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CMB lensing maps probe the mass distribution in projection out to high redshifts, but significant
sensitivity to low-redshift structure remains. In this paper we discuss a method to remove the low-redshift
contributions from CMB lensing mass maps by subtracting suitably scaled galaxy density maps, nulling
the low redshift structure with a model-insensitive procedure that is similar to delensing. This results in a
high-z-only mass map that can provide a probe of structure growth at uniquely high redshifts: if systematics
can be controlled, we forecast that CMB-S4 lensing combined with a Rubin-LSST-like galaxy survey can
probe the amplitude of structure at redshifts z > 3.75 (z > 5) to within 2.3% (3.3%). We then discuss other
example applications of such high-z CMB lensing maps. In standard analyses of CMB lensing, assuming
the wrong dark energy model (or wrong model parametrization) can lead to biases in neutrino mass
constraints. In contrast, we show with forecasts that a high-z mass map constructed from CMB-S4 lensing
and LSST galaxies can provide a nearly model-independent neutrino mass constraint, with only negligible
sensitivity to the presence of nonstandard dark energy models, irrespective of their parametrization.
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I. INTRODUCTION

As the cosmic microwave background (CMB) photons
travel from the surface of last scattering to our telescopes,
they are deflected by the gravitational influence of matter in
our Universe (See Ref. [1] for a review). This lensing effect
leads to a remapping, by typically a few arcminutes, of
the observed CMB anisotropies on the sky. The lensing is
sensitive to structures over a broad range of redshifts: most
of the signal arises from between redshifts z ¼ 0.5 and
z ¼ 5, although structures at higher redshifts also contrib-
ute to the signal; CMB lensing is hence a unique direct
probe of the mass distribution at redshifts above z ∼ 4.
However, our ability to constrain these still unexplored
high-redshift contributions with CMB lensing alone is

limited by degeneracy with uncertainties in low-z structure
growth and geometry (e.g., uncertainties in the dark energy
model) as well as sample variance from low-redshift
structures. To accurately and precisely probe high-redshift
structure, and for several other applications, it can hence be
useful to isolate only the high-redshift contributions to the
CMB lensing data. To achieve this, in this paper we propose
to clean the low redshift contributions from the lensing
field by subtracting suitably-scaled correlated tracers such
as galaxy density (or galaxy lensing) maps. Our method
for nulling the low-z structure uses a process similar to
delensing and similar to related approaches proposed
by [2], with the difference that we do not account for
noise in the process since our goal is to null the signal; this
leads to more effective cleaning. (Related “nulling” ideas
have also been presented in [3] and in the galaxy lensing
literature [4–8]; our work focuses on galaxy density maps
rather than intensity mapping lensing and does not assume
perfect knowledge of the galaxy kernel to perform the
cleaning.) We forecast how well such a high-z mass map
and lensing spectrum can be measured with upcoming
surveys; we also discuss why our methodology is only
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weakly sensitive to the detailed properties (e.g., galaxy
bias) of the galaxy tracer used for cleaning.
Our method should be contrasted with cross-correlation-

based approaches (e.g., [9] involving CMB lensing, cosmic
shear, and galaxies, [10] involving CMB lensing and
galaxies), where a joint likelihood is constructed for all
auto- and cross-spectra of galaxy survey observables
together with CMB lensing. While such approaches can
also provide powerful and indeed optimal constraints on
high-z structure, the constraints obtained generally involve
also modeling the behavior of low-z structure (or at least the
shape of low-z spectra if a free amplitude is marginalized
over), whereas our approach explicitly nulls all low-z
contributions at the cost of potentially increased errors.
For example, if we wish to constrain neutrino masses using
a standard cross- and autospectrum analysis despite uncer-
tainties in the properties of dark energy, a model must be
constructed for the low-redshift dark energy behavior and
the constraints may be biased if the model is incorrect or
incomplete; in contrast, our cleaning procedure reduces our
sensitivity to such model biases insofar as they appear only
in the redshifts that are removed. Our method also has
the advantage that the high-z mass map, once constructed,
can be easily used to perform a variety of high-z cross-
correlation and other analyses. This is analogous to the
construction of foreground-cleaned ILC maps in CMB
analyses [11–13], where using a cleaned map is often more
convenient and robust than performing a full joint analysis
of spectra at all frequencies.1

As an example application of our high-z lensing map (as
previously mentioned), we will discuss in detail how one can
use it to determine the unknown neutrino mass sum with
reduced model dependence. The sum of the masses of the
three neutrino species,

P
mν, is a key cosmological observ-

able that can be determined via the suppression of the CMB
lensing signal it produces. While a cosmological detection
of the sum of neutrino masses is expected within the next
decade with high-resolution CMB experiments such as the
Simons Observatory (SO) [14], SPT-3G [15], and CMB-S4
[16], these constraints are generally derived assuming a
standard ΛCDM cosmological model. Neutrino masses can
also be determined in extended models with more complex,
w0 − wa dark energy behavior, especially if galaxy survey
data are included [9,17–19], albeit with somewhat degraded
constraints; however, there is always some degree of model-
dependence even in fixing an appropriate parametrization

of dark energy models, given that the physics of dark energy
(or modified gravity leading to similar phenomenology) is
still not fully known. In contrast, we discuss in this paper
how neutrino mass can be determined from the power
spectrum of the aforementioned high-z lensing map without
being biased by assuming standard (or fixed w0 − wa) dark
energy or Einstein gravity; in this case, we need only to
assume that at sufficiently high redshifts the effects of dark
energy or modified gravity can be neglected, with the matter
component dominating the energy density.
In an Appendix B, we also discuss another application of

partial delensing of a CMB lensing mass map to modify its
effective redshift origin: reducing the error on cross-
correlation of CMB lensing with tracers restricted to only
a certain narrow redshift range.2

