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Oscillations of atomic energy levels induced by QCD axion dark matter
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Axion-gluon interaction induces quadratic couplings between the axion and the matter fields. We find
that, if the axion is an ultralight dark matter field, it induces small oscillations of the mass of the hadrons as
well as other nuclear quantities. As a result, atomic energy levels oscillate. We use currently available
atomic spectroscopy data to constrain such axion-gluon coupling. We also project the sensitivities of future
experiments, such as ones using molecular and nuclear clock transitions. We show that current and near-
future experiments constrain a finely tuned parameter space of axion models. These can compete with or
dominate the already-existing constraints from oscillating neutron electric dipole moment and supernova
bound, in addition to those expected from near future magnetometer-based experiments. We also briefly
discuss the reach of accelerometers and interferometers.
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We consider axion models, consisting of a pseudoscalar
field a with the following coupling to the gluon field
strength,
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where f is an axion decay constant, g, is a strong coupling
and G is the dual gluon field strength. Below the QCD
scale, the above axion-gluon interaction induces axion
coupling to the hadronic states. The pion mass depends
on the axion field as

m2(0) = B\/mﬁ + m3 + 2m,m cos 0.

Here 6 = a/f and B = —(gq),/f> with a pion decay
constant f, ~ 93 MeV. The resulting axion potential can
be described by V(6) = —m2(0)f2% to leading order [1].
Due to the 0-dependent potential, the axion relaxes to the
CP conserving vacuum, thereby solving the strong CP
problem dynamically [2-9].
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Axion oscillation around its minimum may comprise
dark matter (DM) in the present universe [10—12]. If so, the
pion mass develops a subdominant oscillatory component,
given by

S 2
mz,, = _%‘1292_ (2)
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Other nuclear quantities such as hadron masses and mag-
netic moments consist of similar oscillating contributions,
all induced by the effective quadratic coupling between the
axion and the matter fields. It results in a corresponding
time-variation of the atomic energy levels, which can be
probed by monitoring transition frequencies of stable
frequency standards. This method was suggested by
Arvanitaki et al. [13] for dilaton/scalar DM searches (or a
relaxion DM [14]), where the DM field naturally couples to
the field strength of the strong and electromagnetic inter-
actions as well as fermion masses. It was also suggested that
interferometry [15], as well as accelerometry [16], can be
used to probe the time-variation of fundamental constants
induced by DM. Various experimental techniques have been
used to search for such scalar-SM interactions [17-29]. See
Refs. [30,31] for recent reviews.

The goal of this work is to assess the possibility of
whether the axion-gluon coupling can be probed by the
same method, i.e., by monitoring atomic energy levels of
stable frequency standards. We claim that the same prin-
ciple can be applied to probe the coupling (1). We show the
current constraints and projections of future experiments as
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well as other constraints in Fig. 1. We explain the main
idea below.

For the purpose of demonstration, we consider the
ground state hyperfine transition in the hydrogen atom.
The hyperfine structure arises due to the interaction
between the electron magnetic moment and the magnetic
field generated by the proton magnetic moment. The
transition frequency of the ground state hydrogen hyperfine
structure is

_ 2 gymiet

fu ~ 1420 MHz,

37 m »
where g, = 5.586 is the proton g-factor. In the presence of
axion dark matter and the axion-gluon coupling, the proton
g-factor and proton mass develop a small oscillating
component, and so does transition frequency fy. The
fractional variation of hyperfine transition frequency can
be written as

O _ 09y _omy

fH gp mp

_ [olng, olnm,] sm2
~ [0lnm2  dlnmZ| m2
~10°15 x cos(2mt) ’ 3)

2 2
misfo

where we have defined m;s = m/107"% eV and f,, =
f/10'° GeV, and wused dlng,/dlnm3~-0.17 and
olnm,/dInm? ~0.06. For now, we take m and f as
independent parameters to investigate the reach of spec-
troscopy experiments for the axion-gluon coupling search.
Axion DM background does not change the fine structure
constant and electron mass to the leading order, so the
variation of those quantities is ignored. The dependence
of g, and m, on the pion mass is computed by using chiral
perturbation theory at the chiral order O(p?) [42-45]
and compared with lattice computations [46,47]. See
the Appendix for details. We have used 6°(t) =
(pom/m*f)[1 + cos(2mt)] with ppy ~ 0.4 GeV/cm?. A
constant offset is ignored as it is unobservable. Equation (3)
suggests that the axion-gluon coupling strength might be
probed by looking for a harmonic signal in 6f/fy at the
frequency @ = 2m.

