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Confinement in SUðNDCÞ Yang-Mills theories is known to proceed through first-order phase transition.
The wall velocity is bounded by vw ≲ 10−6 due to the needed time for the substantial latent heat released
during the phase transition to dissipate through Hubble expansion. Quarks which are much heavier than the
confinement scale can be introduced without changing the confinement dynamics. After they freeze-out,
heavy quarks are squeezed into pockets of the deconfined phase until they completely annihilate with
antiquarks. We calculate the dark baryon abundance surviving annihilation, due to bound-state formation
occurring both in the bulk and—for the first time—at the boundary. We find that dark baryons can be dark
matter with a mass up to 103 TeV. We study indirect and direct detection, cosmic microwave background
and big bang nucleosynthesis probes, assuming portals to Higgs and neutrinos.
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I. INTRODUCTION

The nature of dark matter (DM) composing 85% of the
matter content of the Universe remains unknown. The
possibility that DM is a composite state from a hidden
strong sectors has been studied extensively [1,2], either
as glueballs [3–16], pseudo-Nambu-Goldstone bosons
[17–22], dark baryons [23–37], or quark nuggets [38–47].
The benefit of dark baryons lies in their intrinsic stability,
which is ensured by the accidental conservation of baryon
number, see e.g. [31]. If quarks masses are comparable or
lighter than the confinement scale mQ ≲ Λ, then the dark
baryon abundance is set by the standard freeze-out mecha-
nism [48] which leads to the prediction of a mass around
100 TeV. Scenarios for which quarks are much heavier
(mQ ≳ 102Λ) can have richer dynamics [33,35,49–55] due
to quarks freezing-out before confinement. Lattice simula-
tions have shown that confinement Yang-Mills SUðNDCÞ
gauge theory occurs through a first-order phase transition
(PT) [56–59]. As demonstrated in [53,54], this results in a
“thermal squeeze-out” scenario during which heavy quark

relics, after encountering the wall are slingshot (or cata-
pulted) back to the deconfined phase [60,61], and com-
pressed into shrinking pockets of the deconfined phase until
the majority reannihilate with antiquarks. During this
process, quarks form a small fraction of baryons in the
bulk of the pocket which subsequently escape through the
wall boundary [53,54], and explain DM with a mass beyond
the unitarity bound mDM ∼ 102 TeV. In the present work,
we introduce a new formalism to investigate the formation of
bound states directly at the wall boundary. Those boundary
effects were omitted in [53,54]. They can be understood as
the strongly coupled analog to the filtered DM mechanism
introduced in [62] (see also [63–65]). For composite sectors,
particle production at boundaries has only been studied in
the relativistic bubble wall velocity limit [66,67]. In addition
to introduce novel boundary effects, this analysis extends the
original study in [53,54] to much smaller confining scales
Λ ≪ TeV. At first, we study in details the bubble growth
dynamics and the wall velocity, which we find to be small
vw ∼ 10−6. Next, we study in details the baryon abundance,
accounting for thermal freeze-out before the PT, solving a set
of coupled Boltzmann equations during the squeezing phase
of the PT and finally accounting for eventual entropy
injection following glueball decay after the PT. We propose
analytical formulas for the dark baryon abundance which are
successfully tested against numerical results. We find that
boundary effects can reduce the predicted dark baryon DM
mass by about one order of magnitude with respect to the
prediction from [53,54], leading to mDM ∼ 103 TeV. We
introduce two possible portals with the Standard Model
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(SM), through the Higgs and neutrino sectors, and we study
the relevant phenomenology.

II. BUBBLE WALL VELOCITY

Results of this section apply to all Yang-Mills PT,
independently of the existence of heavy quarks.

A. Bubble nucleation

SUðNDCÞ Yang-Mills phase transition are known to be
first order for NDC ≥ 3 [56–58]. In presence of quarks, the
transition remains first-order if the later are much heavier
than the confinement scale [59,68,69], of the order mQ ≳
102Λ [59]. The tunneling probability can be inferred
from lattice simulations in the thin-wall limit [70]. In
Appendix A 1, one finds that the nucleation takes place
very close to the critical temperature Tc ≃ Λ, below which
the transition is energetically allowed,

Tc − T
Tc

≃ 7 × 10−4: ð1Þ

1. Bubble expansion

The conversion of gluons with energy density∝ OðN2
DCÞ

into glueball with energy density ∝ OðN0
DCÞ releases a

large latent heat L ¼ OðN2
DCÞ. For NDC ¼ 3, lattice sim-

ulations find L ≃ 1.413T4
c [57]. If the gluons and SM

exchange energy fast enough, then the SM can transport
heat to the other side of the wall, leading the Universe to be
instantaneously reheated as bubble walls expand. If bubbles
expand too fast, the latent heat released would reheat the
Universe above Tc. This implies that the bubble wall
velocity is limited by the rate of Hubble expansion of
the Universe [53]. One finds (see Appendix A 2 for
derivation),

vw ≃ 100HR0

�
T4
c

L

��
g�
100

��
R0

R

�
2

; ð2Þ

where R is the bubble radius at a given time and R0 ¼
10−6ðMpl=ΛÞ0.9=Λ is the bubble radius at percolation,
whose value is determined from numerical simulations
[53]. In fact, Eq. (2) can be understood as an upper limit
which is only reached if the Universe temperature has
enough time to homogenize. Instead, inhomogeneity in the
temperature of the plasma surrounding bubbles would cause
additional heating at the wall and would lead to a lower wall
velocity. The bubble wall velocity decreases as bubble walls
expand, until it reaches vw ≃ 10−5ðΛ=100 TeVÞ0.1 for
R ≃ R0. When bubbles percolate, the slow rate of bubble
wall expansion can leave the time for small bubbles to
coalesce into larger bubbles in order to minimize the total
surface tension [38]. Depending whether coalescence is fast

enough, the bubble radius at the beginning of the pocket
contraction stage is

Ri ¼ Min½R0; R1�; ð3Þ

with R1Λ ¼ 0.002ðMpl=ΛÞ2=3 [53] and R0 given below
Eq. (2).

B. Pocket contraction

After that bubbles percolated and eventually coalesced,
pockets of deconfined phase form and begin to shrink. In
Appendix A 4, we show that during the pocket contraction
stage, the bubble wall velocity is again controlled by the
Hubble expansion rate. However, instead of Eq. (2) it is
constant with radius and given by

vw ≃ 4ðHRiÞ3=5 ≃Min½v0; v1�; ð4Þ

where v0 ≃ 2 × 10−3ðΛ=MplÞ0.06 and v1 ≃ 0.2ðΛMplÞ1=5
for Ri ¼ R0 and Ri ¼ R1, respectively. For Λ ≃ TeV, we
find v0 ≃ v1 ≃ 2 × 10−4. The wall velocity of the expand-
ing bubbles and contracting pockets is plotted in Fig. 1.

III. QUARK FREEZE-OUT

At high temperatures, the plasma is in the deconfined
phase of SUðNDCÞ. The quarks evolve like standard

FIG. 1. SUðNDCÞ Yang-Mills phase transitions release a large
latent heat L ∼ T4

c while the free-energy difference driving the
wall motion is very small Δf ∼ 10−3T4

c. This implies that bubbles
can only grow after that the Universe has cooled under Hubble
expansion. We show here the wall velocity for expanding bubbles
in Eq. (2), (orange) and contracting pockets in Eq. (4), (blue) set
by Hubble expansion rate. Those formulas assume that the latent
heat has been transferred to the whole Universe. Any accumu-
lation around bubble walls would lead to a lower velocity. Also
additional pressure contributions due to particle squeezing, e.g.
heavy quarks [53], could further slow down the pocket contrac-
tion rate (blue only). For those reasons, we consider the values
predicted in Eqs. (2) and (4) as upper limits.
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thermal relics: they begin in equilibrium with the bath,
become nonrelativistic, and then freeze-out. The abundance
Y ≡ n=s following freeze-out of the quark annihilations
can be estimated using the standard instantaneous freeze-
out (see Appendix B 1 for details),

Y∞
Q ≃

H
shσannvi

����
T¼TFO

≃ 0.24
xFO
g1=2�

mQ

ζα2DCMpl
; ð5Þ

where s is the entropy density, H is the Hubble rate, g� is
the number of relativistic degrees of freedom and Mpl is
the reduced Planck mass. We assume no quark asymmetry
such that the number of antiquarks is Y∞

Q̄
¼ Y∞

Q . The

freeze-out temperature is given by xFO ≡mQ=TFO ≃
log ½0.19MplmQhσvigQ=g1=2� =x1=2FO � [48] with gQ ¼ 2NDC.
The quark-antiquark annihilation cross section to dark
gluons and dark photons

hσannvi ¼ ζ
πα2DC
m2

Q

; ð6Þ

where αDC is the dark strong coupling experienced by the
fundamental quarks. It is renormalized around the quark
mass αDC ¼ 6π=½ð11NDC − 2NfÞ log ðmQ=ΛÞ�. ζ accounts
for group factors and nonperturbative effects. Around
the freeze-out temperature, one has ζ ≃ 0.25=Nf, see
Appendix B 1. Except if stated otherwise, we assume a
single quark flavor Nf ¼ 1.

IV. QUARK SQUEEZE-OUT

A. Baryon survival fraction

A single quark cannot pass through the wall boundary.
As the quark approaches the wall, it feels a strong force
pulling it back within the deconfined phase because of its
dark color charge. One may imagine a flux tube between
the quark and the boundary, which in the absence of light
quarks which could nucleate and break the tube, quickly
springs the quark back into the pocket. Heavy quarks are
vastly separated by d ≃ Λ−1ðα2DCMpl=mQÞ1=3 ≫ Λ−1, see
Eq. (5). The probability for k quarks to group into a color-
singlet configuration which could enter bubble walls is
suppressed by ðdΛÞ−3k ≪ 1, see Eq. (12). Hence, heavy
quarks are squeezed into contracting pockets of the
deconfined phase until they annihilate with antiquarks.
During this process, a fraction of quarks is successful at
forming baryons due to three contributions

S≡ 3Nf
3

Ni
1

¼ Sasym þ Sbulk þ Sbdy; ð7Þ

where Ni is the total number of particles in a given pocket,
i ¼ 1; � � �NDC being its quark number and i ¼ 0 denoting
gluons. The superscripts i=f refers to before/after the

confining phase transition. We refer to Eq. (B7) in
Appendix B 2 for the expression of the initial quark number
Ni

1. The first piece Sasym ¼ 1=
ffiffiffiffiffiffiffiffi
2Ni

1

p
in Eq. (7) is the

accidental asymmetric fraction resulting from the relative
number of quark minus antiquark being a stochastic
variable following Poisson statistics, see Appendix B 2.
The second piece Sbulk is the fraction of quarks successful
at forming baryons in the bulk which later escape through
the boundary [53]. The third piece Sbdy, which is one of the
novelty of the present work, is the fraction of quarks
successful at forming baryons directly at the wall boun-
dary (“bdy”).

B. Boltzmann equations

In order to calculate the symmetric component of the
quark survival fraction

Ssym ¼ Sbulk þ Sbdy ¼
3
R
dN3

Ni
1

; ð8Þ

it is necessary to keep track of the evolution of the different
particle number Ni in the pocket of volume V. The rate of
change in particles number obey to the following set of
Boltzmann equations:

dNi

dt
¼ Γbulk½i� þ Γbdy½i�; ð9Þ

where the two interaction rates per pocket respectively
account for processes occurring in the bulk and at the
boundary.

