mass basis, we
have for each matrix element

jhlαν
eff
α jHj0ij2

jhlαναjHj0iSMj2 ¼
���� 1ffiffiffiffiffiffi

Nα
p

X3
i¼1

jUαij2
����
2

¼ Nα: ð25Þ

Therefore, this results in

BRðπ → μνÞ ≈ Nμ · PSμ
Nμ · PSμ þ Ne · PSe

¼ 1þO
�
Ne

Nμ
× 10−4

�
: ð26Þ

In other words, since BRðπ → μνÞ ≈ 1 is known,
nonunitarity cannot result in a non-negligible
deviation in the μ-neutrino flux from pions. Sim-
ilarly, as nuclear reactors operate below the muon
threshold and produce only νe, no correction should
be applied to the flux of reactor neutrinos, which is
estimated from the measured produced energy.

(2) As a second example, consider the flux of
e-neutrinos induced by the decays K → πeν in a
collider experiment. Given a known kaon flux, the
e-neutrino flux is given by

Φe ¼ ΦK · BRðK → πeνÞ: ð27Þ

The branching ratio can either be taken from
measurement, in which case again no correction is
needed, or it can be calculated using two exper-
imental inputs: (i) the kaon lifetime; (ii) the hadronic
matrix element. While the first input is not expected
to be affected considerably by nonunitarity, the
hadronic matrix element, as measured in semilep-
tonic decays, does inherently include effects of
nonunitarity coming from the leptonic matrix ele-
ments in the decay [as in Eq. (25)]. In this case the
true flux would differ from the expected SM flux by
a ratio of normalization factors.

We conclude that flux estimations either do not need to
be corrected for the effects of nonunitarity, or at most are
corrected by ratios of normalization factors arising from the
product of the leptonic matrix element and measured
hadronic matrix element,

Φα ¼ ðΦαÞPredicted ·
Nα

Nβ
: ð28Þ

This is in contrast to the widespread treatment of SM flux
predictions in the leptonic nonunitarity literature, where a
correction factor of Nα is applied to all flux predictions. We
note that in principle, lattice QCD results can be used to
estimate hadronic matrix elements. We do not discuss this
option further here. As illustrated in Sec. III A, ratios of
normalization factors, as in Eq. (28), are constrained to be
very close to unity due to LFU constraints, and are
therefore negligible when considering Oð1Þ unitarity vio-
lation. Additional LFU bounds which are directly related to
neutrino production mechanisms are given in Appendix B.
The situation for interaction cross-section predictions

depends on the relevant energy scale. For low-energy
neutrino experiments, below the perturbative regime of
QCD, SM predictions generically require experimental
hadronic input involving neutrino states, which inherently
account for the effects of nonunitarity. In these cases
therefore we argue no correction factor should be applied.
For experiments that operate in the perturbative QCD
regime, where the interaction cross section is dominated
by deep inelastic scattering (DIS), the situation is subtle and
depends on the way input parameters are measured. One
can hope that input parameters be measured using proc-
esses with no neutrinos. This is possible for some inputs;
for example, one could imagine that in order to interpret
data from collider experiments such as FASERν [34] and
SND@LHC [35], the weak constant would be taken from
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LHC measurements rather than from muon decay.
Unfortunately, in the absence of light-quark flavor tagging,
the CKM matrix element jVudj is currently extracted only
from low-energy experiments that involve neutrinos, where
the most precise method is using super-allowed beta decays
[36]. The combination that is measured introduces one
insertion of the normalization, ðG2

FjVudj2NunivÞ, which
cancels out in the DIS cross section prediction. If one
could use only neutrino-free inputs, the definition of SM
cross section [5] would no longer be ambiguous, and a
measurement of DIS would be linearly sensitive to Nuniv.
We conclude that as long as contaminated inputs have to
play a part, no nonunitarity correction factor should be
applied for the cross section.
Our treatment of flux and cross section predictions,

different from what is commonly used in the literature,
results in drastically different conclusions as to the impact
of neutrino oscillation experiments on nonunitarity; we find
that oscillation experiments have no sensitivity to LMM
row normalization factors. Below we show what informa-
tion can be extracted from oscillation experiments under
the hypothesis of LMM nonunitarity.

