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We forecast the ability of bispectrum estimators to constrain primordial non-Gaussianity using
future photometric galaxy redshift surveys. A full-sky survey with photometric redshift resolution of
0,/(1 4 z) = 0.05 in the redshift range 0.2 < z < 2 can provide constraints (1) = 3.4, o(f") = 15,
and o(f") = 17 for the local, equilateral, and orthogonal shapes, respectively, delivering constraints on
primordial non-Gaussianities competitive to those from the cosmic microwave background. We generalize
these results by deriving a scaling relation for the constraints on the amplitude of primordial non-Gaussianity
as a function of redshift error, depth, sky coverage, and nonlinear scale cutoff. Finally, we investigate the
impact that photometric calibration errors on the largest scales will have on the constraining power of future
experiments. We show that peculiar velocities reconstructed via kinetic Sunyaev Zel’dovich tomography can

be used to mitigate the impact of calibration errors on primordial non-Gaussianity constraints.
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I. INTRODUCTION

Measurements of the cosmic microwave background
(CMB) anisotropies [1,2] and large galaxy redshift
surveys [3,4] have firmly established the current six-
parameter cosmological standard model, ACDM. Within
ACDM, the primordial density fluctuations that underlie
the CMB anisotropies and that seeded the large-scale
structure (LSS) of the Universe are assumed to be nearly
Gaussian. The discovery of deviations from Gaussianity
would yield important information about the history of the
early Universe and the fundamental interactions at play,
with immediate consequences for both cosmology and
particle physics (see [5-9] for reviews on non-Gaussianity).
This tantalizing prospect has driven a tremendous effort in
observational cosmology to place constraints on the ampli-
tude of primordial non-Gaussianity (PNG), primarily
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through the study of three-point correlation functions,
e.g. the bispectrum in momentum space.

The bispectrum dependence on its three momenta, subject
to momentum conservation, is described by its so-called
shape function. It is often convenient to employ an (incom-
plete) basis of three such shapes or templates (local, equi-
lateral, and orthogonal; see [10,11]) to capture the predictions
associated with various models of inflation. One may also
quantify the degree to which a given shape is well described
by a linear combination of the standard templates by defining
a scalar product among bispectrum shapes [12]. The tightest
existing constraints on the amplitude of PNG come from the
Planck mission [13], with statistical errors of (i) ~ 5,
o(f3) ~ 47, and o( ) ~ 24, CMB-S4 is expected to
improve these constraints by roughly a factor of 2 [14]. A
natural target for future constraints on PNG is that of a
sensitivity o(fnr.) < 1. This is because a non-Gaussianity of
order one or larger would be very suggestive of a multifield (or
multiclock) realization of inflation [15-23]. It is worth
stressing that multi-field models, besides being eminently
testable, are also the most likely scenarios from the top-down
perspective [24].
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Given that Planck has exhausted nearly all of the
information from the primary CMB temperature aniso-
tropies, in the near future progress on non-Gaussianity will
have to rely mostly upon measurements of the LSS, which
fills the volume of the observable Universe between us
and the CMB sky and as such is, in principle, far more
constraining.

Current bounds on PNG from measurements of the
galaxy bispectrum in spectroscopic surveys [23,25-27],
as well as those stemming from the scale-dependent
bias [28,29] in the quasar power spectrum [30] and other
tracers [31], are order(s) of magnitude away from the
o(fn) ~1 goal. However, near-term spectroscopic
redshift surveys promise to match [32] CMB constraints
and perhaps achieve o(fnp) ~ 1, at least for the local
shape [33]. Similar constraints for the other shapes may be
more difficult [34] even with futuristic spectroscopic
surveys such as MegaMapper [35].

Spectroscopic surveys have the advantage of retaining
truly three-dimensional information about the density field
but present the challenge of relatively low number densities
due to limited observation time. Photometric surveys can be
complementary, providing large number densities at the
cost of missing much of the information about the density
field along the line of sight. Forecasts indicate that photo-
metric redshift surveys such as the Large Synoptic Survey
Telescope (LSST) can produce statistical error bars on fy,
that improve on existing constraints and may be compa-
rable to what is obtained with spectroscopic surveys [36].