C. Bulk effects

In the bulk, pairs of quark can combine to form a diquark
which can combine with another quark to form a tri-quark,
and so one until a baryon B made of NDC is formed. The
evolution of the number of each particles in the pocket
follows the set of Boltzmann equations:

Γbulk½i� ¼ −
X

aþb¼cþd

siab;cd
hσvibulkabcd

V
ðNaNb − NcNdfabcdÞ;

ð10Þ

where siab;cd is the net number of i particles destroyed in the
process ab → cd with cross section hσviabcd and fabcd ≡
neqa n

eq
b =ðneqc neqd Þ with neqx the number densities nx ¼ Nx=V

at equilibrium. The bulk terms in Eq. (10) have been
extensively studied in [53] which we refer for more details,
together with Appendix B 2. We have successfully repli-
cated their results to an excellent degree. In the next section,
we discuss the boundary term Γbdy½i�, which were not
accounted for in prior works [53,54].
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D. Boundary effects

A single quark cannot escape from the pocket. However,
multiple quarks can simultaneously attempt to depart from
the pocket by converging to the same location on the wall in
a color-neutral configuration, such as a meson or a baryon.
In this case, the wall would not pull back on the quarks
allowing them to escape as a hadron. The boundary term in
the Boltzmann equation can be decomposed as a sum of
filtering rates:

Γbdy½1� ¼ −Γbdy
ð1;−1Þ→M − 3Γbdy

ð1;1;1Þ→3
− Γbdy

ð1;2Þ→3
;

Γbdy½2� ¼ −Γbdy
ð1;2Þ→3

;

Γbdy½3� ¼ −Γesc
3→3; ð11Þ

where Γbdy
ða;bÞ→ðc;dÞ is the number of processes ab → cd

occurring at the wall boundary per unit of time. Here M
denotes mesons. The baryon escape term Γbdy

3→3 is renamed
Γesc
3→3 to differentiate it from other boundary terms where

bound-states actually form at the boundary. Instead, Γesc
3→3 is

the escape rate of baryons formed in the “bulk”. In contrast
to the other boundary terms, the escape term was already
included in prior works [53,54]. Assuming that the particles
are interacting weakly in the bulk, then the probability of k
particles i are meeting through the wall at the same time is
given by the Poisson distribution,

PλiðkÞ ¼
λki
k!
e−λi : ð12Þ

The quantity λi is the mean number of particles i passing
through a slit of surface area σ ¼ fσπl2 during Δt ¼ l=vQ
where l ≃ 1=Λ is the confining length and vQ is the particle
velocity in the plasma frame which we approximate to be
equal for all species. We have introduced fσ a form factor
encoding uncertainties on the cross section, which we set to
fσ ¼ 1 in the main text and explore its impact on the results
in Appendix B 2. Denoting by v̄⊥ ¼ vQ=4þ vw the aver-
age of the normal component of the particle velocity in the
wall frame, v̄⊥ni is the flux through the wall and we obtain

λi ¼ Δtv̄⊥niσ ≃ fσπni=4Λ3: ð13Þ

Denoting by R the radius of the pocket, we deduce the
baryon formation rate out of three incoming quarks,

Γbdy
ð1;1;1Þ→3

¼
I
∂V

dS
σΔt

X∞
k¼3

Pλ1ðkÞ ≃ vQ
9f2σ

2048Λ6

N3
1

R7
; ð14Þ

where the sum include the possibility to have more quarks
than necessary to form a bound state. We also consider the
meson production from a quark/antiquark pair,

Γbdy
ð1;−1Þ→M ¼

I
∂V

dS
σΔt

�X∞
k¼1

Pλ1ðkÞ
�
2

≃ vQ
9fσ
64Λ3

N2
1

R4
; ð15Þ

and the baryon production out of a quark/diquark pair,

Γbdy
ð1;2Þ→3

¼
I
∂V

dS
σΔt

�X∞
k¼1

Pλ1ðkÞ
��X∞

k¼1

Pλ2ðkÞ
�

≃ vQ
9fσ
64Λ3

N1N2

R4
: ð16Þ

When already formed in the bulk through Eq. (10), baryon
can freely escape (“esc”) the pocket with a rate:

Γesc
3→3 ¼

I
∂V

dS
σΔt

�X∞
k¼1

kPλ3ðkÞ
�
¼ 3vQN3

4R
: ð17Þ

We are now able to express the quark survival factor in
Eq. (8) which receives contribution from both bulk and
boundary terms,

Ssym ¼
Z

0

Ri

dR
vw

ðṠbulk þ ṠbdyÞ; ð18Þ

where Ri and vw are given in Eqs. (3) and (4), and:

Ṡbulk ¼ Γesc
3→3=N

i
1; ð19Þ

Ṡbdy ¼ ð3Γbdy
ð1;1;1Þ→3

þ Γbdy
ð1;2Þ→3

Þ=Ni
1: ð20Þ

In prior works [53,54], only the “bulk” term Ṡbulk has been
included. The surviving abundance is shown in Fig. 2 after
numerically integrating the set of coupled Boltzmann
equations in Eq. (9). We refer to Appendix B 2 for more
details.

V. BARYON DILUTE-OUT

According to Ref. [55], 3-to-2 interactions are efficient
enough to maintain glueballs at thermal equilibrium with
themselves right after the end of the PT as long as
Λ≲ 105 TeV. Then, 3-to-2 interaction freeze-out around
the temperature xFO ¼ mGB=TFO ∼ 20, which, the glueball
mass being mGB ≃ 7Λ [71], reduces to TFO ∼ 0.3Tc. The
frozen-out glueball relic abundance is [10]

YGB ¼ RGB=xFO; RGB ≃ 2 × 10−4; ð21Þ

where RGB ≡ sGB=sSM is the glueball-to-SM entropy ratio,
here set to its equilibrium value, see Eq. B 3, which as stated
above, is a valid approximation as long as Λ≲ 105 TeV.
Glueballs decay into SM around the temperature,

Tdec ≃ 1.3g1=4�
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ΓGBMpl

p
; ð22Þ
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where ΓGB is the glueball decay rate. The later is generally
suppressed by large power of Λ=mQ such that glueballs can
be long-lived and dominate the energy density of the
Universe below the temperature

Tdom ¼ 4

3
mGBYGB ð23Þ

if Tdom > Tdec. The glueball decay increases the SM
entropy by the ratio (see Appendix B 3),

D≡ sfSM
siSM

≃ 1þ Tdom

Tdec
; ð24Þ

where i=f refers to before and after the decay. As a results,
the residual dark baryon population is diluted and the DM
relic abundance today reads

Y0
DM ≃

S
D

2YFO
Q

NDC
: ð25Þ

The expression in Eq. (25) accounts for quarks freeze-out
through YFO

Q defined in Eq. (5) the factor of 2 including the
contribution from antiquarks, quarks squeeze-out through
the survival factor S ≤ 1 defined in Eq. (7), and baryons
dilution through D ≥ 1 defined in Eq. (24).

VI. RESULTS

A. Dark matter abundance

1. Numerical treatment

We calculate the dark baryon abundance defined in
Eq. (25) by solving the system of coupled Boltzmann
equations in Eq. (9). The time evolution of the quark
abundance inside and outside a typical pocket of deconfined
phase is shown in Fig. 2. The dark baryon mass mDM and
confining scale Λ which reproduce the observed DM relic
abundance ΩDMh2 ≃ 0.12 are shown indicated with the
black lines in Figs. 3 and 4. The second-quark annihilation
stage due to squeezing predicts a DM mass up to
mDM ∼ 103 TeV, two orders magnitude above the thermal
freeze-out prediction shown in dotted blue line, and about
one order of magnitude above the unitarity bound shown in
dashed blue line [72]. Neglecting for the production of dark

FIG. 3. Dark baryon relic abundance including the second
quark annihilation stage in the pocket. We numerically solve the
Boltzmann equations including processes occurring both in the
bulk and at the boundary (black line). To explain DM, dark
baryon can have much larger masses than with the thermal freeze-
out scenario (dotted blue). The usual unitarity bound on thermal
DM [72] (dashed blue) is naturally evaded. Previous works [53]
neglected effects from the boundary (dotted orange). Quarks and
antiquark can not be depleted below the residual asymmetric
fraction accidentally generated in each pocket (dotted red). For
mQ ≲ Λ, the SUðNDCÞ coupling constant binding quarks together
becomes strong (gray region). For mQ ≳ 100Λ, the PT is first-
order (dashed gray). We assume that the dark SUðNDCÞ com-
municate with the SM through Higgs mixing λHQH̄HQ̄Q=mQ,
see Appendix C 1. The glueball can be long-lived leading to BBN
constraints [73] (green). Baryon annihilation in the galaxy leads
to cosmic-rays fluxes constrained by HESS [74] (brown), baryon
annihilation after recombination leads to CMB constraints [74]
(purple), direct interaction with nucleons leads to direct detection
(DD) constraints from XENON1T [75] (red). We fix λHQ ¼ 0.01,
knowing that smaller λHQ would lead to stronger BBN constraints
and weaker DD constraints. See Appendix D for more details on
the phenomenology.

FIG. 2. Evolution of the fractional number of quark inside (red)
and outside (blue) the pocket during its contraction, obtained from
numerically integrating the full system of Boltzmann equations.
Below the recoupling radius R≲ Rrec, quarks annihilate with
antiquarks. Quarks surviving annihilation are the asymmetric
fraction (blue dotted), the baryons formed in the bulk and escaping
through the boundary (blue dashed) and the baryons directly
formed at the boundary (blue solid). The formation of baryon
directly at the boundary, which is the novelty of this work, is the
dominant component.
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baryons at the pocket boundary would overestimate the DM
mass by one order of magnitude, see dotted orange line in
Figs. 3 and 4. We find that entropy injection following
glueball decay only substantially dilutes the DM abundance
in regions where the glueball is so long-lived that it is
already ruled out by big bang nucleosynthesis (BBN). For
instance, this can be seen in the curvature of the orange
dashed line in the top-left corner of Fig. 3.

2. Analytical treatment

Analytical expressions for the dark baryon abundance
are calculated in Appendix B 2 and plotted against the
numerical results in Fig. 8.

3. Source of uncertainties

We identify two main sources of uncertainties in our
treatment. At first, the pocket wall velocity derived in
Eq. (4) can be understood as an upper bound vmax which is
reached if the latent heat is efficiently released to the whole
Universe and not only to the region close to the wall. Also
it does not account for the effects from heavy quarks on the
friction pressure [53], whose precise derivation is left for
future studies. In Fig. 7, we tune down the maximal wall
velocity vmax in Eq. (4) by factors 10−2 and 10−4. For
vw ≃ 10−4vmax, we find that boundary effects disappear
completely. Instead, bulk effects disappear in the ballpark
Λ∈ ½1 TeV; 10 TeV� and mDM ≃ 104 TeV where the dark
baryon abundance is then given by the accidental asym-
metry, in agreement with [54]. The second source of
uncertainties is the value of the cross section σ ¼
fσπ=Λ2 for bound-state formation at the boundary which
enters Eq. (B25). In Fig. 7, we scan over the values
fσ ∈ ½0.1; 10�, showing that the predicted DM mass can
vary by about one order of magnitude around its
mean value.

B. Phenomenology

We consider two benchmark portal to the SM; the Higgs
portal and the neutrino portal.

1. Higgs portal

We suppose heavy quarks receive their mass from ϕQ̄Q
whereϕ is a singlet scalar getting vacuum expectation value.
We assume that ϕ mixes with Higgs λHϕjHj2jϕj2. This
generates the dimension-6 operator O6 ¼ jHj2Q̄Q with
coefficient c6 ¼ λHQ=mQ and λHQ ¼ ffiffiffi

2
p

λhϕðmQ=mϕÞ2.
This allows the glueball to decay into SM and gives
constraints from indirect detection (ID), cosmic microwave
background (CMB), direct detection (DD) and big bang
nucleosynthesis (BBN), which we show in Fig. 3. Large
λHQ gives lower BBN constraints but larger DD constraints,
while ID and CMB are independent of λHQ. We fix
λHQ ¼ 0.01 in Fig. 3. We refer to Appendixes C 1 and D

for more details on the Higgs portal and the associated
phenomenology.

