
Heavy neutral 2HDM Higgs boson pair production at CLIC energies

Majid Hashemi * and Marieh Molanaei†

Physics Department, College of Sciences, Shiraz University, Shiraz 71946-84795, Iran

(Received 29 June 2023; accepted 20 July 2023; published 8 August 2023)

In this work, the neutral Higgs boson pair production is analyzed at the Compact Linear Collider (CLIC)
to be operating at center of mass energies

ffiffiffi
s

p ¼ 1400 GeV (stage 2) and
ffiffiffi
s

p ¼ 3000 GeV (stage 3). The
Higgs bosons to be searched for are neutral CP even (H) and CP odd (A) within the framework of two
Higgs doublet model (2HDM) in the mass range 300 < mH=A < 1000 GeV. All types of CP-conserving
models are studied and the signal observability is evaluated, taking into account the main SM background
processes like ZZ, tt̄, and the SM-like Higgs boson associated production (hZ). Results are presented for a
set of model parameters and Higgs boson masses in terms of signal distributions over the background as
well as the integrated luminosity needed for 5σ discovery. It is shown that the heavy mass region is well
observable at CLIC in types 3 and 4 in the regions not excluded by LHC so far, while in type 1 the signal
observation is challenging due to the large jet multiplicity in the tt̄ final state.

DOI: 10.1103/PhysRevD.108.035012

I. INTRODUCTION

Over the past few decades, the Standard Model (SM) of
particle physics has been the most reasonable theory of
subatomic interactions between elementary particles. The
underlying framework, which is based on quantum field
theory (QFT), describes the strong, electromagnetic and
weak interactions.
One of the biggest achievements of the Large Hadron

Collider (LHC) is the observation of a new boson that is
considered to be the candidate for the missing element of
SM, i.e., the Higgs boson introduced through the Higgs
mechanism [1–6]. The announcement by the two collab-
orations, CMS and ATLAS [7,8], at the LHC experiment
led to the Physics Nobel Prize in 2013.
The properties of the observed particle have been

verified in various analyses by CMS ([9–12]) and
ATLAS ([13–16]). Despite the overall agreement of the
measurements with SM predictions, there are still several
open problems that motivate theories beyond SM (BSM)
including matter-antimatter asymmetry [17], the origin of
dark matter that is not contained in the SM [18,19], the
sensitivity of the muon anomalous magnetic moment to
new physics and its current 3 to 4 standard deviation from
SM prediction [20], and the hierarchy problem, i.e., the

large difference between the Higgs boson mass (125 GeV)
and the Planck mass (1019 GeV), etc.
The stability of the observed hierarchy with respect to the

quantum corrections to theHiggs bosonmass is amotivation
for below TeV-scale supersymmetry [21,22]. The theory of
supersymmetry provides a natural solution to the hierarchy
problem by introducing superparticles that contribute to
counterterms in the perturbative series of corrections to the
Higgs boson mass. In its minimal form, MSSM needs an
extendedHiggs sector beyond the SM structure [22]. It turns
out that for a supersymmetric theory to work, at least two
Higgs doublets are needed to givemasses to the particles and
their superpartners [23,24]. This is not, of course, the only
reason for extendedHiggs sectors but is considered as one of
the main motivations for the two Higgs doublet model
(2HDM) [25,26], which was first introduced as a model
for CP violation and natural flavor conservation [27–29].
Because of the more degrees of freedom in the model,
2HDM describes the flavor physics observables [30,31]
and electroweak precision measurements [32] better than
the SM.
The building blocks of the Higgs sector of the two Higgs

doublet model consist of two complex scalar doublets Φ1

and Φ2 with their corresponding vacuum expectation
values v1 and v2 under the requirement of

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
v21 þ v22

p
¼

246 GeV [33,34]. This is a natural expansion of the SM
Higgs sector to two doublets. One of direct consequences
of having two complex doublets is the multiplicity of the
Higgs bosons: two CP-even scalars h, H, a CP-odd
pseudoscalar A and the charged Higgs bosons H�.
At the alignment limit [35–37], the 2HDM partially

aligns with the SM in the sense that one of the Higgs
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bosons acquires the same properties as the SM Higgs
boson. This alignment is to confirm the observation of the
new boson at the LHC which is usually assumed to be the
lightest 2HDM scalar (hSM), although there is the so-called
twisted scenario where the aligned boson is not the
lightest [38].
In a CP-conserving scenario, there are four types of the