Our paper is structured as follows. We first present our
lensing cleaning technique in Sec. II; in Sec. III we
introduce the datasets used and the cleaning method
applied in the context of amplitude of structure measure-
ments. In Sec. IV, we explain, with forecasts of biases, why
using a high-z-only lensing map is a promising approach
for neutrino mass measurements with minimal dark energy
model dependence. We conclude in Sec. V, outlining other
potential applications of our cleaning method. Finally,
Appendix A discusses how this cleaning method removes
potential degeneracies in the determination of neutrino
mass sum with effects induced by models of modified
gravity and Appendix B explores the cleaning method in
the context of improving the signal-to-noise ratio of lensing
cross-correlations with galaxy fields.
Throughout this paper, unless stated otherwise, we

assume a ΛCDM cosmology in a flat universe with fiducial
parameters 100θMC ¼ 1.0409, Ωbh2 ¼ 0.0223, Ωch2 ¼
0.1198, τ ¼ 0.06, ns ¼ 0.9645, As ¼ 2.2 × 10−9,

P
mν ¼

0.06 eV, which give the values of the approximated
acoustic angular scale at recombination, the physical
baryon density, the physical cold matter density, the optical
depth at recombination, the slope and amplitude of pri-
mordial scalar fluctuation at a pivot scale of 0.05 Mpc−1

and the neutrino mass sum, respectively.

II. OBTAINING A HIGH REDSHIFT LENSINGMAP

A. Basic methodology

In practice, we do not have direct access to high-redshift-
only lensing field measurements; galaxy lensing surveys

1A toy picture of the difference between cross-correlation
tomography and redshift-cleaning is as follows: imagine that we
directly observed the 3d matter power spectrum in thin redshift
shells Pðk; ziÞ for 3d wave-number k and redshift bin zi. Cross-
correlation tomography would be equivalent to constructing a
likelihood for the entire dataset (including the low redshifts),
whereas our approach is akin to simply throwing out the low-
redshift bins and only modeling the remainder. Of course, in
practice, projection, galaxy bias and other effects make the real
situation slightly more involved.

2In particular, motivated by the fact that the cleaning method
introduced here is flexible and can isolate any redshift range when
an appropriately correlated tracer is used, we explore briefly the
prospects of using the cosmic infrared background (CIB) to
delens the high redshift content of the lensing map. This is useful
in the context of cross-correlation analyses [20–23]. The low
redshift lensing map is expected to have a higher correlation with
low redshift galaxy tracer and can lead to better constraints
on cosmological parameters such as the linear bias b1 and low
redshift amplitude of structure Alow.
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are generally restricted to z < 2 − 3 due to challenges in
observing well-characterized source galaxies in large num-
bers at high redshifts, and CMB lensing measurements are
sensitive to a projection over a wide range of redshifts.
However, introducing an external tracer field X̂ which is
correlated with the CMB lensing field at low redshifts can
allow us to remove the low-z portion of the CMB lensing
field. The external mass tracer can either be a galaxy
density field or a galaxy lensing map; although our methods
are also applicable for galaxy lensing maps, we will
consider the Rubin Observatory—Legacy Survey of
Space and Time (LSST) [24] galaxy density maps as a
representative example, assuming these can be approxi-
mated as linearly biased on the large scales of interest.
How can we best remove the low-z portion of the CMB

lensing field using external large-scale structure tracers?
We note that a similar, but slightly different goal was
studied in analyses of delensing using large-scale structure
(LSS) tracers [25–27]. For B-mode delensing, the aim is to
minimize the variance of the total field after a suitably
filtered LSS tracer has been subtracted; whether this
variance arises from lensing signal or noise is irrelevant
to the computation. In contrast, our goal in obtaining a
high-z-only lensing map is only to remove the low-z signal;
the effect of the (we assume, well-understood) noise is
irrelevant for this cleaning. However, the formalism that
must be applied is very similar. To clean out the low-
redshift signal, we can simply apply standard LSS dele-
nsing methodology, with the important difference that we
set noise to zero in our filtering, since we care primarily
about minimizing signal power rather than minimizing the
total power including noise.
Therefore, drawing on this simple modification of the

previous delensing study [25], we can write down expres-
sions that will give the best performance in removing the
low-z portion of the CMB lensing field. If we have a single
tracer field, the lensing cleaning proceeds as follows:

κ̂cleanL ¼ κ̂L −
CκX
L

CXX
L

X̂L; ð1Þ

where κ̂L is the original CMB lensing convergence,
and we adopt the convention that quantities with/without
a hat represents quantities with/without noise, i.e. CX̂ Ŷ

L ¼
CXY
L þ NXY

L . This expression can be simply derived by
minimizing the power spectrum of the linear combination
κL − cðLÞXL with respect to the cleaning coefficient c,
assuming no noise in the maps.
To see how the above accomplishes our goal in the

removal of the low redshift portion of the lensing field let us
decompose κ ¼ κlow þ κhigh into two uncorrelated low and
high redshift pieces and assume, for illustration, that the
galaxy field X is perfectly correlated with the low redshift
part via a scaling function TL, XL ¼ TLκlow;L.

The power spectrum of the cleaned lensing field,
assuming noiseless κ̂L and X̂L fields is given by

Cκcleanκclean
L ¼ C

κhighκhigh
L þ Cκlowκlow

L −
ðTLC

κlowκlow
L Þ2

T2
LC

κlowκlow
L

: ð2Þ

We see that the last two terms of Eq. (2) cancel out, leading
to the perfect subtraction of the low-z contribution of the
lensing power spectrum. In practice, one does not expect
the external tracer signal to be perfectly correlated with the
CMB lensing signal arising from a certain low redshift
range, but, especially if LSS tracers in several narrow
redshift bins are available, a sufficiently high signal
correlation can still be achieved, enabling the subtraction
of much of the unwanted contribution to the lensing map.
To maximize the subtraction of the low-z contribution to

the CMB lensing kernel, we can combine different galaxy
redshift bins to form an effective tracer map:

X̂L ¼
X
i

ci;Lĝi;L; ð3Þ

where gi is the galaxy field of bin i. Following the methods
in [25], but with the key difference that in the weights
we only include signal power without (shot) noise, the
coefficients ci which maximize the correlation coefficient
between the signal part of X and the lensing field are
given by

ci;L ¼
X
j

ðCovggL Þ−1ij Cκgj
L : ð4Þ

Here, CovggL;ij is the element of the covariance matrix
between galaxies in bin i and bin j. (Note that if galaxy
bins are combined using the weights of Eq. (4), this
automatically implies that the ratio CκX

L =CXX
L ¼ 1.)