The above discussion is more than an academic exercise.
A recent experiment performed by Kennedy et al. [24]
monitored hydrogen maser frequency (fy) together with
silicon optical cavity resonance frequency (fg;) to probe
scalar DM interactions to electromagnetic field strength
and electron mass. Since the silicon optical cavity reso-
nance frequency has a rather weak dependence on proton
mass, the fractional variation of frequencies is dominated
by that of hydrogen maser,
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FIG. 1. Constraints and future projections on the axion-gluon

coupling are summarized as follows: Rb/Cs clock comparison
(blue) [19], H/Si comparison (red) [24], lodine molecular
spectroscopy (brown) [28], GEO 600 gravitational wave detector
(orange) [22], torsion pendulum (pink dashed) [16], 2°Th nuclear
isomer transition (red dashed) [13,32], and strontium monohydr-
oxide (green dashed) [33]. The gray dotted line is f = M,,. The
diagonal gray line is allowed parameter space for the QCD axion,
m?f? ~ m2f2. Other bounds, such as oscillating neutron EDM
(purple) [34], supernova 1987A [35] (light cyan), comagnetom-
eter and NASDUCK [36,37] (gray), and axion superradiance [38]
(cyan), are also included for the comparison. Projections of
axion-nucleon interaction searches, such as CASPEr-electric
(blue dashed) [39] and NASDUCK (gray dashed) [37], are also
included. Spectroscopy bounds above the green solid line must be
taken carefully as the axion could develop a static profile around
the earth [40]. If such a static profile exists, it affects the
propagation of DM axion, but this parameter space is already
excluded by static neutron EDM experiments. The black dashed
lines denote the required number of copies of the standard model
to achieve the parameter space above the QCD axion line in the
model of Hook [41]. See the main text for details.
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Claimed short-term stability of transition frequency is
~3 x 10713 /\/Hz. Using Eq. (3) and 33 days of exper-
imental results obtained in Ref. [24], we place a constraint
on axion-gluon coupling, shown as a red line in Fig. 1.
Hydrogen maser is one example of many frequency
standards based on hyperfine structure. An earlier attempt
to probe scalar DM based on hyperfine transitions was
made by Hees et al. [19], where they used measurement of
rubidium (}Rb) and cesium (!3*Cs) hyperfine transitions.
For the hyperfine structure of heavier atoms, the parametric
dependence of transition frequency is similar (301,

f & gmga4/mpﬂ (4)

'In this work, we take m, = m, = my. While the mass
difference m, —m, also depends on @-angle, it only provides
a subleading correction.
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but the g-factor is replaced by that of the nucleus. The
nuclear g-factor can be written as a function of nucleon
g-factor and the spin expectation value of valence and core
nucleons. Using the result of Ref. [48] together with the
nucleon g-factor computed in the chiral perturbation theory,
we find

87Rb ,

133CS
9

dlng
olnm?

{ -0.024

5
+0.011 ®)
See the Appendix for details. The fractional frequency
variation is therefore
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where A = %Rb and B = '3Cs. Using the experimental
result of Rb/Cs fountain clock [19], we obtain a constraint
on the axion-gluon coupling constant, which is shown as a
blue line in Fig. 1. It is similar to the constraint from the
H/Si comparison test, but Rb/Cs constraint extends to a
much lower mass range due to its long experimental
timescale.