Using the measured galaxy bispectrum to constrain PNG
comes with several challenges. First, there are a number of
modeling considerations for comparing measurements to
theory, including relativistic light-cone and redshift-space
effects (e.g. [37-39]) and the modeling of nonlinear
physics (see e.g. [40,41]). Another challenge, which
will be the main focus of this paper, is large-angular-
scale systematic effects present in photometric surveys
or spectroscopic surveys (such as the Dark Energy
Spectroscopic Instrument) whose targets are determined
by imaging. These systematics include atmospheric blur-
ring, unaccounted-for Galactic dust, and imperfect star-
galaxy separation, among other effects [42—44]. The largest
scales are most affected because the larger the separation
angle, the more time passes during the measurement and
varying observational conditions lead to calibration errors.
Excessive power has been found in several surveys [45-50]
suggesting photometric calibration error, especially on
the largest scales. As a result, information on these scales
might not be accessible for the estimation of cosmological
parameters and one may have to consider a large-scale
cutoff.

In this paper, we forecast the impact of this large-scale
cutoff on PNG constraints from future redshift surveys. We
work in the light-cone basis and within a simplified model,
considering only linear scales and ignoring redshift space

distortions and relativistic light-cone effects. Note that the
strongest contributions from redshift space distortions to
the density field are on large angular scales [51] we discard.
In the light-cone basis, we propose that a modified version
of the Komatsu-Spergel-Wandelt (KSW) estimator [52,53]
can be applied to sets of redshift-binned galaxy maps as an
optimal and unbiased estimator for the local, equilateral,
and orthogonal bispectrum shapes. We present a simple
scaling relation for the estimator variance in the light-cone
basis and demonstrate that the estimator variance increases
significantly for the local and orthogonal shapes when the
largest angular scales are polluted by systematic effects. We
then propose that there is an opportunity to restore much of
the missing large-scale information using the peculiar
velocity field on large angular scales, reconstructed using
the technique of kinetic Sunyaev Zel’dovich (kSZ) tomo-
graphy [54-59]. Because kSZ tomography reconstructs
velocities on large scales from small-scale statistical
anisotropies, we do not expect the large-scale velocity
field to suffer from the same systematic errors as the galaxy
survey. We explore to what extent reconstructed velocities
can mitigate information loss due to large-angular-scale
systematic effects in galaxy surveys.

II. POWER SPECTRA AND BISPECTRA
ON THE LIGHT CONE

We consider redshift-binned angular maps of the density
and velocity, which for the linear modes we consider in this
paper are described by the multipole moments

d*k
X p— _—
Ao / (271’)3

where X € {6% v*} denote the density or velocity field in a
redshift bin @, R(k) is the comoving curvature perturba-
tion, and 7%X(k) are bin-averaged transfer functions
defined by

TX(K) R Y%, (k). (1)

1 i
TX(k) / ATk, 7). 2)

A r r?in

where r is comoving radial distance. The bin width is

defined by the bin boundaries Ar = rP* — rin and
To(k,r) = 4ni’ Ds(k, r)j (kr), (3)
djs(k
To(k, ) = —4nit D, (r) L) ()

or

In the following, we assume that the dark matter density
field can be related to the galaxy density field by a known
linear bias and therefore use the term “density” inter-
changeably for galaxy number density and dark matter
density.
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Using the definitions above, the angular power spectrum
of two fields {X;,X,} is given by

C3¥ = 4g / din(k) T (k)T (k)Pr(k),  (5)

where Px(k) is the power spectrum of the comoving
curvature perturbation. The angle-averaged bispectrum
between three fields {X;, X,, X3} is defined as

BYSX _ (2¢; +1)(2¢, +1)(2¢5 + 1)
By o, NL ir
4y 6 0
(00 )=, ©

where the reduced bispectrum bf ‘s ;( }

defined for separable shapes, whose three-point function is

can be simply

(RRR) Zf 2)h) (ks) + 5 perm.  (7)

The functions £ (k,), g (k,), and h() (ks) are determined
by the shape, and we have

fdc
bX1X2X3 _
61665

x ’C);j ¢!