2. Neutrino portal

We now consider the possibility that the scalar ϕ, even
though it interacts with heavy quarks through ϕQ̄Q, does
not actually give mass to these heavy quarks and is
significantly lighter. We suppose that mediation with SM
takes place via SM neutrino ϕν̄LνL. The BBN constraints
are weaker because the lighter mediator allows a shorter
glueball lifetime but also because of the elusive nature of
neutrino. For the same reason, the portal secludes the dark
baryon DM from direct detection, CMB and collider
constraints. Only indirect-detection constraints inferred
from neutrino telescopes like ANTARES [77] can be
applied with a region constrained around mDM ∼ 10 TeV,
see Fig. 4. We refer to Appendix C 2 for more details on the
neutrino portal and to Appendix D for its phenomenology.

3. Gravitational waves

A well-studied observable from first-order phase
transition is gravitational waves (GW) from bubble
collision, sound waves and turbulence [38,78–80]. The
would-be GW energy density today, here expected to be
dominantly sourced by sound waves [81], is ΩGWh2 ≃
10−6v2wðR0HÞ2α2 [80] with α≡ L=ρSM ≃ 3ðL=T4

cÞ=g�;SM
being the latent heat fraction. It was already known
[82–87] that GW from Yang-Mills phase transition were
challenging to observe with future interferometers due
to the small bubble size at percolation R0H ∼ 10−5,

FIG. 4. Same as Fig. 3 where we assume that the dark SUðNDCÞ
communicates with the SM through a light scalar with Yukawa
coupling with heavy dark quarks and SM neutrino. This allows
for a longer glueball lifetime, resulting in a reduced impact from
both entropy injection and BBN constraints. We fix the light
scalar mass to mϕ ¼ 1 GeV, Yukawa couplings to heavy quarks
yϕQ ¼ 1 and neutrinos yϕν ¼ 10−3, a ballpark away from current
constraints [76] which minimizes the BBN constraint from
glueball decay (green). See Appendix C 2 for more details.
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see Eq. (2) and the moderate latent heat fraction α ∼ 0.1
(NDC ¼ 3, g�;SM ∼ 40). The results concerning the small
bubble wall velocity vw ∼ 10−6 presented here in Eq. (2)
decisively rule out any possibility to observe GW from
Yang-Mills confinement in the foreseeable future.
Alternatively, the presence of a matter era due to the
possibility for glueballs to dominate the energy budget of
the Universe before decaying could leave signatures in the
spectrum from preexisting gravitational waves, e.g. from a
network of cosmic strings or inflation [88–95].

VII. CONCLUSION

We have studied confinement of SUðNDCÞ withNDC ¼ 3
in presence of quarks with mass much larger than the
confining scale mQ ≫ Λ. The confining phase transition is
first-order [59]. Due to their large separation after freeze-
out, quarks can not penetrate inside bubble walls [53,54]. In
the absence of light quarks in the spectrum, the only way for
quarks to enter bubble walls is by forming color-neutral
bound states in the bulk or directly at the wall boundary. In
this work, we estimate how the baryon relic abundance is
impacted by bound-state formation at the boundary, an
effect which was overlooked in previous studies [53,54]. We
find that SUð3Þ dark baryon can be DMwith a mass around
mDM ∼ 103 TeV, one order of magnitude above the unitar-
ity bound [72] instead of two has previously thought
[53,54]. Introducing Higgs and neutrino portals, we found
that due to the large DM mass, this scenario is hardily
testable at telescopes, colliders and by cosmological probes.
Finally, Yang-Mills confinement proceeds with the libera-
tion of a considerable amount of latent heat, despite the
amount of supercooling being ridiculously small. As a
consequence, the bubble wall velocity is particularly low. It
is set by the Hubble expansion rate at vw ∼ 10−6, much
smaller than previous estimates [82–87], ruling out any
prospects for observing gravitational waves arising from
bubble dynamics. The dark baryon DM relic abundance
established in the initial studies [53,54] remains valid
provided that additional factors further reduce the pocket
wall velocity by approximately 10−4 relative to the
maximum value presented in Eq. (4), as seen in Fig. 7.
The possibility that the wall velocity is much smaller than
its maximum value, due to additional effects not accounted
in this work like the quark pressure, is left for future
studies. In any case, the studies in Refs. [53,54] limited
their scope to Λ∈ ½TeV; 10 TeV�, whereas our calculations
of the DM relic abundance extend down to confinement
scale as low as allowed by BBN which under the
assumption of efficient glueballs decay channels
means Λ≳5 MeV, see Appendix 5 d. We highlight the
potential for primordial black holes to form if, during
confinement, there is less than one quark per Hubble patch
[96]. Finally, we draw attention to the possibility, arising
when initial baryonic asymmetry is present, for quarks to

be squeezed into quark nuggets [38–46], dark stars, or
primordial black holes [47]. The potential impact of the
boundary effects introduced in this work on such scenar-
ios, especially in the heavy quark limit [47], is a topic left
for future studies.
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APPENDIX A: DYNAMICS OF YANG-MILLS
CONFINEMENT

1. Thermodynamics

We consider a SUðNÞ gauge theories with Nf favors of
quarks:

L ¼ LSM −
1

4
Ga

μνGμνa þ q̄ðiD −mQÞq; ðA1Þ

with Dμ ¼ ∂μ − igDAμ. The gauge coupling αDC ¼ g2D=4π
runs with the energy scale, here set to the quark mass
μ ¼ mQ, as [97]

αDC ¼ 6π

ð11NDC − 2NfÞ log ðmQ=ΛÞ
: ðA2Þ

We examine the scenario where the quarks are heavy
mQ ≳ 100Λ. In this regime, quark confinement can be
accurately modeled using an SUðNÞ Yang-Mills theory
with Nf ¼ 0. The case Nf ¼ 0 is known to result in a first-
order phase transition and has been extensively studied
through lattice simulations [56–58,98]. A phase transition
is said of the first-order if the first derivative of the free-
energy density f, namely the entropy density s ¼ − ∂f

∂T, is
discontinuous at some critical temperature Tc,

Δs ¼ −
∂Δf
∂T

¼ L
Tc

; ðA3Þ

where L is the latent heat of the phase transition. Using
that the free energy f ¼ ρ − Ts is continuous at Tc, we
get the relation Δρ ¼ TcΔs ¼ L, such that the latent heat
L can be interpreted as a gap in energy density. The
thermodynamics of 1stOPT can be found in textbooks [99]
and reviews [53,70,99]. Thermal tunneling in the thin-wall
limit is described by the O3-symmetrical Euclidean action
which can be approximated by
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S3 ¼ 4πσR3
c þ

4π

3
R3
cΔf; ðA4Þ

where σ is the energy per unit of surface area of the bubble
wall, also known as surface tension. Bubbles are nucleated
around a radius Rc, the saddle point of the bounce action,

S3
∂Rc

¼ 0 ⇒ Rc ¼
2σ

Δf
: ðA5Þ

The lattice fitting of the latent heat and surface tension for
SUðNÞ YM theories is [57]

L ≃ ð0.76 − 0.3=N2
DCÞ4N2

DCT
4
c

and σ ≃ ð0.015N2
DC − 0.1ÞT3

c: ðA6Þ

More precisely, for NDC ¼ 3 one finds (Tables 7 and 11
in [57]),

L ¼ 1.413ð55ÞT4
c and σ ¼ 0.0200ð6ÞT3

c: ðA7Þ

In the regime of small supercooling Tc − T ≪ Tc, which
will be justified afterward, the free-energy density close to
Tc can be Taylor expanded at first order,

ΔfðTÞ ≃ Tc − T
Tc

L: ðA8Þ

The bounce action at the critical radius can then be
written as

S3 ¼
16π

3

σ3

Δf3
¼ 16π

3

�
σ

T3
c

�
3
�
T4
c

L

�
2 T3

c

ðTc − TÞ2 : ðA9Þ

The tunneling rate for thermal phase transition reads [100]

Γ≃T4
c

�
S3=T
2π

�
3=2

expð−S3=TcÞ≃T4
c exp

�
−κ

T2
c

ðTc−TÞ2
�
;

ðA10Þ

with

κ ¼ 16π

3

�
σ

T3
c

�
3
�
T4
c

L

�
2

≃ 6.7 × 10−5: ðA11Þ

where we have plugged SUð3Þ lattice results in Eq. (A7).
Bubble nucleation becomes efficient when the tunneling
rate of a Hubble volume becomes comparable to the
Hubble expansion rate Γ ≃H4. We deduce the nucleation
temperature

Tc − Tn

Tc
≃

ffiffiffi
κ

l

r
≃ 7 × 10−4; ðA12Þ

with l ≃ 102. The very little amount of supercooling
Tc − Tn ≪ Tc justifies the validity of the Taylor expan-
sion of the free energy in Eq. (A8).

2. Bubble growth

a. Obstruction to bubble expansion

After nucleation, the bubble walls expand under the
effect of the latent heat pressure, see Eqs. (A8) and (A12),

Δf ¼ Tc − T
Tc

L ≃ 10−3T4
c: ðA13Þ

This small value implies that the gluons and glueball phases
have almost identical free energies f ¼ ρ − Ts. However,
the large latent heat L ¼ 1.413ð55ÞT4

c in Eq. (A7) suggests
that the two phases have very different energy density ρ and
entropy density s. Indeed the energy and entropy of the
gluon phase goes like ∝ OðN2

DCÞ while the ones of the
glueball phase goes like ∝ OðN0

DCÞ. In order to form a
glueball pair of mass 2mGB ≃ 14Λ, at least two gluons with
their gG ¼ 2ðN2

DC − 1Þ degrees of freedom each are needed.
Assuming their typical energy to be EG ∼ Λ and their
number density per degree of freedom n� ¼ ζð3ÞT3

c=π2

(with Tc ≃ Λ), we find that the gluon-to-glueball conversion
process liberates an energy density L ∼ ð2gGEG −
2mGBÞn� ∼ 2T4

c for NDC ¼ 3 not too far from the value
predicted by the lattice simulations in Eq. (A7). We stress
that the previous argument should not be viewed as a
rigorous proof but more as a heuristic explanation for why
the latent heat is large. As a consequence, the process of
converting gluons into glueballs is very exothermic. If
glueballs and gluons are at kinetic equilibrium with the
SM, the latent heat released in the glueball phase will be
quickly communicated to the gluons phase by SM relativ-
istic particles acting as mediators. In light of the very small
amount of the supercooling in Eq. (A12), if bubble walls
move too fast the temperature around the wall would be
easily reheated above Tc, causing the free energy in
Eq. (A13) to flip sign and bubble wall to reverse their
direction. We leave the scenario where glueballs and gluons
are not at kinetic equilibrium with the SM for future studies;
the question being whether the glueballs and gluons gas can
thermalize through the wall boundary.

b. Bubble wall velocity from Hubble expansion

We now assume that a mechanism is at play to exchange
heat between the two phase, e.g. kinetic equilibrium of
gluons and glueballs with SM, such that the latent heat is
quickly released to the surrounding plasma, causing the
Universe to be continuously reheated as bubbles grow. We
introduce the fraction x of the Universe in the confined
phase (0 ≤ x ≤ 1). The release of a fraction dx of latent heat
increases the Universe temperature by
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dT ¼ L