We have only considered hyperfine transitions so far. In
principle, any stable frequency standards can be used for
axion DM search as long as the transition frequency
depends on g-factor and/or nucleon mass. Another example
is a vibrational molecular excitation. Since the vibrational

energy level for a diatomic molecule depends on f; o
-1/2

U with the reduced mass y = my my, /(my, +my,),
we find
oo _ _10My o _jgms COS2mD) )
fib 2m, misfio

A recent experiment performed by Oswald et al. [28] used
molecular transitions in molecular iodine (/,) to probe the
variation of fundamental constants. We use their result to
place a constraint on axion-gluon coupling, which is shown
as brown in the summary figure. The constraint is relevant
for the relatively high mass end of the shown param-
eter space.

Better sensitivity to the variation of nucleon mass can be
achieved by considering nearly degenerate vibrational
energy levels in polyatomic molecules. It was shown in
Ref. [33] that a transition between nearly degenerate
rovibrational energy levels in strontium monohydroxide
(StOH) could yield 6f/f = Kém,/m, with K ~ O(10%).
The projected sensitivity from SrOH is presented as a green
dashed line in Fig. 1.

As a final example, we consider a nuclear transition.
References [49,50] suggested that an excitation in Thorium
could be used as a frequency standard with extraordinary
accuracy due to its anomalously low excitation energy and
long lifetime. The latest measurement of such nuclear clock

transition frequency is w = 8.3 eV [51]. This low-lying
excitation is due to the cancellation of binding energy from
strong and electromagnetic interaction. It suggests that
even a small variation either in nuclear binding energy or
electromagnetic binding energy will result in rather a large
variation in transition frequency. The variation of transition
frequency as a function of hadron mass is estimated in
Refs. [52,53]. Using their result, one finds

2
Ofm o (3 x 105) . (8)
f Th my

This large sensitivity coefficient is due to the cancellation
between nuclear and electromagnetic binding energy.
Assuming that noise is dominated by quantum projection
noise of nuclear clock and that #, = 10° sec of an
integration time [32], we obtain the reach of nuclear clock
transition for axion-gluon coupling in Fig. 1 (red dashed).

Let us now discuss limitations of the analysis as well as
other existing constraints for axion-gluon coupling in a
similar mass range.

We assume that the axion comprises entire DM and that
its field value on the surface of the earth is given by the
local DM density, i.e., 6(¢) = (v/2ppm/mf) cos(mt). The
gravitational potential of the sun might modify the field
value on the surface of the earth but such effect is generally
an order of (Ves/Vam)> ~ 1072 so that it can be ignored at
the level of precision of the current analysis [54].

A more concerning effect is the finite density effect due
to the sun or the earth. As is already shown in Fig. 1, current
constraints and future projections are above the QCD axion
line. This range of parameter space is fine-tuned parameter
space for minimal QCD axion models. For this parameter
space, it was shown by Hook and Huang [40] that the axion
potential inside the sun or the earth could have a minimum
at 6 # 0, developing static axion profile 0,(r) o ™" /1
(see also [55-57]). The green line in the figure corresponds
to the parameter space where the earth sources the static
axion profile. Such profile acts as an attractive potential for
dark matter axion field, and hence the field value on the
surface of the earth could be enhanced compared to its local
value. While we acknowledge that this effect is likely to
happen for a large part of the parameter space shown in the
figure, we do not include this effect in our analysis since
such parameter space is already constrained by experimen-
tal limits on neutron electric dipole moment.

We have argued that spectroscopy searches can constrain
or probe the parameter space well above the QCD axion
line, i.e. fine-tuned parameter space. It is worth noting that
such parameter space can be achieved in alternative QCD
axion models in a natural way. Using a large discrete
symmetry and N-copy of the standard model, it was shown
that the parameter space above the QCD axion line can be
obtained in a technically natural way [41,58,59]. More

specifically, from m?f? ~ N3/%(m,/m,)Nm2f2 [58], we
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find N ~ 50 x log [(m,/107'® eV)(f/10'® GeV)]. See the
black dashed lines in the figure.