model characterized by the Higgs boson couplings with
up/down-type quarks and leptons that are functions of the
ratio of the vacuum expectation values denoted by tan β.
Therefore tan β plays the key role in 2HDM pheno-
menology [39].
The SM Higgs boson studies are going on at the LHC

including pair production (hh) in different final states by
CMS [40–44] and ATLAS [45–48]. However, 2HDM
Higgs bosons are searched for in single production mode
by CMS [38,49–51] and ATLAS [52–54]. The above
scenarios are based on A → Zh, A → ZH, H → ZA, or
H → hh with the mother particle produced in proton-
proton collisions. The Higgs conversion modes studied
by both CMS and ATLAS are limited to the kinematic
requirement jmA −mh=Hj > mZ. Therefore, there are
open regions in the 2HDM parameter space especially
along the equal masses line mA ¼ mH favored by Δρ
requirements [55–58].
While LHC analyses continue to search for extra Higgs

bosons, other experimental scenarios are also under con-
sideration including LHC luminosity upgrade [59,60] and
future lepton colliders, CLIC [61,62], ILC [63], FCC [64],
and CEPC [65].
The lepton colliders are of interest due to the following:
(1) providing a cleaner collision event environment and

lower QCD background due to the less hadron
activity compared to hadron colliders,

(2) better knowledge of the effective center of mass
energy and the beam spectrum compared to hadron
collisions where parton distribution functions play
an important role and

(3) kinematic constraints which make event
reconstruction easier. The latter is exploited in the
current analysis and will be described in more detail.

In recent works, several search scenarios were
introduced within type 1 [66–69], type 3 [70,71], and
type 4 [72–74]. These analyses are dedicated to lepton
colliders but do not cover the heavy neutral Higgs boson
masses beyond 500 GeV. In the current analysis, we
explore heavy neutral Higgs bosons with masses up to
1000 GeV at CLIC center of mass energies of 1400 and
3000 GeV known as stages 2 and 3, respectively. Details
of the analysis will be presented after a theoretical
introduction.

II. THEORETICAL FRAMEWORK

Consider the scalar Higgs sector of the SM Lagrangian
as described in the Higgs mechanism:

LSM
Φ ¼ ðDμΦÞ†ðDμΦÞ − VSMðΦÞ ð1Þ

where Dμ is the covariant derivative and Φ is the complex
scalar doublet in the spinor representation of SUð2ÞL:

Φ ¼
�
ϕþ

ϕ0

�
: ð2Þ

The renormalizable Higgs potential using one doublet takes
the form

VSM ¼ −μ2Φ†Φþ λðΦ†ΦÞ2 ð3Þ

with μ and λ as the free parameters of the model describing
the mass term and quartic self-interactions among scalars.
In this form, λ is required to be positive for the vacuum
stability and a nonzero vacuum expectation value is
obtained provided that μ2 > 0.
Extensions of the SM have been extensively studied in

the literature, including the real scalar extension [75–81],
complex scalar extension [82–86], inert doublet model
[87–91], and inert doublet plus a complex scalar [92].
These scenarios try to address the two problems of the
nature of dark matter and the origin of the baryon
asymmetry. The two Higgs doublet model is also one of
the simplest SM extensions with an additional complex
scalar doublet:

Φi ¼
 

ϕþ
i

ðvi þ ρi þ iηiÞ=
ffiffiffi
2

p
!
; i ¼ 1; 2; ð4Þ

and the Lagrangian

L2HDM
Φ ¼

X
i¼1;2

ðDμΦiÞ†ðDμΦiÞ − V2HDM ð5Þ

with a symmetric potential including mass terms and
Higgs-self interactions as follows:

V2HDM ¼ m2
11Φ

†
1Φ1 þm2

22Φ
†
2Φ2 −m2

12ðΦ†
1Φ2 þΦ†

2Φ1Þ

þ 1

2
λ1ðΦ†

1Φ1Þ2 þ
1

2
λ2ðΦ†

2Φ2Þ2

þ λ3ðΦ†
1Φ1ÞðΦ†

2Φ2Þ þ λ4ðΦ†
1Φ2ÞðΦ†

2Φ1Þ

þ 1

2
λ5½ðΦ†

1Φ2Þ2 þ ðΦ†
2Φ1Þ2�: ð6Þ

The neutral Higgs bosons are obtained through a rotation
in the ρi and ηi spaces with mixing angles α=β for the
CP-even/odd Higgs bosons:
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h ¼ −ρ1 sin αþ ρ2 cos α