Although all spectra used to construct the weights can,
in principle, be obtained empirically (or at least with a fit of
a model to data), for forecasting it is worth having fully
analytical expressions for these spectra. The signal part of
the galaxy spectra is then given explicitly in the Limber
approximation [28] as

CovggL;ij ¼
Z

dzHðzÞ
χ2ðzÞ WiðzÞWjðzÞP

�
k ¼ Lþ 1

2

χðzÞ ; z

�
: ð5Þ

Here HðzÞ is the Hubble parameter, χðzÞ is the comoving
angular diameter distance to redshift z and Pðk; zÞ is the
matter power spectrum with wave number k and redshift z.
For the ith galaxy bin, the window function is given by

WiðzÞ ¼ biðzÞdni=dzR
dz0dni=dz0

: ð6Þ
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The bias bi and the redshift distribution dni=dz used in our
forecasts are specified in detail in Sec. III A below.
As indicated above, the difference with the approach

introduced for delensing is that we are interested in nulling
the CMB signal in the cleaning case, and variance
minimization is not the primary concern. Therefore, we
emphasize again that we do not include galaxy shot noise
N

gigj
L ¼ δij=ni in the above covariance matrix.
Finally, the lensing auto/cross spectra are computed in a

similar manner as

Cαβ
L ¼

Z
dzHðzÞ
χ2ðzÞ WαðzÞWβðzÞP

�
k ¼ Lþ 1

2

χðzÞ ; z

�
; ð7Þ

where α; β ∈ ðκ; giÞ.
For CMB lensing, the convergence kernel WκðzÞ is

given by

WκðzÞ ¼ 3

2HðzÞΩmH2
0ð1þ zÞχðzÞ

�
χ⋆ − χðzÞ

χ⋆

�
ð8Þ

where H0 and Ωm are the Hubble parameter and matter
density today, respectively, and χ⋆ is the comoving
distance to the last scattering surface. The publicly avail-
able Boltzmann code CAMB [29] was used to calculate the
above auto- and cross spectra.

B. Potential limitations: Uncertainty in the galaxy
survey properties

In the cleaning method above, an important step is the
calculation of the weights ci in Eq. (4) used to maximize the
correlation between the galaxy fields and lensing. When
doing so, a model is assumed for the lensing cross spectra
Cκgi
L and auto spectra Cgigi

L of the galaxy fields. Although
good measurements are achievable for the LSST survey,
the true spectra, in particular, the true cross spectra Cκgi

L
between the galaxy fields and CMB lensing are not known
precisely. The fact that we do not know the true galaxy
cross- and auto spectra is a potential problem for two
reasons: first, a misestimation of the weights can lead to a
wrongly weighted galaxy field X̂ and hence give a residual
Cκcleanκclean
L which is insufficiently (suboptimally) cleaned of

low-z contributions; second, even if the weights are chosen
optimally, our ignorance of the spectra and other properties
of the galaxy tracer such as biases and redshift distributions
implies that the interpretation of the cleaned lensing signal
(including, e.g., its redshift distribution) is complex.
We will begin by discussing the first challenge: to what

extent does uncertainty in the weights lead to suboptimal
cleaning performance? We will show that the effects of
fluctuations in the lensing-galaxy cross spectra result only
in sub-percent changes in the cleaned spectra, which are
negligible for our example analysis. We do this by gen-
erating 1000 Gaussian realizations of the cross-correlation

spectra Cκgi
L curves, all of which are consistent with the

forecast CMB-S4 and LSST errors (see the data section
Sec. IVA), and use these to construct perturbed weights c̃i
of Eq. (4). From these weights we obtain 1000 realizations
of Cκcleanκclean

L which can then be compared with the fiducial
one, Cκcleanκclean;fid

L .
The mean fractional difference between the cleaned

power spectrum obtained from these perturbed weights
and that of the fiducial cleaned spectra is shown in Fig. 1,
where we have applied a broad multipole binning with
edges at (40, 190, 340). We see that this difference is close
to zero, with a standard deviation of 0.02 and 0.007 in the
first and second bin respectively. These correspond to only
32% and 16% of the total uncertainties of the cleaned
lensing spectra.
Why are the deviations in the cleaned, high-redshift

lensing spectra small? We will attempt to explain this by
computing the effect that the uncertainty in the weights
has in the final cleaned lensing spectrum. The perturbed
cleaned lensing field is given by

κ̂cleanL ¼ κ̂L −
X
i

c̃i½Cab
l ð1þ ϵabl Þ�gi; ð9Þ

where ab stands for every possible auto- and cross-
spectrum of the LSS tracers and the CMB lensing field.
The weights c̃i, which are a function of the true

spectra Cab
l , are chosen to minimize the power spectrum

of the cleaned lensing field Cκcleanκclean
L .