B. Constraints on fjUαij2=Nunivg and Nuniv
from neutrino oscillation data

In what follows we perform frequentist statistical analy-
ses, and provide our results in the form ofΔχ2 distributions,
minimized with respect to all parameters but the parameter

of interest. We use best fit values for the mass squared
differences Δm2

21¼ð7.42�0.21Þ×10−5 eV2 and Δm2
31 ¼

ð2.52� 0.03Þ × 10−3 eV2 [2]. We emphasize that we do
not attempt to perform a global fit to all existing neutrino-
related data, but rather use a selection of experimental
results that is both straightforward to interpret in terms of a
nonunitary LMM, and provides a comprehensive picture of
current constraints. Throughout our analysis we neglect
matter effects, which we have verified do not significantly
change any of our results. From this point on we do not
distinguish between noramlization factors of different rows,
and only focus on the constraints on the universal nor-
malization, Nuniv.

1. e-row magnitudes

Neutrino experiments relevant to the e-row (reactor and
solar) provide three equations for the three normalized e-
row parameters,

�jUe1j2
Nuniv

;
jUe2j2
Nuniv

;
jUe3j2
Nuniv

�
; ð29Þ

and can be analyzed separately from all other constraints.
While in the unitary case the three equations can be
solved unambiguously for each of the squared magnitudes,
fjUeij2g, when considering nonunitarity only the normal-
ized magnitudes are determined, while the overall normali-
zation remains completely unconstrained,

FIG. 1. Δχ2 distributions for the normalized e-row magnitudes, when taking into account only neutrino oscillation experiments. The
expressions and values used to generate these plots are listed in Table II.

TABLE II. Experiments relevant for e-row magnitudes and the expressions for the corresponding measured
quantities, without assuming unitarity.

Experiment Measured quantity Value and Ref.

Solar CC (SNOþ SuperK) jUe2j2
Nuniv

�
1 − jUe3j2

Nuniv

	
þ jUe3j4

N2
univ

0.293� 0.013 [37]

KamLAND 4jUe1j2jUe2j2=N2
univ 0.824� 0.036 [38]

Daya Bay 4jUe3j2
Nuniv

�
1 − jUe3j2

Nuniv

	
0.0856� 0.0029 [39]
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Nuniv ∈ ½0; 1�: ð30Þ

This result is apparent from the expressions in Table II
which depend only on jUeαj2=Nuniv. Figure 1 shows the 1D
Δχ2 distributions for the normalized elements.

2. νμ-beam oscillation data (NOvA, T2K, NOMAD,
and OPERA)

Oscillation data from νμ
ð−Þ

→ νμ
ð−Þ

(T2K andNOvA) and zero
distance nonclosure constraints from the NOMAD experi-
ment, provide information on the normalized parameters,

�jUμij2
Nuniv

;
jUτij2
Nuniv

�
: ð31Þ

By looking at the expressions of Table III, one can see that
T2K and NOvA [40], fix jUμ3j2=Nuniv to be centered around
∼1=2, while the NOMAD [41] and OPERA measurements
provide constraints on the remaining normalized magni-
tudes. The resultingΔχ2 distributions are shown inFig. 2.We
note that while appearance experiments can place bounds on
the magnitude of nonclosure parameters, jtαβj, the normali-
zation, Nuniv, remains completely unconstrained by the
combination of all existing oscillation data.

3. A final comment on oscillation experiments

The results above should come with no surprise. After
we argue that fluxes and cross sections should not be
rescaled, it is clear that oscillation experiments measure the
transition probability. As can be seen from the explicit

FIG. 2. Δχ2 distributions for fjUμij2=Nuniv; jUτij2=Nunivg from muon neutrino beam experiments.

TABLE III. Select νμ-beam oscillation experiments and the expressions for the corresponding measured quantities, without assuming
unitarity.

Experiment Measured quantity Value and Ref. Notes

ν
ð−Þ

μ → ν
ð−Þ

μ T2K 4jUμ3j2
Nuniv

�
1 − jUμ3j2

Nuniv

�
1.01� 0.02 [42] Interpreting the measurement of sin2 θ23

as providing the coefficient of sin2 x31
ν
ð−Þ

μ → ν
ð−Þ

μ NOvA
0.99� 0.02 [40]

NOMAD jtμej2=N2
univ ≤1.4 × 10−3 at 90% C.L. [43]

jtμτj2=N2
univ ≤3.3 × 10−4 at 90% C.L. [41]

jteτj2=N2
univ ≤1.5 × 10−2 at 90% C.L. [41]

OPERA Pμτ ¼ ½jtμτj2 þ 4jUμ3j2jUτ3j2 sin2 x31
þ 4jtμτjjUμ3jjUτ3j sin x31

× sin ðx31 þ argðtμτÞ − ϕτ3Þ�=N2
univ

ð1.14� 0.38Þ
× sin2xOPERA31 [44]