H ¼ ρ1 cos αþ ρ2 sin α

A ¼ η1 sin β þ η2 cos β

while the charged Higgs is related to the charged fields ϕ�:

H� ¼ ϕ�
1 sin β þ ϕ�

2 cos β: ð7Þ

The mixing angle β is also related to the ratio of vacuum
expectation values through

tan β ¼ v2
v1

: ð8Þ

The Yukawa Lagrangian for the Higgs-fermion interaction
with fermions follows the usual form for CP-even Higgs
bosons (h, H) while for CP-odd Higgs boson A takes
additional iγ5 in the vertex:

LΦ ¼ mf

v

X
f¼u;d;l

f̄ fðhþ ρfHH − iρfAγ
5AÞ: ð9Þ

This is the form of Higgs-fermion interactions at the
alignment limit (β − α ¼ π=2) where the light Higgs
coupling with fermions is equivalent with SM predictions.
The heavy Higgs boson coupling with fermions, however,
deviates from the SM form ofmf=v by the ρ

f
H=A values. The

ρfH takes the following forms for different types of the
model as presented in Table I. The ρfA equals ρfH but takes
an extra minus sign for f ¼ u. The Higgs-gauge couplings
scaled to their corresponding SM values are

g2HDMhVV

gSMhVV
¼ sinðβ − αÞ

g2HDMHVV

gSMhVV
¼ cosðβ − αÞ: ð10Þ

The alignment limit requires sinðβ − αÞ ¼ 1, thus leading
to gaugophobic heavy Higgs bosons while the light 2HDM
Higgs boson fully coincides with the SM prediction in
terms of the couplings with fermions and gauge bosons.

III. CROSS SECTION AND DECAY RATES

The signal process under study is e−eþ → Z� → HA in
the four fermion final state as shown in Fig. 1 with the
second vertex set to

gHAZ ¼ −g sinðβ − αÞ
2 cos θW

ð11Þ

which is maximum at the alignment limit. The light Higgs
production, i.e., e−eþ → Z� → hA, involves ghAZ ∝
cosðβ − αÞ and vanishes due to suppression of the vertex
under the same circumstances.
As for the signal cross section, one can start from the

usual differential form of

dσ
dΩ

¼ 1

64π2s

pf

pi
hjMfij2i ð12Þ

where in the center of mass frame, pi ¼
ffiffiffi
s

p
=2 and pf ¼

1
2
ffiffi
s

p
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
λðs;m2

H;m
2
AÞ

p
with λ being the Källén function

defined as λðα; β; γÞ ¼ α2 þ β2 þ γ2 − 2αβ − 2αγ − 2βγ.
In this case one can write λ as ½s − ðmA þmHÞ2�×
½s − ðmA −mHÞ2�. The matrix element consists of the Z
boson propagator, vertex couplings, and the electroweak
coefficients (geV ≃ −0.04 and geA ¼ −0.5 according to the
Particle Data Group [93]) which lead to the following form
for the integrated total cross section as a function of the
collider center of mass energy

ffiffiffi
s

p
and the Higgs boson

masses mH and mA:

σ ¼ πα2ðg2V þ g2AÞ½½s − ðmA þmHÞ2�½s − ðmA −mHÞ2��32
48s2sin4θWcos4θW ½ðs −m2

ZÞ2 þm2
ZΓ2

Z�
:

ð13Þ

According to the above form of Eq. (13), the cross section
is suppressed when the sum of the Higgs boson masses

TABLE I. Higgs-fermion couplings in different types of 2HDM
at the alignment limit.

Model type

Coupling 1 2 3 4

ρu cot β cot β cot β cot β
ρd cot β − tan β − tan β cot β
ρd cot β − tan β cot β − tan β

FIG. 1. Feynman diagram of the Higgs boson pair production
in the four fermion final state. The fermion f is t-quark in type 1,
b-quark in types 2 and 3, and τ-lepton in type 4.
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approaches the center of mass energy, receives enhance-
ment at the Z boson pole mass, and prefers equal masses for
the Higgs bosons due to the last term in the numerator. As
the result a symmetric distribution is expected in the Higgs
boson masses space.
The tree level values predicted in Eq. (13) are confirmed

by WHIZARD 3.1.2 [94,95]. As an example, with
ffiffiffi
s

p ¼
1400 GeV, mH ¼ 400 GeV, and mA ¼ 600 GeV, Eq. (13)
yields σ ¼ 2.2 fb, to be compared with WHIZARD result
of σ ¼ 2.1 fb with unpolarized beams. Including a polari-
zation of 80% (30%) for e−ðeþÞ enhances the above value
to 3.1 fb. A full scan over the Higgs boson masses in the
two regions of

ffiffiffi
s

p ¼ 1400 and 3000 GeV results in Fig. 2
where different color styles are used to distinguish the two
regions of center of mass energies.
The Higgs boson decay to fermion pairs can also be

calculated using the square of the matrix element which,
keeping the fermion masses, becomes