Since the optimal weights are the result of a minimiza-
tion of the cleaned signal power, the cleaned power has no
linear sensitivity to small changes in the weights; this
implies that the cleaned power also has no linear sensitivity

FIG. 1. Standard deviation of the cleaned lensing power spectra
constructed from different realizations of the weights used to
clean out the low redshifts (blue); the weights are, in turn,
obtained from different realizations of Cκgi

L measurements in two
broad multipole L bins (obtained by perturbing the fiducial model
by a realistic amount). It can be seen that the uncertainty due to
the weights is negligible, as it is only a small fraction of the total
uncertainty of the cleaned lensing spectra (red).
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to small changes ϵabðlÞ in the fiducial spectra that are
used to construct the weights. It follows that the signal in
the cleaned lensing spectra only has a second-order
dependence on small inaccuracies in the fiducial spectra:

Cκcleanκclean
L ¼ Cκcleanκclean;fid

L þOððϵabÞ2Þ: ð10Þ

This explains the result we saw in Fig. 1: even moderate
uncertainties in the spectra used to weigh the tracers do
not prevent the construction of a high-z mass map, since
fractional errors only enter quadratically. Therefore, for
weighting, our cleaning procedure can be applied without
requiring precise knowledge of the tracer redshift distri-
bution (or other properties), relying only on observed
spectra at modest precision. As previously mentioned,
there is a good analogy between our cleaning method
and the ILC methods [11,12] commonly used for fore-
ground cleaning in CMB data analysis; in both cases, the
cleaning can be performed using only observed spectra.
Of course, suboptimal weighting due to incorrectly

assumed spectra is not the only concern when applying
the cleaning procedure we have described. An additional
complication is that, even if an optimal weighting is
applied, there may be remaining uncertainty in modeling
the cleaned spectra, because the bias and redshift distri-
bution of the galaxy sample used for cleaning may be
uncertain. Unfortunately, for redshift uncertainty, this is an
obstacle that must be overcome by directly characterizing
the redshift origin of the galaxies, as without knowledge of
the galaxy redshift distribution the redshift origin of the
cleaned field must remain uncertain as well. On the other
hand, our cleaning procedure naturally accounts for the
unknown bias, assuming that the bias is linear and simply
rescales the spectra in a narrow bin (within which we can
assume a redshift evolution). To see this, we note that the
cleaning tracer is given by

X ¼
X
i

cigi ¼
X
i

cibiΔi ð11Þ

where we have divided out the linear bias bi from
the projected galaxy density field to give the projected
matter density fluctuation Δi. Our expression for the
weights ci ¼

P
jðCovggÞ−1ij Cκgj

L implies that the resulting
cleaning tracer (and hence the cleaned map) is independent
of the linear bias, which can be seen as follows:

X ¼
X
i

cigi ¼
X
ij

ðCovgigjÞ−1Cκgj
L biΔi

¼
X
ij

1

bibj
ðCovΔiΔjÞ−1bjCκΔj

L biΔi

¼
X
ij

ðCovΔiΔjÞ−1CκΔj

L Δi; ð12Þ

where the bias has canceled out. Of course, this is only true
if our cleaning weights are correct; however, we note that
by our previous argument, our results are insensitive to
small errors in the weights, and our cleaning procedure
should be able to derive the weights sufficiently well from
the measured spectra.

III. MEASURING THE AMPLITUDE OF
STRUCTURE WITH HIGH REDSHIFT

LENSING MAPS

To illustrate our cleaning method, we will forecast
the ability to use a high-z only lensing map to probe the
amplitude of the high-redshift structure. We first introduce
the CMB-S4 lensing and LSST galaxy survey specifica-
tions we consider throughout this paper.

A. Forecasting data used

1. Lensing specifications

For CMB lensing, we use a CMB-S4-like [30] experi-
ment with the following specifications: beam FWHM ¼
1.40, noise levels ΔT ¼ 1 μK0, ΔP ¼ 1.4 μK0, and sky area
fsky ¼ 0.4. We use lensing reconstruction noise curves
assuming an optimal (“iterative”) measurement pipeline for
CMB-S4, which is expected to have better performance
than the standard quadratic estimator [31]. For temperature,
we restrict the CMB multipoles to a range 50 < l < 3000
to minimize foreground biases and increase this range to
lmax ¼ 5000 for polarization, since polarization data are
less contaminated by extra-galactic foregrounds. For
Sec. IV we will also include information from the primary
CMB temperature and polarization power spectra to break
degeneracies between parameters [32]. The minimum
variance reconstruction noise from combining the different
temperature and polarization channels for the different
CMB experiments is shown in Fig. 2.

2. LSST specifications

For the Rubin-LSST galaxy survey, we use the Gold
sample of galaxies with the following redshift distribution:

dn
dz

∝
1

2z0

�
z
z0

�
2

e−
z
z0 ; ð13Þ

with z0 ¼ 0.3. This corresponds to n̄ ¼ 40 arcmin−2. We
split the LSST kernel into 13 tomographic bins with bin
edges z¼ ½0;1;1.2;1.4;1.6;1.8;2;2.3;2.6;3;3.5;4;4.5;5�.
The above splitting provides enough freedom to rescale the
galaxy kernels to match the profile of the CMB lensing
kernel while still having a high signal to noise in each
individual galaxy bin. For each bin i, we assume the linear
galaxy bias is given by biðzÞ ¼ Bið1þ zÞ, where Bi is the
overall bias amplitude with a fiducial value of Bi ¼ 1. To
reduce the sensitivity of our forecasts to the uncertainties of
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nonlinear modeling, we remove modes in the highly
nonlinear regime by setting a small scale cutoff in kmax

(for each redshift bin, 0.3h Mpc−1). A survey area of
18; 000 deg2 corresponding to fsky ≈ 0.4 is adopted; moti-
vated by the planned survey regions, we assume that this
has complete overlap with the CMB lensing survey. We
partially account for photometric redshift errors by con-
volving the window function with the probability distri-
bution function pðzphjzÞ of the photometric redshift zph at a
given z which is taken to be a Gaussian [33]. The modified
redshift distribution in each bin is then given by:

dni
dz

¼ 1

2

dn
dz

�
erf
�
z − ziffiffiffi
2

p
σz

�
− erf

�
z − ziþ1ffiffiffi

2
p

σz

��
ð14Þ

where σz ¼ 0.05ð1þ zÞ is the width. Figure 3 shows the
LSST redshift distribution for the overall Gold sample and
that of the 13 tomographic bins.

