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We present a comprehensive analysis of the vacuum stability of the two-Higgs-doublet model, for both
type-I and type-II, augmented by vectorlike quarks in singlet, doublet, or triplet representations. We review
the model briefly before introducing the extra fermionic states and their interactions, and impose
restrictions on the parameters coming from both theoretical considerations and experimental bounds.
We then study the renormalization group equation evolution of the parameters of the model in order to
isolate the parameter regions that satisfy vacuum stability requirements. We then add the electroweak
precision observables to ensure that the resulting parameter space is consistent with the data. We include
complete expressions for the renormalization group equations and the S and T parameters used. Finally, we
summarize the effects of various vectorlike quark representations on the parameter space. We indicate the
regions constrained, highlighting the differences between representations in type-I and type-II, and
pinpoint the effects of the interplay between the extended model and the additional fermions.
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I. INTRODUCTION

The discovery of the Higgs boson [1,2] marked a
significant milestone in particle physics, validating the
existence of the missing piece of the Standard Model (SM).
Yet the data collected supporting the Higgs discovery seem
to indicate that principles of stability, renormalizability, and
naturalness, which motivated the introduction of the Higgs
boson in the first place, appear in conflict with the
properties of the Higgs field itself. The idea of naturalness
seems to be in conflict with the surprising degree of fine-
tuning of both parameters in the Higgs field potential [3,4].
Related to this is the issue of the stability of the electroweak
vacuum that arises from the behavior of the Higgs potential
under renormalization group equations. To address this
issue, it became imperative to explore extensions of the SM
that could resolve this instability while remaining consis-
tent with experimental observations. These explorations
involve extending the particle content by additional states
and/or extending the symmetry group (which in turn, result
in the presence of new particles).

Such additional particles can be fermions or bosons.
While the former are limited, the latter appear to have a
wider range of applicability. The issue with additional
fermions is the following. In the SM, gauge invariance does
not allow for the introduction of bare mass terms for quarks
and leptons, since these terms are not gauge invariant. So
quark and lepton masses only arise from Yukawa inter-
actions, after spontaneous gauge symmetry breaking.
Additional fermionic families (quark or lepton) are ruled
out by the Higgs data, since both the digluon production
cross section (and decay) and the diphoton decay channel
agree with the SM predictions and thus are inconsistent
with the existence of additional fermions in the loops. The
reason is the following. For the gluon fusion, the lowest
order process proceeds through a loop involving quarks.
The loop function depends on the ratio of the quark mass
over the Higgs mass, both squared. The loop function is
negligible for light quarks, where this ratio is <1, leaving
only the top contribution to be significant. However, if there
are additional generations of chiral fermions, their con-
tributions will also add to that of the top quark and enhance
the cross section, rendering it inconsistent with the exper-
imental value [5,6]. Thus surprisingly, heavy chiral quark
contributions do not decouple [7,8].
However, if the fermionic components have vectorlike

structure, rather than SM-chiral-like, their left- and right-
handed components have the same couplings, allowing for
bare mass terms that are gauge invariant. The addition of
these particles is one of the simplest extensions of the SM.
Because of their vectorlike nature, they do not contribute to
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gauge anomalies and are less restricted than their chiral
counterparts by current experimental data. They may
populate the desert between the SM and the scale of grand
unification, without worsening the hierarchy problem.
Vectorlike quarks (VLQs), allowed to mix that couple with
the third generation quarks (top and bottom partners),
appear in composite Higgs models with a partially
composite top quark [9–12]. They are naturally present
in theories with extra dimensions [13–18] and in little
Higgs models [19–21]. Finally, VLQs can be introduced in
nonminimal supersymmetric models to increase corrections
to the Higgs mass without significantly affecting electro-
weak precision observables [22–24], and they appear also
in grand unified theory (GUT)-inspired, supersymmetric
models [25].
Additionally, VLQ may explain some of the mismatch

between the SM predictions and observed data. For
instance, the Cabbibo-Kobayashi-Maskawa (CKM) matrix,
which encodes couplings for each of the three generation
quarks is, by construction, unitarity. However, the recent
dataset collected after 2018 [26] disfavors the CKM
unitarity of the first row for three generations of quarks
to 99.998% confidence limits (C.L.), a problem confirmed
by the determination of Vud from superallowed beta decays
[27]. While improved lattice evaluations of decay constants
and form factors for kaons and pions, and corrections to the
nuclear beta decay, have shrunk the discrepancy to 3σ,
referred to as the Cabibbo angle anomaly [28,29], intro-
ducing VLQs seems the most promising avenue, because
they are able to yield right-handed charged quark currents,
which can modify the CKM matrix results [30]. An
additional VLQ family could also explain quark and lepton
mass hierarchies [31].
In the context of the SM, VLQs contribute to the stability

of the vacuum, due to their strong coupling. It is well-
known that in the SM, the stability of the vacuum is
threatened by the strong coupling of the top to the Higgs
boson [32]. The simplest cure is to add a scalar singlet field,
which mixes with the SM Higgs boson and compensates
for the top quark contribution [33]. Vectorlike quarks, due
to their distinct representation under the electroweak group,
offer a promising avenue for mitigating the vacuum
stability problem. The question remains, how would the
vacuum stability be affected by the addition of VLQs to the
particle content?
In a previous work [34], we analyzed the effects of all

possible representations of vectorlike quarks and their
implications for maintaining vacuum stability within the
SM augmented by an additional scalar. We have shown
that, even with the addition of VLQs, the presence of the
additional scalar was still a necessity. We extend this
analysis to the study of the effect of introducing vectorlike
quarks into a simple extension of the SM, the two-Higgs-
doublet model (2HDM). Thus, we effectively replace the
singlet scalar by scalars in a doublet representation. Our

study involves analyzing all anomaly-free representations
of vectorlike quarks and their implications for maintaining
vacuum stability within this model. As several versions of
the model exist, we shall concentrate here on type-I (where
the fermions couple to only one Higgs doublet and the other
is inert) and type-II (where up quarks and neutrinos couple
to one Higgs doublet, while down quarks and charged
leptons couple to the other). The latter is of particular
interest as it is consistent with the interaction structure
required in supersymmetry.
The two-Higgs-doublet models, seen as one of the

simplest extensions of the SM, have received a great deal
of attention in the literature; see, for example, [35–53]
and references therein. There are several motivations for
extending the SM to 2HDMs. The best known is, as alluded
to before, supersymmetry. In supersymmetric theories,
the scalars belonging to multiplets of different chiralities
cannot couple together in the Lagrangian, and thus a single
Higgs doublet cannot give mass to both up- and down-
type quarks. In addition, cancellation of anomalies also
requires the presence of an additional doublet. Another
motivation for 2HDMs comes from axion models [54]. It
was noted [55] that a possible CP-violating term in the
QCD Lagrangian can be rotated away if the Lagrangian
contains a globalUð1Þ symmetry, but this is possible only if
there are two Higgs doublets. And yet another motivation
for 2HDMs comes from the fact that the SM is unable to
generate a sufficiently large baryon asymmetry of the
Universe, while 2HDMs can, due to additional sources
of CP violation [56].
In this paper, we investigate the effects of vectorlike

quarks in the context of extending the SM to the 2HDM
framework. By incorporating vectorlike quarks into
2HDM, we analyze whether we can overcome the neg-
ativity of quartic Higgs boson self-couplings by finding a
viable parameter space consistent with various theoretical
and experimental constraints in type-I and type-II 2HDM
scenarios. Furthermore, we delve into the consequences of
these extensions on precision electroweak observables.
We focus on two separate components: first, the oblique
parameters originating from purely the 2HDM, and second,
the impact of vectorlike quark contributions on these
observables. These analyses shed light on the potential
alterations to electroweak measurements that arise from the
inclusion of vectorlike quarks in multi-Higgs scenarios.
Through numerical simulations, we demonstrate the sig-
nificant role that vectorlike quarks play in stabilizing the
electroweak vacuum while maintaining agreement with
precision electroweak measurements. Our aim is to provide
insights into the potential avenues for extending the SM to
address some of its shortcomings and set the theoretical
framework for future explorations and for experimental
validations.
Our work is organized as follows. In Sec. II we review

the 2HDM. In Sec. III we review vectorlike quarks, in
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singlet, doublet, or triplet representations, setting the
general Lagrangian responsible for their interaction, as
well as reviewing experimental searches and theoretical
considerations responsible for restricting their masses.
Section IV is dedicated to our exploration of the parameter
space of the 2HDM with VLQs, which satisfies vacuum
stability bounds. Section V explores the constraints
imposed by electroweak precision observables on the
surviving parameter space, looking separately at the
restrictions coming from the 2HDM alone, in Sec. VA,
and from the VLQs, in Sec. V B. We summarize our
findings and conclude in Sec. VI. Finally, in the Appendix
we gather all renormalization group equations (RGE) for
the VLQ representations used in this work.

II. THE TWO-HIGGS-DOUBLET MODEL

In what follows, we present a brief summary of the
2HDM. Extensive reviews of the 2HDMs of type-I and
type-II are in, e.g., [35,36]. The most general scalar
potential contains 14 parameters and can have CP-
conserving, CP-violating, and charge-violating minima.
We make several simplifying assumptions: that CP is
conserved in the Higgs sector, allowing one to distinguish
between scalars and pseudoscalars, that CP is not sponta-
neously broken, and that discrete symmetries eliminate
from the potential all quartic terms odd in either of the
doublets.
The 2HDM scalar potential for the two-doublet fields

with hypercharge Y ¼ 1, which is invariant under the gauge
symmetry of the SM, SUð3ÞC ⊗ SUð2ÞL ⊗ Uð1ÞY , and
satisfies a discrete Z2 symmetry, is given by [35]

VðΦ1;Φ2Þ ¼ m2
11Φ

†
1Φ1 þm2

22Φ
†
2Φ2 −m12ðΦ†

1Φ2 þΦ†
2Φ1Þ

þ λ1
2
ðΦ†

1Φ1Þ2 þ
λ2
2
ðΦ†

2Φ2Þ2

þ λ3ðΦ†
1Φ1ÞðΦ†

2Φ2Þ þ λ4ðΦ†
1Φ2ÞðΦ†

2Φ1Þ

þ λ5
2
½ðΦ†

1Φ2Þ2 þ ðΦ†
2Φ1Þ2�; ð1Þ

where the complex doublets are perturbed around their
minimums vi as

Φi ¼
� wþ

i
viþρiþiηiffiffi

2
p

�
ði ¼ 1; 2Þ ð2Þ

with
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
v21 þ v22

p
¼ v ¼ 246 GeV, and the m2

12 term softly
breaks the Z2 symmetry. The reason for introducing Z2

symmetry is to avoid tree-level flavor-changing neutral
currents. Minimizing the 2HDM potential Eq. (1) breaks
electroweak symmetry and allows the scalar potential to be
fully described in terms of seven independent parameters.
The scalar couplings at μ0 can be expressed in terms of the
physical masses of the two CP-even scalars, h and H, as

λ1 ¼
M2

Hcos
2αþM2

hsin
2α

v2cos2β
;

λ2 ¼
M2

hcos
2αþM2

Hsin
2α

v2sin2β
;

λ3 ¼
sin 2α

v2 sin 2β
ðM2

H −M2
hÞ þ

2M2
H�

v2
;

λ4 ¼
M2

A − 2M2
H�

v2
;

λ5 ¼ −
M2

A

v2
; ð3Þ

along with tan β ¼ v2=v1 and α the mixing angle between
the two CP-even scalars. In contrast to the SM vacuum that
conserves CP symmetry but breaks SUð2ÞL ⊗ Uð1ÞY sym-
metry, there are four possible vacuum states in 2HDM.
Charge-breaking (CB) vacuum occurs when the charged
component of either of the scalars acquires a nonzero
vacuum expectation value (VEV). Uð1Þ symmetry is spon-
taneously broken, and the photon gets a nonzero mass

hΦ1iCB ¼ 1ffiffiffi
2

p
�

0

c1

�
; hΦ2iCB ¼ 1ffiffiffi

2
p
�
c2
c3

�
: ð4Þ

CP-breaking vacuum occurs when there is a relative phase
difference between the VEVs of the neutral components of
the scalar doublets

hΦ1iCP ¼ 1ffiffiffi
2

p
�

0

v1

�
; hΦ2iCP ¼ 1ffiffiffi

2
p
�

0

v1eiη

�
: ð5Þ

The inert vacuum state happens when either one of the
scalar fields acquires a nonzero VEV,

hΦ1iIN ¼ 1ffiffiffi
2

p
�
0

v

�
; hΦ2iIN ¼ 1ffiffiffi

2
p
�
0

0

�
; ð6Þ

while mixed (normal) vacuum occurs when both of the
neutral components of the scalar doublets have nonzero and
positive VEVs,

hΦ1iN ¼ 1ffiffiffi
2

p
�

0

v1

�
; hΦ2iN ¼ 1ffiffiffi

2
p
�

0

v2

�
: ð7Þ

If all different vacua could have existed simultaneously in a
2HDM potential, then one can undoubtedly think that the
probability of transition between these states is nonzero. It
was shown in Ref. [57] that if the 2HDM potential has a
CP-conserving vacuum, then the different vacua (CP and
CB) become saddle points,1 with energy larger than that of

1This is not necessarily so for the CP-breaking case, though
normal vacua remain deeper.
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the CP-preserving vacuum, ensuring that normal vacua
stay global. If two different pairs of normal vacua can
coexist, for a choice of tan β value, more than one pair of
v1; v2ðv̂1; v̂2Þ, might survive away from the origin [58]. The
relative depth of the potentials is given by2

ΔV ¼ 1

2

��
M2

H�

v21 þ v22

�
−
�

M2
H�

v̂21 þ v̂22

��
ðv1v̂2 − v2v̂1Þ2: ð8Þ

However, a new pair of deeper minima (v̂1; v̂2) in a special
form of the 2HDM potential conflicts with SM phenom-
enology (the Higgs boson data) for a large region of the
parameter spacewhile a small parameter space still survives,
preserving the mass spectrum of the SM and yet developing
a nonzero transition rate between different normal vacua
pairs. Nevertheless, the coexistence of two pairs of neutral
vacua

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
v21 þ v22

p
<

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
v̂21 þ v̂22

p
results in a particle spectrum

that might yield decays conflicting with the SM predictions,
even without RG flow, given the age of the universe exceeds
the tunneling time. A sufficient condition that the normal
vacua v2 ¼ v21 þ v22 remain a global minimum is [49]

m2
12

�
m2

11 −

ffiffiffiffiffi
λ1
λ2

s
m2

22

��
tan β −

�
λ1
λ2

�
1=4
�

> 0: ð9Þ

Additionally, one-loop effects rise in the effective 2HDM
potential, and hence the relative depth of potential under the
presence of the coexistence of inert [59] and of CB vacua
[60] cases involve further corrections. Consequently, the
parameter space extracted from the relative depth of the
potential is extended. In fact, such an effect is an alternative
way for renormalized couplings to manifest themselves
according to RGEs, since the complete form of the effective
potential runs over all gauge boson, fermion, and scalar
field contributions. In return, renormalized couplings and
masses according to a cutoff scale modify the relative depth
between two effective potentials under the coexistence of
vacua. The procedure follows according to the general
structure of β-functions under the SM symmetry group,
whereas gauge and scalar couplings extend the parameter
space in a similar way. The Yukawa couplings do not affect
the inertlike minimum since the fermions remain massless.
The noncoexistence of CB and normal vacua is assured
by the relative depth between different vacua natures
VCB − VEW > 0; hence, the normal vacuum remains global
minimum at tree level. However, there exists a finite
allowed region [60] from one-loop corrections to Veff

EW that
might develop a larger effective potential than the one of
Veff
CB. Since the effective potential is RG scale independent,

this phenomena is not related to the energy scale for which
the loop corrections are performed. Thus, at one-loop level,

different from at tree level, the effective scalar potential
that measures transition rates between EW and CB
vacua is extremely dependent on particle content given.
Nonetheless, the study of the surviving rates is meaningful
in the case where VEW − VCB > 0 and concludes remark-
ably that the tree-level relation for EW vacuum stability
may not hold for a unique choice of parameters.
Furthermore, tree-level vacuum stability is ensured if

the following necessary and sufficient conditions are
satisfied for the potential parameters in softly broken Z2

symmetry [61]:

λ1ðμÞ > 0; λ2ðμÞ > 0; λ3ðμÞ þ
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
λ1ðμÞλ2ðμÞ

p
> 0;

λ3ðμÞ þ λ4ðμÞ − jλ5ðμÞj > −
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
λ1ðμÞλ2ðμÞ

p
: ð10Þ

While these conditions may not necessarily hold true at the
one-loop level, within the rangewhere perturbativemethods
apply, the minor adjustments in the one-loop corrections
to the effective potential should not substantially alter the
potential’s asymptotic trends. Typically, this is managed by
scrutinizing the RG evolution of scalar couplings in the
potential and ensuring that the criteria outlined in Eq. (10)
remain applicable across all scales. Throughout our work in
Sec. IV, the conditions Eqs. (10) and (11) on all the quartic
couplings are satisfied up to the Planck scale. In principle,
assuming the most general 2HDM potential (e.g., Z2 is not
preserved, and λ6, λ7 ≠ 0), it was shown [39,62,63] that
necessary and sufficient conditions for boundedness from
below (BFB) can be numerically solved for limited cases.
The inclusion of λ6 and λ7 extends the parameter space that
satisfies BFB conditions. Without loss of generality, the
BFBconditions for themost general 2HDMpotential reduce
to Eq. (10). To this end, by adopting theZ2-conserving case
only, our scanning of complete RGEs in Sec. IV obeys
Eq. (10) at all energy scales up to μ ¼ MPl. Additional
conditions on the parameters of the 2HDM potential at the
tree level emerge when ensuring the theory maintains
unitarity [64,65]:

jλ3 − λ4j < 8π;

jλ3 þ 2λ4 � 3λ5j < 8π;��� 1
2

�
λ1 þ λ2

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðλ1 − λ2Þ2 þ 4λ24

q 	��� < 8π;��� 1
2

�
λ1 þ λ2

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðλ1 − λ2Þ2 þ 4λ25

q 	��� < 8π: ð11Þ

At the end of Sec. III B, the tree-level expressions,3 Eq. (11),
will be further modified to one-loop corrections for pertur-
bative unitarity conditions in order to be examined through-
out the complete 2HDMþ VLQRGE scan.We consider the
casewhereMh < MH (with h the SM-likeHiggs boson), the

2A similar relation in terms of inert and inertlike minimum
cases is given elsewhere [59].