X
spins

jMH=A→ff̄j2 ¼ 4
ffiffiffi
2

p
GFm2

fðρfÞ2½ðpf:pf̄Þ ∓ m2
f� ð14Þ

where the subtraction (sum) on the right-hand side occurs
forCP-even (CP-odd) Higgs bosons, respectively. The four
momentum product is related to the particle masses through
s ¼ m2

H=A ¼ ðpf þ pf̄Þ2 ¼ 2m2
f þ 2pf:pf̄. As a result,

CP-even and CP-odd Higgs bosons acquire different decay
rates through their matrix elements:

hjM2ji ¼ 2
ffiffiffi
2

p
GFm2

fðρfÞ2 ×
�
m2

H − 4m2
f; H

m2
A; A

ð15Þ

which result in ([96,97]):

ΓðH=A → ff̄Þ ¼ 3
ffiffiffi
2

p
GFmH=Am2

fðρfÞ2
8π

×

8>><
>>:
�
1 −

4m2
f

m2
H

�
3=2

; H�
1 −

4m2
f

m2
A

�
1=2

; A
: ð16Þ

With equal Higgs boson masses and couplings, an
additional factor of 1 − 4m2

f=m
2
H in CP-even H decay

with respect to the CP-odd A decay leads to suppression of
H → tt̄ compared to A → tt̄ as can be seen in all model
types. The consequence of this difference is that A → ττ is
less thanH → ττ above the kinematic threshold of decay to
the top quark pair in type 4. This phenomenon is most
relevant when mH=A ∼ 2mf, otherwise the above term of
1 − 4m2

f=m
2
H=A tends to unity and the difference between

the rates of H → tt̄ and A → tt̄ becomes smaller as mH=A

tends to 1 TeV.
In order to visualize the above statements and decide on

analysis channels, the Higgs boson decay rates are obtained
using 2HDMC 1.8.0 [98,99]. Since high tan β values are
excluded in most model types, we start from tan β ¼ 7 and
10 inspired from the solutions of mt cot β ¼ mb tan β and
mt cot β ¼ mτ tan β to obtain open regions for analysis.
These tan β values are turning points above which
H → bb=ττ in types 2, 3, and 4 start to overwhelm
H → tt̄ when mH=A > 2mt. In type 4, the above argument
is only valid for moderate masses up to 500 GeV while for
heavier Higgs bosons, higher tan β values are needed to
strengthen H=A → ττ. In type 1, regardless of tan β, the
dominant channel is H → tt̄ when kinematically allowed.
Figures 3 and 4 show branching ratio of decays for both
heavy neutral Higgs bosons in each type of the model at
tan β ¼ 7 and 10. Based on these figures the following final
states are considered for each type:

FIG. 2. The signal cross section as a function of the Higgs
boson masses for the two center of mass energies of 1400 and
3000 GeV, obtained using WHIZARD with unpolarized beams.

FIG. 3. Branching ratio of Higgs boson decays to the main
channels at tan β ¼ 7. All heavy Higgs boson masses are assumed
to be equal in this plot.
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(i) type 1: H=A → bb̄ well below the top quark pair
production threshold, i.e.,mH=A < 2mt andH=A → tt̄
near or above the threshold. Since the current analysis
deals with mH=A ≥ 300 GeV, the latter is chosen.

(ii) type 2: This is actually highly suppressed by exper-
imental searches for 2HDM and MSSM. A choice of
H=A → bb̄ or H=A → ττ is fine. If H=A → tt̄ is
sizable (which is the case when mt cot β ≃mb tan β),
there is still preference in favor of H=A → bb̄ due to
the lower final state particle multiplicity

(iii) type 3: H=A → bb̄ is dominant as long as high tan β
values are considered. The same argument as in type
2 is applied to H=A → tt̄.

(iv) type 4: H=A → ττ is dominant as long as high tan β
values are considered. In this case also H=A → tt̄
can be sizable (when mt cot β ≃mτ tan β). However,
due to the same reasons as mentioned in type 2,
H=A → ττ is preferred.