B. Measuring high redshift amplitude of structure

We proceed to forecast the performance of high-z-only
lensing maps obtained using the above LSST galaxies
and following the procedure introduced in Sec. II to delens
the low redshift contribution to the lensing field. Although
the individual LSST galaxy window functions might not
match well with the CMB lensing kernel, combining the
samples using Eq. (4) results in an effective galaxy field
X ¼Pi cigi that has a window function WX ¼Pi ciW

gi

which closely follows the CMB lensing kernel, as illus-
trated in Fig. 4.
These high-z only lensing maps translate into high-z

lensing spectra from redshifts (z > 0, 1.5, 1.9, 3.75 and 5)

that can be determined (assuming tracers can be used
up to wave numbers of 0.3h Mpc−1, which translates into
cleaned lensing spectra with Lmax ¼ 200) at a signal-to-
noise ratio of (83,33,29,18,13). The different lensing
spectra are shown in Fig. 5; the spectra of the cleaned
lensing fields can be compared with the spectrum of the full
lensing field in green. As expected, the removal of the low-
z structure leads to spectra with a lower amplitude and with
the peak shifted to smaller scales (due to lensing occurring
at greater distances).
The reduction in sensitivity of these cleaned lensing

fields to low-z structures enables a tomographic measure-
ment of the amplitude of structure, σ8 at multiple redshifts,
which can be determined at a precision given by ∼2 times
the lensing signal-to-noise ratio. This follows from the fact
that each lensing field is sensitive to the amplitude of
structure σ8, and hence the lensing power spectrum Cκκ

L is
directly proportional to σ28, assuming all other parameters
are held fixed. (Fixing other parameters appears to be a
reasonable approximation for this forecast since we are

FIG. 3. The redshift distribution of the LSST Gold galaxy
samples. We use 13 tomographic redshift bins in the range
0 < z < 5.

FIG. 2. CMB lensing power spectrum Cκκ
L (solid blue) and

expected reconstruction noise Nκκ
L for an AdvACT-like, SO-like,

and CMB-S4-like survey. The noise curves for AdvACT- and SO-
like surveys were computed using tempura assuming quadratic
estimator lensing reconstruction on the full sky with the spec-
ifications beam FWHM ¼ 1.40, ΔT ¼ 15 μK0, ΔP ¼ 15.3 μK0,
fsky ¼ 0.3 and beam FWHM¼1.40, ΔT ¼8 μK0, ΔP ¼ 11.3 μK0

and fsky ¼ 0.3 respectively. The CMB-S4 noise arises from
forecasts of iterative lensing reconstruction performance [30].

FIG. 4. Lensing window function in black and the effective
galaxy window function obtained by combining the LSST galaxy
bins up to z ∼ 5 using weights calculated with Eq. (4) overlaid on
top (blue).
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only testing for several-percent-level departures from
ΛCDM structure growth at high redshift, and other
relevant parameters should be determined to much higher
precision by the time the final CMB-S4 and LSST datasets
are available).
The top panel of Fig. 6 shows the determination of σ8 as

a function of the redshift up to which cleaning is performed.

Using lensing alone, one can probe the amplitude of
structure at redshifts (z ¼ 0, 1.5, 1.9, 3.75, 5) to within
∼ð0.6; 1.4; 1.5; 2.3; 3.3Þ% respectively and ∼ð0.3; 0.8; 0.9;
1.4; 1.8Þ% if using Lmax ¼ 400 instead of Lmax ¼ 200.
CMB lensing alone hence can probe the growth history
over a range of uniquely high redshifts where the ΛCDM
model has not yet been tested extensively.
We can further check that we are indeed insensitive to the

low-z information after cleaning by examining the effect on
the lensing window function Wκ, which appears quadrati-
cally in the computation of the power spectra as described
by Eq. (7). Denoting WeffðzÞ as the analogous term to
ðWκÞ2 appearing in the cleaned lensing spectra, one can see
that the effect of cleaning is to reduce and shift the peak of
this kernel to higher redshifts

WeffðzÞ ¼ ðWκÞ2 −WXWκ ð15Þ

The above can be obtained by looking at the window
function appearing in the cleaned lensing spectra, which in
the noiseless limit is given by

Cκκ;c
L ¼ Cκκ

L − CκX
L

¼
Z

dzHðzÞ
χ2ðzÞ ððWκÞ2 −WXWκÞP

�
k ¼ Lþ 1

2

χðzÞ ; z

�

¼
Z

dzHðzÞ
χ2ðzÞ WeffðkÞP

�
k ¼ Lþ 1

2

χðzÞ ; z

�
ð16Þ

FIG. 5. Forecast CMB lensing power spectra with low redshifts
cleaned; the different colored curves show the results of cleaning
with LSST galaxy density maps extending only to a certain redshift
z. The fiducial uncleaned lensing power spectrum (green) is shown
as a reference. As a comparison, the dashed line corresponds to the
lensing spectra obtained using the lensing window function with
the low redshift contribution perfectly removed.

FIG. 6. Top panel: 1σ constraints on σ8 at high redshifts after cleaning the low-redshift contribution to CMB-S4 lensing maps using
LSST galaxies. Each measurement is placed at a redshift where the effective lensing kernel peaks (see bottom panel). The smaller/larger
errors corresponds to using lensing Lmax ¼ 400 and Lmax ¼ 200 respectively. Bottom panel: Effective lensing window functionWeff for
the fiducial uncleaned lensing in green and for lensing fields cleaned using LSST galaxies.

PROBING EARLY STRUCTURE AND MODEL-INDEPENDENT … PHYS. REV. D 107, 123540 (2023)

123540-7



The bottom panel of Fig. 6 shows the resulting Weff . As
seen already in Fig. 4, the galaxy window function WX

follows closely to Wκ at low redshifts, such that the
effective window function in Eq. (15) is close to zero in
the redshift range where cleaning is applied and with the
peak at z ¼ 2 shifted toward higher redshifts. The small
oscillations around zero arise because the shapes of the
galaxy windows functions do not match perfectly with that
of the lensing kernel; furthermore, some overlap exists
between the galaxy bins, which leads to over-or under-
subtraction of the lensing window. Perfect nulling can be
achieved in the ideal case when the galaxy bins are
nonoverlapping bins that are either much narrower than
the distance over which the CMB lensing kernel varies or
that have a redshift distribution that perfectly matches the
CMB lensing kernel over the bin range.