�
dρ
dT

�
−1
dx ¼ 15

2π2g�

L
T3

dx; ðA14Þ

where g� ¼ 2ðN2
DC − 1Þð1 − xÞ þ gSM is the number of

relativistic degrees of freedom in the thermal bath. The
evolution of the temperature is a competition between
adiabatic cooling due to Hubble expansion and heating
due to latent heat conversion:

Ṫ ¼ −HT þLT
4ρ

ẋ¼ −HTþ 3R2LT
8R0ρ

vw; ρ≡ π2g�T4=30;

ðA15Þ
where we have used that x ¼ ðR=R0Þ3=2 where R0 the
bubble radius at percolation defined by x ¼ 1=2. An
estimate for the wall velocity can be found as resulting
from a detailed balance between the rates at which the
bubble wall heats and cools the surrounding plasma [38,53].
On the one hand, the plasma around the wall boundary is
heated due to the latent heat conversion at a rate (for
instance due to gluons accumulating in front of the wall),

Ṫheat ∼ LΛ
�
dR
dt

�
×
dT
dρ

∼ Λ
dR
dt

; ðA16Þ

where dR=dt is the wall velocity, Λ−1 is the wall thickness.
On the other hand, due to the temperature gradient the same
plasma cools down at a rate given by

Ṫcooling ∼ −K∇2T ∼ Λ−1 Twall − T
Λ2

; ðA17Þ

where the transport coefficient K and the gradient length
scale ∇ are both given by Λ−1. We set the plasma temper-
ature at the wall at the maximal value Twall ≃ Tc. The wall
velocity results from the balance between the two thermal
rates [38,53],

Ṫheat ∼ Ṫcooling ⇒ vw ∼
T − Tc

Tc
; ðA18Þ

where we have replaced Λ ≃ Tc. The assumption that the
wall temperature Twall ≃ Tc and the gradient ∇ ≃ Λ−1 are
set to their largest possible values imply that Eq. (A18) can
be considered as an upper limit for the wall velocity.
Rewriting Eq. (A18) as T ¼ Tcð1 − vwÞ and plugging into
Eq. (A15) leads to

v̇w ¼ H −
3LR2vw
8ρR3

0

; Ṙ ¼ vw: ðA19Þ

Eliminating the time variable via dvw=dR ¼ v̇w=Ṙ, one
arrives at

dvw
dR

¼ H
vw

−
3LR2

8ρR3
0

: ðA20Þ

The later equation has an attractor solution in which the
Universe temperature is kept constant:

Ṫ ¼ 0 ⇒ vw ≃HR0

8ρ

3L

�
R0

R

�
2

≃ 100HR0

�
T4
c

L

��
g�
100

��
R0

R

�
2

: ðA21Þ

Equation (A21) implies that the bubble wall velocity, under
the assumption of instantaneous reheating in Eq. (A14), is
controlled by the rate of the Universe expansion. In
principle, other contribution to the friction pressure can
slow down the wall, e.g. impact of the heavy quarks. In that
sense, Eq. (A21) is an upper limit on the wall velocity.

3. Bubble percolation and coalescence

The evolution of the phase transition can be described by
the fraction of the Universe in the confined phase [101],

xðtÞ ¼
Z

t

tc

dt̃Γðt̃Þ 4π
3
R3ðt; t̃Þð1 − xðt̃ÞÞ; ðA22Þ

where tc is the time at which the transition becomes
energetically allowed, ΓðtÞ is the nucleation per unit of
volume at time t, defined in Eq. (A10), and Rðt; t̃Þ ¼R
t
t0 dt̃=aðt̃Þ is the radius at time t of a bubble nucleated at
time t̃. Taking the time derivative of Eq. (A22) leads to

ẋðtÞ ¼ ΓðtÞð1 − xðtÞÞ 4π
3
R3
cðtÞ

þ
Z

t

tc

dt̃Γðt̃Þ4πR2ðt; t̃ÞṘðt; t̃Þð1 − xðtÞÞ; ðA23Þ

where Rc is the bubble radius at nucleation. Let us
introduce the temperature difference δ≡ ðTc − TÞ=Tc.
Per definition, at tc we have δðtcÞ ¼ 0. After t > tc, the

temperature evolves under Hubble expansion as TðtÞ ¼
Tce

−
R

t

tc
dt̃H

which implies

t > tc∶ δðtÞ ≃Hðt − tcÞ: ðA24Þ

As soon as the temperature reaches δ ∼
ffiffiffi
κ

p
≃ 0.008 at a

time tn, the tunneling rate in Eq. (A10) increases very fast,
and bubble nucleation becomes very efficient, leading the
Universe temperature to quickly increase as dictated by
Eq. (A15):

t > tn; δðtÞ ≃ L
4ρ

xðtÞ: ðA25Þ

This backreaction on the tunneling rate and nucleation
becomes inefficient. Plugging Eq. (A12) into Eq. (A24)
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implies that the time scale during which nucleation is
efficient is

Δt ≃ tn − tc ≃
ffiffiffi
κ

l

r
H−1; ðA26Þ

where l ≃ 102. We deduce the bubble radius at percolation,

R0 ≃ vwΔt ≃ δ2ðtnÞH−1 ≃
10−7

Λ

�
Mpl

Λ

�
; ðA27Þ

where we have used vw ≃ δðtnÞ in Eq. (A18) and δðtnÞ ≃ffiffiffiffiffiffiffi
κ=l

p
≃ 7 × 10−4 in Eq. (A12) and g� ≃ 100 in H. The

bubble radius a percolation R0 can also be calculated
numerically. We introduce the bubble number density
nbub ¼ x=ð4πR3=3Þ. Its time derivative is set by ṅbub ¼
Γð1 − xÞ where Γ is the tunneling rate per unit of volume
in Eq. (A10). Eliminating the time variable via
d=dt ¼ vwd=dR, we obtain the first line of

dx
dR

¼ 4πR3Γbub

3vw
þ 3x

R
; ðA28Þ

dvw
dR

¼ −
H
vw

þ Ldx
4ρdR

: ðA29Þ

The second line comes from Eq. (A15) with the replace-
ment Ṫ ¼ −v̇wTc and d=dt ¼ vwd=dR. Numerically solv-
ing the previous system of equations, we find that the
spectrum of percolation radii peaks around [53]

R0 ¼ Rðx ¼ 1=2Þ ≃ 10−6

Λ

�
Mpl

Λ

�
0.9
; ðA30Þ

in close agreement with the analytical derivation in
Eq. (A27). Due to the decrease in surface area, it is
energetically favorable for little bubbles to coalesce into
bigger bubbles [38]. This process takes some finite time,
tcoal. When the coalescence time is much faster than the
percolation time scale, bubbles merge together to reach the
radius [53],

R1 ≃
10−8=3

Λ

�
Mpl

Λ

�
2=3

: ðA31Þ

The initial radius at the beginning of the contraction
stage is

Ri ¼ Max½R0; R1�; ðA32Þ

where R0 is taken from the numerical studies reported in
Eq. (A30). One finds that the bubble radius is set by
coalescence, Ri ≃ R1, only for Λ≳ TeV.

4. Pocket contraction

Replacing the bubble radius by the pocket radius in
Eq. (A20), dvw=dR becomes −dvw=dR and one obtains,

dvw
dR

¼ −
H
vw

þ 3LR2

8ρR3
0

: ðA33Þ

Around the time of percolation, the constant temperature
solution Ṫ ≃ 0 in Eq. (A21) which corresponds to the
solution dvw=dR ∝ Ṫ ≃ 0 in Eq. (A33) still applies with
now R being the pocket radius instead of the bubble radius.1

The second term in Eq. (A33) goes to zero as the pocket
shrinks R → 0. Below some radius Rf, the left-hand side
dvw=dR can not be neglected anymore, and Eq. (A33) is
better approximated by

dvw
dR

≃ −
H
vw

; ðA34Þ

which after integration gives the value of the bubble wall
velocity during the rest of the contraction period

vw ≃ c0
ffiffiffiffiffiffiffiffiffiffiffiffi
2HRf

p
; ðA35Þ

where c0 ≃ 2 is a correcting factor whose value is fitted on
numerical results from [53]. The value of Rf can be
obtained by matching Eqs. (A35) with (A21),

Rf ≃ 2H1=5R6=5
i : ðA36Þ

Plugging back into Eq. (A35) leads to

vw ≃

8>><
>>:

2 × 10−3
�

Λ
Mpl

	
0.06

; Ri ¼ R0;

0.2
�

Λ
Mpl

	
1=5

; Ri ¼ R1;
ðA37Þ

where R0 and R1 are given in Eqs. (A30) and (A31). Only
the second line was used in [53].

APPENDIX B: DARK BARYON ABUNDANCE

1. Quark freeze-out

The evolution of the quark abundance before the onset of
the confining phase transition is described by the
Boltzmann equation:

dYQ

dx
¼ −

λn
x2þn ðY2

Q − Y2
Q;eqÞ;

λn ≡MplmQσn

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
8π2gSM=45

q
;

1Equation (A33) can also be derived from Eq. (A15) with
x ¼ 1 − R3

2R3
0

.
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where x≡mQ=T, σn ≡ hσannvrelixn with n chosen so that
σn is x independent, and Mpl ≃ 2.44 × 1018 GeV. For an
s-wave, one has n ¼ 0 or n ¼ −1=2 with or without
Sommerfeld effects As the temperature goes below mQ,
DM predominantly annihilate into lighter species. This
continues until the annihilation rate falls below the
Universe expansion rate, leading to a frozen-out DM
abundance around temperature, TFO, defined by [48]

xFO ¼ log½0.192ðnþ 1ÞMplmQσngDM=gSM�
− ðnþ 0.5Þ log½xFO�;

where gDM represents DM degrees of freedom. The
present abundance is derived from the previously frozen
abundance redshifted up to today,

ΩQh2 ¼ 2
s0mQ

3M2
plH

2
100

YFO
Q ;

where H100 ¼ 100 km=s=Mpc, s0 ¼ 2891.2 cm−3 [97]
and

YFO
Q ¼ ðnþ 1Þxnþ1

FO

λn
: ðB1Þ

The factor 2 in the abundance equation considers quarks
population in the sum of its two parts; ΩQ and ΩQ̄. The
quark annihilation cross section reads,

hσannvreli ¼ ζ
πα2DC
m2

Q

; ðB2Þ

where ζ accounts for nonperturbative effects [102] which
become large when αDC=vrel ≫ 1. Assuming quark and
antiquark in fundamental representation of SUðNDCÞ,
nonperturbative effects operate through two channels,
an attractive singlet and a repulsive adjoint [33],

ζ ¼ 1

Nf

ðN4
DC − 3N2

DC þ 2Þ
16N3

DC

�
2

N2
DC − 2

S1 þ
N2

DC − 4

N2
DC − 2

Sadj

�
;

ðB3Þ

where SJ is the Sommerfeld factor [103],

SJ ¼
2παeff;J=vrel

1 − e−2παeff;J=vrel
; ðB4Þ

and αeff;J ¼ λJαDC with λJ ¼ CRJ
þ CRJ

− CJ where CJ

are quadratic Casimir of the initial particles and the
resulting bound state, CJ ¼ ðN2

DC − 1Þ=2NDC and NDC

for fundamental and adjoint representation of SUðNDCÞ,
respectively. For NDC ¼ 3, we have

ζ¼ 7

54Nf

�
2

7
S1þ

5

7
S8

�
; λ1¼ 4=3; λ8¼−1=6; ðB5Þ

where Nf ¼ 1 if dark quarks are SM singlet and Nf ¼ 2

or 3 if they are SUð2ÞL doublet or triplet. We neglect
additional channels due to dark quarks potentially having
SM charges. During freeze-out vrel ≃ 2

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2TFO=πmQ

p
∼ 0.3

and αDC ∼ 0.17, where we plugged TFO ∼mQ=30 in
Eq. (A2). Hence, αDC=vrel ∼ 0.6≲ 1 and nonperturbative
effects are small and we can safely neglect the contribution
of bound-state formation to the freeze-out abundance
[104]. Instead during the completion of the SUðNDCÞ
phase transition, taking for example mQ ∼ 104Λ, the quark
velocity is much smaller vrel ∼ 0.016 and αDC ∼ 0.06 such
that αDC=vrel ∼ 3.9≳ 1. Hence, nonperturbative effects
due to the long range of the dark force can be active
during the phase transition. Effects from bound-state
formation during the phase transition are discussed in
the next section.