3The analytic expressions for the most general 2HDM poten-
tial appear elsewhere [63].
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light Higgs masses scenario, and the normal vacuum in this
study. Based on howZ2 symmetry is imposed on the 2HDM
Lagrangian, four types of Yukawa interactions arise. Here
we consider only two versions of the model:

(i) Type-I: All fermions couple to the Φ2 doublet, and
the discrete symmetry is described as Φ2 → −Φ2.

(ii) Type-II: All charged leptons and down-type quarks
couple to Φ1, and all up-type quarks couple to Φ2.

Although the conditions Eqs. (9) and (10) are necessary,
they are not sufficient to guarantee absolute stability of the
electroweak vacuum at next-to-leading order (NLO). In fact,
the RGE running of quartic couplings λ1;2 in type-I and
type-II are severely affected by negative corrections of top
and bottom Yukawa couplings,

dλI2
d ln μ2

¼ 1

16π2
½12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

− 3λ1ð−4y2t þ g21 þ 3g22Þ − 12y4t − 12y4b þ � � ��;
dλII1
d ln μ2

¼ 1

16π2
½12λ21 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

− 3λ1ðg21 þ 3g22Þ − 12y4b þ � � ��;
dλII2
d ln μ2

¼ 1

16π2
½12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

− 3λ2ð−4y2t þ g21 þ 3g22Þ − 12y4t þ � � ��; ð12Þ

where gauge portal terms are not shown here due to their
positive contributions. In Fig. 1, we present the running
couplings of the quartic couplings λ1 and λ2 in 2HDM
type-II by considering a toymodel, without showing the RG
evolution of λ3;4;5. The first two conditions inEq. (10) are not
satisfied at the one-loop level by simply imposing the
existence of a mixing between scalars. We adopt this toy
model to show that, unlike the common misconception
rising from the absence of an additional scalar in the SM, the
model including an additional scalar also relies on the other
free parameters of 2HDM.4 According to the initial value of

λ2 in Eq. (3),MH ¼ 450 GeV is insufficient to preserve the
positivity of λ2 around μ ∼ 105 GeV. Increasing the mass to
MH ¼ 600 GeV andMH ¼ 700 GeV lifted the initial value
and ameliorated the positivity of quartic coupling up toMPl.
Introducing additional freedom in the scalar sector proved to
be the best scenario for a remedy for the vacuum stability as
well as enlarging the allowed parameter space consistent
with the SM phenomenology so far, because the SM can be
recovered in the decoupling of the beyond the Standard
Model (BSM) scalar extension (mixing angle α ¼ 0). We
further use the radiative decay constant on the scalar initial
conditions at the RGE level [67]

δλðμÞ¼
GFM2

Z

8
ffiffiffi
2

p
π2

½ξf1ðξ;μÞþf0ðξ;μÞþ ξ−1f−1ðξ;μÞ�; ð13Þ

with ξ ¼ M2
H=M

2
Z, GF ¼ 1.16635 × 10−5 GeV−2, and

f1ðξ; μÞ ¼ 6 ln
μ2

M2
H
þ 3

2
ln ξ −

1

2
Z

�
1

ξ

�
− Z

�
c2W
ξ

�
− ln c2W

þ 9

2

�
25

9
−

ffiffiffi
1

3

r
π

�
;

f0ðξ; μÞ ¼ 6 ln
μ2

M2
Z

�
1þ 2c2W − 2

m2
t

M2
Z

�
þ 3c2Wξ
ξ − c2W

þ 2Z

�
1

ξ

�
þ 4c2Z

�
c2W
ξ

�
þ 3c2W ln c2W

s2W

þ 12c2W ln c2W −
15

2
ð1þ 2c2WÞ

− 3
m2

t

M2
Z

�
2Z

�
m2

t

ξM2
Z

�
þ 4 ln

m2
t

M2
Z
− 5

�
;

f−1ðξ; μÞ ¼ 6 ln
μ2

M2
Z

�
1þ 2c4W − 24

m2
t

M2
Z

�
− 6Z

�
1

ξ

�

− 12c4WZ

�
c2W
ξ

�
− 12c4W ln c2W þ 8ð1þ 2c4WÞ

þ
�
Z

�
m2

t

ξM2
Z

�
þ ln

m2
t

M2
Z
− 2

�
ð14Þ

FIG. 1. The RGE running of the top Yukawa and scalar couplings λ1 and λ2 in the 2HDM fixed at tan β ¼ 6 for (a) MH ¼ 450 GeV,
(b) MH ¼ 600 GeV, and (c) MH ¼ 700 GeV.

4Similar analyses for the Higgs singlet model (HSM) and
2HDM have been performed in Refs. [33,66].
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with

ZðzÞ ¼


2Atan−1ð1=AÞ; z > 1=4;

A ln½ð1þ AÞ=ð1 − AÞ�; z < 1=4;
ð15Þ

A ¼ j1 − 4zj1=2: ð16Þ

These corrections are taken into consideration from the
h → γγ amplitude. Since the signals from the photon decay
of the Higgs also have corrections from the loop level
diagrams, we only take the account of the SM gauge bosons
and the top quark appearing in the one-loop level.
The deviation patterns in the Yukawa couplings due to

mixing effects at the tree level remain consistent with the
Standard Model predictions even when considering the
inclusion of radiative corrections. Moreover, the scale
factor corrections in the one-loop level due to extra scalars
remain under 5% due to stability and perturbativity con-
straints in the 2HDM. This emerges from

Γ̂2HDM
hff ∼ Γ̂SM

hff þ
1

16π2
mfM2

Φ

v3
ð1 −M2=M2

ΦÞ2

∼ Γ̂SM
hff þ

1

16π2
mfvλ2i
M2

Φ
: ð17Þ

Specifically for the top quark radiative correction, if the soft
breaking scale of the Z2 symmetry is around the masses of
extra scalars H�, H, and A, then the corrections remain
under 1% for tan β > 3. In fact, the peak value is around
6% for tan β ¼ 1, and this scale becomes even smaller and
negligible for tan β > 3 [68]. This is also shown to be
correct for all the SM fermions studied therein. Hence, we
can safely assume that for tan β and the mass range of extra
scalars we choose for this work, the following electroweak
radiative corrections to the initial condition on the top quark
for increased accuracy hold [69]:

Δtðμ0Þ ¼ ΔWðμ0Þ þ ΔQEDðμ0Þ þ ΔQCDðμ0Þ; ð18Þ

with

ΔWðμ0Þ ¼
GFm2

t

16
ffiffiffi
2

p
π2

�
−9 ln

m2
t

μ20
− 4π

MH

mt
þ 11

�
;

ΔQEDðμ0Þ ¼
α

9π

�
3 ln

m2
t

μ20
− 4

�
;

ΔQCDðμ0Þ ¼
αs
9π

�
3 ln

m2
t

μ20
− 4

�
: ð19Þ

Therefore, the initial condition for the top Yukawa coupling
becomes

yt ¼
ffiffiffi
2

p
mt

v
½1þ Δtðμ0Þ�: ð20Þ

We now proceed with adding the contributions of VLQs
into the model.

III. THE 2HDM WITH VECTORLIKE QUARKS

A. Theoretical considerations

Using the 2HDM potential in Sec. II, we investigate the
effect of introducing vectorlike quarks on the stability of the
electroweak vacuum. Unlike SM-like (chiral) fermions
whose left-handed and right-handed components transform
differently under SUð3ÞC ⊗ SUð2ÞL ⊗ Uð1ÞY, vectorlike
fermions have the same interactions regardless of chirality.
However, whenwe consider incorporating them into the SM
framework, it becomes necessary to introduce a new scalar
boson into theLagrangian. The additional scalar boson plays
a crucial role in maintaining the stability of the 2HDM
potential up to the Planck scale. The rationale behind this
requirement stems from the fact that the inclusion of extra
fermions leads to a decrease in the effective self-coupling of
the Higgs boson. Consequently, this extension could poten-
tially exacerbate the negative evolution of the Higgs quartic
coupling when compared to the scenario within the SM
without additional particles. The presence of the new scalar
boson serves as a remedy to this situation.
The question remains, how would VLQs affect models

with different scalar representations, such as 2HDMs?
Throughout our work, we uphold the condition that the
potential of the 2HDM must remain positive up to the
Planck scale. Previous works analyzed several collider
signatures that would be expected in type-II 2HDM with
vectorlike quarks (singlets and doublets) [70–74]. The main
motivation for our study is to establish the limitations that
constrain the masses of vectorlike quarks and the mixing
angles with the SM quarks. Establishing these constraints is
essential in preserving the stability of the electroweak
vacuum. While VLQ are also allowed to appear in the
loop level of the radiative Higgs decay and their contri-
butions, because of their vectorlike character, they do not
affect the branching ratio. The oblique corrections to the
mass of the W-boson rely on various VLQ representations
as well, and thus making Eq. (13) model dependent.
Because of this, only the corrections from the W-boson
and the top quark are considered to slightly increase the
relevant initial conditions on the quartic couplings without
contradicting experimental data. Furthermore, if effects
from mVLQ ∼O TeV are taken into account in Eq. (17),
effects due to VLQ break perturbativity of the top Yukawa
coupling as setting its initial value too large. Moreover, as
to be seen in Figs. 2–4, the initial value of the top Yukawa
coupling according to radiative corrections we assume
herein ensures the observed top quark mass throughout
all representations of VLQþ 2HDM − I; II. Since all the
initial conditions are set at μ0 ¼ mt, any VLQ effect
contradicts with the experimental data. One might argue
that the mixing relations between the SM quarks and VLQ
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could further correct the initial condition on the top
Yukawa; however, Eqs. (34) and (35) are allowed to reduce
ytðμ0Þ only if the mixing angle (denoted below by sin θtL;R)
becomes larger than the constraints5 in Sec. III B.
The new VLQ states interact with the Higgs bosons

through Yukawa interactions. The allowed anomaly-free
multiplet states for the vectorlike quarks, together with their
nomenclature, are listed in Table I [75–78]. The first two
representations are U-like and D-like singlets [25,79,80],
the next three are doublets (one SM-like, two non-SM like),
and the last two are triplets. Note that the latter allow for
quarks with exotic charges, QX ¼ 5=3 and QY ¼ −4=3.
The various representations are distinguished by their
SUð2ÞL and hypercharge numbers.
The Yukawa and other relevant interaction terms

between the vectorlike quarks and SM quarks are, in the
bare (Φ1, Φ2) basis for type-I,

LI
SM ¼ −yuqLΦc

2uR − ydq̄LΦ2dR;

LI
U1;D1

¼ −yTq̄LΦc
2U1R

− yBq̄LΦ2D1R

− yMðŪ1L
Φ2U1R

þ D̄1L
Φ2D1R

Þ
−MUŪLUR −MDD̄LDR;

LI
D2

¼ −yTD̄2L
Φc

2uR − yBD̄2L
Φ2dR

− yMðD̄2L
Φc

2D2R
þ yBD̄2L

Φ2D2R
Þ−MDD̄2L

D2R
;

LI
DX;DY

¼ −yTD̄XL
Φ2uR − yBD̄YL

Φc
2dR

− yMðD̄XL
Φ2DXR

þ yBD̄YL
Φc

2DYR
Þ

−MXD̄I
XL
DXR

−MYD̄YL
DYR

;

LI
T X;T Y

¼ −yTq̄LτaΦc
2T

a
XR

− yBq̄LτaΦ2T a
YR

− yMðT̄ XL
τaΦc

2T
a
XR

þ yBT̄ YL
τaΦ2T a

YR
Þ

−MXT̄ XL
T XR

−MY T̄ YL
T YR

; ð21Þ

and for type-II

LII
SM ¼ −yuq̄LΦc

2uR − ydq̄LΦ1dR;

LII
U1;D1

¼ −yTq̄LΦc
2U1R

− yBq̄LΦ1D1R

− yMðŪ1L
Φ2U1R

þ D̄1L
Φ1D1R

Þ
−MUŪLUR −MDD̄LDR;

LII
D2

¼ −yTD̄2L
Φc

2uR − yBD̄2L
Φ1dR

− yMðD̄2L
Φc

2D2R
þ yBD̄2L

Φ1D2R
Þ−MDD̄2L

D2R
;

LII
DX;DY

¼ −yTD̄XL
Φ2uR − yBD̄YL

Φc
1dR

− yMðD̄XL
Φ2DXR

þ yBD̄YL
Φc

1DYR
Þ

−MXD̄XL
DXR

−MYD̄YL
DYR

;

LII
T X;T Y

¼ −yTq̄LτaΦc
2T

a
XR

− yBq̄LτaΦ1T a
YR

− yMðT̄ XL
τaΦc

2T
a
XR

þ yBT̄ YL
τaΦ1T a

YR
Þ

−MXT̄ XL
T XR

−MY T̄ YL
T YR

; ð22Þ

where Φc
i ¼ iσ2Φ⋆

i (i ¼ 1, 2), yu, yd, yT , and yB are the
Yukawa couplings of the scalar fieldsΦ1;2 to vectorlike and
to SM quarks, while yM is the Yukawa coupling of the
scalar fields to only vectorlike quarks.
The gauge eigenstate fermion fields resulting from the

mixing can be written in general as

T L;R ¼
�

t

T

�
L;R

; BL;R ¼
�
b

B

�
L;R

: ð23Þ

The mass eigenstate fields are denoted as ðt;1 ; t2Þ
and ðb1; b2Þ, and they are found through bi-unitary
transformations,

TL;R ¼
�
t1
t2

�
L;R

¼ Vt
L;R

�
t

T

�
L;R

;

BL;R ¼
�
b1
b2

�
L;R

¼ Vb
L;R

�
b

B

�
L;R

; ð24Þ

where

TABLE I. Representations of vectorlike quarks, with quantum numbers under SUð2ÞL × Uð1ÞY.
Name U1 D1 D2 DX DY T X T Y

Type Singlet Singlet Doublet Doublet Doublet Triplet Triplet

T B
�
T
B

� �
X
T

� �
B
Y

�  X
T
B

!  T
B
Y

!

SUð2ÞL 1 1 2 2 2 3 3
Y 2=3 −1=3 1=6 7=6 −5=6 2=3 −1=3

5Nonetheless, for the mixing scale between the SM quarks and
VLQ set here, the radiative corrections for ytðμ0Þ can always be
neglected without significantly affecting the parameter space
generated by the complete RGE analysis.
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Vt
L;R ¼

�
cos θt − sin θt

sin θt cos θt

�
L;R

;

Vb
L;R ¼

�
cos θb − sin θb

sin θb cos θb

�
L;R

: ð25Þ

In the following we abbreviate cos θtL ≡ ctL;…. Through
these rotations we obtain the diagonal mass matrices

Mt
diag ¼ Vt

LM
tðVt

RÞ† ¼
�
mt1 0

0 mt2

�
;

Mb
diag ¼ Vb

LM
bðVb

RÞ† ¼
�
mb1 0

0 mb2

�
: ð26Þ

By using the gauge eigenstate fields, the mass matrices in
the top and bottom sectors are given, after spontaneous
symmetry breaking,

−Lt
Yuk ¼ ð tL TL Þ

� yt vffiffi
2

p yT vffiffi
2

p

yT
vffiffi
2

p yM
vffiffi
2

p þMT

��
tR
TR

�
;

−Lb
Yuk ¼ ðbL BL Þ

� yb
vffiffi
2

p yB
vffiffi
2

p

yB vffiffi
2

p yM vffiffi
2

p þMB

��
bR
BR

�
: ð27Þ

The mass eigenvalues for top partners in type-I, IIþ VLQ
models are

m2
t1;t2 ¼

1

4
½ðy2t þy2Tþy2MÞv2�

"
1�

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1−
�

2ytyM
ðy2t þy2Tþy2MÞ

�
2

s #

ð28Þ

with eigenvectors

�
t1
t2

�
L;R

¼
� cos θtL;R sin θtL;R
− sin θtL;R cos θtL;R

��
t

T

�
L;R

: ð29Þ

Diagonalization of the mass matrices Eq. (26) is useful for
expressing the mixing angles for top and bottom sectors in
terms of the free parameters of the model,

tanð2θtLÞ ¼
2yTyM

y2M − y2t − y2T
;

tanð2θtRÞ ¼
2ytyT

y2M þ y2t − y2T
: ð30Þ

Charge assignments of the non-SM-like quarks do not
allow the X and Y fields to mix with the other fermions.
Therefore, these vectorlike quarks are also mass eigen-
states. The bottom sector mixing angle can be obtained
with the replacement t → b and θt → θb. And solving
Eq. (30) for the Yukawa couplings we end up with the
relations between mass eigenvalues and mixing angles:

yT
yt

¼ stLc
t
L

m2
t
tan θt

2

L

tan θt
2

R

−m2
T
tan θt

2

R

tan θt
2

L

mTmt
: ð31Þ

The connection between mass eigenstates and mixing
angles of the SM quarks to VLQs in anomaly-free states
is unique for each representation [75]:

For doublets∶ ðXTÞ∶ m2
X ¼ m2

Tðcos θtRÞ2 þm2
t ðsin θtRÞ2;

ðTBÞ∶ m2
Tðcos θtRÞ2 þm2

t ðsin θtRÞ2 ¼ m2
Bðcos θbRÞ2 þm2

bðsin θbRÞ2;
ðBYÞ∶ m2

Y ¼ m2
Bðcos θbRÞ2 þm2

bðsin θbRÞ2;
For triplets∶ ðXTBÞ∶ m2

X ¼ m2
Tðcos θtLÞ2 þm2

t ðsin θtLÞ2 ¼ m2
Bðcos θbLÞ2 þm2

bðsin θbLÞ2;

where sinð2θbLÞ ¼
ffiffiffi
2

p m2
T −m2

t

ðm2
B −m2

bÞ
sinð2θtLÞ;