Other atomic spectroscopy, interferometry, and acceler-
ometry experiments can also be used for searches for axion-
gluon interaction. Examples include frequency comparison
between mechanical oscillators [25], unequal arm-length
interferometry [23], interferometric gravitational wave
detectors [22,26], and torsion pendulum experiments [16].
All of these experiments depend on the change of nucleon
mass to some degree. Especially, the gradient of atomic
mass is VM, o« VO # 0 and this leads to a periodic force

in test masses, F 1+ =—VM,, in interferometric gravita-
tional wave experiments as well as in torsion pendulum
experiments, which could induce observable signals. As an
example, we show the constraint from the GEO 600
gravitational wave detector (orange) and a projection of
the future torsion pendulum experiment (pink dashed) in
the figure. For the torsion pendulum experiment, we use the
benchmark “upgrade” in Ref. [16].

We do not consider frequency standards based on the
electronic transition in this work. This is because electronic
transition frequencies scale as f o« Ma¢ with the reduced
mass M = m,My/(m, + My) so that the effect of axion
DM in electronic transition is always suppressed by
x m,/My with nucleus mass My. It would still be
interesting as a future direction to investigate the reach
of optical atomic clocks for axion-gluon coupling search
since uncertainties in optical clocks are much smaller than
in clocks based on hyperfine structures.

We compare spectroscopic experiments with other axion
searches for axion-nucleon interactions. The axion-gluon
coupling (1) inevitably induces nucleon electric dipole
moment (EDM), d,, ~ 2.4 x 10~'%@e - cm [60]. The axion
DM background leads to oscillating neutron EDM. By
measuring spin precession frequencies of neutron and
mercury, Abel et al. placed a strong constraint on axion-
neutron coupling below m < 1077 eV [34], which is shown
as the purple region in the figure. A similar constraint was
obtained from the EDM measurement of HfF* [61].

Magnetometers provide another way to measure axion-
nucleon coupling. The same axion-gluon coupling (1)
induces axial vector coupling of axion to nucleon, £ D
C,(0,a/2f)wy*ysy with C,,=-0.47 and C,, =—0.02 [62].
In the nonrelativistic limit, the way that the gradient of
axion couples to nucleon is similar to the way that magnetic
field couples to nucleon spin. Using magnetometers, Bloch
et al. placed constraints on axion-neutron axial-vector
coupling for a wide range of axion mass, 107> eV < m <
10713 eV [36,37]. The constraint on f (gray shaded) is
similar to the one from iodine molecular spectroscopy,
while future projection (gray dashed) could dominate the
supernova bound. In addition, the axion-nucleon coupling
can be searched with nuclear magnetic resonance (NMR)
[63,64]. The current constraint using NMR technique is
f = GeVatm=~ 107" eV [39], while future projection with

a much larger sample size (dark blue dashed) might reach to
the QCD axion parameter space.

It is interesting to compare the reach of spectroscopic
experiments with astrophysical and cosmological con-
straints. Axion-nucleon couplings provide an additional
energy-loss channel for stellar objects. Considering the
observation of neutrino flux from supernova SN1987A, the
axion-nucleon coupling is constrained as f > 4 x 108 GeV
[35] (see also alternative claim by Bar et al. [65]). Neutron
star provides additional constraints on axion-nucleon cou-
pling [66—72]. A recent study on the cooling of old neutron
stars provides f = 3 x 10 GeV [72], which is comparable
to the supernova bound.

Another interesting bound, which is not shown in Fig. 1, is
the constraint from big bang nucleosynthesis (BBN) [73].
Blum et al. took the cosmic dark matter density in the present
universe, extrapolated the field value to the value at the time
of BBN assuming the standard cosmological evolution
of axion, O(tgpy) = 0(19) min[<aO/aBBN>3/2’ (aO/am)3/2]
with a,, being scale factor at 3H = m, and computed the
modification of the helium 4 mass fraction due to the neutron/
proton mass difference arising from axion field [73]. This
bound constrains a large part of parameter space for the mass
range shown in the figure. The BBN bound might be avoided
if, for some reason, the extrapolation fails and 0(tgpy) < 1.
The deviation of proton-neutron mass difference from its
standard value becomes quickly negligible for moderately
small @ [74].