2. Quark squeeze-out

a. Quark survival factor

During the phase transition, single heavy quark entering
the bubble form flux tube attached to the wall. Nucleation
of quark antiquark pairs is exponentially suppressed for
mQ ≫ Λ. Hence, the flux-tube is stable and the quark are
slingshot back to the deconfined phase. This leads to an
accumulation of quarks inside pockets outside bubbles. The
shrinking of pockets switches on a second stage of quark
annihilation. Quarks can survive this dynamics through
three ways; from the accidental asymmetry in each pocket,
by forming baryons in the bulk which subsequently exit the
pocket, by forming baryons directly at the boundary. We
express those three contributions in terms of the quark
survival factor,

S≡ 3Nf
3

Ni
1

¼ Sasym þ Sbulk þ Sbdy; ðB6Þ

where the initial number of quarks per pockets reads

Ni
1 ¼ 2YFO

Q s
4π

3
R3
i ; ðB7Þ

where YFO
Q in Eq. (B1), Ri is the pocket radius at the

beginning of the contraction stage, s ¼ 2π2g�T3
c=45 is

the Universe entropy density, and the factor 2 assumes that
pockets occupy half the total Universe volume.

b. Asymmetric fraction

Let us introduce the total number N of quarks and
antiquark and their difference Δ inside a given pocket:
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N ≡ hNQ þ NQ̄i; Δ≡ NQ − NQ̄; ðB8Þ

where NQ ≡ Ni
1 and NQ̄ ≡ Ni

−1 refer to the initial numbers
of quarks and antiquarks. The entropy of the quarks and
antiquarks in the pocket reads,

SðΔ;NÞ ¼ log

�
N!

NQ!ðN − NQÞ!
�
≃ N log 2 −

Δ2

2N
; ðB9Þ

wherewe used Stirling’s approximation log n! ≃ n log n − n
and Taylor expanded in the limit Δ ≪ N. In the absence of
substantial interactions between quark and antiquarks,
the energy of each microstates is independent of Δ.
Hence, the probability distribution of the quark/antiquark
asymmetry Δ reads,

PðΔ;NÞ ¼ eSðΔ;NÞ

ZðNÞ ; ðB10Þ

where ZðNÞ ¼ P
N
NQ¼0

N!
NQ!ðN−NQÞ! ¼ 2N is the partition

function. PðΔ;NÞ is a Gaussian with mean hΔi ¼ 0 and
standard deviation,

ffiffiffiffiffiffiffiffiffiffi
hΔ2i

q
≡

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiP
ΔΔ2PðΔ;NÞP
ΔPðΔ;NÞ

s
¼

ffiffiffiffi
N

p
: ðB11Þ

We deduce that the asymmetric contribution to the quark
survival factor S≡ Nf

1=N
i
1 in Eq. (B6) is given by

Sasym ¼ 1

2

ffiffiffiffiffiffiffiffiffiffi
hΔ2i

p
NQ

¼ 1

2

ffiffiffiffiffiffiffiffi
2Ni

1

p
Ni

1

¼ 1ffiffiffiffiffiffiffiffi
2Ni

1

p : ðB12Þ

The factor 1=2 in the first equality is “added by-hand” to
compensate for the factor of 2 accounting for the symmetric
component of antibaryons in the DM abundance formula in
Eq. (B48). The factor of

ffiffiffi
2

p
in the numerator of the second

equality arises from
ffiffiffiffi
N

p ¼ ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
NQ þ NQ̄

p
≃

ffiffiffiffiffiffiffiffiffiffi
2NQ

p
. Both

factors were omitted in [53,54].

c. Symmetric fraction

The symmetric component Ssym ¼ Sbulk þ Sbdy of the
quark survival fraction can be found from evaluating the
two integrals:

Sbulk ¼
1

vwNi
1

Z
0

Ri

dRΓesc
3→3;

and Sbdy ¼
1

vwNi
1

Z
0

Ri

dR
�
3Γbdy

ð1;1;1Þ→3
þΓbdy

ð1;2Þ→3

	
: ðB13Þ

The evolution of the number of quarks N1, diquarksN2 and
baryons N3 is set by the following set of Boltzmann
equations:

Ṅ1 ¼ −Γbulk
ð−3;1Þ→ð−1;−1Þ − Γbulk

ð−3;1Þ→ð−2;0Þ þ 2Γbulk
ð3;−1Þ→ð1;1Þ þ Γbulk

ð3;−2Þ→ð1;0Þ − Γbulk
ð1;−1Þ→ð0;0Þ

þ Γbulk
ð2;2Þ→ð3;1Þ − 2Γbulk

ð1;1Þ→ð2;0Þ þ Γbulk
ð−3;2Þ→ð−2;1Þ þ Γbulk

ð2;−2Þ→ð1;−1Þ − Γbulk
ð2;1Þ→ð3;0Þ þ Γbulk

ð2;−1Þ→ð1;0Þ

− Γbulk
ð−2;1Þ→ð−1;0Þ þ Γbulk

ð3;−3Þ→ð−1;1Þ − Γbdy
ð1;−1Þ→M − 3Γbdy

ð1;1;1Þ→3
− Γbdy

ð1;2Þ→3
; ðB14Þ

Ṅ2 ¼ −Γbulk
ð−3;2Þ→ð−1;0Þ þ Γbulk

ð3;−1Þ→ð2;0Þ − Γbulk
ð2;−2Þ→ð0;0Þ þ Γbulk

ð3;−2Þ→ð2;−1Þ þ Γbulk
ð3;−3Þ→ð2;−2Þ − 2Γbulk

ð2;2Þ→ð3;1Þ

− Γbulk
ð2;1Þ→ð3;0Þ − Γbulk

ð2;−1Þ→ð1;0Þ þ Γbulk
ð1;1Þ→ð2;0Þ − Γbulk

ð−3;2Þ→ð−2;1Þ − Γbulk
ð2;−2Þ→ð1;−1Þ − Γbdy

ð1;2Þ→3
; ðB15Þ

Ṅ3 ¼ Γbulk
ð2;2Þ→ð3;1Þ − Γbulk

ð3;−3Þ→ð0;0Þ − Γbulk
ð3;−1Þ→ð2;0Þ þ Γbulk

ð2;1Þ→ð3;0Þ − Γbulk
ð3;−1Þ→ð1;1Þ − Γbulk

ð3;−3Þ→ð1;−1Þ

− Γbulk
ð3;−3Þ→ð2;−2Þ − Γbulk

ð3;−2Þ→ð2;−1Þ − Γbulk
ð3;−2Þ→ð1;0Þ − Γesc

3→3: ðB16Þ

The time derivative can be traded by a radius derivative through Ṅi ¼ −vwN0
i. From top to bottom, left to right, the

boundary terms Γbdy
A→B include quark/antiquark annihilation, baryon formation from three quarks, from quark/diquark, and

baryon escape rate (noted “esc”), all occurring at the wall boundary. As they are ones of the novelties of this work, we
discuss them in details in the next paragraph. Instead, the bulk interaction rates read,

Γbulk
aþb→cþd ¼

X
aþb¼cþd

siab;cd
hσvibulkabcd

V
ðNaNb − NcNdfabcdÞ; ðB17Þ

where siab;cd is the net number of i particles destroyed in the process ab → cd with cross section hσviabcd and
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fabcd ≡ neqa n
eq
b =ðneqc neqd Þ; ðB18Þ

with neqx the number densities at equilibrium. The different
bound-state cross sections hσvibulkabcd for the bulk processes
are extracted from the notebooks used in [53]. Anticipating
the derivation of boundary terms in the next paragraph, we
can already have a look in Fig. 5 at the results from
numerically integrating the set of Boltzmann equations in
Eqs. (B14)–(B16). We can see that the specie numbers in
the pocket follow the hierarchy N1 ≫ N2 ≫ N3. For the
purpose of deriving analytical results later on, we can use
this hierarchy to get rid of subdominant bulk interactions in
the set of Boltzmann equations in Eqs. (B14)–(B16). One
obtains:

Ṅ1 ≃ −Γbulk
ð1;−1Þ→ð0;0Þ − 2Γbulk

ð1;1Þ→ð2;0Þ − Γbulk
ð2;1Þ→ð3;0Þ

− Γbulk
ð−2;1Þ→ð−1;0Þ þ Γbulk

ð2;−1Þ→ð1;0Þ

− Γbdy
ð1;−1Þ→M − 3Γbdy

ð1;1;1Þ→3
− Γbdy

ð1;2Þ→3
; ðB19Þ

Ṅ2 ≃ −Γbulk
ð2;1Þ→ð3;0Þ − Γbulk

ð2;−1Þ→ð1;0Þ þ Γbulk
ð1;1Þ→ð2;0Þ − Γbdy

ð1;2Þ→3
;

ðB20Þ

Ṅ3 ≃ −Γbulk
ð3;−1Þ→ð2;0Þ þ Γbulk

ð2;1Þ→ð3;0Þ − Γesc
3→3: ðB21Þ

We now proceed to the derivation of boundary terms.

d. Boundary effects

When a colored particles in the bulk encounter the wall
boundary, it will form a flux tube attached to the wall. As
the particle penetrate inside the confined phase, the flux
tube will act a force pulling the particle back to the
deconfined phase. In order to escape the pocket through
the boundary, a color-singlet assembly of charged particles
must collectively impinge the same surface area σ during
the same time Δt, see Fig. 6. We take

σ ¼ fσπl2; l ≃ 1=Λ; ðB22Þ

where l is the typical flux tube width and fσ a form factor
encoding uncertainties in the modeling. We assume fσ to be
identical for all boundary processes. The quantity Δt is the
typical time for charged species to remain attached to the
wall by a flux tube acting with a force F ≃ Λ2 before
bouncing off [53]

Δt ≃
v̄
v̇q

≃
vQ þ vw
Λ2=mQ

≃
vQ þ vw

v2Q
l ≃
vQ≫vw l

vQ
; ðB23Þ

where v ¼ vQ þ vw is the average particle velocity in the
wall frame with vQ ≃

ffiffiffiffiffiffiffiffiffiffiffiffiffi
Λ=mQ

p
≫ vw and l ≃ 1=Λ.

Equivalently, Δt ≃ d=ðvQ þ vwÞ where d ≃ Ekin=F is the

FIG. 5. Evolution of the number of quarks N1 (red), diquarks
N2 (green) and baryons N3 (purple) inside the pocket during its
contraction stage resulting from numerically integrating the set of
Boltzmann equations in Eqs. (B14), (B15) and (B16). Above the
recoupling radius R≳ Rrec, the quark number N1 is approx-
imately constant while diquark and baryon are constantly
produced. Below the recoupling radius R≲ Rrec, quarks annihi-
late efficiently with antiquarks and they number decrease. As a
consequence, the production of diquark and baryons stops. The
symmetric component of the survival abundance S of quarks
under the form of baryons which have escaped the pocket (blue),
defined in Eq. (B13), increases at a constant rate above R ≳ Rrec
and freezes-out below R≲ Rrec. In presence of baryon formation
directly at the boundary (solid vs dashed), the quark surviving
abundance S is much larger. Also in presence of boundary effects,
the number of species N1, N2 and N3 decrease faster at the end of
the contraction stage.