IV. WEIGHING NEUTRINOS WITH HIGH
REDSHIFT ONLY LENSING MAPS

A key goal of current cosmology and particle physics
experiments is the measurement of the unknown mass of
neutrinos [34]. Neutrinos initially behave as relativistic
radiation in the early universe; as their temperature falls,
they become nonrelativistic, giving an energy density that
evolves like cold dark matter (CDM).
A clear signature of massive neutrinos is a scale

dependent suppression in the matter power spectrum,
which can be understood as follows. On all scales,
massive neutrinos contribute significantly to the total
mean energy density of the universe, increasing its late-
time expansion rate beyond the massless neutrino case;
this increased expansion tends to suppress structure
growth. However, on large scales, this is fully compen-
sated by a corresponding increase in the strength of
clustering and gravitational driving, causing massive
neutrinos to produce the same structure growth as
CDM. In contrast, on small scales, the growth suppres-
sion is not compensated because, due to the large thermal
velocities that neutrinos have, they free-stream, erasing
perturbations in the neutrino component.
Measurement of this suppression is the primary way in

which the neutrino mass sum
P

mν can be measured with
cosmological observations [17,35]. This can be achieved by
comparing the initial high redshift amplitude of structure
obtained from the CMB power spectrum (via measure-
ments of the optical depth) against a low redshift probe like
CMB weak lensing [36,37]. However, one caveat is that,
because CMB lensing probes the total projected matter
distribution down to z ¼ 0, it (along with nearly all other
probes) is also sensitive to the growth suppression effects
induced by dark energy. The suppression effect of neutrinos
on the growth rate of the overdensity δCDM during matter
domination is described by δCDM ∝ ½a�1−3

5
fν on scales much

smaller than the neutrino free-streaming scale [35,37],

where fν is the fraction of matter-energy density in
neutrinos, proportional to the neutrino mass.
Dark energy can similarly cause a suppression of the

growth of matter structure, often described as follows:
δCDM ∝ ½agðaÞ�, where gðaÞ is a scale-independent damp-
ing factor (with a value < 1 as the dark energy density
becomes significant). Since both neutrino mass and dark
energy result in a suppression of structure growth, non-
standard dark energy physics could lead to a biased
determination of the neutrino mass.
We will here consider applying our cleaning method to

obtain a high-redshift-only lensing map, and use this to
constrain

P
mν. This is motivated by the fact that the

damping factor due to dark energy gðaÞ differs only from 1
when the dark energy density is non-negligible; hence,
assuming that dark energy is only relevant below a certain
low redshift, removing the lower redshift information
means that the suppression effects in the matter power
spectrum are due to neutrinos alone.
We expect the use of a high-z lensing map to not greatly

decrease the precision of a neutrino mass measurement
for two reasons: first, upcoming measurements of neutrino
mass are limited by our knowledge of the high-redshift
amplitude of structure via the CMB optical depth, so that
they are only weakly sensitive to a reduction in the
precision of lower-redshift measurements; second, because
the suppression signal is only logarithmic in a or redshift
so that the size of the effect is similar regardless of whether
we measure the low-z amplitude of structure at z ¼ 0.5
or z ¼ 3.
We will test this expectation quantitatively in the next

section, performing forecasts to investigate whether a
high-z lensing map can give high-precision neutrino mass
measurements with minimal dark energy model depend-
ence. Before doing so, we can gain some intuition about
why delensing the low redshift content helps decrease
the neutrino mass bias by examining the lensing power
spectrum Eq. (7), written out again for clarity

Cκκ
L ¼

Z
z⋆

0

dz
HðzÞ
χ2ðzÞ ½W

κðzÞ�2Pδδ

�
k ¼ Lþ 1

2

χðzÞ ; z

�
: ð17Þ

The presence of dark energy can affect the above in
two ways:
(1) The matter power spectrum Pδδ is obtained from the

primordial scale independent power spectrum by
applying the appropriate transfer function TðkÞ
(which accounts for the fact that growth is suppressed
for modes which enter the horizon during radiation
domination) and is also linearly proportional to a
scale-independent damping factor gðzÞ [38]. This
damping factor gðzÞ describes the suppression of
growth in the presence of dark energy (due to
potential decays on all scales); it is normalized such
that it is unity during matter domination.
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(2) Dark energy can also affect the geometry of the
universe by changing the redshift dependence of the
radial comoving distance, χðzÞ → χ0ðzÞ. We will
argue in the following paragraphs that the effect
of this on lensing is expected to be small at high
redshifts once we fix the angular scale of the sound
horizon; this scale is effectively fixed when we
combine our lensing measurements with those of
the primary CMB, which constrain the angle sub-
tended by the sound horizon at very high precision.

By delensing the low redshift matter perturbations,
we remove completely the effects that dark energy has
on growth since there are no longer any affected matter
perturbations contained in the high redshift lensing maps.
The only possible effect that dark energy can have is on
geometry by altering the radial comoving distance to
redshift z given by

χðzÞ ¼
Z

z

0

dz0

Hðz0Þ : ð18Þ

However, because the distance to recombination
χ⋆ ¼ χð1100Þ is fixed to high accuracy by including
CMB power spectrum data (via their measurement of
the angular scale of the acoustic peaks) [39], in such an
analysis χðzÞ at high redshifts is well constrained and
nearly unaffected by dark energy. One can see this by
writing χ as

χðzÞ ¼ χ⋆ −
Z

z⋆

z

dz0

Hðz0Þ ð19Þ

The integral contains only z > zDE and the Hubble
parameter at these high redshifts is unaffected by dark
energy since (we assume) its energy density is negligible at
these redshifts.