In summary, we have shown that the axion-gluon
coupling induces an oscillation in nuclear quantities in
the presence of axion dark matter and that it can be probed
by atomic and molecular spectroscopy as well as interfer-
ometry experiments. Similarly to dilatonlike DM [13] or
relaxion DM [14,32], atomic energy levels oscillate due to
the axion DM background, leaving harmonic signals in the
transition frequencies of stable frequency standards. By
using existing experimental searches for scalar DM-SM
interactions, we are able to place constraints on the axion-
gluon interaction. Current constraints are generally weaker
than existing constraints such as oscillating neutron EDM,
but some of them already compete with astrophysical
bounds e.g. SN1987A constraint. Future experiments based
on nuclear clock transition or molecular vibrational exci-
tation are expected to probe directly and model independ-
ently axion model in a region of parameter space that is
currently unexplored.

Note added. While this work was finalized, a related
work [75] appeared on arXiv, where the authors inves-
tigated the implications of the cosmological variation of 6.
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APPENDIX: -DEPENDENCE
OF NUCLEAR QUANTITIES

We detail the 8-dependence of nuclear quantities.
The nucleon mass at the one-loop or chiral order O(p?)
is [42-44]

3gam; (0)

— 4C1m721(0) - 327[f2 s

my(6) = (A1)

where m is the nucleon mass in the chiral limit, g4, = 1.27
is the axial-vector coupling, and ¢; = —1.1 GeV~!is a low
energy constant [45]. Therefore, we find

dln mpy

Sz =006 (A2)

where we have used f, = 93 MeV, and my = 939 MeV.
Alternatively, we can write dlnmy/dlnm2 = (c,y/my).
Current lattice computations predict 30 MeV <o,y <
70 MeV (see review [46]), which translates into
0.03 <olnmy/dlnm2 <0.08. We use Eq. (A2) for the
analy51s in the main text.

The nucleon g-factor can also be computed from the
chiral Lagrangian. At the chiral order O(p?), one finds [44]

g,% mymy (9)

0
9(0) = g5 = H T (A3)
gmym, (0
an(0) = g7 + BC) (A)
Therefore, we find

ol 1 &

Np AN 17 (A5)
dlnm; 9, 8nfz

alngn _ igﬁmNmﬂN

Sopz =025 (A6)

where we have used g, = —3.826 and g, = 5.586. The
actual value might be smaller than the above values. One
might extract isovector magnetic moment from form factors
computed by lattice simulation [47], and the resulting
dependence of g-factor on pion mass from such result is
a factor two or three smaller than Egs. (AS) and (A6). For
the purpose of order of magnitude estimation, we use
Egs. (AS5) and (A6).

The nuclear g-factor can be written as a function of
nucleon g-factor as well as spin expectation value of
valence and core nucleons. Following Ref. [48], one finds

olnm2 g,

o9 dlng, dlng, om2
Z_ |K —-0.17K
g "olnm2 P olnm2 Pl m?

With values of K, ,, given in [48], we find 6g/g =
—0.02(6m2/m2) for ¥Rb and &g/g = 0.01(5m2/m2)
for 133Cs.

The variation of nuclear clock transition in 2*°Th is
estimated in Refs. [52,53].

5 5 5
ﬂ:1.3x105< 129 10 g Om —43ﬂ>
Th my mp my my

2
o2 % 1052 (A7)

2 ’
E

where m, and my are the masses of A-baryon and vector
meson. Among contributions from different mesons and
hadrons, the pion contribution dominates all. It is straight-
forward to check that

5 P
OMN .13 (A8)
my my

5 sm

oA £ 0.03 (A9)
mp my

s sm
M+ 0.04 (A10)

my mﬂ

where the variance of A baryon can be obtained directly
from Eq. (62) in [76] or from 6,5 = m20m,/om2 =
20.6 MeV. The variation of vector meson mass is obtained
in [52,77].
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