ðTBYÞ∶ m2
Y ¼ m2

Bðcos θbLÞ2 þm2
bðsin θbLÞ2 ¼ m2

Tðcos θtLÞ2 þm2
t ðsin θtLÞ2;

where sinð2θbLÞ ¼
m2

T −m2
tffiffiffi

2
p ðm2

B −m2
bÞ
sinð2θtLÞ; ð32Þ

and where

mT;Bðtan θt;bR Þ ¼ mt;bðtan θt;bL Þ for singlets; triplets;

mT;Bðtan θt;bL Þ ¼ mt;bðtan θt;bR Þ for doublets: ð33Þ

We defined here mT ¼ MU þ yTv sin β=
ffiffiffi
2

p
, mB ¼ MD þ

yBv cos β=
ffiffiffi
2

p
, mt¼ytvsinβ=

ffiffiffi
2

p
, and mb ¼ ybv cos β=

ffiffiffi
2

p
for type-II models (for type-I, replace v cos β and v sin β
by v), while mX ¼ MX and mY¼MY . Initial conditions for
all Yukawa couplings are modified with mixing relations.
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For type-Iþ VLQ, all fermions acquire mass by interacting
with the VEV of Φ2,

yItðμ0Þ ¼
ffiffiffi
2

p
mt

v
1ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

cos2 θL þ x2t sin2 θL
p ;

yITðμ0Þ ¼
ffiffiffi
2

p
mT

v
sin θL cos θLð1 − x2t Þffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
cos2 θL þ x2t sin2 θL

p ;

yIBðμ0Þ ¼
ffiffiffi
2

p
mB

v
sin θL cos θLð1 − x2bÞffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
cos2 θL þ x2b sin

2 θL

q ;

yIMðμ0Þ ¼
X

i¼X;T;B;Y

CRmi

v

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
cos2 θL þ x2t sin2 θL

q
; ð34Þ

whereas in type-IIþ VLQ, tan β, which is the ratio of
VEVs, modifies the initial conditions to read

yIIt ðμ0Þ ¼
ffiffiffi
2

p
mt

v sin β
1ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

cos2 θL þ x2t sin2 θL
p ;

yIIT ðμ0Þ ¼
ffiffiffi
2

p
mT

v sin β
sin θL cos θLð1 − x2t Þffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
cos2 θL þ x2t sin2 θL

p ;

yIIB ðμ0Þ ¼
ffiffiffi
2

p
mB

v cos β
sin θL cos θLð1 − x2bÞffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
cos2 θL þ x2b sin

2 θL

q ;

yIIMðμ0Þ ¼
X

i¼X;T;B;Y

CRmi

v

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
cos2 θL þ x2t sin2 θL

q
; ð35Þ

where CR ¼ ð ffiffiffi
2

p
; 1ffiffi

2
p ;

ffiffi
2

p
3
Þ is the representation dependent

weight factor with xb ¼ mb=mB and as before xt ¼ mt=mT .
Since X and Y fields do not mix with other fermions
of the model, their low-energy Yukawa couplings are not
altered by mixing relations. However, yX and yY have
indirect effects on the coupled RGEs, as seen from Eq. (7)
for type-I and type-II analyzed in this work. Furthermore,
the initial conditions on the VLQ Yukawa couplings in
type-II have different β dependences in Eq. (35) based
on which field is an up- or down-type member of the
multiplets.

B. Restrictions on VLQ masses

Bounds on masses of VLQs were established by the
direct searches at the LHC by ATLAS [81–85] and by CMS
[86–91] Collaborations, obtained from specific mecha-
nisms such as single production [92] and pair production
[93,94] at s ¼ ffiffiffiffiffi

13
p

TeV. The constraints are sensitively
dependent on the assumed decay channels of the light
VLQs, which are allowed by kinematics to decay into a SM
quark. If VLQs decay only to the third generation quarks,

then the following channels could be observed6: TðBÞ →
WþðW−ÞtðbÞ, TðBÞ → ZtðbÞ, TðBÞ → HtðbÞ; hence, the
bounds become relatively stronger due to the final states.
The constraints mT > 1.27 TeV and mB > 1.2 TeV are
obtained for singlets, whereas doublets require slightly
higher mass limits mT > 1.46 TeV and mB > 1.32 TeV
through pair production. Nonetheless, the lower limits on
the VLQ masses in the range of 800, 1400] GeV and
sin θ < 0.18 from Run 2 [95] are still compatible with the
data [96]. It should be noted that these limits are decreased
if the first and the second generation SM quarks are also
included. However, since the Yukawa couplings play an
essential role due to their direct relations to masses, these
models are commonly unfavored. As our work concerns
2HDMs, we consider a lowest limit on mT of 800 GeV, to
allow for the consideration of the largest parameter space
for the electroweak vacuum stability and electroweak
observables (EWPOs).
Corrections to the mass of the W-boson are calculated

using the oblique parameters. To this end, precision experi-
ments carried out at the Tevatron [97] that signal any type
of shift in ΔMW are used to describe effects from new
physics (NP). Since both the scalar and the fermion sectors
contribute to EWPO, the combined corrections signifi-
cantly rely on scalar extensions in addition to vectorlike
fermions. Singlet (HSM) [98,99] and triplet (HTM) scalar
models [100,101] have already been studied. However,
for 2HDMþ VLQ, we are only interested in constraints
coming from the χ2ðS; TÞ½VLQþ 2HDM� analysis in order
to generate a viable space for the electroweak vacuum
stability requirements.
There are alternative ways for corrections to Higgs self-

energies thatwouldmanifest themselves, especiallywhen the
new particles carry SM-like color and electroweak quantum
numbers. In these scenarios, for every diagrammatic con-
tribution to the self-energies, one could replace one of the
Higgs bosons by its vacuum expectationvalue and attach two
SM gauge bosons to the loop. From there, one can obtain
a corresponding diagrammatic contribution to the Higgs
decays to SM gauge bosons. A rough estimation of possible
deviations from precision electroweak measurements, which
pushed newphysics toΛNP ∼ 1 TeV, is based on the estimate
of the size of Higgs oblique corrections roughly given by
Oðv2=Λ2Þ ∼ 5%. If VLQs enter the loop diagrams, new
fermions or charged bosons contribute to the loop-induced
diphoton decay and/or gluon fusion channels of the Higgs
bosons. The effects of VLQs on Higgs couplings have been
explored in studies for singlet [99,102], doublet [103], and
triplet models [104]. The T-singlet VLQ model established
an upper bound sin θL < 0.4 from the combinedH → gg and
H → γγ cross section andbranching ratio, respectively,while

6For VLQs that carry non-SM-like hypercharges, the following
CCandNCchannels are also allowedand searched for accordingly:
X → tWþ, Y → bW−, TðBÞ → XðYÞW−ðWþÞ. See also [75].
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in the doublet (TB) representation an upper limit sin θL <
0.115 was obtained only from a contribution to the gluon
fusion cross section μγγ ≤ 1.03, while the triplet (XTB)
model contribution is μγγ ≤ 1.18 around mVLQ ≃ 1 TeV.
Consequently, all these studies have shown VLQ corrections
that match the earlier correction scale from NP models.
By far the most significant constraint here comes from

B-physics, namely from b → sγ, since tan β alone varies in
a significantly large interval for the 2HDM models without
VLQs. Studies in literature that extend 2HDM with singlet
[105] and doublet [106] VLQs provide solid constraints
to working around tan β ≤ 12, MH� ¼ ½80; 1000� GeV for
2HDM-I and MH� ¼ ½580; 1000� GeV for 2HDM-II along
with mVLQ > 1 TeV and small mixings, sin θL < 0.2,
between VLQ and the SM quarks. We further explain
the difference between mass regimes regarding the charged
scalars of type-I and of type-II as RG evolutions are
analyzed in the next section.
In what follows, we will scan the parameter space for

tan β∈ ½6; 12�. The reasons for such a restriction is as
follows:

(i) LHC data mostly constrain the tan β − cosðβ − αÞ
plane in 2HDM-II models. This is known from [107]
within the exceptional region beyond the alignment
limit (Fig. 2 in the reference). The LHC data alone
in 2HDM do not exclude tan β < 6. However, the
addition of VLQ to 2HDM slightly extends the
space [105]. Hence, taking both the exceptional and
the ordinary regions into account, tan β > 5 is
favored for 2HDM in the alignment region and if
VLQ mixing < 0.2, although smaller values for
tan β are still possible, too.

(ii) The biggest motivation to assuming tan β > 5
throughout our study is unique to us. This is because
in the regime we choose for VLQ masses, if tan β
becomes slightly smaller, meaning that v2 becomes
smaller with respect to v1, the initial conditions on
uplike quark Yukawa couplings (VLQ or SM)
become larger [Eq. (35)], and these break the
perturbativity of Yukawa couplings as well as violate
the stability conditions due to the excess weight of
Yukawa couplings on the evolutions of all λ’s. As a
consequence, if tan β ≪ 6, then VLQmasses need to
be < 0.8 TeV to satisfy perturbative unitarity and
stability conditions. This mass scale is ruled out by
the experimental data.

Unitarity requires the S-matrix for scalar scattering to be
unitary at high energy [65]. At tree level, this translates into

imposing upper limits as MΦ0 <
ffiffiffiffiffiffiffiffiffi
4πffiffi
2

p
GF

q
¼ 870 GeV for

scalar-scalar scattering and MΦ0 <
ffiffiffiffiffiffiffiffiffiffiffi

8π
3
ffiffi
2

p
GF

q
¼ 712 GeV

for gauge boson-scalar scattering in 2HDM. At NLO, a
unitarity condition of the S-matrix yields terms propor-
tional to Oðλiλj=16π2Þ; hence, one-loop corrections to the

tree-level unitarity conditions are modified by β-functions
of scalar couplings. The combined perturbativity and
unitarity conditions for the quartic couplings are bounded
under RG evolutions [108]

jλiðμÞj≲ 4; ð36Þ

and hence this will be required up toMPl in the next section.
The perturbativity of the Yukawa couplings yi is one of the
weakest constraints at tree level, extending the upper bound
of the mixing angle as sin θtL ¼ ½0.77; 0.31� for mT ¼
½0.8; 2� TeV [75]. Last, for VLQ mixing, we choose the
recent unitarity constraints [30] at the OðTeVÞ scale.

IV. RGE ANALYSIS OF THE PARAMETER
SPACE OF 2HDM WITH VLQS

The effect of fermions on the stability of the electroweak
vacuum without extending the scalar sector beyond the SM
Higgs field is to drive the Higgs self-coupling negative at
larger scales, so the potential becomes unbounded from
below, and there is no resulting stability. Theoretical
considerations indicate that if the validity of the SM is
extended toMPl, a second, deeper minimum is located near
the Planck scale such that the electroweak vacuum is
metastable [3,4]. The additional scalar bosons maintain
positivity of the Higgs self-coupling while the renormal-
ization flow tends to decrease it further at higher-energy
scales [32]. Moreover, a common feature of both observed
and exotic fermions is that Yukawa couplings are generally
further lower scalar couplings since Yukawa couplings are
negatively affected by NLO contributions. However, this is
not always the case, and it depends on how the structure
of gauge interactions have been affected by new fields.
Through the possibility of various interaction portals,
vectorlike fermions open new ways to remedy stabilizing
the electroweak vacuum.
A straightforward approach would be to extend the gauge

sector of the SM as the gauge β-functions have positive
effects on quartic coupling RGEs [109]. However, addi-
tional gauge symmetriesmight also come short of being able
to express the current SM interactions as they have rela-
tively small contributions compared to other remedies.
Nonetheless, these corrections, Δβ1 ¼ 8

3
nFG2G3y2f and

Δβ2;3 ¼ 8
3
nFd2;3S2ðG2;3Þ,7 are multiplicative with respect

to new fermion families, and these contributions are already
manifest at the RGE level, as we shall see in the Appendix.
Yukawa and scalar portals have shown promising results,
providing noncritical surfaces of electroweak vacuum sta-
bility [110]. As shown in Sec. III A, Yukawa portals lead to
mixing between vectorlike quarks and the SM quarks.
Because of mixing constraints, for an energy scale less than
the mass of mVLQ, decoupling occurs and VLQs contribute

7Here S2ðGiÞ are Dynkin indices for the groups G2 and G3.
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to RGE running as if they were massless. Furthermore, in
the presence of VLQs, beyond-SM gauge couplings have
larger values compared to the SM ones, thus reducing the
corrections to Yukawa couplings running at energy scale
μ ≥ mVLQ. This could be shown, for instance, for the top
quark, where the β-function

βt ⊃ yt½Cfyf − C1g1 − C2g2 − C3g3�; ð37Þ

which in turn shows that ytðμÞ < ySMt ðμÞ. Moreover, gauge
and Yukawa couplings have opposite sign contributions in
scalar RGEs, Eq. (7), when fermions are allowed to interact
with the scalars of the model. This characteristic can be seen
from all scalar RGEs except the one that governs λI1, which is
not allowed to interact with fermions through Yukawa
couplings due to Z2 symmetry. Thus, from the RGE
structure, the gauge and Yukawa couplings could lead to
upward shifts in the Higgs quartic couplings though the
condition λ1;2 > λSM1;2 in the presence of VLQ. We note that,
in this context, vectorlike quarks have been studied with
only the SM Higgs field [111] and within the additional
Higgs singlet model [34].
In Figs. 2–4 we present the RGE evolution for all

vectorlike quark representations given in Eqs. (21) and
(22), combined with 2HDM couplings, respectively, for
type-I and type-II, in the case where the lightest CP-even
scalar is taken to be the observed 125 GeV Higgs boson.
Among various bare 2HDM constraints, the limits on

MH� and MA are extremely sensitive to the VEV ratios
tan β and to experimental data from B-physics [112], which
affects how quarks are coupled in type-I and type-II
models. Electroweak corrections to the W-boson, for a
fixed value of tan β ¼ 5 in the type-I model, yield a
degenerate mass spectrum for all scalars in the model,
found to beM ¼ ½100; 1000� GeV, if these EW corrections
remain ΔW

EW < 5% as indicated from Higgs oblique cor-
rections [113]. We have also compared our parameter space
from the oblique parameters in 2HDM, Fig. 5 indicating
that larger values of tan β reduce the upper bound of MH�

and MA, in good agreement with the results in Ref. [113].
The allowed parameter space from the oblique corrections
yields a solid interval for the stability and perturbativity
analyses throughout this work, as we choose some of the
fixed parameters from the scalar sector to run the RG
evolutions. However, bounds onMH� as a function of tan β
from B-physics constraints are different in type-I and type-
II models [114]. Lower bounds on MH� are inversely
proportional to the tan β value in the type-I model, yielding
a relatively lower minimum than the LEP result MH� >
80 GeV [115]. On the other hand, the lower bound onMH�

in the type-II model behaves almost as tan β independent as
tan β > 2 and scales about the minimumMH� ¼ 580 GeV.
Apart from this distinguishing feature, both types are
constrained to generate lower bounds on MH� as tan β
increases. The type-II model in the heavy Higgs scenario is

affected by the lower bound on MH� , while the mass
difference between 2HDM scalars is required to be small
MH� −MA ≲ 160 GeV in order for the RG evolutions to
survive about Λcut ∼MPl [116]. As we run RG evolutions
from 2HDMþ VLQ up to μ ¼ MPl, type-I and type-II
models can be better compared in the light Higgs scenario
while setting fixed values to RGEs. The relative difference
between masses MH −MH� and MH� −MA is important,
though theoretical constraints do not strictly forbid large
splittings between these parameters. However, bounds from
EWPO [42] and from B-physics [41,117] strongly correlate
these mass differences if 2HDMþ VLQ RGEs are to
survive without having a Landau pole up to the Planck
scale. We have investigated that large splitting between
MH;MH� , and MA could not satisfy RG evolutions for
2HDM − IIþ VLQ, due to the nonperturbativity of scalar
couplings and the vacuum instability in the sub-Planckian
region. The parameter space of 2HDM that survives from
RGEs running will be discussed in detail below.
We note that the overall effect of RGE on running

couplings up to a cutoff scale Λcut is sensitively dependent
on initial conditions given for a fixed set of parameters.
Scalar couplings tend to generate a Landau pole and break
perturbativity if they start from relatively large initial values
due to their evolution (increase with energy scales). On
the other hand, new in this work, when combined with
mVLQ ≳O ðTeVÞ, scalar RG evolutions also result in
vacuum instability in case the initial values are too small
and the mass limits of VLQ are too large. Although RGEs
of the fermion sector are coupled due to the Yukawa
couplings in the model, scalar RGEs are coupled due to any
free parameters in 2HDMþ VLQ. The parameter space of
scalar masses that survive up to the Planck scale according
to the initial conditions given in Eq. (3) and to bare 2HDM
RGEs scanning, spans over a wide range for tan β ¼ ½1; 50�
[117]. Nonetheless, the spectrum for tan β activated from
2HDM RGEs alone faces experimental constraints related
to VLQ contributions to LHC Higgs data from diboson
channels [105] and constraints from B-physics results
[106]. The presence of VLQs at O (TeV), carrying the
SM-like quantum numbers, further constrain tan β ¼
½1; 15� and MH� > 600 GeV in 2HDM − IIþ VLQ.
Before delving into RGEs results, we also discuss the
analytical nature of initial conditions depending on the
mass difference MH� −MA and on tan β. The quartic
coupling λ1ðμ0Þ rapidly grows for larger MH and tan β
values; therefore, it can generate a Landau pole faster than
the rest of the couplings in the sub-Planckian scale,
particularly in the type-I model without the presence of
any Yukawa term to drive it lower. In contrast, λ2ðμ0Þ and
λ3ðμ0Þ become heavily suppressed for larger tan β and
smaller MH values; hence, vacuum instability can occur
due to the evolution of λ2, more dominantly so in the type-I
model. The initial condition on λ4 is by far the most
sensitive to the constraints on the mass difference between
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the pseudoscalar and the charged scalar. Being tan β
independent, and due to a large separation between MA
and MH� , the quartic coupling λ4 can easily reach a
Landau pole in either direction8; hence, this initial
condition alone develops an approximate limit for the
separation jMH� −MAj. As shown in [41], by inverting
Eq. (3) and relating the separation between scalar masses to
numerical values of λ4 þ λ5 that survive up toMPl, the mass
difference is bound to ∼160 GeV. However, this scale is
based on scanning over all values of tan β ¼ ½1; 50�.
Consequently, we have cross-checked that such a separa-
tion is allowed by RG analyses, considering smaller VEV
ratios tan β ¼ ½6; 12� [117]. Taking into account that VLQs
become unfrozen at Λ ∼O ðTeVÞ, the strategy we follow
to search the parameter space can be summarized as
follows:

(i) We scan RGE over a large number of parameters
from 2HDMþ VLQ by imposing theoretical and
experimental bounds discussed above from both
sectors.

(ii) We extract the parameter space that survives from
running RGEs requiring stability, perturbativity, and
unitarity conditions up to the Planck scale.