The experimental exclusion regions are obtained
using HiggsTools-1 [100] which is a collection of
HiggsBounds-6 [101–105], HiggsSignals-3 [106–108], and
the new code HiggsPredictions-1. At the moment, results of
258 analyses from LEP to LHC are included in the code
database. The input data for obtaining excluded regions are
the scaled effective Higgs-fermion and Higgs-gauge cou-
plings relative to SM and the Higgs boson decay rates for
nonfermionic channels likeH → hh andA → ZHwhich are
taken (borrowed) from 2HDMC.
Figures 5 and 6 show the resulting excluded regions for

tan β ¼ 7 and 10 together with the signal cross section
times branching ratio of decay to the relevant final state in
each type. The red line indicates the border of two scenarios
of the collider operation at

ffiffiffi
s

p ¼ 1400 and 3000 GeV.
The excluded regions in type 1 (at tan β ¼ 7) and type 3 at
mH < 400 GeV refer to the LHC analysis of the Higgs
boson conversion reported in [109]. In type 3, at tan β ¼ 10
there are two points of ðmH;mAÞ ¼ ð470; 490Þ and
(490, 470) GeV excluded by LHC [110]. The type 2 is

excluded mainly by the two LHC analyses reported
in [109,111]. The type 4 excluded regions refer to [111]
and [112,113]. In types 3 and 4, the higher the tan β, the
more signal sensitivity due to the higher branching ratio of
Higgs boson decay. Therefore tan β ¼ 10 is chosen for the
rest of the analysis. At this value, type 2 is already excluded
up to near 1 TeV. The LHC exclusion of type 2 parameter
space is in agreement with the prediction reported in [114]
where it was shown that MSSM Higgs boson masses up to
1 TeVat tan β ¼ 10 can be excluded at HL-LHC integrated
luminosity of 300 fb−1. Higher masses up to several TeV
were analyzed in [115] for a hadron collider operating at
100 TeV (FCC-hh). These results and current LHC exper-
imental results shown in Figs. 5 and 6 (based on [109–113])

FIG. 4. The same as Fig. 3 but with tan β ¼ 10.
FIG. 5. The signal cross section times branching ratio of decay
to relevant final states in each type at tan β ¼ 7. The current
excluded regions at 95% CL are shown in solid red.

FIG. 6. The signal cross section times branching ratios with the
same descriptions as in Fig. 5 but with tan β ¼ 10.
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show that the current open regions of the parameter space
are reasonable choices for CLIC studies.

IV. SIGNAL AND BACKGROUND GENERATION

The main background events are electroweak boson pair
production ZZ (including γ) and top quark pair production
tt̄. The single boson production (Drell-Yan) does not
contribute as it contains fewer jets needed to fully recon-
struct events. The WþW− background contribution is also
negligible due to the presence of the light jets in the final
state and low fake rate.
Both signal and background processes are generated

starting from WHIZARD which produces LHEF files
containing the hard scattering [116]. These files are used
by PYTHIA 8.3.09 [117] which is called through
DELPHES [118–120] for fast detector simulation. The
jet reconstruction is performed using the Valencia algo-
rithm [121] as proposed by the CLIC Collaboration [122]
due to its robust performance in the non-negligible back-
ground environment, which is even better than the kT
algorithm [123].
The WHIZARD package performs bremsstrahlung and

initial state radiation from the beam particles using
CIRCE2 code [124] resulting in the beam spectrum as
shown in Fig. 7. The bremsstrahlung not only reduces the
beam energy but also results in radiated photon collisions
as the so-called overlay background [125]. These events
have been shown to be reducing the jet energy resolution in
preliminary studies and their effects are minimally included
as a source of jet energy smearing applied after
the jet reconstruction by DELPHES. The values imple-
mented for the two scenarios of 1400 and 3000 GeV are
shown in Table II where pseudorapidity is defined as
η ¼ − ln tan θ=2 (θ is the polar angle with respect to the
beam axis).