FIG. 6. In order to form a bound state at the wall boundary, a
color-neutral configuration (here a baryon with NDC ¼ 3 colors)
must pass through the same surface area σ ≃ πl2 during Δt ≃
l=vQ with l ≃ 1=Λ.
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distance from the wall at which outgoing particles with
initial kinetic energy Ekin ≃ ΛðvQ þ vwÞ2=v2Q in the wall
frame turn back under the effect of the confining force
F ≃ Λ2. The flux of particles passing through the wall is
niv̄⊥ where v̄⊥ is the average of the normal component of
the particle velocity in the wall frame,

v̄⊥ ¼ vw þ 1

4π

Z
2π

0

dϕ
Z

π=2

0

vQ cosðθÞ sin θdθ

¼ vw þ vQ
4

≃
vQ
4
: ðB24Þ

We deduce the mean number of particles passing through σ
during Δt,

λi ¼ Δtv̄⊥niσ ≃ fσ
π

4
nil3 ≃ fσ

3Ni

16ðRΛÞ3 ; ðB25Þ

where we used ni ¼ Ni=V and V ¼ 4πR3=3. Assuming
that the particles do not influence each others arrivals on the
wall, the number of particles impinging the wall in the same
window of time Δt is given by a Poisson distribution. The
probability that k particles of type i meet on the wall is

PλiðkÞ ¼
λki
k!
e−λi : ðB26Þ

We successfully tested the Poisson distribution in Eq. (B26)
against a numerical simulation of Ni ¼ 108 quarks ran-
domly distributed in a Lx × Ly × Lz box. We gave the
quark velocity a fixed norm vQ and a random direction.
After a time interval Δt, some quarks cross over the wall in
the x-y plane. We fully cover the wall by l × l targets and
count the number of the quarks meeting in the same target.
We were able to successfully recover the Poisson distri-
bution. We are now able to calculate the different boundary
terms appearing in the Boltzmann equations. The rate at
which three quarks in the bulk form a baryon at the
boundary is

Γbdy
ð1;1;1Þ→3

¼
I
∂V

dS
1

σΔt

X∞
k¼NDC

Pλ1ðkÞ

¼ 4πR2

σΔt

�
1 −

ΓðNDC; λ1Þ
ΓðNDCÞ

�

≃
4vQλ

NDC
1 R2

fσl3ΓðNDC þ 1Þ

≃ vQ
9f2σ

2048Λ6

N3
1

R7
: ðB27Þ

Equation (B27) is the Taylor-expanded form in the
limit λ1 ≪ 1. Instead for λ1 ≫ 1, the Poisson sumP∞

k¼NDC
Pλ1ðkÞ converges to 1 and we get the upper bound

Γbdy
ð1;1;1Þ→3

≤ 4vQR2Λ3. We also compute the rate for quark/

antiquark pair forming a meson,

Γbdy
ð1;−1Þ→M ¼

I
∂V

dS
1

σΔt

�X∞
k¼1

Pλ1ðkÞ
�
2

¼ 4πR2

σΔt
½1 − Γð1; λ1Þ�2

≃
4vQλ21R

2

fσl3

≃ vQ
9fσ
64Λ3

N2
1

R4
; ðB28Þ

and the rate of quark/diquark pair forming a baryon,

Γbdy
ð1;2Þ→3

¼
I
∂V

dS
1

σΔt

�X∞
k¼1

Pλ1ðkÞ
��X∞

k¼1

Pλ2ðkÞ
�

¼ 4πR2

σΔt
½1 − Γð1; λ1Þ�½1 − Γð1; λ2Þ�

≃
4vQλ1λ2R2

fσl3

≃ vQ
9fσ
64Λ3

N1N2

R4
; ðB29Þ

and the rate for the quarks of baryons in the bulk simply
passing through the wall,

Γesc
3→3 ¼

I
∂V

dS
1

σΔt

�X∞
k¼1

kPλ3ðkÞ
�

¼ 4vQλ3R2

fσl3

¼ 3vQN3

4R
: ðB30Þ

e. Bound-states formation before pocket formation

The bound-state formation rates have a strong depend-
ence on the inverse radius, either at wall boundaries, 1=R7

or 1=R4 in previous equations, or in the bulk, 1=R3 in
Eq. (B17). This implies that they only become relevant at
late time after that the pocket has sufficiently contracted.
Instead, during bubble expansion before pocket formation,
for which R ∼ R0 in Eq. (A30), the formation of bound
states is very suppressed.

f. Analytical estimation

Only accounting for quark annihilation in the bulk and
meson formation at the boundary, the Boltzmann equation
for the quark density, i ¼ 1 in Eq. (B19) becomes
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vwN0
1 ≃ Γbulk

ð1;−1Þ→ð0;0Þ þ Γbdy
ð1;−1Þ→M

≃
3hσannvi

4π

N2
1

R3
þ 9fσvQ

64Λ3

N2
1

R4
; ðB31Þ

where we used Ṅ1ðtÞ ¼ −vwN0
1ðRÞ, Eqs. (B17), (B28),

V ¼ 4πR3=3 and hσannvi ¼ ζπα2DC=m
2
Q. As long as the

quark annihilation rate in the bulk and at the boundary is
smaller than the bubble expansion rate vwN1=R, the
number of quark in the pocket is approximately constant.
The number of quarks in the pocket starts to decrease
substantially below a “recoupling” radius Rrec,

Rrec ¼ Max½Rbulk; Rbdy�; ðB32Þ

where Rbulk and Rbdy are the radii when the first and second
terms of the right-hand side of Eq. (B31) become of order

c0vwN1=R respectively, where c0 ≃ 2.2 is a parameter
a posteriori fitted against numerical results:

Rbulk ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
3
Nini

1 hσannvi
4πc0vw

s
; Rbdy ¼

1

Λ

�
9fσvQNini

1

64c0vw

�
1=3

:

ðB33Þ

Boundary terms are negligible in the regime Rbdy ≪ Rbulk,
which implies

vw ≲ 64

3π3c0f2σv2Q
Ni

1Λ6hσannvi3: ðB34Þ

Using Eqs. (5), (A2), (A30) and (B7), we obtain

FIG. 7. The black line shows where the dark baryon abundance, accounting for asymmetric and symmetric (bulkþ boundary)
contributions, satisfies the observed dark matter relic abundance. When decreasing the wall velocity below its maximal value vmax set by
Hubble expansion in Eq. (4), the symmetric component to the baryon abundance is depleted. In bottom-right panel, we vary the surface
area σ ¼ fσπ=Λ2, defined in Eq. (B22), of the slit on wall boundary through which dark quark can escape by forming a color-neutral
bound state. For all the panels, we remain agnostic about the portal to the SM; nevertheless, we assume a short glueball lifetime to
prevent both entropy injection and the imposition of BBN constraints.
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vw ≲ 2 × 10−6

c0f2σ

�
ζ

0.26

�
2
�
αDC
0.08

�
4
�

g�SM
106.75

�
1=2

×

�
103Λ
mQ

�
4
�
TeV
Λ

�
1.7
: ðB35Þ

Comparing with Eq. (A37), we deduce that boundary
effects must be a priori included in the analysis.
However, Eq. (A37) is estimated as an upper limit of a
more realistic pocket wall velocity accounting for inho-
mogeneity in the latent heat injection and possibly pressure
contribution from heavy quarks [53]. For this reasons, in
Fig. 7, we show the evolution of the DM parameter space
when we vary the wall velocity vw. We find indeed that
boundary effects become negligible for vw ≲ 10−4vmax,
with vmax given by Eq. (A37). In Fig. 7, we also show
the impact of the uncertainties on the bound-state formation
cross section encoded in fσ. The integral in Eq. (B13) is
dominated by the contribution around the recoupling
radius. For 0 < λ2 ≪ λ1 ≪ 1, the survival factor can be
estimated as

Ssym ≃
R
vw

ðΓesc
3→3 þ 3Γbdy

ð1;1;1Þ→3
Þj
R¼Rrec

≃
3vQ
4vw

�
N3

Ni
1

þ 3f2σ
512

ðNi
1Þ2

ðRrecΛÞ6
�
: ðB36Þ

In Fig. 8, we successfully compare the analytical formulas
in Eq. (B36) to the numerical results after fixing c0 ≃ 2.2
in Eq. (B33). The baryon number N3 in Eq. (B36) is

calculated from algebraically solving the simple system of
Eqs. (B39) and (B40).

g. Neglecting boundary effects

Before recoupling R≳ Rbulk ≫ Rbdy, the diquark and
baryon numbersN2 andN3 in Eqs. (B20) and (B21), follow
the quasiequilibrium conditions:

Γbulk
ð1;1Þ→ð2;0Þ ≃ Γbulk

ð2;1Þ→ð3;0Þ þ Γbulk
ð2;−1Þ→ð1;0Þ; ðB37Þ

Γbulk
ð2;1Þ→ð3;0Þ ≃ Γbulk

ð3;−1Þ→ð2;0Þ; ðB38Þ

in which we have neglected boundary effects. Using
Eq. (B17), we rewrite those conditions as

hσvi11;20ðN2
1 − f̃1N2VÞ ¼ hσvi21;30ðN2N1 − f̃2N3VÞ

þ hσvi2ð−1Þ;10ðN2N1 − neq2 N1VÞ;
ðB39Þ

hσvi21;30ðN2N1 − f̃2N3VÞ ¼ hσvi3ð−1Þ;20ðN3N1 − f̃3N2VÞ;
ðB40Þ

where

f̃1 ¼ n0f11;20 ¼ NDC

�
mQΛ
π

�
3=2

exp

�
−
E2

Λ

�
; ðB41Þ

f̃2 ¼ n0f21;30 ¼ 2N2
DC

�
mQΛ
3π

�
3=2

exp

�
−
E3 − E2

Λ

�
;

ðB42Þ

f̃3 ¼ n0f3−1;20 ¼
�
3mQΛ

π

�
3=2

exp

�
−
2mQ þ E2 − E3

Λ

�
;

ðB43Þ

where fabcd are defined in Eq. (B18). The binding energy
E2;3 reads [33],

E2 ¼
1

16
C2
Nα

2
DCmQ; E3 ¼ 0.26C2

Nα
2
DCmQ; ðB44Þ

where CN ¼ ðN2
DC − 1Þ=2NDC ¼ 4=3 for NDC ¼ 3. In

the limit of efficient bound state breaking f̃kV ≫ 1,
the diquarks and the baryons reach the chemical
equilibrium:

N2 ≃
N2

1

f̃1V
; N3 ≃

N3
1

f̃1f̃2V2
: ðB45Þ

Plugging back into the survival abundance formula in
Eq. (B36) whose second term is neglected, we obtain,

FIG. 8. We evaluate the DM relic abundance using an analytical
formula (highlighted as dashed) and compare it with the results
obtained from the numerical integration of the Boltzmann
equations set (denoted as solid). The agreement is rather good,
both in the context of baryon formation through bulk contribu-
tion, given by the first piece in Eq. (B36) (indicated in orange)
and through combined bulk and boundary contributions given by
the two pieces in Eq. (B36) (represented in black), where N3 is
obtained from algebraically solving Eqs. (B39) and (B40).
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Sbulk ≃
3vQ
4vw

ðNi
1Þ2

f̃1f̃2V2
bulk

≃ c0
πv2w

f̃1f̃2Ni
1hσannvi3

ffiffiffiffiffiffiffi
Λ
mQ

s
; ðB46Þ

where Vbulk ¼ 4πR3
bulk=3 with Rbulk the radius defined in

Eq. (B33) when quarks annihilation in the bulk recouple,
and Ni

1 is the initial nunber of quarks per pocket
in Eq. (B7).

h. Neglecting bulk effects

We now assume bulk effects to be negligible and
consider the phase before recoupling R≳ Rbdy ≫ Rbulk.
Only accounting for the second term in Eq. (B36) leads to
the survival abundance,

Sbdy ≃
3vQ
4cvw

3f2σ
512

ðNi
1Þ2

ðRbdyΛÞ6
¼ 2

9
vw

ffiffiffiffiffiffiffi
mQ

Λ

r
; ðB47Þ

where Rbdy the radius defined in Eq. (B33) when quarks
annihilation at the boundary recouples, and where we
replaced vQ ≃

ffiffiffiffiffiffiffiffiffiffiffiffiffi
Λ=mQ

p
. The baryon abundance after the

PT reads

YDM ¼ S ×
2YFO

Q

NDC
; ðB48Þ

with S ¼ Sbulk þ Sbdy þ Sasym, the factor 2 accounting for
antibaryons. In the next section we discuss the possiblity
that the dark baryon DM abundance is diluted by entropy
injection following glueball decay.