A. Data used and forecasting method

1. Experimental setup

We employ the same CMB-S4 specifications for primary
CMB and CMB lensing introduced in Sec. III A and also
assume the same LSST galaxy sample for cleaning. In
some cases, where we wish to include high redshift BAO in
our forecasts, we include futuristic BAO measurements
from spectroscopic surveys achievable in the next decade
with Megamapper [40]. We do not use Ly-α BAO from
DESI as these do not significantly improve the constraints
compared to the lensing-only case at high redshifts. Since
these surveys can measure structure on relevant scales at
redshifts of z > 2 with SNR > 1, we approximate the
corresponding errors of dAðzÞ and HðzÞ by simply scaling
the results forecast for DESI [41] by the volume surveyed
byMegamapper at each redshift bin to estimate the required
fk ¼ rs=dV uncertainties.

2. Fisher matrix analysis

We consider a setup where
P

mν is allowed to vary
along with the other ΛCDM parameters in a flat universe
with K ¼ 0. We write the parameters in the vector:

θ⃗ ¼ fθMC;Ωbh2;Ωch2; τ; ns; As;
X

mνg ð20Þ

The information from the primary CMB is included by
computing the Fisher matrix FCMB as

FCMB
ij

¼
X
l

2lþ 1

2
fskyTr

�
∂CCMB

l

∂θi
ðCCMB

l Þ−1 ∂C
CMB
l

∂θj
ðCCMB

l Þ−1
�

ð21Þ

where CCMB
l is the covariance matrix of the CMB

CCMB
l ¼

 
CTT
l CTE

l

CTE
l CEE

l

!
: ð22Þ

Here, CTT
l is the power spectrum of the temperature

anisotropies including noise, CEE
l is the power spectrum

of the E-mode anisotropies, and CTE
l is their cross-

spectrum. We will use the unlensed primary power spectra
here to avoid overcounting the lensing information which
will come from the lensing Fisher matrix Fκκ (our estimate
is therefore slightly conservative for lensing-derived
parameters), given explicitly as

Fκκ
ij ¼

X
L

∂Cκκ
L

∂θi
Cκκ
L

−1 ∂C
κκ
L

∂θj
ð23Þ

where the lensing covariance matrix Cκκ
L ¼ 2 × ðCκκ

L þ
Nκκ

L Þ2=fsky=ð2Lþ 1Þ is diagonal and contains lensing
reconstruction noise; whenever the cleaned lensing field
is used, we simply replace the lensing spectra by the LSST-
galaxy-cleaned versions. In addition, we include the
effective galaxy shot-noise NXX

L ¼Pi c
2
i N

gg
i , obtained

by weighting using Eq. (4) the shot-noise Ngg
i of each

galaxy bin as part of the covariance matrix

Cκκ
L ¼ 2

fskyð2Lþ 1Þ × ½Cκcleanκclean
L þ Nκκ

L þ NXX
L �2 ð24Þ

so that the Fisher matrix for the cleaned lensing field is
given by

Fκcleanκclean
ij ¼

X
L

∂Cκcleanκclean
L

∂θi
Cκκ
L

−1 ∂C
κcleanκclean
L

∂θj
: ð25Þ

The above setup also ignores the cross power spectra
of CMB lensing with CMB temperature and E mode
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polarization, as these are only nonzero on very large scales
via late-time effects on the CMB such as the integrated
Sachs-Wolfe effect, which are unlikely to significantly bias
neutrino mass constraints. The combined setup of the
2-point and 4-point functions is consistent with the
CMB-S4 experiment as laid out in Sec. III A 1 above.
We include a Gaussian prior with width σðτÞ ¼ 0.005 for

τ, the optical depth from reionization. Assuming that these
datasets are independent, the total Fisher matrix used is thus

Fij ¼ Fij
CMB þ Fij

κκ þ C−1
priorij

ð26Þ

where Cprior is the sum of the τ and, where applicable, BAO
prior obtained from Megamapper. BAO is sensitive to the
sum of the neutrino and CDM density, hence its inclusion
allows for reducing the errors on

P
mν by breaking the

degeneracy between CDM and
P

mν of the CMB data.
The 1σ errors on the parameters i, marginalized over the

other parameters, are given by

σi ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ðF−1Þii

q
ð27Þ

B. Bias induced in the inference of the neutrino mass

Primary CMB measurements and lensing from Planck
combined with BAO have placed constraints on the total
neutrino mass of

P
mν ≤ 0.12 eV [39] at the 95% level.

Using the above Fisher formalism, combining CMB-S4
lensing and primary CMB as well as large-scale structure
observations from the full DESI BAO would place tighter
bounds on the neutrino mass sum with constraints of
∼20 meV. However, as discussed already in [9,17], the
constraints of ∼20 meV are derived in the framework of the
ΛCDM model and are hence, to some extent, model-
dependent; extending the model by including effects like
dark energy and curvature, which are degenerate with the
effects produced by massive neutrinos, can degrade the
constraints on neutrino mass significantly. These exten-
sions are often required for robust measurement of

P
mν

because the true lensing power spectrum could include
unknown effects induced by nonstandard dark energy at
low redshifts, which differs from the lensing power
spectrum computed assuming ΛCDM. Such deviations
might mimic the neutrino mass signature leading to a
biased inference of

P
mν.

Rather than extending the ΛCDM model, we produce
forecasts of constraints on

P
mν assuming ΛCDM, but

with a lensing map that only contains high redshift
information. This approach has the advantage of being
agnostic about the dark energy model—assuming only that
dark energy is negligible at sufficiently high redshifts—and
is simpler to implement than the alternative of taking into
account all the possible dark energy scenarios in the model.
The intuition behind our method is that since (we assume)

the effect of dark energy becomes dominant only at low
redshifts, cleaning the low redshift contribution of the
lensing maps removes the degeneracy caused by dark
energy, leading to an unbiased measurement of

P
mν.

Assuming Gaussian errors, we can quantify the bias Bi
induced in the inference of a parameter θi using the Fisher
formalism as [42–45]3

Bi ¼ F−1
ij

X
l

ΔClCov−1½Cl; Cl�
∂Cl

∂θj
: ð28Þ

Here Fij is the Fisher matrix of Eq. (26) obtained from
the power spectra assumingΛCDM parameters andΔCκκ

L is
the change in the lensing power spectrum due to dark
energy effects.