V. BENCHMARK POINTS

Figure 6 shows that the signal rates are higher around
the diagonal line of degenerate masses due to the cross
section symmetry. Therefore, the set of benchmark points
for the analysis are divided into two categories of
degenerate and nondegenerate masses. The set of mH ¼
mA points are chosen with increments of 100 GeV starting
from 300 to 600 GeV for collider operation at

ffiffiffi
s

p ¼
1400 GeV and 700 to 1000 GeV for the scenario offfiffiffi
s

p ¼ 3000 GeV. The nondegenerate points are chosen
with the same CP-even heavy Higgs boson masses but
with mA ¼ mH þ 50 GeV for the two center of mass
energies. These points are relevant to types 1 and 3. In
type 4, mH starts from 800 GeV as lower masses are
already excluded.
The Z2 soft breaking mass parameter m12 is set through

the relation m2
12 ¼ m2

H sin β cos β which is suggested in
[126] as a consequence of natural SM alignment of the
model without requiring the decoupling or a fine-tuning.
For completeness, we recall other parameters of the model:
tan β ¼ 10 and sinðβ − αÞ ¼ 1.
Tables III and IV show the signal and background cross

sections as a numeric reference. It should be noted that the
background processes are generated in a fully hadronic
final state to reduce the statistics. Therefore, ZZ and tt̄

FIG. 7. Beam spectrum at
ffiffiffi
s

p ¼ 1400 and 3000 GeV, simulated
by CIRCE2 and used for event generation by WHIZARD.

TABLE II. The jet energy smearing in percent applied on jets in
the two regions of pseudorapidity to mimic the γγ → hadrons
overlay background.ffiffiffi
s

p
(GeV) 1400 3000

jηj < 0.76 1% 2%
jηj ≥ 0.76 5% 10%

TABLE III. Signal cross section at benchmark points. Higgs
boson masses are in GeV.ffiffiffi
s

p
(GeV) Higgs boson masses and cross sections

1400 mH ¼ mA ¼ 300 400 500 600
σðfbÞ 4.8 2.8 1.3 0.37

mA ¼ mH þ 50 ¼ 350 450 550 650
σðfbÞ 4.3 2.4 1.1 0.22

3000 mH ¼ mA ¼ 700 800 900 1000
σðfbÞ 0.84 0.64 0.48 0.34

mA ¼ mH þ 50 ¼ 750 850 950 1050
σðfbÞ 0.79 0.6 0.44 0.31

TABLE IV. Background cross sections.ffiffiffi
s

p
(GeV) ZZ tt̄ hZ

1400 σðfbÞ 142 145 13.5
3000 σðfbÞ 58 53 4.7
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backgrounds undergo Z → qq̄ and W → qq0, respectively,
with branching ratios of 0.69 and 0.68 [93]. The hZ process
is also analyzed in the four b-jet final state in type 3 with
BRðh → bb̄Þ ¼ 0.55. In type 4, this background has no
sizable contribution in the signal region.

VI. ANALYSIS, TYPE 1

The type 1 events are predominantly in the four top
quark final state above the kinematic threshold. Events are
therefore produced with high particle multiplicity if top
quarks decay hadronically. With a normal cone size of 0.5
one would expect to have three jets from each top quark in
its fully hadronic final state resulting in a total of 12 jets.
In this case the top tagging algorithm [127–130] can be
used to identify the highly boosted top quarks based on the
jet substructure [131–134]. There are several top tagging
algorithms, two of which are used in this analysis, namely,
HEPTopTagger2 [135,136] and JohnHopkins [137]. The
external codes for these algorithms are linked to the
FastJetFinder jet reconstruction module inside DELPHES.
The performance of the algorithm is expected to increase
with increasing Higgs boson masses thus producing highly
boosted top quarks. The jet reconstruction cone is set to 0.8
with the Cambridge-Aachen algorithm used for the jet
reconstruction [138]. This choice of the jet cone gives, on
average, four identified jets to be used as input by the top
tagging algorithm.
The identified top jets from Higgs bosons with mH ¼

mA ¼ 700 GeV at
ffiffiffi
s

p ¼ 3000 GeV result in the multiplic-
ity distribution as shown in Fig. 8. As seen, the jet
multiplicity has a peak at four, while identified top jets
have no sizable contribution in the four top bins for
both algorithms. Therefore, with the choice of the top
tagging algorithms examined here, the signal cannot be

reconstructed unless a detailed study of this type with more
sophisticated top tagging algorithms based on machine
learning is performed.

VII. ANALYSIS, TYPE 2

Although type 2 is very limited at tan β ¼ 10, which is
the base for the analysis, one point worthy to mention is
that the signal topology and kinematics of the final state
make no difference between types 2 and 3 with the same
Higgs boson masses and decay channels. Therefore, taking
into account branching ratio of Higgs boson decays in two
types, the signal sensitivity in type 3 can easily be
normalized to get the corresponding results in type 2.
As an example, at tan β ¼ 7, two scenarios of

mH ¼ mA ¼ 500 GeV and mH ¼ mA ¼ 900 GeV, which
are not yet excluded, lead to the following BRs for the four
b-jet final state as shown in Table V. Because of the
similarity of figures, one would expect to get similar results
in type 2 by translating an analysis in the same final state in
type 3.