Carr Z [ L )(r)

: ](r)’CZ“ [hD](r) + 5 perm].  (8)

where Ny, gives the number of functions required;
Nt = 1 for the local shape and Ny,. = 4 for the orthogonal
and equilateral shapes. Following the notation of [60], the
K functionals appearing in Eq. (8) map the shape functions
from Fourier to harmonic space, e.g.

KEFO)(r) =2 / ® AR fO RN TR (kr). (9)

7.Jo

The transfer functions 7% are computed using CAMB [61].
We find that an accurate computation of the reduced
bispectrum requires fine sampling in both radial comoving
distance and momenta.

III. ESTIMATOR

A general and optimal estimator for the amplitude of
non-Gaussianity is [62,63]

o= 30 (B
{¢;m; X}
{[(C a))ffllml(c_ a)fqmz(c a)i’f;m;]
— (€))7 e, (€T @), + eyelicly,  (10)

Cim£omy

-1\ X1 X2
where (C )flmlfzmz

defined by C}2, = (Xz,X/,,,). For statistically iso-
tropic fields, we restore the power spectrum defined in
Eq. (5) via C’;X/ = C);fn(;,m,éﬁ/ém_m/. With this assumption,
the normalization 62 describing the variance of the estimator
reads

is the inverse of the covariance matrix

1 X, XX X4 X5X,

J— 14243 * 42546

2 E : E , (Bl)flfzf3 (Bl)f,f2f3
(X)) €1.02.05

x[(Cp ey . an

where B* is the complex conjugate of the bispectrum. In our
forecasts below, we will be mainly interested in the estimator
variance Eq. (11). Where relevant, we assume that the
impact of fractional sky coverage fg, due to masking
can be incorporated through 6> — 6%/ f.

Multiple approaches to reduce the complexity of the
estimator have been introduced [64,65]. In this work, we
will apply the KSW estimator [52,53], which reduces the
scaling with the maximal multipole £, from O(£%,)
to O(l’ﬂ?nax)

Applying the estimator to Ny;, 2D maps, such as those
obtained from photometric redshift surveys, leads to
another computational challenge. The sum over the six
different X; in Eq. (11) leads to a scaling of O(NS, ), where
Npin 1s the number of bins. Future photometric surveys
will be able to divide redshift space into O(10-100)
bins [33,66], implying that there is a steep computational
penalty. Fortunately, with increasing numbers of redshift
bins, and at sufficiently high #, the bin-bin correlations
become concentrated near the diagonal. As we demonstrate
in more detail below, for the density modes nearly all of the
estimator variance is captured even when bin-bin correla-
tions are completely ignored, dropping the total computa-
tional cost of the estimator to O(Np,, X £3,.). When
velocities are included, there are significant bin-bin corre-
lations, but these are nevertheless of relatively compact
support in bin space, and the range in £, we consider
below is sufficiently small that it is still computationally
feasible to evaluate the estimator. For the near-term photo-
metric redshift surveys such as LSST, with Ny;, ~ 20 and
an 7, that includes all linear scales, we estimate this to be
roughly 100x the computational cost for the similar
analysis of Planck data [13].

IV. FORECAST SETUP

Our first goal is to forecast the constraining power of LSS
measurements for primordial non-Gaussianity, including
limited redshift resolution (as a model for photometric galaxy
redshift surveys), restricting to linear scales, and subject to
large-angular-scale systematics. In our forecast, we neglect
redshift space distortions, magnification bias, and other
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contributions to the observed galaxy number counts. While
including these effects will have some numerical impact on
our forecast, we do not expect them to change our con-
clusions. For all our forecasts, we use the Planck 2018 best-fit
cosmology [1] and assume full sky coverage.