(iii) The initial conditions for all of the couplings that
appear in the combined model are set at the energy
scale μ0 ¼ mt.

(iv) We calculate the corrections to the oblique param-
eters S and T from 2HDM and VLQs, and then
check if the allowed parameter space for tan β range
is consistent with the RG analyses.

The scanning ranges in the VLQ and 2HDM sectors are
the following:

(i) VLQ: mT¼½0.8;2�TeV, mB ¼ ½0.85; 2� TeV, mX ¼
mY ¼ ½0.9; 2� TeV, sin θL;R ¼ ½0.08; 0.15�.

(ii) 2HDM-I: MH� ¼ ½80; 900� GeV, MA ¼ ½300;
1000� GeV, MH ¼ ½400; 1100� GeV, tβ ¼ ½6; 12�,
sin α ¼ ½0.06; 0.1�.

(iii) 2HDM-II: MH� ¼ ½600; 900� GeV, MA ¼ ½300;
1000� GeV, MH ¼ ½400; 1100� GeV, tβ ¼ ½6; 12�,
sin α ¼ ½0.06; 0.1�.

Note that the parameter space of VLQþ 2HDM that
satisfies the vacuum stability constraint extends to
mVLQ < O (TeV) and to larger mixing angle sin θt;bL;R

(not shown). However, the recent experimental constraints
[92,93,96,118] and constraints from EWPO, Fig. 7, discard
large mixings and the light mVLQ domain. The mixing
angle α ≠ 0 (means the neutral scalars are not decoupled),
because otherwise the perturbativity and the stability
conditions are not satisfied at initial condition μ0 as seen
from Eq. (3) with respect to the range of MH and tan β we
scanned, especially for the minimum bound on MH� in
type-II.

A. Singlet VLQ: U1 and D1

Type-I 2HDMþ VLQ singlets yield the most stringent
mass limits for VLQs required to satisfy the stability
bounds, as expected from the form of the Yukawa terms
that appear in both scalar and fermion RGEs. We present
RG running of the couplings for singlet VLQþ2HDM−
I;II in Fig. 2. The relative difference regarding the initial
condition of top Yukawa coupling between U1 and D1

occurs due to the absence of top mixing in the D1 model.
For mixing angles sin θL;R > 0.15, the mass scale region
mT > O (TeV) leads to negative top Yukawa coupling in
the sub-Planckian region. The RGEs of singlet VLQ in
type-I are similar, and therefore the difference between
the initial values of λ2 stems from the mass difference
between the top and the bottom VLQ sectors. Although all
the initial conditions are set at the top quark mass, the
overall shift of VLQ Yukawa couplings between type-I
and type-II is always due to how strong extra fermions
couple to scalars, depending on tan β. As discussed
previously, a small separation between mass values of
scalars in type-II models together with a larger value of
the minimum bound onMH� ameliorate the stability result
compared to type-I models, and hence larger λ2 values in
type-II models are allowed by extending the bounds
on scalar parameter space. In contrast to the proximity
of λ2 values to the instability region, λ1 evolves safer away
from the nonperturbativity region in type-II models, as
expected from the splitting of Yukawa couplings in top
and bottom sectors. Below we list the allowed mass
ranges due to RG analyses of the combined model that
survive from stability, perturbativity, and unitarity up
to μ ¼ MPl:

U1 þ type-I: mT ∈ ½800; 920� GeV, MH� ∈ ½80; 830� GeV, MH ∈ ½700; 810� GeV, MA ∈ ½510; 770� GeV.
U1 þ type-II: mT ∈ ½820; 930� GeV, MH� ∈ ½600; 840� GeV, MH ∈ ½720; 860� GeV, MA ∈ ½715; 600� GeV.
D1 þ type-I: mB ∈ ½850; 970� GeV, MH� ∈ ½80; 840� GeV, MH ∈ ½725; 870� GeV, MA ∈ ½500; 800� GeV.
D1 þ type-II: mB ∈ ½870; 980� GeV, MH� ∈ ½600; 840� GeV, MH ∈ ½740; 870� GeV, MA ∈ ½770; 860� GeV.

8We observed that for larger VLQs multiplets, λ4 tends to diverge from a positive direction if jMH� −MAj ≫ 150 GeV, due to a
relatively large number of Yukawa terms, though λ4 always starts from a negative direction.
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A few comments regarding the behavior of the couplings
for all VLQ representations are in order:

(i) The upper mass bounds on the scalars of 2HDM can
be extended further if tan β is increased according to
the RG scanning. Otherwise, larger tan β leads to λi
suppressions by flattening all scalar RG flows and
might lead to instabilities by causing Yukawa diver-
gences for tan β > 12 beyond the range scanned. This
characteristic can always be read from the denomi-
nator term through initial conditions in Eq. (3). The
authors of Ref. [119] discuss the details of “squeez-
ing” regions of stability for VLQ in various models.

(ii) The high-energy enhancement of λ2 in type-II
models occurs due to the presence of the Yukawa
terms y2M and y2fy

2
M appearing in the λ3;4;5 contri-

bution to running coupling constants as yM ap-
proaches MPl, this being the largest correction
among all VLQ Yukawa couplings.

(iii) Because of the splitting of Yukawa terms between
Φ1 and Φ2, type-IIþ VLQ models are safer for
vacuum stability as λI2 stays closer to zero as
compared to λII2 , though this distinction alone is
not enough for the stability requirements.

B. Doublet VLQ: DX, D2, and DY

As seen in Fig. 3, wherewe plot the variation of the scalar
and Yukawa coupling constants as functions of the energy
scale, the evolution of λ1 in type-I+D2 is safer compared to
DX and DY models. In fact, faster coupling increases for
these models are seen from the upper bound of scalar
masses, which exceeds the bounds extracted from D2.
Furthermore, the allowed space for the heavier CP-even
scalarMH inDY is quite restricted compared to other type-I+
doublet VLQ models; hence, λ2 increases very fast, con-
sistent with its initial condition as well. Because of the fact
thatB andY VLQsare relatively heavier thanT andXVLQs,
the evolution of λ1 stays closer to zero in the DY þ type-II
model as this coupling is connected to the down-sector
VLQ. Among all the doublet models, DII

X yields the most
sensitive parameter space for the mass of heavier CP-even
scalarMH, resulting in a very narrow range for the combined
RG scanning. Furthermore, as seen from the absence of
bottom and top sector mixings in DX and DY , respectively,
and also the fact that these VLQ are pure eigenstates, the
evolution of yX and yY is enhanced compared to yT and yB in
D2. Therefore, the quartic Yukawa cross terms proportional
to y2My

2
X;Y lead to positive evolution for λ4, within the

FIG. 2. The RGE running of the Yukawa and scalar couplings for models with vectorlike quarks. We plot results for type-I on the
left column and for type-II on the right column. Subfigures (a) and (b): singlet vectorlike representation, U1. Subfigures (c) and (d):
singlet vectorlike representation, D1. For singlet models, we have set mT ¼ 0.8 TeV, mB ¼ 0.85 TeV, MH ¼ 800 GeV,
MH� ¼ 750 GeV, MA ¼ 650 GeV μ0 ¼ mt, tan β ¼ 10, and mixing angles sin α ¼ 0.1 and sin θL ¼ 0.08.
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perturbative range for VLQ models with non-SM-like
quantum numbers. Actually, this reciprocal RG connection
between λ4 and λ5 determines how stringent the scalar
parameter space is constrained. This will be further shown in

the analysis of the parameter space for triplet
VLQþ 2HDM. The complete allowed mass ranges for
doublet models that survive from stability, perturbativity,
and unitarity up to μ ¼ MPl are as follows:

DX þ type-I: mX ∈ ½800; 1040� GeV, mT ∈ ½850; 970� GeV, MH�∈½80;840�GeV, MH∈½690;870�GeV,
MA ∈ ½520; 860� GeV.

DX þ type-II: mX ∈ ½880; 1050� GeV, mT ∈ ½870; 1000� GeV, MH� ∈ ½600; 865� GeV, MH ∈ ½820; 890� GeV,
MA ∈ ½760; 880� GeV.

D2 þ type-I: mT ∈ ½800; 930� GeV, mB ∈ ½860; 970� GeV, MH�∈½80;810�GeV, MH∈½670;830�GeV,
MA ∈ ½490; 870� GeV.

FIG. 3. The RGE running of the Yukawa and scalar couplings for models with vectorlike fermions. As before, we plot results for
Type-I on the left column and for Type-II on the right column. Subfigures (a) and (b): doublet vectorlike representation, DX . Middle
panel: doublet vectorlike representation, D2. Subfigures (c) and (d): doublet vectorlike representation, DY . For doublet models, we have
set mT ¼ 0.85 TeV, mB ¼ 1 TeV, mX ¼ 1 TeV, mY ¼ 1 TeV, MH ¼ 800 GeV, MH� ¼ 750 GeV, MA ¼ 650 GeV, μ0 ¼ mt,
tan β ¼ 10, and mixing angles sin α ¼ 0.1 and sin θL ¼ 0.08.
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D2 þ type-II: mT ∈ ½840; 1010� GeV, mB ∈ ½900; 1040� GeV, MH� ∈ ½600; 840� GeV, MH ∈ ½810; 980� GeV,
MA ∈ ½640; 860� GeV.

DYþ type-I:mB∈½900;970�GeV,mY∈½900;990�GeV,MH�∈½80;840�GeV,MH∈½750;890�GeV,MA∈½610;875�GeV.
DY þ type-II: mB ∈ ½925; 1010� GeV, mY ∈ ½950; 1050� GeV, MH� ∈ ½600; 870� GeV, MH ∈ ½750; 930� GeV,

MA ∈ ½670; 890� GeV.

C. Triplet VLQ: T X and T Y

Finally, for triplets, plotted in Fig. 4, our RGE scanning
indicates that the mass of the CP-even scalar exceeds
1 TeV, whereas MH� approaches an upper limit <1 TeV,
which is in good agreement with the mass limits extracted
from the deviation of the oblique parameters according to
CDF W-mass anomaly [120]. For triplet VLQs, a unique
feature of the Yukawa couplings is that due to the
dependence on yM, their evolution becomes less suppressed
as the energy scale grows. In fact, yM, which is the Yukawa
representation of Dirac mass terms for VLQs, surpasses
the top Yukawa coupling at a scale around 1013 GeV. The
parameter space for triplet VLQþ 2HDM extends the

upper bounds compared to other representations, because
the opposite convolution of λ4 and λ5 always occurs for
triplet VLQs due to the abundance of coupled terms. We
also note that the stability condition on the electroweak
vacuum is at its most critical state around 106 GeV
regardless of the 2HDM type for triplet VLQs. This critical
proximity to the instability case occurs at almost the
same energy level regardless of all the parameters that
satisfy the combined stability, perturbativity, and unitarity
conditions.
The allowed parameter space for VLQþ 2HDM-I,II that

survives from stability, perturbativity, and unitarity up to
μ ¼ MPl is as follows:

T X þ type-I: mX ∈ ½900; 1070� GeV, mT ∈ ½870; 990� GeV, mB ∈ ½900; 1040� GeV, MH� ∈ ½80; 890� GeV,
MH ∈ ½780; 1030� GeV, MA ∈ ½560; 930� GeV.

FIG. 4. The RGE running of the Yukawa and scalar couplings for models with vectorlike fermions. As before, we plot results for type-I
on the left column and for type-II on the right column. Subfigures (a) and (b): triplet vectorlike representation, T X. Subfigures (c) and
(d): triplet vectorlike representation, T Y . For triplet models, we have set mT ¼ 0.9 TeV, mB ¼ 1 TeV, mX ¼ 1 TeV, mY ¼ 1 TeV,
MH ¼ 850 GeV, MH� ¼ 800 GeV, MA ¼ 650 GeV, μ0 ¼ mt, tan β ¼ 10, and mixing angles sin α ¼ 0.1 and sin θL ¼ 0.08.

VACUUM STABILITY AND ELECTROWEAK PRECISION IN THE … PHYS. REV. D 109, 036016 (2024)

036016-15



T X þ type-II: mX ∈ ½950; 1100� GeV, mT ∈ ½890; 1000� GeV, mB ∈ ½925; 1040� GeV, MH� ∈ ½600; 890� GeV,
MH ∈ ½790; 910� GeV, MA ∈ ½700; 890� GeV.

T Y þ type-I: mT ∈ ½840; 950� GeV, mB ∈ ½890; 970� GeV, mY ∈ ½880; 1020� GeV, MH� ∈ ½80; 900� GeV,
MH ∈ ½740; 1050� GeV, MA ∈ ½525; 940� GeV.

T Y þ type-II: mT ∈ ½860; 975� GeV, mB ∈ ½910; 1035� GeV, mY ∈ ½950; 1100� GeV, MH� ∈ ½600; 890� GeV,
MH ∈ ½820; 1020� GeV, MA ∈ ½580; 910� GeV.

For completeness, explicit expressions for all the rel-
evant RGE for the Yukawa couplings, the couplings
between the bosons and coupling constants, are included
in the Appendix.

V. ELECTROWEAK PRECISION CONSTRAINTS

Signals from new physics are also constrained through
electroweak precision observables, which are highly corre-
lated to large logarithms of extra masses when the scale of
a new model is significantly larger than the electroweak
scale [121–123]. The modifications to electroweak gauge
boson loops at loop level are calculated through the oblique
parameters, S, T , and U, defined as [124]

S ¼ 16πℜ½Π̄3Q
γ ðM2

ZÞ − Π̄33
Z ð0Þ�;

T ¼ 4
ffiffiffi
2

p
GF

αe
ℜ½Π̄3Qð0Þ − Π̄11ð0Þ�;

U ¼ 16πℜ½Π̄33
Z ð0Þ − Π̄11

W ð0Þ�: ð38Þ

TheS andT parameters in newphysicsmodels, such asVLQ
scenarios and 2HDMs, are different from those in the SMdue
to extra scalars and fermions appearing in gauge boson self-
energies at the loop level. Additionally, the mixing between
the SM fields and the new particles modifies the Higgs and
electroweak couplings as well. Consequently, electroweak
precision observables are universal. The current experimen-
tal values [125] are obtained by fixing the differences
between the new physics and the SM contributions by
setting ΔU ¼ 0, yielding ΔT ¼ 0.09� 0.07 and ΔS ¼
0.05� 0.08 (and ρS;T ¼ 0.92� 0.11). For the work carried
out here, we can split the oblique parameters calculation of
S; T , and U parameters via loop contributions into two
independent contributions, one due to bosons and the other to
fermions circulating in self-energy diagrams. We extracted

gauge boson self-energies using LoopTools and FormCalc [126],
and implemented analytical expressions of Passarino-
Veltman (PV) functions in FeynCalc [127] to obtain oblique
parameters.

A. Contributions to the S and T parameters
from 2HDM

Further expanding Eq. (38) explicitly in terms of the
scalar loop contributions to the gauge boson two-point
functions

S2HDM ¼ 16πℜ

�
ΠZγ

2HDMðM2
ZÞ

sWcWg2Z
þ Πγγ

2HDMðM2
ZÞ

c2Wg
2
Z

−
ΠZZ

2HDMðM2
ZÞ − ΠZZ

2HDMð0Þ
g2Z

−
2sWΠ

Zγ
2HDMð0Þ

cWg2Z

�
;

T2HDM ¼ 4
ffiffiffi
2

p
GF

αe
ℜ

�
ΠZZ

2HDMð0Þ
g2Z

þ 2sWΠ
Zγ
2HDMð0Þ

cWg2Z

−
ΠWW

2HDMð0Þ
c2Wg

2
Z

�
: ð39Þ

The coupling factors are gZ ¼ g=cW and the photon two-
point function in the 2HDM is

Πγγ
2HDMðp2Þ ¼ e2B5ðp2;M2

H� ;M2
H�Þ

− e2p2

�
5B0ðp2;M2

W;M
2
WÞ

þ 12B3ðp2;M2
W;M

2
WÞ þ

2

3

�
; ð40Þ

The photon-Z mixing is given by

ΠZγ
2HDMðp2Þ ¼ egZ

2
B5ðp2;M2

H� ;M2
H�Þ − egZp2

�
11

2
B0ðp2;M2

W;M
2
WÞ þ 10B3ðp2;M2

W;M
2
WÞ þ

2

3

�

−
sW
cW

�
e2B5ðp2;M2

H� ;M2
H�Þ − e2p2

�
5B0ðp2;M2

W;M
2
WÞ þ 12B3ðp2;M2

W;M
2
WÞ þ

2

3

��
: ð41Þ

The Z-boson two-point function in the 2HDM is
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ΠZZ
2HDMðp2Þ ¼ g2Z
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The W-boson two-point function in the 2HDM follows as

ΠWW
2HDMðp2Þ ¼ g2
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The Passarino-Veltman functions and relevant identities are given in Appendix A 5. Subtracting the SM contributions from
the S and T parameters of the 2HDM yields the new physics contributions to oblique parameters:

ΔT 2HDM ¼ 1
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2
ZÞ��; ð44Þ

ΔS2HDM ¼ 1
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In Fig. 5 (left panel), the correlation between MA and MH�

due to EWPO does not constrain the masses in a stringent
way, though when MA > 550 GeV, the correlation
becomes significantly important. The red region has

already been discarded by direct searches at LEP [115].
Considering the imposing theoretical bounds only, the
findings from EWPO are consistent with the unitary
bounds in the MA −MH� plane [65]. Note that tan β
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dependence of the oblique parameters alone is more
relaxed, allowing a wide mass spectrum. This is due to
the fact that the mixing between CP-even scalars can be
shifted away from the sin α ¼ 0 (decoupling) limit; hence,
the variation in tan β compensates for the Higgs data
requirement of the near-alignment limit, cosðβ − αÞ ≈ 0.
Consequently, imposing the alignment limit on the mass
spectrum of scalars is by choice (to fit the Higgs data) rather
than a requirement of the theory when RG running
μ < 1 TeV. This consequence is highlighted particularly
for type-I with various tan β values [116]. On the other
hand, as seen from Fig. 5 (right panel), the limit is stronger
in the MH − sin α plane for a fixed value of tan β in both
types of 2HDMs. It is seen that for tan β ¼ 6, EWPO
constrain the masses in a way that the decoupling limit of
CP-even scalars occurs in a natural way at a scale
∼O (TeV). Although the sinα ¼ 0 (decoupling) limit is
not forbidden by EWPO, we combined it with the mini-
mum stability requirement on sin α near the decoupling
limit. Moreover, the constraints on MH obtained from
EWPO and from the vacuum stability match with the
constraint for signal rates of H→WW⋆→eνμν [128,129].
Furthermore, we excluded the sinα ¼ 0 region because a
nonzero mixing between CP-even scalars (sin α ≠ 0) is
required to preserve the vacuum stability up to the Planck
scale. As keeping cosðβ − αÞ closer to zero is motivated by
the alignment limit from the Higgs data [42], we impose
this along with the requirement that the couplings evolved
with the RGEs remain away from the vacuum instability.
Hence, using the mass spectrum allowed from EWPO
constraints fits with the stability analysis. It is important

that the theoretical constraints align with each other as the
limits rising from vacuum stability become stronger at the
scale ½103; 1010� GeV [119], thus restricting MH� >
580 GeV with smaller mass differences between extra
scalars, as the cutoff scale increases in type-II. However,
the mass limits in type-I are weaker. Favored also by
collider bounds [41], there exists a parameter space for
which the mass separation between scalars remains small
for 2HDM, while validated up to the Planck scale. Our
results from the oblique parameters do not conflict with the
parameter space obtained from RGE in Sec. IV; however,
the effects of VLQs on RGE slightly shift the upper limits
compared to the findings of EWPO.
In Fig. 6, we have considered the energy scale

μ ¼ ½800–1000� GeV in self-energy diagrams, and scan

FIG. 6. The allowed mass regions extracted from EWPO for
MH versus cosðβ−αÞmixing betweenCP-even scalars in 2HDM.