3. Baryon dilute-out

Reference [55] shows that 3-to-2 interactions are effi-
cient enough to maintain glueballs at thermal equilibrium
with themselves right after the end of the PT, relaxing their
chemical potential to zero, as long as Λ≲ 105 TeV.
Assuming that that glueballs are at thermal equilibrium
with themselves, and at the same temperature as the SM
(anyway glueballs can not be hotter than Tc [55]), their
abundance reads,

RGB ≡ sGB
sSM

¼ 45ð2J þ 1Þ
2π2ð2πÞ3=2g�;SM

�
mGB

Λ

�
5=2

e−mGB=Λ ≃ 1.6 × 10−4; ðB49Þ

where J is the glueball spin, taken here to J ¼ 0 for the
lightest glueball state, and where we set g�;SM ¼ 106.75. As
the Universe cools down, the glueball undergo a phase of
cannibalism [3,7] during which 3-to-2 interactions reduce
the number density which becomes more and more
Boltzmann suppressed until the rate of 3-to-2 interaction
freezes-out below a temperature xFO ¼ mGB=TFO solution
of [10],

x5=2FO e
2xFO ¼ g1=4�

180π
RGBðm4

GBMplhσ32v2iÞ3=2; ðB50Þ

where hσ32v2i is the thermally averaged 3-to-2 cross
section [10],

hσ32v2i ≃
1

ð4πÞ3
�

4π

NDC

�
6 1

m5
GB

: ðB51Þ

For Λ≃100 GeV, we obtain xFO ∼ 18 which implies that
glueballs freeze-out rather shortly after the completion of
the phase transition. The resulting frozen-out relic abun-
dance of glueballs YGB ≡ nGB=sSM is

YGB ≃
RGB

xFO
: ðB52Þ

If the glueball is long-lived, it can dominate the energy
density of the Universe below the temperature,

Tdom ¼ 4

3
mGBYGB: ðB53Þ

The matter domination ends when glueballs decay, when
the Universe expansion rate crosses the decay rate
H ≃ ΓGB, around the temperature,

Tdec ≃ 1.3g1=4�
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ΓGBMpl

p
: ðB54Þ

During the decay, the nonrelativistic glueballs degrees of
freedom are converted into relativistic SM degrees of
freedom. This leads to an increase of the SM entropy by
the ratio, e.g. [105],

D ¼ Sf
Si

≃ 1þ
�

Tdec

Tbefore
dec

�
3

≃ 1þ Tdom

Tdec
; ðB55Þ

where the last equality can be derived from evolving matter
and radiation between the two epochs. An important
consequence is the dilution of DM abundance,

YDM ≃
S
D

2YFO
Q

NDC
; ðB56Þ

where S < 1 is the survival factor in Eq. (B6) and the factor
of 2 includes the contribution from antibaryons.

APPENDIX C: COMMUNICATION WITH SM

1. Higgs portal

We introduce a singlet scalar ϕ with mixing to SM Higgs
H and Yukawa coupling to the heavy SUðNDCÞ quark Q
(see Fig. 9),

L ⊃ −λHϕjHj2jϕj2 þ yϕQϕQ̄Q: ðC1Þ
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We assume that the singlet scalar has a potential,

VðϕÞ ¼ λϕ
4
ðϕ2 − v2ϕÞ2; ðC2Þ

giving it a vacuum expectation value (VEV) vϕ, from
which the heavy quarks get their mass mQ ¼ yϕQvϕ=

ffiffiffi
2

p
.

Integrating the singlet ϕ and heavy quarks Q leads to a
dimension-6 effective operator between SM Higgs and
SUðNDCÞ gluons (see also [9]),

Lð6Þ ⊃
αDC
3π

λHQ

m2
Q
H†HGA

μνGμνA;

with λHQ ¼ λHϕ
vϕmQ

m2
ϕ

¼
ffiffiffi
2

p
λHϕ

�
mQ

mϕ

�
2

; ðC3Þ

where the singlet scalar mass from Eq. (C2) ism2
ϕ ¼ 2λϕv2ϕ.

For the gauge group SUð3Þ, the lightest bound state in
the dark sector is the glueball with quantum number

JPC ¼ 0þþ and mass m0þþ ≃ 7Λ [71]. The annihilation
matrix element of the 0þþ is identified as the 0þþ decay
constant [9,106],

FS
0þ ≡ h0jGa

μνGaμνj0þþi: ðC4Þ

Lattice simulations of SUð3Þ Yang-Mills theory give the
relation [106],

4παDCFS
0þ ≃ 3m3

0þþ ; with m0þþ ≃ 7Λ: ðC5Þ

In the rest, we denote mGB ≡m0þþ . Applying Feynmann
rules to Eq. (C3), one calculates the decay width of the
lightest glueball state 0þþ into Higgs pairs [9],

ΓGB→hh ≃
1

32πmGB

�
λHQαDCFS

0þ

3πm2
Q

�
2

; ðC6Þ

but also into WW and ZZ and SM fermions [9]:

ΓGB→WW ¼ 2ΓGB→ZZ ¼ 2ΓGB→hh;

ΓGB→ff̄ ¼ Nc

4m2
f

m2
GB

ΓGB→hh; ðC7Þ

where Nc ¼ 3 and 1 for quarks and leptons, respectively.
Note that we have omitted the mass threshold factors,
implying that all decay widths GB → XX must be sup-
plemented by the conditions mGB > 2mX. We deduce the
glueball lifetime for decay into Higgs and bottom quarks:

τDG ≃

8><
>:

10−6 s
�
0.01
λHQ

	
2
�
TeV
mGB

	
5
�

mQ

103 TeV

	
4
; GB → hh; if mGB > 2mh

5 × 105 s
�

3
Nc

	�
0.01
λHQ

	
2
�
mb
mf

	
2
�
10 GeV
mGB

	
3
�

mQ
10 TeV

	
4
; GB → bb̄; if mGB > 2mb:

ðC8Þ

The CP-even scalar glueball state 0þþ with mass
m0þþ ≃ 7Λ is only the lightest among many other glueball
states whose fate must be investigated. The lightest ones
are 2þþ, 0−þ, 1þ− and 2−þ with masses m2þþ ≃ 1.39m0þþ ,
m0−þ ≃ 1.50m0þþ , m1þ− ≃ 1.70m0þþ and m2−þ ≃ 1.79m0þþ .
Apart from 0−þ and 1þ−, all the glueball state J can decay
radiatively J → J0h into a lighter glueball state J0 by
emitting a Higgs boson h with a decay width comparable
to Eq. (C6) [9]. Instead, 0−þ and 1þ− can decay via
dimension-8 operators C and P odd, respectively,

Lð8Þ
Codd ⊃ ½cð1Þ8 TrðGμνGαβGαβÞþ cð2Þ8 TrðGα

μG
β
αGβνÞ�Fμν; ðC9Þ

Lð8Þ
P odd ⊃ cð3Þ8 TrðGαβG̃

αβÞTrðFγδF̃γδÞ; ðC10Þ

where Fμν are field strengths of the SM gauge bosons.
Since the field introduced in the UV Lagrangian in
Eq. (C1) are all CP even, the operators in Eqs. (C9)
and (C10) can not be generated. Instead, they could be
generated if the heavy quarks are directly charged under
SM gauge groups [8,9]. Keeping heavy quark neutral
under SM gauge groups, the resonances 0−þ and 1þ− are
stable. The relic abundance of those two glueball states
has been studied thoroughly in [10,11,107], as a function
of the ratio RGB ¼ sGB=sSM of the entropy stored in the
dark sector to the entropy within after SUðNDCÞ confine-
ment. Under the assumption that the glueballs are in
thermal equilibrium with themselves, and maintain the
same temperature as the SM, their abundance reads:

FIG. 9. Higgs portal: A scalar ϕ has mixing with Higgs (left
diagram) and Yukawa coupling to heavy quarks (right diagram).
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RGB ≃
45ð2J þ 1Þ

2π2ð2πÞ3=2g�;SM

�
mGB

Λ

�
5=2

e−mGB=Λ ≃

8><
>:

1.6 × 10−4; for JPC ¼ 0þþ;

1.3 × 10−5; for JPC ¼ 0−þ;

1.3 × 10−5; for JPC ¼ 1þ−:

ðC11Þ

In light of the value of RGB in Eq. (C11) and results from
Ref. [10], we deduce that the relic abundance today of
stable glueball states 0−þ and 1þ− is below the observed
DM level if Λ≲100 TeV and Λ≲10 TeV, respectively. We
conclude that the relevant parameter space for dark baryon
DM in Fig. 3 is not concerned by the relic abundance of
heavier glueball states.
The condition of not worsening the gauge hierarchy

problem would require λHϕ ≲m4
h=v

4
ϕ leading to λHQ≲

y4ϕQðmh=2mQÞ2=
ffiffiffi
2

p
λϕ. We suppose that the hierarchy

problem is solved by other means and we set λHQ ¼
0.01 in Fig. 3.

2. Neutrino portal

We now assume that the singlet ϕ with Yukawa
interaction with heavy quarks Q does not take a VEV
anymore, and heavy quark masses are generated by other
means. Instead of a mixing with Higgs it couples to the
neutrino sector. More precisely, the single scalar ϕ couples
to SUð2ÞL electronic doublet L ¼ ðνL; eLÞ, heavy vector-
like SUð2Þ doublet Dirac fermion F; F̄, and neutral Dirac
fermion N; N̄ (see Fig. 10),

L ¼ mQQ̄Qþ ϕQ̄ðyϕQ þ iyϕQ;5γ
5ÞQþm2

ϕ

2
ϕ2 þ λ1LHN̄

þ λ2NHF̄ þ λ3ϕFLþM1N̄N þM2F̄F: ðC12Þ

All the mass terms in Eq. (C12) are of Dirac type and not
Majorana. Consequently, the lepton number is conserved,
and the SM neutrino remains massless [108,109].
Integrating the heavy quarks at one loop leads to the
effective operator,

Lð5Þ ⊃
αDCϕ

4πmQ
ðyϕQGGþ yϕQ;5GG̃Þ þ

1

2
yϕνϕν̄LνL; ðC13Þ

where yϕν ¼ λ1λ2λ3hjHj2i=ðM1M2Þ. The decay of the
lightest glueball state 0þþ into neutrino via s-channel
ϕ-exchange 0þþ → ϕ� → νν is given by the amplitude,

M ¼ αDCyϕQyϕν
4πmQ

h0þþjG2ϕj0ih0jϕν̄LνLjSMi ðC14Þ

We obtain the glueball decay rate into neutrinos,

ΓGB ¼
�
αDCyϕQFS

0þ

4πmQ

�
2 Γϕ

ðm2
GB −m2

ϕÞ2 þm2
ϕΓ2

ϕ

;

GB → νν; ðC15Þ

where Γϕ ¼ y2ϕνmϕð1 − 4m2
ν=m2

ϕÞ3=2=8π is the ϕ decay
rate into neutrinos. Existing constraints on the mediator ϕ
coupling to neutrino arises from BBN, neutrinoless
double-beta decay, rare meson decay, neutrino scattering
in DUNE, high-energy neutrinos in IceCube [76]. In
Fig. 4, we set mϕ ≃ 1 GeV, yϕν ≃ 10−3 and yϕQ ¼ 1 to
circumvent all the aforementioned constraints while
maximizing the decay width in Eq. (C15) as a proof of
principle that glueballs can have a shorter lifetime than
via the Higgs portal explored in Sec. C 1. We now discuss
the fate of other light JPC states; 2þþ, 0−þ, 1þ− and 2−þ.
The CP-even state 2þþ can radiatively decay to the
lightest state by emitting a ϕ particle 2þþ → 0þþϕ.
The P odd states 0−þ and 2−þ can radiatively transition
to P even states Jþ− → Jþþϕ thanks to the presence of the
P-violating term yϕQ;5q̄γ5q in Eq. (C12). As for the Higgs
portal studied in Sec. C 1, the lightest C-odd state 1þ− is
stable but its abundance is subdominant to the observed
DM density if Λ≲10 TeV [10].