We further assume a linear galaxy bias and that shot
noise can be neglected in measurements of the galaxy
density over the redshift range 0.2 < z < 2; this is a
reasonable assumption for future surveys such as LSST.
We consider three fiducial redshift uncertainties,
6./(1+z) ={0.05,0.02,0.005}, which are used to map
onto a number of redshift bins Ny, = {20, 48, 185} over
the redshift range we consider. The largest of these
uncertainties could be obtained by near-term surveys such
as LSST and SPHEREX, while the smallest uncertainty is
chosen based on target parameter constraints. The smallest
angular scales we consider, i.e., the maximal multipole
¢ max» for the density field at a given redshift is set by the
nonlinear scale kyp (Z) by

max (2) ~ kn (2)r(2), (12)

where Z is the mean redshift of the redshift bin and r(z) its
mean radial comoving distance. We define the nonlinear
scale kyp as the scale where the linear power spectrum
deviates more than 1% from the nonlinear one. We used the
HMocode 2020 [67] to calculate the nonlinear power spectrum.
Note that 7, increases with redshift both due to the
growth of structure and the projection.

In addition to the density field, we consider the peculiar
velocity field as reconstructed using kSZ tomography. This
technique exploits the statistical anisotropy in the cross-
correlation of the CMB temperature anisotropies and a
galaxy survey to reconstruct the radial peculiar velocity
field. The reconstruction has the highest fidelity on large
angular scales, and therefore when velocities are considered
below, we use £, , = 20 to ensure that we are well within
the signal-dominated regime [57].

V. RESULTS

First, we investigated the dependency of the estimator
variance on the redshift resolution, varying the number of
bins between 1 < Ny;, < 128 for the density field, and
found that the scaling is a power law in the number of bins

o(fa) « 1/NUZ, (13)

where the parameter y depends on N;,. If the bins are
uncorrelated independent of their size, we expect y = 1 as
we sum over Ny;, maps in Eq. (11). In reality, there are bin-
bin correlations that encode radial density perturbations,
which will be more important as the bin size is decreased.
However, computing the forecasted estimator variance
when including all bin-bin correlations we find that
y =1 is a reasonable approximation for the redshift

TABLE 1. Results of the forecast of o(fy;) for a full-sky
density survey in the redshift range 0.2 < z < 2. Results are
presented for different numbers of bins Ny;, determined by the
redshift resolution o./1 + z.

o, /1+z Nyin Local Equilateral Orthogonal
0.05 20 34 15 17
0.02 48 2.1 8.5 10
0.005 185 1 4.3 5.2

resolutions we consider—the constraining power of near-
term surveys is therefore mainly coming from angular
correlations. Ignoring the correlation leads to an overesti-
mate of the estimator variance between 5% and 15%
depending on the shape and redshift resolution. We neglect
bin-bin correlations for the density field in the following;
the correlated result gives strictly better constraints mean-
ing the presented results are an upper bound.

In Table I, we present the 16 constraints on fyy using the
density field only, in the uncorrelated bin approximation.
The results for the lowest redshift resolutions (top two
rows) are competitive with current and forecasted CMB
constraints [13,14]. To reach o(fy;) <1, the required
resolution is roughly o/(1 + z) = 0.005. This implies that
practically speaking a spectroscopic survey is required to
reach o(fni) < 1 over the redshift range we consider.

Another way to increase the sensitivity is by extending
the redshift range to higher redshifts. At the lowest red-
shifts, the linear regime only spans up to £ ,,x = 50, while
the highest redshift bin reaches 7, > 800—there are
many more linear modes at high redshift. The # range could
also be increased by an ansatz to describe fluctuations on
nonlinear scales. Applying Eq. (12), the nonlinear scale
varies in the range 0.05-0.15 Mpc~! depending on the
redshift. Assuming the model to describe the nonlinear
scales that allows us to increase the nonlinear scale by a
factor &y, then the £ range would increase by the same
factor.

Varying the parameters of the forecast, we obtain the
scaling relation

i — 2

~ Ay 1 <0£5)2 <r(z 2)> i (14)
vV fsky T+z r(Zmax) éNL

with Ay being 3.4 for the local shape and 15 and 17 for the
equilateral and orthogonal shapes, respectively; the maxi-
mal redshift is expressed in terms of the comoving distance
(Zmax )» Where one factor of 1/r(z.) is accounted for by
the relation between the uncertainty and the available area,
ie., o(fa) & 1/VA with A & fgy7(2ma)?. The second
factor of 1/7(zma) arises due to o(fni) « mix and
€ max % (Zmax); see Eq. (12). The scaling relation only
holds if shot noise can be neglected, which might no longer
be the case if z,,,, or &y, become too large.

o(fxe)
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FIG. 1. Results for o(fy;) with truncated low multipole. In

bold, o(f%; ) of the density map in dependence on the #,,. The
dashed lines show o(f3[") when including low-£ velocity

multipoles to the bold lines. For both lines we used Ny;, = 20.