Using x31 ≡ Δm2
31L=4E,

L ¼ 730 km; E ¼ 17 GeV
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expressions of Appendix A, the probability expressions are
only sensitive to the normalized matrix elements,
jUαij2=Nuniv. The same is true for the prospects of the
DUNE experiment, for which the relevant parameters are
once again the normalized magnitudes and the normalized
nonclosure factors, jtαβj=Nuniv, while no sensitivity exists
to the diagonal nonunitarity parameters, embodied by the
overall normalization, Nuniv.
One might wonder if matter effects introduce a sensi-

tivity to the overall normalization. We argue that this is not
the case. Working in the basis of vacuum mass eigenstates,
the matter potential has the form [see e.g., [10])],

Hmat ¼ U†diagfVCC þ VNC; VNC; VNCgU; ð32Þ

which introduces a quadratic dependence on the LMM
matrix elements. Nevertheless, the matter potential is
proportional to the Fermi constant measured from muon
decay, as in Eq. (11). As a result, matter effects only
introduce additional sensitivity to jUαij2=Nuniv., and no net
sensitivity to Nuniv. itself.

2

To conclude, within the assumption of kinematically
inaccessible extra states, oscillation experiments, including
the future DUNE, are only sensitive to the magnitudes of
nonclosure factors jtαβj, which should be the only target of
those experiments under the hypothesis of nonunitarity.
Once again, just as in the case of flux and cross section
estimation, we see that contamination in input parameters
cancels out the sensitivity to the overall normalization.

V. DISCUSSION AND CONCLUSIONS

In this work we have revisited the topic of leptonic
nonunitarity resulting from kinematically inaccessible
heavy degrees of freedom. While traditionally the literature
separates between direct measurements coming from neu-
trino experiments which are considered as model indepen-
dent, and a set of all other indirect constraints, we argue that
such separation is unjustified, and even inconsistent.
In our analysis we choose a different differentiation. In

the minimal and robust dataset we include measurements of
LFU ratios together with weak-mixing angle constraints.
This includes two measurements of LFU ratios, and one
overconstraining measurement of the weak mixing angle.
This minimal dataset is sufficient to constrain nonunitarity
at the Oð10−3Þ level. We emphasize that both LFU and the

weak mixing angle were measured in many different
systems. Moreover, it requires quite remarkable conspiracy
between other new physics effects to mimic the SM
prediction; hence we term this minimal set as robust.
Next we revisit the Oscillationþ LFU dataset, and stress

that for consistency the LFU bounds must be included
when analyzing oscillation data under the hypothesis of
neutrino nonunitarity. In our assessment of the knowledge
gained from neutrino oscillation data, we draw special
attention to the important role of experimental inputs to
fluxes, cross sections and matter effects. While it is tradi-
tionally stated that neutrino fluxes and cross sections
should be corrected by a normalization factor compared
to the SM predictions, we argue that so-called “SM
predictions” are contaminated by the same NP leading to
nonunitarity, and therefore do not commonly require any
correction.
Our different treatment of flux and cross section normali-

zation, as well as the inclusion of LFU bounds, show that
oscillation experiments are only sensitive to the normalized
matrix elements, jUαβj2=N, and that there is a flat direction
in the universal normalization of the matrix. Once input
parameters are treated correctly, this conclusion remains
even in the presence of matter effects. This result is in sharp
contradiction with the traditional treatment of oscillation
data in the literature, and holds also for future oscillation
experiments. In particular, the DUNE physics book [45]
claims for Oð10%Þ sensitivity to Nuniv ≃ Ne ¼ ð1 − αeeÞ2,
while we find no sensitivity to Nuniv. exists.
Our study highlights the strength of zero-distance

oscillation experiments in providing knowledge of the
nonclosure of a nonunitary LMM, by placing bounds on
the factors jtαβj=N. The remarkable bounds placed on
jtμτj2=N2 by the NOMAD [41] and CHORUS [46] experi-
ments, of Oð10−4Þ, are the only existing bounds from
oscillation data that come somewhat close to the level of
electroweak and LFU constraints. We believe that improv-
ing the NOMAD bounds on the nonclosure factors should
be the target of future experiments that wish to constrain
LMM nonunitarity. We note, that our conclusions hold for
the case of kinematically inaccessible heavy neutrino states.
Other scenarios that result in a nonunitary LMM are
discussed, for example, in Ref. [10].
As a last comment, we find it remarkable that the

resulting bounds from the minimal and robust dataset
are two orders of magnitude stronger then the bounds on
CKM nonunitarity.
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APPENDIX A: GENERAL OSCILLATION
PROBABILITY EXPRESSIONS