VIII. ANALYSIS, TYPE 3

The type 3 events are analyzed in the four b-jet final state
using the b-tagging algorithm optimized for the CLIC
detector environment [139]. The kinematic acceptance for
the jet reconstruction is pT > 10 GeV and jηj < 2. The ZZ
background shows less efficiency of four jet reconstruction
compared to other backgrounds due to the electroweak
nature of these events and wide pseudorapidity distribution
of the jets as shown in Fig. 9. The kinematic acceptance
has, therefore, lower efficiency of selection at higher center
of mass energies for this background.
There are three scenarios of b-tagging with the efficien-

cies of 90%, 70%, and 50% including a fake rate from
gluons and c-jets as a function of the jet energy and
pseudorapidity. These working points are examined for
the main background samples, tt̄, ZZ, and hZ with the
reconstructed jet multiplicities as well as those of b-jets
shown in Figs. 10–12.
The lower b-tagging efficiency, the higher suppression of

the background. However, even the loose b-tagging

FIG. 8. Number of identified top jets in the signal events atffiffiffi
s

p ¼ 3000 GeV using two top tagging algorithms, HEPTop-
Tagger2 (labeled HTT2) and JohnHopkins (labeled JHT).

TABLE V. Branching ratio of CP-even and CP-odd Higgs
boson decay to bb̄ in types 2 and 3 for the two points outside the
current excluded area.

Higgs Boson Masses Model Channels

mH=A ¼ 500 GeV H → bb̄ A → bb̄
Type 2 0.49 0.36
Type 3 0.53 0.39

mH=A ¼ 900 GeV H → bb̄ A → bb̄
Type 2 0.35 0.33
Type 3 0.38 0.35
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scenario with 90% efficiency allows a very small fraction of
background events to fill the four b-jet bin and is thus
chosen for the rest of the analysis.
In the next step, a kinematic fit is applied by imposing

energy and momentum conservation on events with four
reconstructed b-jets as proposed in the LEP (ALEPH)
analysis [140]. The idea is to apply correction factors to the
b-jets so that the set of four-momentum conservation
equations [Eq. (17)] are satisfied:

X4
j¼1

cjp⃗j ¼ 0

X4
j¼1

cjEj ¼
ffiffiffi
s

p ð17Þ

Despite the uncertainty in the center of mass energy due to
the beam spectrum, correction factors yield reasonable
results as will be seen soon. Figure 13 shows the distri-
bution of the correction factors cj with their average values
close to (but slightly above) unity for an example bench-
mark point of mH ¼ mA ¼ 300 GeV at

ffiffiffi
s

p ¼ 1400 GeV.
The b-jets are sorted in terms of their energies before

correction. The wider distributions for softer jets are due to
the more uncertainty in the jet reconstruction with lower
energy. Since all four-momentum components of each b-jet
is to be multiplied by the corresponding correction factor,
we require that all cj with j ¼ 1 to 4 are positive to avoid
negative energies after correction. The energy sorting is
repeated after correction and b-jets are labeled as bi with
i ¼ 1 to 4 denoting the hardest to the softest b-jet in the list.
In the next step, b-jet pairing is performed as described

in [69] using invariant masses of b2b3 and b1b4 together in
one histogram. Although b2b3 pairs have proved to result in
better invariant mass distributions for the Higgs bosons, the

FIG. 9. The jet pseudorapidity distribution in the ZZ back-
ground as a function of the collider center of mass energy.

FIG. 10. Number of identified b-jets with different b-tagging
efficiencies in tt̄ events at

ffiffiffi
s

p ¼ 1400 GeV.

FIG. 11. Number of identified b-jets with different b-tagging
efficiencies in ZZ events at

ffiffiffi
s

p ¼ 1400 GeV.

FIG. 12. Number of identified b-jets with different b-tagging
efficiencies in hZ events at

ffiffiffi
s

p ¼ 1400 GeV.
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two pairs are used to get double statistics. Figures 14(a)
(equal masses) and 14(b) (different masses) show the
reconstructed Higgs boson invariant masses on top of
the background at

ffiffiffi
s

p ¼ 1400 GeV. Results of higher
masses at

ffiffiffi
s

p ¼ 3000 GeV are shown in Figs. 15(a)
and 15(b). Signals are stacked on the background but
not on each other. As seen from Figs. 14(b) and 15(b) the
two Higgs bosons can be distinguished if their masses are
different.
In obtaining these distributions, the charged track

momentum smearing and ECAL/HCAL energy resolution
are included using the standard CLIC detector card imple-
mented in DELPHES.