Finally, we studied how photometric calibration errors
and other large-angular-scale systematics [42] affected the
forecast. We demonstrate this by truncating the fiducial
model describe in Sec. IV at the largest scales as shown in
Fig. 1. The bold lines show the forecasted constraints on fy;,
as a function of the lowest multipole iy, i.e., 6(fRp, ).

For the local shape, the percentage deterioration is the largest
because the dominant contribution comes from configura-
tions combining large and small scales. The dominant
contribution for the equilateral shape comes from combining
equal scales; thus, removing large scales does not impact the
estimator as significantly as it does for the local shape.
The lost information can be partially restored by
including velocities. The dashed lines in Fig. 1 show the
combined estimator o(f%;", ) of the truncated density
field together with the low-Z velocity field up to
Cmaxv = 20. When including velocities it is necessary to
consider bin-bin correlation as large parts of the informa-
tion come from the correlation. We consider all possible
combinations of density and velocity, i.e., (X, X,, X3) €
{(6,6,6),(6,6,v),(6,v,v), (v,v,v)} plus permutations.
The scaling of the estimator remains the same albeit with
a different amplitude. By comparing the truncated uncer-
tainty o( fgLfmm) and the velocity-only uncertainty o(fy; )
at Z i, We can then accurately extrapolate the value for
o( i{;‘m“) at £ nax.»» Without computing the fully correlated

estimator at large 7.

For the local and orthogonal shape, large parts of the lost
information can be restored. The velocities are therefore
able to reduce the information loss of large-scale uncer-
tainties to less than 15% as long as & .x » = € imin-

VI. CONCLUSION

In this paper, we studied the constraining power
of photometric redshift surveys on primordial

non-Gaussianity. In Table I, we present the results of our
analysis, which shows that upcoming photometric surveys
will be able to perform measurements of non-Gaussianities
that are competitive with upcoming CMB surveys [14]. For
attainable photometric redshift errors, we showed that
nearly all of the variance for the KSW estimator is
accounted for by considering only angular correlations,
rendering an analysis of near-term surveys computationally
feasible. The expected constraints promise to be competi-
tive with current and upcoming CMB constraints. However,
reaching the target of o(fyy) < 1 from the bispectrum
using only the linear scales is likely not attainable with
future photometric surveys. A less conservative treatment
of the nonlinear scales provides a promising way to
improve the constraints as the number of multipoles in
Eq. (12) scales linearly with the nonlinear scale leading to
an inverse linear scaling for the estimator. The addition of
these higher multipoles will, on the other hand, require a
more careful treatment of shot noise.

Further, we investigated the impact of the large-angular-
scale systematics afflicting photometric redshift surveys.
Such systematics significantly affect constraints on the
local and orthogonal shapes. We demonstrated that, to a
large part, the losses can be negated by including the
reconstructed radial velocity field obtained by kSZ tomo-
graphy. Velocity reconstruction is expected to work best on
large angular scales, making velocity reconstruction
an ideal complement to the error-plagued large-scale
density maps.

Our findings are summarized in the scaling relation in
Eq. (14), which provides an estimate of the constraining
power on primordial non-Gaussianities for upcoming
photometric galaxy surveys. The scaling relation holds
as long as noise can be neglected.

We have studied the uncertainty of the bispectrum
estimator to forecast constraints on fy;. Estimation of
non-Gaussianities of a given photometric survey requires
evaluating Eq. (10). For the first-generation photometric
galaxy surveys such as DES [3], the constraining power is
rather limited, o(fy;.) &~ O(100), primarily due to low sky
coverage and low photometric redshift resolution.

To summarize, in this work we showed the remarkable
constraining capabilities that future photometric galaxy
surveys have on primordial non-Gaussianity. They can
provide an independent measurement with a constraining
power comparable to that of CMB measurements.
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