FIG. 5. The allowed mass regions from EWPO for the pseudoscalar boson massMA and charged Higgs massMH� subfigure (a). The
allowed parameter space from EWPO for scalar massMH and scalar mixing angle with the SM Higgs sinα subfigure (b) in 2HDM. The
sin α ¼ 0 limit of CP-even scalars mixing is allowed by EWPO but excluded due to the vacuum stability constraint. We have set
tan β ¼ 6.
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over values up to 1 TeV with respect to the oblique
parameters. The upper limit of MH is chosen to be in a
good agreement with the limits from vacuum stability on
scalarsþ VLQs at tan β ¼ ½6; 12�. The current experimen-
tal data constraining h to having SM-like Higgs behavior
restrict values of cosðβ − αÞ much closer to the decoupling
limit. Consequently, the electroweak vacuum stability
requirements and EWPO impose a naturally occurring
near decoupling limit when MA;MH > 600 GeV. We
should also note that type-I and type-II dependent effects
are highly manifestable through Higgs channels, for which
the signal strengths κhbb; κhcc also favor regions slightly
beyond the decoupling limit, particularly for tan β ∼ ½2; 12�
[42]. The contribution to T 2HDM is twofold, depending on
the mass parameter space of scalars and on sinðβ − αÞ,
whereas a negative contribution to T2HDM can always be
generated by varying MH� . For the general scale of
sinðβ − αÞ, Mh and MH splitting has to be small for
pushing T 2HDM to be large and negative values. Hence,
negative corrections to T in 2HDM can render overall
positive corrections rising from various fermion represen-
tations and further enhancing limitations on additional
scalars and mixing among Higgs bosons.

B. VLQ contributions to the S and T parameters

The contributions of VLQs to S and T parameters are
different for each representation (singlets, doublets, or
triplets) in the current framework. Since the electroweak
Lagrangian is constructed with gauge eigenstate fields, any
mixing of fermions with extra anomaly-free fields alters the
structure of the bare electroweak Lagrangian, as seen from
Eq. (46). As we have already seen in Sec. III A, the mixing
regime is model dependent. Reference [130] highlighted the
emergence of disagreement of the oblique parameters for
triplets in [131], where the external momenta of gauge

bosons are omitted in self-energy diagrams ΠVV . This leads
to a discrepancy in theS parameter, which becomes positive
in triplet representations in the large logarithm of mT ∼O
(TeV), as in Ref. [132]. Following the corrections carried in
Ref. [130], we obtained better approximations to ΔST X;T Y

andΔTT X;T Y
. Consequently, in our calculationsΔS < 0 and

ΔT > 0, and we found agreement with the results in [133].
As we mentioned in Sec. VA, the self-energies of gauge
bosons are extracted so that UV divergences are properly
canceled. Here we present the contributions of VLQs to the
oblique parameters in terms of PV functions, and more
complete expressions are available in the Appendix.
The couplings to W-boson and Z-boson have been

modified by the VLQs through their mixingwith SMquarks

LW ¼ gffiffiffi
2

p Qiγ
μðCL

QiQj
PL þ CR

QiQj
PRÞQjWþ

μ þ H:c:;

LZ ¼ g
2cW

Qiγ
μðNL

QiQj
PL þ NR

QiQj
PR − 2δijQs2WÞQjZμ;

ð46Þ

where Qi;j are any type of quarks in our convention of the
electroweak Lagrangian. The condition jQi−Qjj¼1 holds
for all forms of W −Qi −Qj interactions.
Further compression of the modified electroweak cou-

plings take the following forms:

LW ⊃ γμðΩL
WQiQj

Lþ ΩR
WQiQj

RÞWþ
μ ;

LZ ⊃ γμðΩL
ZQiQj

Lþ ΩR
ZQiQj

RÞZμ: ð47Þ

For the cases i ¼ j of Z −Qi −Qj interactions, the last
term of Eq. (46) is absorbed in ΩL;R

ZQiQj
throughout all VLQ

representations:

TVLQ¼
1

αe
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�
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cWM2
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X
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M2
Z

X
i
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W
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�
; ð48Þ

SVLQ ¼ 4s2Wc
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ℜ
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where the fermion functions FVV;Zγ contributing to the gauge boson two-point functions are calculated as

FZγðΩ1;Ω2;Q; m2; p2Þ ¼ Nc

8π2
½QðΩ1 þΩ2Þð2B00ðp2; m2; m2Þ − p2B1ðp2; m2; m2Þ − A0ðm2ÞÞ�;

FVVðΩ1;Ω2; m2
1; m

2
2; p

2Þ ¼ Nc

8π2
½ððΩ2

1 þ Ω2
2Þm2

1 − 2Ω1Ω2m1m2ÞB0ðp2; m2
1; m

2
2Þ

þ ðΩ2
1 þ Ω2

2Þðp2B1ðp2; m2
1; m

2
2Þ − 2B00ðp2; m2

1; m
2
2Þ þ A0ðm2

2ÞÞ�: ð50Þ

Complete expressions of the oblique parameters for doublets and triplets are lengthy. Thus, we give the full contributions to
S and T parameters from singlet VLQ representations U1 and D1, while approximated expressions for all multiplets are
given in Appendix A 3. The deviations ΔT and ΔS of the oblique parameters from their SM values are
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¼ Ncm4
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t Þ
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ΔSU1
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Contributions to S and T parameters from doublet and
triplet VLQ representations follow from Eqs. (48) and (49)
by a straightforward calculation with the relevant electro-
weak couplings as in Appendix A 4.
In Fig. 7, we plot the parameter space restricting the

mixing between t − T and b − B versus the corresponding
VLQ masses satisfying EWPO, in accordance with the
expressions given before. The largest deviations arise from
the T parameter due to the large logarithm of ðmT=mtÞ2,
yielding a wide range for the mass-mixing spectrum
compared to the S parameter for all multiplets. In analogy
with the case of sinα ¼ 0 behavior in the scalar sector,
decoupling between the VLQs and the SM quarks becomes
more prominent as mVLQ → O (TeV) scale. The behavior
of the decoupling zone due to larger values of mVLQ can be
seen from Eq. (51), Δ

mVLQ
∼ st

2

L . This consequence can

always be viewed as a rule-of-thumb to explain why
EWPO constraints are already satisfied in the decoupling

limit. However, regardless of mVLQ, there are no model
parameter contributions to S and T parameters in the zero
mixing (sin α ¼ 0) domain.
The mixing angle in the singlet D1 model, Fig. 7(b), is

much more relaxed compared to that in the U1 model due to
the fact that up- and down-type mixings are exclusively
dependent on mass splitting between VLQ and the SM
quark as seen from Eq. (30). In fact, this holds true for all
models if the parameter space allows for b − Bmixing. The
allowed space for t − T mixing in the U1 model matches
input values we used to assure the stability in type-I and
type-II models, whereas scenario D1 lifts the upper bound
of b − B mixing to a scale that cannot stabilize the
electroweak vacuum around mB ≥ 1 TeV. Hence, the
stability requirements are more severe than the oblique
parameter requirements for singlets. The values of ΔTVLQ

in U1 are always positive and accordingly have more
potential to compensate for the negative effect of
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FIG. 7. The allowed parameter space from EWPO: T fermion mass and mixing angle with the top quark for the singlet U1 model (a),
doubletDX (c), doubletD2 (d), triplet T X (f), and triplet T Y (g) models. The B fermion mass and mixing angle with the bottom quark for
the singlet D1 model (b) and doublet DY model (e). Loop functions are calculated at energy scale μ ¼ mt.
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ΔT2HDM, whereas D1 features negative corrections to
ΔTVLQ. Thus, in terms of the oblique corrections between
both sectors, U1 is capable of imposing more bounds on
MA;MH� , and cosðβ − αÞ.
For doublets, the parameter space is larger than and

similar to D1 except for D2 where ΔS contributes negative
values. We should emphasize that, for cases where SVLQ

contributes negatively to cancel the positive effect of
the T parameter, the allowed parameter spaces are effec-
tively enlarged as seen in Figs. 7(c) and 7(e) for DX
and DY models. In contrast, ΔS is positive in D2 for
mT ≥ 645 GeV. We also observe the behavior from
Eq. (49), where the D2 model does not contribute to
[flavor-changing-neutral-currents (FCNC) case] ZtT and
ZbB channels; hence, S is relatively larger than those in
other doublets. Among all doublet models only DX has a
negative ΔTVLQ contribution. On the other hand, ΔTVLQ

stays close to zero in the DY model, making it more limited
for renderingΔT 2HDM negative, compared to theD2 model,
where the correction ΔTVLQ ≥ 0.08 yields mT > 1 TeV.
Furthermore, at the TeV scale, the EWPO parameter

space of the D2 model is in good agreement with the
vacuum stability requirements for t − T mixing, while
constraints in DX and b − B mixing in DY allow angles
beyond the maximum allowed in the stability analysis.
The parameter space of the triplet T X model is quite

restricted, and t − T and b − B mixing allowed by the
oblique parameters do not cross beyond the vacuum
stability requirements. However, for the model T Y , con-
straints are more relaxed, though sin θtL > 0.2 only exac-
erbate the constraints on vacuum stability. The relaxation of
the mixing in the T Y scenario compared to that in T X can
be described in terms of mixing relations Eq. (32). Since
up- and down-type mixing angles are not independent for

triplets, stL ≃ sbLffiffi
2

p ,9 which enhances the Zbb coupling over

the one in T Y , and thus leads to more severe corrections in
S [133]. ΔTVLQ is always positive in T Y , while T X has
positive corrections to the T parameter for mT > 400 GeV.
As a consequence, the T Y model is more relaxed as it
compensates for the negative corrections in 2HDM, and it
expands the parameter space through combined analysis of
the oblique parameters.

VI. CONCLUSIONS

We analyzed the stability of the electroweak vacuum
resulting from the interplay between vectorlike quarks and
the extended bosonic sector of the two-Higgs-doublet
model by adopting various representations to scrutinize
the potential effects of vectorlike quarks on the Higgs
sector. In particular, our work zooms in the effects of
renormalization group flow that governs the energy scale

and flavor dependent behavior of interactions in the theory.
Our investigation remains agnostic to specific parameter
choices, while restricting the mixing of vectorlike quarks to
solely with the third generation SM quarks. The core of the
analysis revolves around the delicate balance of the Higgs
potential stability. It has long been assumed that the SM lies
in a metastable state or there is an alternative mechanics
behind the absolute stability of the vacuum. In fact, there
is an effective approach to extend the Higgs sector of the
SM with additional scalar bosons, as allowed by certain
symmetries of the model. To this end, an auxiliary scalar
doublet is introduced here to ameliorate the SM vacuum
predicament. Using RGEs in 2HDM, we showed the
additional degree of freedom in the scalar sector enlarges
the parameter space that might preserve the absolute
stability of vacuum up to the Planck scale.
We then added all anomaly-free representations of

vectorlike quarks (two singlet, three doublet, and two
triplet representations). We showed that the inclusion of
vectorlike quarks, although analogous in their couplings
to SM quarks, has complicated consequences. Although
fermions contribute negatively to the couplings at the RGE
level, vectorlike quarks effectively modify β-functions
through the gauge and Yukawa portals. Even though the
gauge portal effects are weaker than those of the Yukawa
couplings, the corrections are multiplicative with respect to
the number of fermions in the family included. A natural
and straightforward attempt could be to add more vector-
like quarks, considering their effect on gauge coupling
modifications. However, there is a relationship between the
number of vectorlike quarks and their masses that imposes
an upper bound on each, for which the vacuum can be
stabilized. IfmVLQ is too large and nF is too small, then RG
evolutions fall into the negative perturbativity region before
lifting it up. On the other hand, if nF is too large and mVLQ

too small, RG evolutions are too strong and abruptly
diverge; thus, predictability is lost due to a Landau pole
around μ < MPl. Considering the strong gauge portal
alone, this imposes the upper bounds: mVLQ ≤ 106 TeV
and nF ¼ ½2; 18�. Additionally, the hypercharge portal
vanishes either by increasing mVLQ, thus leaving insuffi-
cient RG evolution for the parameter space restrictions to
be operative, or by increasing nF causing a sub-Planckian
theory breakdown. Increasing the hypercharge limits nF to
small values and to a narrower interval. Thus, allowed
hypercharge values are obtained for the smallest number
of flavors nF, and there is a fine-tuned mutual relation
between mass, flavor, and hypercharge of vectorlike quarks
that is capable to generate absolute stability of the vacuum.
We imposed perturbative unitarity and stability con-

straints for λiðμÞ and yiðμÞ in both type-Iþ VLQ and
type-IIþ VLQ up to the Planck scale. All VLQ represen-
tations require tan β∈ ½6; 12� for the mass regime assumed
from both sectors, with small fermionic mixing
sin θL < 0.2. Although larger tan β values might satisfy9This relation is valid for the triplet model T X.
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the stability requirements, we observed that they lead to a
heavy suppression of the quartic couplings in small
perturbation regions due to the coupled nature. Initial
conditions on λ1;2 in type-IIþ VLQ are stronger due to
the split of the Yukawa terms coupling to different scalar
doublets. Generally, type-IIþ VLQs models require larger
scalar masses compared to type-I model counterparts.
Accordingly, for a given set of fixed parameters in both
types, the vacuum stability conditions are safer in
VLQþ type-II. Compared to T vectorlike quarks, con-
straints on the B-like fermion masses and mixing angles are
much more relaxed. This is simply a consequence of the
fact that the mixing between vectorlike quarks and the SM
quarks is described in terms of the inverse of mass splitting
between two quarks. Because of the excessive number of
negative quartic Yukawa terms appearing at the RGE level,
the constraints arising in bare 2HDM have to be enlarged
from the considerations above. To this end, we checked
both theoretically and experimentally allowed regions of
2HDM and VLQ models by preserving the validity of
2HDM up to the Planck scale.
We also scannedoverEWPOand found the space for t − T

and b − Bmixings versus the mass of vectorlike quarks that
includes stability regions, especially in the near decoupling
limit. Furthermore, since the scalar and fermion parts of the
oblique parameters are calculated separately and then com-
bined,we found that the upper bound on the heavierCP-even
scalar extends while preserving the vacuum stability con-
ditions, especially when combined with triplet VLQs. For
this reason, we assumed mass values of the heavier neu-
tral scalar beyond the limits of 2HDM oblique para-
meters. However, the extension of the upper limit of MH
as cosðβ − αÞ approaches the alignment limit also confirms
the stability requirement on scalarmasses near the TeV scale.
Althoughmixing betweenCP-even states cosðβ − αÞ ≠ 0

is allowed by the oblique parameters, the stability requires at
least near-alignment limit as cosðβ − αÞ remains close to
zero. In fact, we observed that RGE running of λ1 and λ2
deteriorate, and the condition for the potential to be bounded
from below cannot be satisfied as cosðβ − αÞ strays away
from the alignment limit. Accordingly, the lower limit on the
CP-evenmixing angle from the stability and EWPO require-
ments also match the experimental Higgs bounds.
For the VLQ part of the oblique parameters, the allowed

parameter space for t − T and b − B mixing is largest for
cases where ΔS contributes negatively and we have shown

that, for all vectorlike multiplets, the EWPO constraints
lead to the alignment limit occurring naturally as
mVLQ > 1 TeV. In turn, constraints at a higher TeV range
from the oblique parameters become more consistent with
the stability requirements. Thus, the constraints to oblique
parameters from vectorlike quarks, combined with ΔS and
ΔS from the 2HDM, are VLQ representation dependent as
well as different for type-I and type-II 2HDM and can be
used to distinguish among different scenarios. In a specific
representation and model-type, these corrections may
indicate an allowed deviation from the required cancella-
tions, and this would impose further restrictions on the
extra scalar and its mixing with the SM Higgs boson.
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APPENDIX

In the appendix sections below, for completeness, we
give the renormalization group equations with respect to
type-I and type-II models studied in the text, as well as
expressions for the contributions of VLQs to the S and T
parameters, together with the Passrino-Veltman integrals
used. We also list the electroweak couplings of the VLQs of
different representations.