FIG. 10. Neutrino portal: A light scalar ϕ couples to neutrino through the Dirac portal shown in left diagram and to glueballs through a
loop of heavy quark as shown in right diagram.
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APPENDIX D: PHENOMENOLOGY

1. Indirect detection

Baryons can annihilate with antibaryons in the Galactic
Center where the dark matter density is at the highest. The
cross section reads [33,52],

hσBB̄vreli ∼
πR2

Bhvreliffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
Ekin=EB

p ∼
1

αDCm2
Q

∼ 10−24
cm3

s

�
10 TeV
mDM

�
2
�
0.1
αDC

�
; ðD1Þ

where Ekin ¼ NDCmQv2rel=2 is the kinetic energy, RB ≃
ðαDCmQÞ−1 is the baryon radius, EB ≃ 0.26C2

Nα
2
DCmQ is the

binding energy [33], and CN ¼ ðN2
DC − 1Þ=2NDC ¼ 4=3.

At large velocity, Ekin ≫ EB, the quarks wave packet
becomes smaller than the baryon size and the annihilation
cross section becomes the usual perturbative one
hσBB̄vreli ∼ πα2DC=m

2
Q. At low velocities, Ekin ≲ EB, the

annihilation cross section is equal to the geometric cross
section fixed by the baryon radius RB. The dominant
annihilation channel is the rearrangement of baryon and
antibaryon into unstable dark meson states that decay into
SM particles. The branching ratio of mesons into SM
particles in the final state is model dependent. We here
consider two benchmark scenarios corresponding to the two
SM portals introduced in Appendix C:
(1) Mesons decay solely to bottom quarks (Higgs

portal);
(2) Mesons decay solely to neutrinos (neutrino portal).

In the Higgs portal, we neglected that mesons can also
decay into WW whose upper limits are slightly more
constraining than with bb, and into tt whose upper limits
are almost indistinguishable from bb. We use the limits
from HESS [110], derived from 254 hours of observation,
assuming a standard NFWDM profile and local DM energy
density ρ⊙ ¼ 0.39 GeV=cm3. Ref. [74] already calculated
the upper bound on the DM annihilation cross section,
assuming annihilation into an intermediate state, for DM
mass up to 10 TeV. Following [105], we use their limit on
hσvi, divided by a factor 2, because in the present case DM
baryons are not self-conjugate and extended up to mDM ¼
70 TeV since the original HESS publication [110] provided
limits up to that range. The HESS constraints are shown in
brown in Fig. 3. For the neutrino portal, we assume that
meson decay solely into electronic neutrino. We use the
limits from ANTARES [77], derived assuming a NFW
profile. The smearing of the neutrino energy spectrum by
the one-step cascade is accounted by multiplying the upper
bound on hσvi by a factor ∼2 following [105]. We include
an additional factor 2 to account for dark antibaryons. The
ANTARES constraints are shown in brown in Fig. 4. See
also [111] for indirect detection signals assuming DM
annihilation into dark glueballs.

2. Cosmic microwave background

DM annihilation during the era of recombination can
inject additional energy into the SM bath, potentially
altering the observed spectral characteristics of the
CMB [112]. The efficiency of energy injection is quanti-
fied through efficiency factors, denoted as fieffðmDMÞ, and
derived in [113,114]. Since these depend mostly on the
total amount of energy injected, such limits do not depend
on the number of steps between the DM annihilation and
the final SM products [115]. Following [105], we then
place limits as follows:

hσBB̄vrelifieff < 8.2 × 10−26
cm3

sec
mDM

100 GeV
; ðD2Þ

where hσBB̄vreli given in Eq. (D1) and i ¼ bb̄ for the Higgs
portal scenario, see purple region in Fig. 3. Instead,
because of the evasive nature of neutrino, the neutrino
portal scenario do not lead to any CMB constraints.

3. Direct detection

In the Higgs portal we consider that the integration of the
single scalar ϕ in Eq. (C1) leads to

L ⊃ yQλHϕ
vϕ
m2

ϕ

vhhQ̄Q −
X
q

mq

vh
hq̄q; ðD3Þ

where q are SM quarks. In light of the coupling λHQ ¼ffiffiffi
2

p
λHϕðmQ=mϕÞ2 introduced in Eq. (C3), the latter

Lagrangian can be rewritten as

L ⊃ λHQ
vh
mQ

hQ̄Q −
X
q

mq

vh
hq̄q: ðD4Þ

Now integrating the Higgs boson we get

L ⊃ −
λHQ

mQ

1

m2
h

Q̄Q
X
q

mqq̄q: ðD5Þ

The resulting spin-averaged DM-nucleon cross section
is [116–118]

σN−DM
SI ¼ 1

π

λ2HQN
4
DC

m2
DM

�
μN−DMfN

m2
h

�
2

; ðD6Þ

where fN ¼ mN
P

q¼u;d;s

�
fðNÞ
Tq

þ 2
9
fðNÞ
TG

	
≃ 0.35mN is the

nuclear matrix element accounting for the quark and gluon
content of the nucleon, mN ≃ 1 GeV is the nucleon mass,
and μN−DM ¼ mDMmN=ðmDM þmNÞ is the reduced mass
of the DM-nucleon system. The first piece of the color
factor N4

DC ¼ N2
DC × N2

DC comes from mDM ¼ NDCmQ at
the denominator. The second color factor N2

DC accounts for
the coherent superposition of the NDC heavy quarks in each
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DM particle (the typical exchanged N − DM momentum
μN−DMv ∼MeV being much smaller than the inverse dark
baryon radius αDCmDM). In the red region in Fig. 3, we
show XENON1T bounds [75] assuming a rather large
coupling λHQ ¼ 0.01 (a choice which favors weaker BBN
constraints, see Sec. D 5). Instead, the neutrino portal is
secluded from direct detection.

4. Collider

In principle, the Higgs portal would receive collider
constraints on the Higgs mixing, e.g. [119]

tanð2θHϕÞ ≃
2λHϕvϕvH
jm2

ϕ −m2
hj
; ðD7Þ

at the level of θHϕ ≲ 0.1 for mϕ ∼OðTeVÞ and lighter
[120]. However the model possesses sufficient parameters,
e.g. vϕ, for θHϕ relevant for collider constraints and λHQ ¼ffiffiffiffiffiffiffiffi
λHϕ

p
mQ=mϕ relevant for the glueball decay in Eq. (C3), to

be independent quantities. For this reason, we do not
investigate collider constraints further, and refer the reader
to [33,121] for dedicated studies.

5. Big bang nucleosynthesis

a. Glueball decay

Glueballs are abundantly produced during the phase
transition until they follow an equilibrium distribution.
Glueballs then follow a short period of cannibalism until
their abundance freezes-out, see Appendix B 3, and finally
redshift like matter. Since they only communicate with the
SM through high-dimensional operators induced by loops
of heavy quark, glueballs are long-lived. They can occupy a
substantial fraction of the Universe at the time of their
decay, which is severely constraints by the successful
prediction of BBN.

b. Higgs portal

In the Higgs portal, the glueball decays mostly hadroni-
cally. The precise BBN constraints on such scenario have
been thoroughly studied in [73]. We apply their results
using the decay widths in Eqs. (C6) and (C7) and the
glueball abundance YGB in Eq. (B52). The resulting BBN
constraint is shown in green in Fig. 3.

c. Neutrino portal

Particles decaying into neutrino are far less constrained
than particles decaying into hadronic or electromagnetic
products [122,123]. As long as the glueball mass is smaller
than mGB ≲ 0.1 TeV, it is a good approximation [123] to
simply account for the change in effective number of
neutrino,

ΔNeff ¼
8

7

�
ρGB
ργ

��
11

4

�
4=3

����
T¼Tdec

¼ 8

7

�
11

4

�
4=3 4

3

mGB

Tdec
YGB;

ðD8Þ

where ργ denotes the photon energy density, Tdec the
photon temperature when glueballs decay, and YGB the
glueball abundance in Eq. (B52). CMB data [97] gives
Neff ¼ 2.99þ0.34

−0.33 and BBN predictions [124,125] leads to
Neff ¼ 2.90þ0.22

−0.22 . Instead, the predictions from the SM
suggest [126,127] Neff ≃ 3.045. The green region in
Fig. 4 shows the bound ΔNeff ≲ 0.3 in Eq. (D8), using
the decay width in Eq. (C15).

d. Latent heat

The latent heat L of the PT contributes to the energy
density of Universe as a cosmological constant. More
precisely, we can see from Eq. (A21) that in the regime
of instantaneous reheating, the temperature of the Universe
is kept constant during the completion of the phase
transition, in agreement with the interpretation of the latent
heat as a vacuum energy. The latent heat L of the PT can
modify the Universe rate of expansion. This effect can be
encapsulated within the effective number of neutrino relics
as demonstrated in

ΔNeff ¼
8

7

�
ρtot − ρν − ργ

ργ

��
11

4

�
4=3

≃ 6.7
L
T4
γ
; ðD9Þ

where ργ and ρν denotes the energy density of photons
and neutrinos. The BBN restriction ΔNeff ≲ 0.3 [128,129]
is applicable post neutrino decoupling below the temper-
ature Tdec ≃ 1 MeV where g�ðT < TdecÞ≡ 2þ ð7=8Þ · 6·
ð4=11Þ4=3 ≃ 3.36. Two distinct scenarios need to be con-
sidered separately:
(1) If the PT is reheated in the dark sector, then Eq. (D9)

and L ≃ 1.413T4
D for NDC ¼ 3 imply (Tc ≃ Λ),

TD

Tγ
≲ 0.42

�
ΔNeff

0.3

�
; ðD10Þ

(ii) If the PT is reheated in the SM sector, TD ¼ Tγ, then
we get instead Neff ≃ 9.5, implying that we must
enforce PT reheating temperature to be above the
neutrino decoupling temperature, Tc ≳ 1 MeV.

The latter scenario is the focus of our study. It is worth
noting that more stringent BBN restrictions have been
discussed, such as Tc≳3 MeV [130], or even Tc≳2 MeV
and 4 MeV in the context of electromagnetic and hadronic
decays respectively [131,132]. In this work, we get rid of
regions associated with latent heat injection during BBN
by cutting all our plots below Λ≲10 MeV.
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