Using Eqs. (2) and (20), we derive the oscillation
probability expressions when allowing for nonunitarity.
Defining

xij ≡ Δm2
ijL

4E
; ðA1Þ

we have for the disappearance probability,

Pðνα → ναÞ¼ 1−
4jUα2j2ðjUα1j2þjUα3j2Þ

N2
α

sin2 x21

−
4jUα3j2ðjUα1j2þjUα2j2Þ

N2
α

sin2 x31

þ8jUα2j2jUα3j2
N2

α
sinx21 sinx31 cosx32: ðA2Þ

The appearance probability expression is similarly given by

Pðνα
ð−Þ

→ νβ
ð−ÞÞ ¼ jtαβj2

NαNβ
þ 4jUα2j2jUβ2j2

NαNβ
sin2x21 þ

4jUα3j2jUβ3j2
NαNβ

sin2x31

þ 8jUα2jjUβ2jjUα3jjUβ3j
NαNβ

sin x21 sin x31 cos ðx32 ∓ Δϕαβ
2 � Δϕαβ

3 Þ

þ 4jtαβj
NαNβ

½jUα2jjUβ2j sin x21 sin ðx21 � argðtαβÞ � Δϕαβ
2 Þ

þ jUα3jjUβ3j sin x31 sin ðx31 � argðtαβÞ � Δϕαβ
3 Þ�; ðA3Þ

where Δϕαβ
i ≡ ϕαi − ϕβi.

To derive the expression for solar neutrinos, we use φei—
the outgoing fractional fluxes of neutrino mass eigenstates
leaving the sun. Importantly, as a consequence of the
neutrino mass eigenstates being orthonormal,

P
φei ¼ 1.

Taking matter effects into account, the fractional fluxes are
given by φei ¼ f0; 1 − jUe3j2=Nuniv; jUe3j2=Nunivg (see
e.g., Ref. [18]), and the probability of measuring e-neutrino
on earth is given by Pee ¼ φeiPie ¼ φeijUeij2=Nuniv.

APPENDIX B: LFU BOUNDS FROM NEUTRINO
PRODUCTION PROCESSES

The LFU constraints are inherently related to the bounds
from neutrino oscillation experiments, and some processes
are actually exactly the source processes for atmospheric,
accelerator and collider neutrino experiments. Let us
illustrate it explicitly by using pion decay as an example.
Consider a neutrino state Eq. (2),

jνeffα ðtÞi ¼ 1ffiffiffiffiffiffi
Nα

p
X3
k¼1

U�
αke

iEktjνki; ðB1Þ

as produced from pion decay. At the source, t ¼ 0, the ratio
of branching ratio of pion decaying to a muon and neutrino,
compared to that of pion decaying to electron and neutrino
is given by (the τ bounds are similar and coming from
τ → πν)

BRðπ → μνÞ
BRðπ → eνÞ ¼ Rμe

jhμþνeffμ jHjπþij2
jheþνeffe jHjπþij2 ; ðB2Þ

where Rμe is a kinematical factor which to leading order is
equal to m2

μðm2
π −m2

μÞ2=m2
eðm2

π −m2
eÞ2. Plugging the neu-

trino states defined above, and taking into account the
rotation of the interaction in the Hamiltonian as we move
from the interaction basis to the mass basis, one finds

TABLE IV. Leading bounds on LFU which are directly related to the neutrino source of various experiments. For
accelerator and collider neutrino experiments, electron neutrino are dominantly produced in Kaon decay, μ-
neutrinos are mainly produced from both pion and kaon decay, and τ-neutrinos are mainly produced from Ds
decays.

Ratio lα → lβναν̄β π → lαν̄α K → lαν̄α Ds → lαν̄α
Nμ

Nuniv
. 1.004� 0.003 [24] 0.999� 0.002 [47] 1.004� 0.013 [48] � � �

Nτ
Nuniv

. 1.006� 0.003 [24] � � � � � � � � �
Nτ
Nμ

1.002� 0.003 [24] 0.992� 0.005 [24] 0.996� 0.013 [24] 1.016� 0.035 [3]
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BRðπ → μνÞ
BRðπ → eνÞR

−1
μe ¼

��� 1ffiffiffiffiffi
Nμ

p P
3
i¼1 jUμij2

���2��� 1ffiffiffiffiffiffiffiffi
Nuniv

p
P

3
i¼1 jUeij2

���2 ¼
Nμ

Nuniv
: ðB3Þ

In other words, under the assumption of no conspiracy of
BSM invisible light states, using the neutrino states
Eq. (2) as produced by a pion source, is directly related

to measuring LFU from pion decay, which bounds
the ratio of the normalization factor. In Table IV we
summarize LFU constraints which are directly related
to the production of neutrino beams. We note that
nonuniversality in W-boson decays also places con-
straints, but these are slightly weaker and are relevant
at a different physical scale, therefore we do not include
them here.
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