1. RGEs for 2HDM+VLQ: Type-I

a. Singlet U1ðTÞ, Y = 2=3

The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 9y2T
2

−
17g21
12

−
9g22
4

− 8g23

�
;

dy2T
d ln μ2

¼ y2T
16π2

�
9y2t
2

þ 9y2T
2

þ 3y2M
2

−
17g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2T þ 9y2M

2
−
41g21
20

− 8g23

�
: ðA1Þ

The Higgs sector RGEs, describing the interactions
between the two bosons, are

dλ1
d ln μ2

¼ 1

16π2

�
−4λ1

�
3g21
4

þ 9g22
4

�
þ 12λ21 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25 þ

3g41
4

þ 9g42
4

þ 3g21g
2
2

2

�
;

dλ2
d ln μ2

¼ 1

16π2

�
4λ2

�
6y2t þ 6y2T −

3g21
4

−
9g22
4

�
þ 12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

þ 3g41
16

þ 9g42
4

þ 3g21g
2
2

2
− 12y4t − 24y4T − 24y2t y2T

�
;
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dλ3
d ln μ2

¼ 1

16π2

�
2λ3

�
6y2t þ 6y2T þ 12y2M −

3g21
2

−
9g22
2

�
þ 4λ23 þ 2λ24 þ 2λ25 þ ðλ1 þ λ2Þð6λ3 þ 2λ4Þ

þ 3g41
4

þ 9g42
4

−
3g21g

2
2

2

�
;

dλ4
d ln μ2

¼ 1

16π2

�
2λ4

�
6y2t þ 6y2T þ 12y2M −

3g21
2

−
9g22
2

�
þ 3g21g

2
2 þ 4λ24 þ 8λ25 þ 8λ3λ4 þ 2λ4ðλ1 þ λ2Þ

�
;

dλ5
d ln μ2

¼ 1

16π2

�
2λ5

�
6y2t þ 6y2T þ 12y2M −

3g21
2

−
9g22
2

�
þ 2λ5ðλ1 þ λ2 þ 4λ3 þ 6λ4Þ

�
: ðA2Þ

b. Singlet D1ðBÞ, Y = − 1=3
The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 3y2B
2

−
17g21
12

−
9g22
4

− 8g23

�
;

dy2B
d ln μ2

¼ y2B
16π2

�
3y2t
2

þ 9y2B
2

þ 3y2M
2

−
5g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
9y2M
2

þ y2B −
17g21
20

− 8g23

�
: ðA3Þ

The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
d ln μ2

¼ 1

16π2

�
−4λ1

�
3g21
4

þ 9g22
4

�
þ 12λ21 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25 þ

3g41
4

þ 9g42
4

þ 3g21g
2
2

2

�
;

dλ2
d ln μ2

¼ 1

16π2

�
4λ2

�
6y2t þ 6y2B −

3g21
4

−
9g22
4

�
þ 12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

þ 3g41
16

þ 9g42
4

þ 3g21g
2
2

2
− 12y4t − 24y4B

�
;

dλ3
d ln μ2

¼ 1

16π2

�
2λ3

�
6y2t þ 6y2B þ 12y2M −

3g21
2

−
9g22
2

�
þ 4λ23 þ 2λ24 þ 2λ25 þ ðλ1 þ λ2Þð6λ3 þ 2λ4Þ

þ 3g41
4

þ 9g42
4

−
3g21g

2
2

2

�
;

dλ4
d ln μ2

¼ 1

16π2

�
2λ4

�
6y2t þ 6y2B þ 12y2M −

3g21
2

−
9g22
2

�
þ 3g21g

2
2 þ 4λ24 þ 8λ25 þ 8λ3λ4 þ 2λ4ðλ1 þ λ2Þ

�
;

dλ5
d ln μ2

¼ 1

16π2

�
2λ5

�
6y2t þ 6y2B þ 12y2M −

3g21
2

−
9g22
2

�
þ 2λ5ðλ1 þ λ2 þ 4λ3 þ 6λ4Þ

�
: ðA4Þ

Finally, the coupling constants gain additional terms due to the new fermion, for both models U1 and D1 with singlet
fermions as follows:

dg21
d ln μ2

¼ g41
16π2

�
7þ 4

15

�
;

dg22
d ln μ2

¼ g42
16π2

ð−3Þ; dg23
d ln μ2

¼ g43
16π2

�
−7þ 2

3

�
: ðA5Þ
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c. Doublet D2 ðT;BÞ, Y = 1=6

The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 9y2T
2

þ 3y2B
2

þ 3y2M −
17g21
12

−
9g22
4

− 8g23

�
;

dy2T
d ln μ2

¼ y2T
16π2

�
9y2t
2

þ 9y2T
2

þ 3y2B
2

þ 3y2M −
17g21
12

−
9g22
4

− 8g23

�
;

dy2B
d ln μ2

¼ y2B
16π2

�
9y2t
2

þ 3y2T
2

þ 9y2B
2

þ 3y2M −
5g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2T þ y2B þ 11y2M

2
−
19g21
40

−
9g22
2

− 8g23

�
: ðA6Þ

The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
d ln μ2

¼ 1

16π2

�
−4λ1

�
3g21
4

þ 9g22
4

�
þ 12λ21 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25 þ

3g41
4

þ 9g42
4

þ 3g21g
2
2

2

�
;

dλ2
d ln μ2

¼ 1

16π2

�
4λ2

�
3y2t þ 6y2T þ 6y2B −

3g21
4

−
9g22
4

�
þ 12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

þ 3g41
4

þ 9g42
4

þ 3g21g
2
2

2
− 12y4t − 24y4T − 24y4B − 24y2t y2T − 24y2Ty

2
B

�
;

dλ3
d ln μ2

¼ 1

16π2

�
2λ3

�
3y2t þ 6y2T þ 6y2B þ 12y2M −

3g21
2

−
9g22
2

�
þ 4λ23 þ 2λ24 þ 2λ25 þ ðλ1 þ λ2Þð6λ3 þ 2λ4Þ

þ 3g41
4

þ 9g42
4

−
3g21g

2
2

2

�
;

dλ4
d ln μ2

¼ 1

16π2

�
2λ4

�
3y2t þ 6y2T þ 6y2B þ 12y2M −

3g21
2

−
9g22
2

�
þ 3g21g

2
2 þ 4λ24 þ 8λ25 þ 8λ3λ4 þ 2λ4ðλ1 þ λ2Þ

�
;

dλ5
d ln μ2

¼ 1

16π2

�
2λ5

�
3y2t þ 6y2T þ 6y2B þ 12y2M −

3g21
2

−
9g22
2

�
þ 2λ5ðλ1 þ λ2 þ 4λ3 þ 6λ4Þ

�
: ðA7Þ

d. Doublet DX ðX;TÞ, Y = 7=6

The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 3y2T
2

þ 9y2X
2

þ 3y2M −
17g21
12

−
9g22
4

− 8g23

�
;

dy2T
d ln μ2

¼ y2T
16π2

�
9y2t
2

þ 3y2X
2

þ 9y2T
2

þ 3y2M −
5g21
12

−
9g22
4

− 8g23

�
;

dy2X
d ln μ2

¼ y2X
16π2

�
9y2t
2

þ 9y2X
2

þ 3y2T
2

þ 3y2M −
17g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2T þ y2X þ 11y2M

2
−
67g21
40

−
9g22
2

− 8g23

�
: ðA8Þ
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The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
d ln μ2

¼ 1

16π2

�
−4λ1

�
3g21
4

þ 9g22
4

�
þ 12λ21 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25 þ

3g41
4

þ 9g42
4

þ 3g21g
2
2

2

�
;

dλ2
d ln μ2

¼ 1

16π2

�
4λ2

�
3y2t þ 6y2T þ 6y2X −

3g21
4

−
9g22
4

�
þ 12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

þ 3g41
4

þ 9g42
4

þ 3g21g
2
2

2
− 12y4t − 24y4X − 24y4T − 24y2t y2T − 24y2Xy

2
T

�
;

dλ3
d ln μ2

¼ 1

16π2

�
2λ3

�
3y2t þ 6y2T þ 6y2X þ 12y2M −

3g21
2

−
9g22
10

�
þ 4λ23 þ 2λ24 þ 2λ25 þ ðλ1 þ λ2Þð6λ3 þ 2λ4Þ

þ 3g41
4

þ 9g42
4

−
3g21g

2
2

2

�
;

dλ4
d ln μ2

¼ 1

16π2

�
2λ4

�
3y2t þ 6y2T þ 6y2X þ 12y2M −

3g21
2

−
9g22
10

�
þ 3g21g

2
2 þ 4λ24 þ 8λ25 þ 8λ3λ4 þ 2λ4ðλ1 þ λ2Þ

�
;

dλ5
d ln μ2

¼ 1

16π2

�
2λ5

�
3y2t þ 6y2T þ 6y2X þ 12y2M −

3g21
2

−
9g22
10

�
þ 2λ5ðλ1 þ λ2 þ 4λ3 þ 6λ4Þ

�
: ðA9Þ

e. Additional non-SM-like quark doublet DY ðB;YÞ, Y = − 5=6
The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 9y2B
2

þ 3y2Y
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þ 3y2M −
17g21
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−
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dy2B
d ln μ2
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16π2
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þ 3y2M −
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�
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dy2Y
d ln μ2

¼ y2Y
16π2
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þ 9y2Y
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þ 3y2B
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þ 3y2M −
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−
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�
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dy2M
d ln μ2
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16π2

�
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−
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−
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�
: ðA10Þ

The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
d ln μ2

¼ 1

16π2
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4
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: ðA11Þ
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The coupling constants gain additional terms due to the new fermion in all doublet models as follows:

dg21
d ln μ2

¼ g41
16π2

�
7þ 6

5

�
;

dg22
d ln μ2

¼ g42
16π2

ð−3þ 2Þ; dg23
d ln μ2

¼ g43
16π2

�
−7þ 4

3

�
: ðA12Þ

f. Triplet T X ðX;T;BÞ, Y = 2=3

The relevant RGEs for the Yukawa couplings are
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d ln μ2

¼ y2t
16π2
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2

−
17g21
12

−
9g22
4

− 8g23

�
;

dy2X
d ln μ2

¼ y2T
16π2

�
9y2t
2

þ 9y2X
2

þ 9y2T
2

þ 3y2B
2

þ 3y2M
2

−
41g21
20

−
9g22
4

− 8g23

�
;

dy2B
d ln μ2

¼ y2B
16π2

�
3y2t
2

þ 3y2X
2

þ 9y2T
2

þ 9y2B
2

þ 3y2M
2

−
5g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2X þ y2T þ y2B þ 15y2M

2
−
41g21
20

−
9g22
4

− 8g23

�
: ðA13Þ

The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
d ln μ2

¼ 1

16π2

�
−4λ1

�
3g21
4

þ 9g22
4

�
þ 12λ21 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25 þ

3g41
4

þ 9g42
4

þ 3g21g
2
2

2

�
;

dλ2
d ln μ2

¼ 1

16π2

�
4λ2

�
3y2t þ 6y2X þ 6y2T þ 6y2B −

3g21
2

−
9g22
2

�
þ 12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

þ 3g41
2

þ 9g22
2

þ 3g21g
2
2 − 12y4t − 24y4X − 24y4T − 24y4B − 24y2t y2T − 24y2Ty

2
B − 24y2Xy

2
T

�
;

dλ3
d ln μ2

¼ 1

16π2

�
2λ3ð3y2t þ 6y2T þ 6y2X þ 6y2B þ 12y2M − 3g21 − 9g22Þ þ 4λ23 þ 2λ24 þ 2λ25 þ ðλ1 þ λ2Þð6λ3 þ 2λ4Þ

þ 3g41
2

þ 9g42
2

− 3g21g
2
2

�
;

dλ4
d ln μ2

¼ 1

16π2
½2λ4ð3y2t þ 6y2X þ 6y2T þ 6y2B þ 12y2M − 3g21 − 9g22Þ þ 6g21g

2
2 þ 4λ24 þ 8λ25 þ 8λ3λ4 þ 2λ4ðλ1 þ λ2Þ�;

dλ5
d ln μ2

¼ 1

16π2
½2λ5ð3y2t þ 6y2T þ 6y2X þ 6y2B þ 12y2M − 3g21 − 9g22Þ þ 2λ5ðλ1 þ λ2 þ 4λ3 þ 6λ4Þ�: ðA14Þ

g. Triplet T Y ðT;B;YÞ, Y = − 1=3
The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 9y2T
2

þ 3y2B
2

þ 3y2Y
2

þ 3y2M −
17g21
12

−
9g22
4

− 8g23

�
;

dy2T
d ln μ2

¼ y2T
16π2

�
9y2t
2

þ 9y2T
2

þ 3y2B
2

þ 3y2Y
2

þ 3y2M −
17g21
12

−
9g22
4

− 8g23

�
;

dy2B
d ln μ2

¼ y2B
16π2

�
3y2t
2

þ 3y2T
2

þ 9y2B
2

þ 9y2Y
2

þ 3y2M
2

−
5g21
12

−
9g22
4

− 8g23

�
;

dy2Y
d ln μ2

¼ y2Y
16π2

�
9y2Y
2

þ 9y2B
2

þ 3y2t
2

þ 3y2T
2

þ 3y2M −
17g21
20

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2T þ y2B þ y2Y þ 15y2M

2
−
17g21
20

−
9g22
4

− 8g23

�
: ðA15Þ
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The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
d ln μ2

¼ 1

16π2

�
−4λ1

�
3g21
4

þ 9g22
4

�
þ 12λ21 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25 þ

3g41
4

þ 9g42
4

þ 3g21g
2
2

2

�
;

dλ2
d ln μ2

¼ 1

16π2

�
4λ2

�
3y2t þ 6y2T þ 6y2B þ 6y2Y −

3g21
2

−
9g22
2

�
þ 12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

þ 3g41
2

þ 9g42
2

þ 3g21g
2
2 − 12y4t − 24y4T − 24y4B − 24y4Y − 24y2t y2T − 24y2Ty

2
B − 24y2By

2
Y

�
;

dλ3
d ln μ2

¼ 1

16π2

�
2λ3ð3y2t þ 6y2T þ 6y2B þ 6y2Y þ 12y2M − 3g21 − 9g22Þ þ 4λ23 þ 2λ24 þ 2λ25 þ ðλ1 þ λ2Þð6λ3 þ 2λ4Þ

þ 3g41
2

þ 9g22
4

− 3g21g
2
2

�
;

dλ4
d ln μ2

¼ 1

16π2
½2λ4ð3y2t þ 6y2T þ 6y2B þ 6y2Y þ 12y2M − 3g21 − 9g22Þ þ 6g21g

2
2 þ 4λ24 þ 8λ25 þ 8λ3λ4 þ 2λ4ðλ1 þ λ2Þ�;

dλ5
d ln μ2

¼ 1

16π2
½2λ5ð3y2t þ 6y2T þ 6y2B þ 6y2Y þ 12y2M − 3g21 − 9g22Þ þ 2λ5ðλ1 þ λ2 þ 4λ3 þ 6λ4Þ�: ðA16Þ

The coupling constants gain additional terms due to the new fermions in both triplet models as follows:

dg21
d ln μ2

¼ g41
16π2

�
7þ 4

5

�
;

dg22
d ln μ2

¼ g42
16π2

ð−3þ 4Þ; dg23
d ln μ2

¼ g43
16π2

ð−7þ 2Þ: ðA17Þ

2. RGEs for 2HDM + VLQ: Type-II

a. Singlet U1ðTÞ, Y = 2=3

The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 9y2T
2

−
17g21
12

−
9g22
4

− 8g23

�
;

dy2T
d ln μ2

¼ y2T
16π2

�
9y2t
2

þ 9y2T
2

þ 3y2M
2

−
17g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2T þ 9y2M

2
−
41g21
20

− 8g23

�
: ðA18Þ

The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
dlnμ2

¼ 1

16π2

�
−4λ1

�
3g21
4

þ9g22
4

�
þ12λ21þ4λ23þ4λ3λ4þ2λ24þ2λ25þ

3g41
16

þ9g42
4

þ3g21g
2
2

2

�
;

dλ2
dlnμ2

¼ 1

16π2

�
4λ2

�
3y2t þ6y2T −

3g21
4

−
9g22
4

�
þ12λ22þ4λ23þ4λ3λ4þ2λ24þ2λ25

þ3g41
16

þ9g42
4

þ3g21g
2
2

2
−12y4t −24y4T−24y4M−24y2t y2T

�
;

dλ3
dlnμ2

¼ 1

16π2

�
2λ3

�
3y2t þ6y2Tþ6y2M−

3g21
2

−
9g22
2

�
þ4λ23þ2λ24þ2λ25þðλ1þλ2Þð6λ3þ2λ4Þþ

3g41
4

þ9g42
4

−
3g21g

2
2

2
−24y2Ty

2
M

�
;

dλ4
dlnμ2

¼ 1

16π2

�
2λ4

�
3y2t þ6y2Tþ6y2M−

3g21
2

−
9g22
2

�
þ3g21g

2
2þ4λ24þ8λ25þ8λ3λ4þ2λ4ðλ1þλ2Þþ24y2Ty

2
M

�
;

dλ5
dlnμ2

¼ 1

16π2

�
2λ5

�
3y2t þ6y2Tþ6y2M−

3g21
2

−
9g22
2

�
þ2λ5ðλ1þλ2þ4λ3þ6λ4Þ

�
: ðA19Þ
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b. Singlet D1ðBÞ, Y = − 1=3
The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ y2B
2
−
17g21
12

−
9g22
4

− 8g23

�
;

dy2B
d ln μ2

¼ y2B
16π2

�
y2t
2
þ 9y2B

2
þ 3y2M

2
−
5g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
9y2M
2

þ y2B −
17g21
20

− 8g23

�
: ðA20Þ

The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
d ln μ2

¼ 1

16π2

�
−4λ1

�
3g21
4

þ 9g22
4

− 6y2B

�
þ 12λ21 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25 þ

3g41
16

þ 9g42
4

þ 3g21g
2
2

2
− 24y4B − 24y4M

�
;

dλ2
d ln μ2

¼ 1

16π2

�
4λ2

�
3y2t −

3g21
4

−
9g22
4

�
þ 12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25 þ

3g41
16

þ 9g42
4

þ 3g21g
2
2

2
− 12y4t

�
;

dλ3
d ln μ2

¼ 1

16π2

�
2λ3

�
3y2t þ 6y2B þ 6y2M −

3g21
2

−
9g22
2

�
þ 4λ23 þ 2λ24 þ 2λ25 þ ðλ1 þ λ2Þð6λ3 þ 2λ4Þ

þ 3g41
4

þ 9g42
4

−
3g21g

2
2

2
− 24y2By

2
M

�
;

dλ4
d ln μ2

¼ 1

16π2

�
2λ4

�
3y2t þ 6y2B þ 6y2M −

3g21
2

−
9g22
2

�
þ 3g21g

2
2 þ 4λ24 þ 8λ25 þ 8λ3λ4 þ 2λ4ðλ1 þ λ2Þ þ 24y2By

2
M

�
;

dλ5
d ln μ2

¼ 1

16π2

�
2λ5

�
3y2t þ 6y2B þ 6y2M −

3g21
2

−
9g22
2

�
þ 2λ5ðλ1 þ λ2 þ 4λ3 þ 6λ4Þ

�
: ðA21Þ

Finally, the coupling constants gain additional terms due to the new fermion, for both models U1 and D1 with singlet
fermions, as follows:

dg21
d ln μ2

¼ g41
16π2

�
7þ 4

15

�
;

dg22
d ln μ2

¼ g42
16π2

ð−3Þ; dg23
d ln μ2

¼ g43
16π2

�
−7þ 2

3

�
: ðA22Þ

c. Doublet D2 ðT;BÞ, Y = 1=6

The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 9y2T
2

þ y2B
2
þ 3y2M −

17g21
12

−
9g22
4

− 8g23

�
;

dy2T
d ln μ2

¼ y2T
16π2

�
9y2t
2

þ 9y2T
2

þ y2B
2
þ 3y2M −

17g21
12

−
9g22
4

− 8g23

�
;

dy2B
d ln μ2

¼ y2B
16π2

�
3y2t
2

þ y2T
2
þ 9y2B

2
þ 3y2M −

5g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2T þ y2B þ 11y2M

2
−
19g21
40

−
9g22
2

− 8g23

�
: ðA23Þ
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The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
dlnμ2