A mass window optimization is performed to get the
highest signal significance, S=

ffiffiffiffi
B

p
, and values exceeding

5σ are obtained in all benchmark points at integrated
luminosity of 1000 fb−1. Therefore, final results are pre-
sented in terms of the integrated luminosity needed for 5σ
discovery as shown in Fig. 16. The lowest signal sensitivity
for mH ¼ 600 GeV is due to mH þmA getting close to the
center of mass energy thus saturating the phase space. As a
result, the cross section is small and more data is needed for
the signal observation.

IX. ANALYSIS, TYPE 4

Type 4 prefers leptonic decays of the Higgs bosons
with Higgs-fermion couplings proportional to tan β. At
tan β ¼ 10, mt cot β ∼mτ tan β and the two decay modes
compete. The A → ττ is slightly smaller than H → ττ due
to what was said in Eq. (16). At higher tan β, H=A → ττ
supersedes H=A → tt̄ and the signal rate is higher.
Therefore we take tan β ¼ 10 as the bottom line above
which higher S/B is expected.
The τ-tagging algorithm in the hadronic final state is

performed with efficiencies depending on pT and η of the τ-
jet. The fake rate is assumed to be 3% with the τ-tagging
efficiency around 60% for pT > 50 GeV [141].
As seen from Fig. 6, the Higgs boson masses below

800 GeV are already excluded in type 4 at tan β ¼ 10;
therefore, three scenarios of mH ¼ mA ¼ 800, 900,
1000 GeV and mA ¼ mH þ 50 ¼ 850, 950, 1050 GeV
are examined in the four τ-jet final state. The kinematic
selection and procedure for τ-jet pairing is the same as what
was described in the previous section. There is small
background left in the signal region in this case and the

FIG. 13. Distribution of the correction factors obtained by
solving Eq. (17).

FIG. 14. The b-jet pair invariant mass distributions in signal and background events for type 3 with
ffiffiffi
s

p ¼ 1400 GeV. The signals
containing mH ¼ mA ¼ 300 and 400 GeVare divided by 5 and 2 and those with mA ¼ mH þ 50 ¼ 350 and 450 are divided by 3 and 2
to fit the window.
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FIG. 15. The b-jet pair invariant mass distributions in signal and background events for type 3 with
ffiffiffi
s

p ¼ 3000 GeV.

FIG. 16. Integrated luminosity L needed for 5σ discovery in 2HDM type 3.

FIG. 17. The τ-jet pair invariant mass distributions in signal and background events for type 4 with
ffiffiffi
s

p ¼ 3000 GeV.
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signal lies on an almost background free region as shown in
Figs. 17(a) and 17(b).
The signal distributions are sharper than the case of four

b-jet final state in type 3. However, due to the lower signal
rate and τ tagging efficiencies, more data or integrated
luminosity are needed for the 5σ discovery compared to the
case of type 3. Figure 18 shows the integrated luminosity in
fb−1 needed for 5σ discovery.

X. CONCLUSIONS

The heavy neutral 2HDM Higgs boson pair production
was studied in the mass range of 300 to 1000 GeV at two
stages of the CLIC operation, i.e.,

ffiffiffi
s

p ¼ 1400 and
3000 GeV. The signal was analyzed in the relevant final
states of each 2HDM type in the regions of the parameter
space not yet excluded by the current LHC 8 and 13 TeV
analyses.
Type 1, with its dominant final state of four top quarks,

shows poor top tagging performance with the two exploited
algorithms. A more sophisticated analysis using machine
learning algorithms is needed to obtain a reasonable signal
in this type. While type 2 with its similar decay rates to type
3 at tan β ≃ 10 is almost fully excluded, type 3 shows a
promising signal on top of the background with distinct
signals for CP-even and CP-odd Higgs bosons in scenarios
with different masses. Type 4 shows a sharper but with less
statistics at high masses above 800 GeV which will be
accessible at

ffiffiffi
s

p ¼ 3000 GeV. Overall results show that
the signal observation is possible at integrated luminosities
below 1000 fb−1 in type 3, and 10 ab−1 in type 4 in the
mass ranges under study within the limits of the analysis
performed in this work. A more detailed study with
possibly full detector simulation and more realistic collider
environment is needed for the final conclusions.
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