¼ 1

16π2

�
4λ1

�
6y2B−

3g21
4

−
9g22
4

�
þ12λ21þ4λ23þ4λ3λ4þ2λ24þ2λ25þ

3g41
4

þ9g42
4

þ3g21g
2
2

2
−24y4B−24y2By

2
M

�
;

dλ2
dlnμ2

¼ 1

16π2

�
4λ2

�
3y2t þ6y2T −

3g21
4

−
9g22
4

�
þ12λ22þ4λ23þ4λ3λ4þ2λ24þ2λ25

þ3g41
4

þ9g42
4

þ3g21g
2
2

2
−12y4t −24y4T−24y2t y2T −24y2Ty

2
M

�
;

dλ3
dlnμ2

¼ 1

16π2

�
2λ3

�
3y2t þ6y2Tþ6y2Bþ6y2M−

3g21
2

−
9g22
2

�
þ4λ23þ2λ24þ2λ25þðλ1þλ2Þð6λ3þ2λ4Þ

þ3g41
4

þ9g42
4

−
3g21g

2
2

2
−24y2Ty

2
M−24y2By

2
M

�
;

dλ4
dlnμ2

¼ 1

16π2

�
2λ4

�
3y2t þ6y2Tþ6y2Bþ6y2M−

3g21
2

−
9g22
2

�
þ3g21g

2
2þ4λ24þ8λ25þ8λ3λ4þ2λ4ðλ1þλ2Þþ24y2Ty

2
Mþ24y2By

2
M

�
;

dλ5
dlnμ2

¼ 1

16π2

�
2λ5

�
3y2t þ6y2Tþ6y2Bþ12y2M−

3g21
2

−
9g22
2

�
þ2λ5ðλ1þλ2þ4λ3þ6λ4Þ

�
: ðA24Þ

d. Doublet DX ðX;TÞ, Y = 7=6

The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ y2T
2
þ 9y2X

2
þ 3y2M −

17g21
12

−
9g22
4

− 8g23

�
;

dy2T
d ln μ2

¼ y2T
16π2

�
3y2t
2

þ y2X
2
þ 9y2T

2
þ 3y2M −

5g21
12

−
9g22
4

− 8g23

�
;

dy2X
d ln μ2

¼ y2X
16π2

�
9y2t
2

þ 9y2X
2

þ y2T
2
þ 3y2M −

17g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2T þ y2X þ 11y2M

2
−
67g21
40

−
9g22
2

− 8g23

�
: ðA25Þ

The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
dlnμ2

¼ 1

16π2

�
4λ1

�
6y2T−

3g21
4

−
9g22
2

�
þ12λ21þ4λ23þ4λ3λ4þ2λ24þ2λ25þ

3g41
4

þ9g42
4

þ3g21g
2
2

2
−24y4T−24y2Ty

2
M

�
;

dλ2
dlnμ2

¼ 1

16π2

�
4λ2

�
3y2t þ6y2X−

3g21
4

−
9g22
4

�
þ12λ22þ4λ23þ4λ3λ4þ2λ24þ2λ25þ

3g41
4

þ9g42
4

þ3g21g
2
2

2
−12y4t −24y4X−24y2Xy

2
M

�
;

dλ3
dlnμ2

¼ 1

16π2

�
2λ3

�
3y2t þ6y2Tþ6y2Xþ6y2M−

3g21
2

−
9g22
10

�
þ4λ23þ2λ24þ2λ25þðλ1þλ2Þð6λ3þ2λ4Þ

þ3g41
4

þ9g42
4

−
3g21g

2
2

2
−24y2Xy

2
M−24y2Ty

2
M

�
;

dλ4
dlnμ2

¼ 1

16π2

�
2λ4

�
3y2t þ6y2Tþ6y2Xþ6y2M−

3g21
2

−
9g22
10

�
þ3g21g

2
2þ4λ24þ8λ25þ8λ3λ4þ2λ4ðλ1þλ2Þþ24y2Xy

2
Mþ24y2Ty

2
M

�
;

dλ5
dlnμ2

¼ 1

16π2

�
2λ5

�
3y2t þ6y2Tþ6y2Xþ6y2M−

3g21
2

−
9g22
10

�
þ2λ5ðλ1þλ2þ4λ3þ6λ4Þ

�
: ðA26Þ
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e. Additional non-SM-like quark doublet DY ðB;YÞ, Y = − 5=6
The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 3y2B
2

þ y2Y
2
þ 3y2M −

17g21
12

−
9g22
4

− 8g23

�
;

dy2B
d ln μ2

¼ y2T
16π2

�
3y2t
2

þ 9y2B
2

þ y2Y
2
þ 3y2M −

17g21
12

−
9g22
4

− 8g23

�
;

dy2Y
d ln μ2

¼ y2Y
16π2

�
3y2t
2

þ 9y2Y
2

þ y2B
2
þ 3y2M −

5g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2Y þ y2B þ 11y2M

2
−
43g21
40

−
9g22
2

− 8g23

�
: ðA27Þ

The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
dlnμ2

¼ 1

16π2

�
4λ1

�
6y2Y−

3g21
4

−
9g22
4

�
þ12λ21þ4λ23þ4λ3λ4þ2λ24þ2λ25þ

3g41
4

þ9g42
4

þ3g21g
2
2

2
−24y4Y−24y2Yy

2
M

�
;

dλ2
dlnμ2

¼ 1

16π2

�
4λ2

�
3y2t þ6y2B−

3g21
4

−
9g22
4

�
þ12λ22þ4λ23þ4λ3λ4þ2λ24þ2λ25þ

3g41
4

þ9g42
4

þ3g21g
2
2

2
−12y4t −24y4B−24y2By

2
M

�
;

dλ3
dlnμ2

¼ 1

16π2

�
2λ3

�
3y2t þ6y2Bþ6y2Yþ6y2M−

3g21
2

−
9g22
2

�
þ4λ23þ2λ24þ2λ25þðλ1þλ2Þð6λ3þ2λ4Þ

þ3g41
4

þ9g42
4

−
3g21g

2
2

2
−24y2By

2
M−24y2Yy

2
M

�
;

dλ4
dlnμ2

¼ 1

16π2

�
2λ4

�
3y2t þ6y2Yþ6y2Bþ6y2M−

3g21
2

−
9g22
2

�
þ3g21g

2
2þ4λ24þ8λ25þ8λ3λ4þ2λ4ðλ1þλ2Þþ24y2By

2
Mþ24y2Yy

2
M

�
;

dλ5
dlnμ2

¼ 1

16π2

�
2λ5

�
3y2t þ6y2Yþ6y2Bþ6y2M−

3g21
2

−
9g22
2

�
þ2λ5ðλ1þλ2þ4λ3þ6λ4Þ

�
: ðA28Þ

The coupling constants gain additional terms due to the new fermion in all doublet models as follows:

dg21
d ln μ2

¼ g41
16π2

�
7þ 6

5

�
;

dg22
d ln μ2

¼ g42
16π2

ð−3þ 2Þ; dg23
d ln μ2

¼ g43
16π2

�
−7þ 4

3

�
: ðA29Þ

f. Triplet T X ðX;T;BÞ, Y = 2=3

The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 9y2X
2

þ 9y2T
2

þ y2B
2
þ 3y2M

2
−
17g21
12

−
9g22
4

− 8g23

�
;

dy2T
d ln μ2

¼ y2T
16π2

�
9y2t
2

þ 9y2X
2

þ 9y2T
2

þ y2B
2
þ 3y2M

2
−
17g21
12

−
9g22
4

− 8g23

�
;

dy2X
d ln μ2

¼ y2T
16π2

�
9y2t
2

þ 9y2X
2

þ 9y2T
2

þ y2B
2
þ 3y2M

2
−
41g21
20

−
9g22
4

− 8g23

�
;

dy2B
d ln μ2

¼ y2B
16π2

�
3y2t
2

þ y2X
2
þ 3y2T

2
þ 9y2B

2
þ 3y2M

2
−
5g21
12

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2X þ y2T þ y2B þ 15y2M

2
−
41g21
20

−
9g22
4

− 8g23

�
: ðA30Þ
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The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
d ln μ2

¼ 1

16π2

�
4λ1

�
6y2B þ 6y2T −

3g21
2

−
9g22
2

�
þ 12λ21 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

þ 3g41
2

þ 9g42
2

þ 3g21g
2
2 − 24y4B − 24y4T − 24y2By

2
M − 24y2Ty

2
M

�
;

dλ2
d ln μ2

¼ 1

16π2

�
4λ2

�
3y2t þ 6y2X þ 6y2T −

3g21
2

−
9g22
2

�
þ 12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

þ 3g41
2

þ 9g22
2

þ 3g21g
2
2 − 12y4t − 24y4X − 24y4T − 24y2t y2T − 24y2Xy

2
M − 24y2Ty

2
M

�
;

dλ3
d ln μ2

¼ 1

16π2

�
2λ3ð3y2t þ 6y2T þ 6y2X þ 6y2B þ 6y2M − 3g21 − 9g22Þ þ 4λ23 þ 2λ24 þ 2λ25 þ ðλ1 þ λ2Þð6λ3 þ 2λ4Þ

þ 3g41
2

þ 9g42
2

− 3g21g
2
2 − 24y2Xy

2
M − 24y2Ty

2
M − 24y2By

2
M

�
;

dλ4
d ln μ2

¼ 1

16π2
½2λ4ð3y2t þ 6y2X þ 6y2T þ 6y2B þ 6y2M − 3g21 − 9g22Þ þ 6g21g

2
2 þ 4λ24 þ 8λ25 þ 8λ3λ4 þ 2λ4ðλ1 þ λ2Þ

þ 24y2Xy
2
M þ 24y2Ty

2
M þ 24y2By

2
M�;

dλ5
d ln μ2

¼ 1

16π2
½2λ5ð3y2t þ 6y2T þ 6y2X þ 6y2B þ 6y2M − 3g21 − 9g22Þ þ 2λ5ðλ1 þ λ2 þ 4λ3 þ 6λ4Þ�: ðA31Þ

g. Triplet T Y ðT;B;YÞ, Y = − 1=3
The relevant RGEs for the Yukawa couplings are

dy2t
d ln μ2

¼ y2t
16π2

�
9y2t
2

þ 9y2T
2

þ 3y2B
2

þ y2Y
2
þ 3y2M −

17g21
12

−
9g22
4

− 8g23

�
;

dy2T
d ln μ2

¼ y2T
16π2

�
9y2t
2

þ 9y2T
2

þ 9y2B
2

þ y2Y
2
þ 3y2M −

17g21
12

−
9g22
4

− 8g23

�
;

dy2B
d ln μ2

¼ y2B
16π2

�
3y2t
2

þ y2T
2
þ 9y2B

2
þ 9y2Y

2
þ 3y2M

2
−
5g21
12

−
9g22
4

− 8g23

�
;

dy2Y
d ln μ2

¼ y2Y
16π2

�
9y2Y
2

þ 9y2B
2

þ 3y2t
2

þ y2T
2
þ 3y2M −

17g21
20

−
9g22
4

− 8g23

�
;

dy2M
d ln μ2

¼ y2M
16π2

�
y2T þ y2B þ y2Y þ 15y2M

2
−
17g21
20

−
9g22
4

− 8g23

�
: ðA32Þ

The Higgs sector RGEs, describing the interactions between the two bosons, are

dλ1
d ln μ2

¼ 1

16π2

�
4λ1

�
6y2B þ 6y2Y −

3g21
2

−
9g22
2

�
þ 12λ21 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

þ 3g41
2

þ 9g42
2

þ 3g21g
2
2 − 24y4B − 24y4Y − 24y2By

2
M − 24y2Yy

2
M

�
;

dλ2
d ln μ2

¼ 1

16π2

�
4λ2

�
3y2t þ 6y2T þ 6y2B −

3g21
2

−
9g22
2

�
þ 12λ22 þ 4λ23 þ 4λ3λ4 þ 2λ24 þ 2λ25

þ 3g41
2

þ 9g42
2

þ 3g21g
2
2 − 12y4t − 24y4T − 24y4B − 24y2t y2T − 24y2Ty

2
M − 24y2By

2
M

�
;
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dλ3
d ln μ2

¼ 1

16π2

�
2λ3ð3y2t þ 6y2T þ 6y2B þ 6y2Y þ 6y2M − 3g21 − 9g22Þ þ 4λ23 þ 2λ24 þ 2λ25 þ ðλ1 þ λ2Þð6λ3 þ 2λ4Þ

þ 3g41
2

þ 9g22
2

− 3g21g
2
2 − 24y2Ty

2
M − 24y2By

2
M − 24y2Yy

2
M

�
;

dλ4
d ln μ2

¼ 1

16π2
½2λ4ð3y2t þ 6y2T þ 6y2B þ 6y2Y þ 6y2M − 3g21 − 9g22Þ þ 6g21g

2
2 þ 4λ24 þ 8λ25 þ 8λ3λ4 þ 2λ4ðλ1 þ λ2Þ

þ 24y2Ty
2
M þ 24y2By

2
M þ 24y2Yy

2
M�;

dλ5
d ln μ2

¼ 1

16π2
½2λ5ð3y2t þ 6y2T þ 6y2B þ 6y2Y þ 6y2M − 3g21 − 9g22Þ þ 2λ5ðλ1 þ λ2 þ 4λ3 þ 6λ4Þ�: ðA33Þ

The coupling constants gain additional terms due to the new fermions in both triplet models as follows:

dg21
d ln μ2

¼ g41
16π2

�
7þ 4

5

�
;

dg22
d ln μ2

¼ g42
16π2

ð−3þ 4Þ; dg23
d ln μ2

¼ g43
16π2

ð−7þ 2Þ: ðA34Þ

3. Approximate contributions of VLQs to the S and T parameters in VLQ models

We give the leading order terms for right-handed and left-handed contributions to the VLQ oblique parameters in singlet,
doublet and triplet representations.

a. Singlet U1ðTÞ, Y = 2=3

ΔT ≃
m2

t NcðstLÞ2
16πc2Ws

2
WM

2
Z

�
ðx2TðstLÞ2 − ðctLÞ2 − 1þ 4ðctLÞ2

m2
T

m2
T −m2

t
lnðxTÞ

�
;

ΔS ≃
NcðstLÞ2
18π

� ðctLÞ2
ðxT − 1Þ3 ½2 lnðxTÞð3 − 9x2T − 9x4T þ 3x6TÞ þ 5 − 27x2T − 27x4T − 5x6T � − 2 lnðxTÞ

�
: ðA35Þ

b. Singlet D1ðBÞ, Y = − 1=3

ΔT ≃
m2

t NcxB
16πc2Ws

2
WM

2
ZðxB−1Þ ½ðs

b
LÞ4ðxB−1Þ−2ðsbLÞ2 lnðxBÞ�;

ΔS≃
NcðsbLÞ2
18π

�
2 ln

�
mb

mB

�
ð3ðsbLÞ2−4Þ−5ðcbLÞ2

�
: ðA36Þ

c. Doublet D2 ðT;BÞ, Y = 1=6

ΔT ≃
m2

t NcðstRÞ2
8πc2Ws

2
WM

2
Z
½2 lnðxTÞ − 2�;

ΔS ≃
Nc

18π
½8st2R lnðxTÞ − 7st

2

R − 2 lnðxbÞ − 3�: ðA37Þ

d. Doublet DX ðX;TÞ, Y = 7=6

ΔT ≃
m2

t NcðstRÞ2
16πc2Ws

2
WM

2
Z

�
−8 lnðxTÞ þ 6þ 4

3
st

2

Rx
2
T − st

−2

R

�
;

ΔS ≃
Nc

18π
½−8st2R lnðxTÞ þ 15st

2

R − 2 lnðxbÞ − 3�: ðA38Þ

e. Doublet DY ðB;YÞ, Y = − 5=6

ΔT ≃
m2

t NcxB
128πc2Ws

2
WM

2
Z
½−16cbRð−3þc2bR cotbR lnðcbRÞÞ

þ sbRð−13−20c2bR þ4c2bR Þ�;

ΔS≃
Nc

18π

�
−4sb2R ln

�
mB

mb

�
þ11sb

2

R −2 lnðxbÞ−3

�
: ðA39Þ

f. Triplet T X ðX;T;BÞ, Y = 2=3

ΔT ≃
m2

t NcðstLÞ2
16πc2Ws

2
WM

2
Z

�
12 lnðxTÞ−10þ19

3
ðstLÞ2x2T − ðstLÞ−2

�
;

ΔS≃
Nc

18π



ðstLÞ2

�
4 lnðxTÞ−16 ln

�
mB

mb

�
þ13

�

þ32 ln

�
mB

mT

�
−2 lnðxbÞ−3

�
: ðA40Þ
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g. Triplet T Y ðT;B;YÞ, Y = − 1=3

ΔT ≃
m2

t NcðstLÞ2
16πc2Ws

2
WM

2
Z

�
− lnðxTÞ þ 6þ 19

12
ðstLÞ2x2T − ðstLÞ−2

�
;

ΔS ≃
Nc

18π



ðstLÞ2

�
4 ln

�
mB

mb

�
− 4 lnðxTÞ þ

13

2

�

− 2 lnðxbÞ − 3

�
; ðA41Þ

where xi ¼ mF
mt

for all representations.

4. Electroweak couplings of VLQ and the SM quarks

The couplings of the Z and W-boson to VLQ and to the
SM quarks play distinctive role for each representation.

a. Singlet U1ðTÞ, Y = 2=3

ΩL
Wtb ¼

ectLffiffiffi
2

p
sW

; ΩL
Ztt ¼

e
2sWcW

�
ct

2

L −
4

3
s2W

�
;

ΩR
Wtb ¼ 0; ΩR

Ztt ¼ −
2esW
3cW

;

ΩL
WTb ¼

estLffiffiffi
2

p
sW

; ΩL
ZTT ¼ e

2sWcW

�
st

2

L −
4

3
s2W

�
;

ΩR
WTb ¼ 0; ΩR

ZTT ¼ −
2esW
3cW

;

ΩL
Zbb ¼

e
2sWcW

�
2

3
s2W − 1

�
; ΩR

Zbb ¼
esW
3cW

;

ΩL
ZtT ¼ estLc

t
L

2sWcW
; ΩR

ZtT ¼ 0: ðA42Þ

b. Singlet D1ðBÞ, Y = − 1=3

ΩL
Wtb ¼

ecbLffiffiffi
2

p
sW

; ΩL
Ztt ¼

e
2sWcW

�
1 −

4

3
s2W

�
;

ΩR
Wtb ¼ 0; ΩR

Ztt ¼ −
2esW
3cW

;

ΩL
WtB ¼ esbLffiffiffi

2
p

sW
; ΩL

Zbb ¼
e

2sWcW

�
2

3
s2W − cb

2

L

�
;

ΩR
WtB ¼ 0; ΩR

Zbb ¼
esW
3cW

;

ΩL
ZBB ¼ e

2sWcW

�
2

3
s2W − sb

2

L

�
; ΩR

ZBB ¼ esW
3cW

;

ΩL
ZbB ¼ −

esbLc
b
L

2sWcW
; ΩR

ZbB ¼ 0: ðA43Þ

c. Doublet D2 ðT;BÞ, Y = 1=6

ΩL
Wtb¼

effiffiffi
2

p
sW

ðstLsbLþctLc
b
LÞ; ΩL

Ztt¼
e

2sWcW

�
1−

4

3
s2W

�
;

ΩR
Wtb¼

estRs
b
Rffiffiffi

2
p

sW
; ΩR

Ztt¼
e

2sWcW

�
st

2

R−
4

3
s2W

�
;

ΩL
WTb¼

effiffiffi
2

p
sW

ðstLcbL−sbLc
t
LÞ; ΩL

Zbb¼
e

2sWcW

�
2

3
s2W−1

�
;

ΩR
WTb¼−

esbRc
t
Rffiffiffi

2
p

sW
; ΩR

Zbb¼
e

2sWcW

�
2

3
s2W−sb

2

R

�
;

ΩL
WtB¼

effiffiffi
2

p
sW

ðsbLctL−stLc
b
LÞ; ΩL

ZtT¼0;

ΩR
WtB¼−

estRc
b
Rffiffiffi

2
p

sW
; ΩR

ZtT¼−
estRc

t
R

2sWcW
;

ΩL
WTB¼

effiffiffi
2

p
sW

ðstLsbLþctLc
b
LÞ; ΩL

ZbB¼0;

ΩR
WTB¼

ectRc
b
Rffiffiffi

2
p

sW
; ΩR

ZbB¼
esbRc

b
R

2sWcW
;

ΩL
ZTT¼

e
2sWcW

�
1−

4

3
s2W

�
; ΩR

ZTT¼
e

2sWcW

�
ct

2

R−
4

3
s2W

�
;

ΩL
ZBB¼

e
2sWcW

�
2

3
s2W−1

�
; ΩR

ZBB¼
e

2sWcW

�
2

3
s2W−cb

2

R

�
:

ðA44Þ

d. Doublet DX ðX;TÞ, Y = 7=6

ΩL
Wtb¼

ectLffiffiffi
2

p
sW

; ΩL
Ztt¼

e
2sWcW

�
1−

4

3
s2W−2st

2

L

�
;

ΩR
Wtb¼0; ΩR

Ztt¼−
e

2sWcW

�
4

3
s2Wþst

2

R

�
;

ΩL
WTb¼

estLffiffiffi
2

p
sW

; ΩL
Zbb¼

e
2sWcW

�
2

3
s2W−1

�
;

ΩR
WTb¼0; ΩR

Zbb¼
esW
3cW

;

ΩL
WtX¼−

estLffiffiffi
2

p
sW

; ΩL
ZtT¼

estLc
t
L

sWcW
;

ΩR
WtX¼−

estRffiffiffi
2

p
sW

; ΩR
ZtT¼

estRc
t
R

2sWcW
;

ΩL
WTX¼

ectLffiffiffi
2

p
sW

; ΩL
ZTT¼

e
2sWcW

�
1−

4

3
s2W−ct

2

L

�
;

ΩR
WTX¼

ectRffiffiffi
2

p
sW

; ΩR
ZTT¼−

e
2sWcW

�
ct

2

Rþ
4

3
s2W

�
;

ΩL
ZXX¼

e
2sWcW

�
1−

10

3
s2W

�
; ΩR

ZXX¼
e

2sWcW

�
1−

10

3
s2W

�
:

ðA45Þ
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e. Doublet DY ðB;YÞ, Y = − 5=6

ΩL
Wtb ¼

ecbLffiffiffi
2

p
sW

; ΩL
Ztt ¼

e
2sWcW

�
1 −

4

3
s2W

�
;

ΩR
Wtb ¼ 0; ΩR

Ztt ¼ −
2esW
3cW

;

ΩL
WBt ¼

esbLffiffiffi
2

p
sW

; ΩL
Zbb ¼

e
2sWcW

�
2

3
s2W þ 2sb

2

L − 1

�
;

ΩR
WBt ¼ 0; ΩR

Zbb ¼
e

2sWcW

�
sb

2

R þ 2

3
s2W

�
;

ΩL
WbY ¼ −

esbLffiffiffi
2

p
sW

; ΩL
ZbB ¼ −

esbLc
b
L

sWcW
;

ΩR
WbY ¼ −

esbRffiffiffi
2

p
sW

; ΩR
ZbB ¼ −

esbRc
b
R

2sWcW
;

ΩL
WBY ¼ ecbLffiffiffi

2
p

sW
; ΩL

ZBB ¼ e
2sWcW

�
2

3
s2W þ 2cb

2

L − 1

�
;

ΩR
WBY ¼ ecbRffiffiffi

2
p

sW
; ΩR

ZBB ¼ e
2sWcW

�
cb

2

R þ 2

3
s2W

�
;

ΩL
ZYY ¼ −

e
2sWcW

�
1 −

8

3
s2W

�
;

ΩR
ZYY ¼ −

e
2sWcW

�
1 −

8

3
s2W

�
: ðA46Þ

f. Triplet T X ðX;T;BÞ, Y = 2=3

ΩL
Wtb ¼

effiffiffi
2

p
sW

ð
ffiffiffi
2

p
stLs

b
L þ ctLc

b
LÞ;

ΩL
Ztt ¼

e
2sWcW

�
ct

2

L −
4

3
s2W

�
;

ΩR
Wtb ¼

estRs
b
R

sW
; ΩR

Ztt ¼ −
2esW
3cW

;

ΩL
WTb ¼

effiffiffi
2

p
sW

ðstLcbL −
ffiffiffi
2

p
sbLc

t
LÞ;

ΩL
Zbb ¼

e
2sWcW

�
2

3
s2W − sb

2

L − 1

�
;

ΩR
WTb ¼ −

esbRc
t
R

sW
; ΩR

Zbb ¼
e

2sWcW

�
2

3
s2W − 2sb

2

R

�
;

ΩL
WtB ¼ effiffiffi

2
p

sW
ðsbLctL −

ffiffiffi
2

p
stLc

b
LÞ; ΩL

ZtT ¼ estLc
t
L

2sWcW
;

ΩR
WtB ¼ −

estRc
b
R

sW
; ΩR

ZtT ¼ 0;

ΩL
WtX ¼ −

estL
sW

; ΩL
ZbB ¼ esbLc

b
L

2sWcW
;

ΩR
WtX ¼ −

estR
sW

; ΩR
ZbB ¼ esbRc

b
R

sWcW
;

ΩL
WTB ¼ effiffiffi

2
p

sW
ðstLsbL þ

ffiffiffi
2

p
ctLc

b
LÞ;

ΩL
ZTT ¼ e

2sWcW

�
st

2

L −
4

3
s2W

�
;

ΩR
WTB ¼ ectRc

b
R

sW
; ΩR

ZTT ¼ −
2esW
3cW

;

ΩL
WTX ¼ ectL

sW
; ΩL

ZBB ¼ e
2sWcW

�
2

3
s2W − cb

2

L − 1

�
;

ΩR
WTX ¼ ectR

sW
; ΩR

ZBB ¼ e
2sWcW

�
2

3
s2W − 2cb

2

R

�
;

ΩL
ZXX ¼ e

2sWcW

�
2 −

10

3
s2W

�
;

ΩR
ZXX ¼ e

2sWcW

�
2 −

10

3
s2W

�
: ðA47Þ

g. Triplet T Y ðT;B;YÞ, Y = − 1=3

ΩL
Wtb ¼

effiffiffi
2

p
sW

ð
ffiffiffi
2

p
stLs

b
L þ ctLc

b
LÞ;

ΩL
Ztt ¼

e
2sWcW

�
−
4

3
s2W þ st

2

L þ 1

�
;

ΩR
Wtb ¼

estRs
b
R

sW
; ΩR

Ztt ¼
e

2sWcW

�
2st

2

R −
4

3
s2W

�
;

ΩL
WTb ¼

effiffiffi
2

p
sW

ðstLcbL −
ffiffiffi
2

p
sbLc

t
LÞ;

ΩL
Zbb ¼

e
2sWcW

�
2

3
s2W − cb

2

L

�
;

ΩR
WTb ¼ −

esbRc
t
R

sW
; ΩR

Zbb ¼
esW
3cW

;

ΩL
WtB ¼ effiffiffi

2
p

sW
ðsbLctL −

ffiffiffi
2

p
stLc

b
LÞ; ΩL

ZtT ¼ −
estLc

t
L

2sWcW
;

ΩR
WtB ¼ −

estRc
b
R

sW
; ΩR

ZtT ¼ −
estRc

t
R

sWcW
;

ΩL
WbY ¼ −

esbL
sW

; ΩL
ZbB ¼ −

esbLc
b
L

2sWcW
;

ΩR
WbY ¼ −

esbR
sW

; ΩR
ZbB ¼ 0;

ΩL
WTB ¼ effiffiffi

2
p

sW
ðstLsbL þ

ffiffiffi
2

p
ctLc

b
LÞ;

ΩL
ZTT ¼ e

2sWcW

�
−
4

3
s2W þ ct

2

L þ 1

�
;

ΩR
WTB ¼ ectRc

b
R

sW
; ΩR

ZTT ¼ e
2sWcW

�
2ct

2

R −
4

3
s2W

�
;
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ΩL
WBY ¼ ecbL

sW
; ΩL

ZBB ¼ e
2sWcW

�
2

3
s2W − sb

2

L

�
;

ΩR
WBY ¼ ecbR

sW
; ΩR

ZBB ¼ esW
3cW

;

ΩL
ZYY ¼ −

e
2sWcW

�
2 −

8

3
s2W

�
;

ΩR
ZYY ¼ −

e
2sWcW

�
2 −

8

3
s2W

�
: ðA48Þ

5. Passarino-Veltman integrals

Although a more detailed discussion about Passarino-
Veltman reduction appears elsewhere [134], we give a
generic one-loop tensor integral as the following:

Tνi
ρ ¼ ð2πμÞ4−D

iπ2

Z
dDp

pνi � � �pνn

D1 � � �Dρ
; ðA49Þ

where the propagators are described by

D1 ¼ p2 −m2
1 þ iϵ;

D2 ¼ ðpþ q1Þ2 −m2
2 þ iϵ;

D3 ¼ ðpþ q1 þ q2Þ2 −m2
3 þ iϵ: ðA50Þ

After factoring out the i=ð16π2Þ, scalar, vector, and tensor
functions are defined from the generic one-loop tensor
integral Eq. (A49):

Aðm1Þ ¼ μ4−D
Z

dDp
ð2πÞDD1

;

½B0; Bμ; Bμν�ðq21; m2
1; m

2
2Þ ¼ μ4−D

Z
dDp
ð2πÞD

½1; pμ; pμpν�
D1D2

;

½C0; Cμ; Cμν�ðq21; q22; ðq1 þ q2Þ2; m2
1; m

2
2; m

2
3Þ

¼ μ4−D
Z

dDp
ð2πÞD

½1; pμ; pμpν�
D1D2D3

: ðA51Þ

Scalar and tensor integrals are not independent. In fact,
tensor forms can be decomposed in terms of scalar
functions:

Bμ ¼ qμ1B1; Cμ ¼ qμ1C1þqμ2C2;

Bμν ¼ qμ1q
ν
1B11þ gμνB00; Cμν ¼

X2
i¼1

qμi q
ν
jCijþ gμνC00;

Cμνδ ¼
X2
i;j;k¼1

qμi q
ν
jq

δ
kCijkþ

X2
i¼1

ðqμi gνδþqνi g
δμþqδi g

μνÞC00i:

ðA52Þ

Scalar integrals or vacuum integrals play a main role for all
intents and purposes throughout this work. Furthermore,
there are only four types of independent scalar (vacuum)
integrals. The rest of the vacuum integrals carried out
throughout this work are combinations of the following
definitions:

A0ðm2
1Þ ¼

ð2πμÞϵ
iπ2

Z
dDp

1

p2 −m2
1

;

B0ðq21; m2
1; m

2
2Þ ¼

ð2πμÞϵ
iπ2

Z
dDp

1

½p2 −m2
1�

1

½ðpþ q1Þ2 −m2
2�
;

C0ðq21; q22; q212; m2
1; m

2
2; m

2
3Þ ¼

ð2πμÞϵ
iπ2

Z
dDp

1

½p2 −m2
1�

1

½ðpþ q1Þ2 −m2
2�

1

½ðpþ q12Þ2 −m2
3�
;

D0ðq21; q22; q23; q212; q223; m2
1; m

2
2; m

2
3; m

2
4Þ ¼

ð2πμÞϵ
iπ2

Z
dDp

1

½p2 −m2
1�

1

½ðpþ q1Þ2 −m2
2�

1

½ðpþ q12Þ2 −m2
3�

×
1

½ðpþ q123Þ2 −m2
4�
; ðA53Þ

where ϵ ¼ 4 −D. Explicit analytical expressions of widely used PV functions are defined as

A0ðm2Þ ¼ m2

�
Δϵ þ 1 − ln

m2

μ2

�
; ðA54Þ

B0ð0; m2
1; m

2
2Þ ¼

A0ðm2
1Þ − A0ðm2

2Þ
m2

1 −m2
2

; ðA55Þ

B0ð0; m2
1; m

2
1Þ ¼

A0ðm2
1Þ

m2
1

− 1; ðA56Þ
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B0ðm2
1; 0; m

2
1Þ ¼

A0ðm2
1Þ

m2
1

þ 1; ðA57Þ

B1ð0; m2
1; m

2
2Þ ¼

2y2 ln y2 − 4y2 ln y2 − y22 þ 4y2 − 3

4ðy2 − 1Þ2 þ 1

2
ln
m2

1

μ2
−
Δϵ

2
; ðA58Þ

B00ðm2
1; m

2
2; m

2
3Þ ¼

ðm1 −m2 −m3Þðm1 þm2 −m3Þðm1 −m2 þm3Þðm1 þm2 þm3ÞB0ðm2
1; m

2
2; m

2
3Þ

4ð1 −DÞm2
1

þ A0ðm2
2Þðm2

1 þm2
2 −m2

3Þ
4ð1 −DÞm2

1

−
A0ðm2

3Þðm2
1 −m2

2 þm2
3Þ

4ð1 −DÞm2
1

; ðA59Þ

B00ð0; m2
2; m

2
3Þ ¼ −

A0ðm2
3Þ

2ð1 −DÞ −
m2

2B0ð0; m2
2; m

2
3Þ

1 −D
−
ðm2

2 −m2
3ÞB1ð0; m2

2; m
2
3Þ

2ð1 −DÞ ; ðA60Þ

B00ð0; m2; m2Þ ¼ −
A0ðm2Þ
2ð1 −DÞ −

m2B0ð0; m2; m2Þ
1 −D

; ðA61Þ

B00ðm2
1; m

2
2; m

2
2Þ ¼

ðm2
1 − 4m2

2ÞB0ðm2
1; m

2
2; m

2
2Þ

4ð1 −DÞ −
A0ðm2

2Þ
2ð1 −DÞ ; ðA62Þ

C0ðm2
1; m

2
2; m

2
3Þ ¼

1

m2
1

y2 ln y2 − y3 ln y3 − y2y3 ln y2 þ y2y3 ln y3
ðy2 − 1Þðy3 − 1Þðy2 − y3Þ

; ðA63Þ

C0ðm2
1; m

2
2; m

2
2Þ ¼

1

m2
1

ln y2 − y2 þ 1

ðy2 − 1Þ2 ; ðA64Þ

C0ðm2; m2; m2Þ ¼ −
1

2m2
; ðA65Þ

where the divergent part in the minimal subtraction (MS) scheme is given by

Δϵ ¼
1

ϵ
− γE þ ln 4π þ ln μ2 ðA66Þ

and the mass ratio parameter

yi ¼
m2

i

m2
1

:

Finally, the complementary relations to the definitions above can be summarized with the following four scalar functions:

B2ðp2; m2
1; m

2
2Þ ¼ B21ðp2; m2

1; m
2
2Þ; ðA67Þ

B3ðp2; m2
1; m

2
2Þ ¼ −B1ðp2; m2

1; m
2
2Þ − B21ðp2; m2

1; m
2
2Þ; ðA68Þ

B4ðp2; m2
1; m

2
2Þ ¼ −m2

1B1ðp2; m2
2; m

2
1Þ −m2

2B1ðp2; m2
1; m

2
2Þ; ðA69Þ

B5ðp2; m2
1; m

2
2Þ ¼ A0ðm2

1Þ þ A0ðm2
2Þ − 4B22ðp2; m2

1; m
2
2Þ: ðA70Þ
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