ΔCκκ
L ≡ Cκκ

L jDE − Cκκ
L jΛCDM: ð29Þ

Here we are making the approximation that the CMB
power spectra are unaffected by the change in dark energy
at fixed θMC, since keeping the sound horizon angle
constant means that the power spectrum can only be
minimally affected by late-time physics. This assumption
was numerically verified using CAMB, where only percent-
level deviations are observed in the 2-point function at very
low multipoles at l < 50. Deviations are otherwise neg-
ligible at higher multipoles; we note that for our forecast
we restrict CMB-S4 primary CMB multipoles to larger
than l > 100.
Including the effect that dark energy has on lensing and

BAO, the bias expression becomes

Bi ¼F−1
ij

�X
L

2Lþ 1

2
fsky

∂Cκκ
L

∂θj

ΔCκκ
l

ðCκκ
L þNκκ

L Þ2
þΔfk

1

σ2k

∂fk
∂θj

�
:

ð30Þ

To test our cleaning procedure, we will consider that,
although our analysis is performed assuming standard
ΛCDM, the true cosmological model is well described
by a simple model of dynamical dark energy using the
standard Taylor expansion in the scale factor

wðaÞ ¼ w0 þ wað1 − aÞ: ð31Þ

Despite this example, we emphasize that we expect our
cleaning method to be generally applicable, regardless of

3Note that Ref. [44] assumes that the data is biased. On the
other hand, this paper assumes that the theoretical model to be
fitted to data is biased. Thus, we compute the covariance and the
Fisher matrix in the equation with biased theoretical spectra.
More explicitly, the theoretic spectra used here assume the
ΛCDM model while the true model describing the data is given
by an extension of ΛCDM with dark energy parametrized by w0

and wa.
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the details of the dark energy model. Indeed we will also
test that the method works well with dark energy models
with arbitrary w ¼ wðzÞ dependence.

C. Results

Figure 7 shows the biases on neutrino mass due to a
range of nonstandard dark energy models. The dashed lines
represent the base cases in which no cleaning is applied,
whereas the solid lines correspond to the bias when our
cleaning procedure is applied using galaxy bins up to a
certain z only, following the prescription laid in Sec. II

above. It can be seen that in agreement with our intuition in
Sec. IV, including all the LSST galaxy bins up to redshift 5
effectively reduces the neutrino mass sum bias to close to
zero, with only minimal increase in the statistical error
shown as the green bands. Even in an extreme case where
we have assumed ΛCDM but the “true” dark energy model
isw0 ¼ −0.8 andwa ¼ 0.20, removing the z < 5 portion of
the lensing map reduces the bias from −48 meV to zero.
The slight increase in bias observed around z ¼ 1.5 can be
explained by the fact that the effect of dark energy on the
lensing spectra is not a monotonic function with respect to

FIG. 7. Bias induced in the neutrino mass sum Δ
P

mν measurement due to incorrectly assuming ΛCDM when the true cosmology is
described certain w0 − wa dark energy model. The bias in meV is shown as a function of the maximum redshift to which we have cleaned
the lensing map using the LSST galaxies. A conservative scale cut of kcut ¼ 0.3hMpc−1 and lensing multipole Lmax ¼ 200 is assumed.
It can be seen that by cleaning the low-z contributions from the lensing map to a sufficiently high redshift, unbiased measurements of the
neutrino mass can even be obtained if we assume the wrong dark energy model. 1σ measurement errors are indicated with the blue
shaded region.
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the amount of low redshift removed. Hence removing only
the very low redshifts can still exacerbate the difference
between the true cosmology and ΛCDM compared to the
case where no cleaning is applied; the reduction in bias
only starts to occur when all the low redshifts containing
significant dark energy contributions are removed.
The lensing multipoles L used in the above forecast

range from 20 to 200. The Lmax multipole is set by the scale
cut of the lowest galaxy bin (for the conservative forecast,
we use kcut ¼ 0.3hMpc−1) which corresponds to Lmax ¼
kcutχðzg1Þ ∼ 200 since angular scales above this Lmax

contain low redshift lensing signal which is not removed

by the galaxies in the first redshift bin. The above forecast,
which only contains CMB-S4 primary CMB and z > 5
lensingwill provideneutrinomeasurementswithσðPmνÞ ¼
62 meV. This is comparable to the forecast obtained
using CMB-S4 primary CMB and lensing alone of
σðPmνÞ ¼ 53 meV [17] (when including Lmax ¼ 3000),
but with the main difference that our method should be
nearly model-independent. Our goal of obtaining a nearly
model-independent constraint on

P
mν also limits our

ability to exploit the full constraining power of BAO
surveys (since current high resolution BAO are mostly
at low redshifts which could be affected by dark

FIG. 8. As in Fig. 7, but now also including a futuristic BAO survey such as Megamapper (constraints assuming Lmax of 200 and 400
are shown in green and blue). It can again be seen that by cleaning the low-z contributions from the lensing map to a sufficiently high
redshift, unbiased measurements of the neutrino mass can even be obtained if we assume the wrong dark energy model. The slight
increase in bias at around z ¼ 2 is produced by the introduction of the high redshift BAO, which also incurs a negative bias in the
determination of neutrino mass sum.
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energy modeling); however, using a futuristic high
redshift BAO measurement from Megamapper will
allow neutrino constraints of order σðPmνÞ ¼ 39 meV
(σðPmνÞ ¼ 34 meV if using Lmax ¼ 400, corresponding
to a scale cut of kcut ¼ 0.6hMpc−1) as shown in Fig. 8. Here
we only include the BAO at redshifts equal or greater to the
redshifts over which we use the LSST galaxies, which
explains the broadening of the errors at higher redshifts.
Figure 9 illustrates that this cleaning method is flexible

and can also work when the true cosmology has dark
energy more complicated than that given by the w0 − wa
parametrization. The dark energy equation of state in the
upper panel, which is a toy example that oscillates with
redshift, is not described using the w0 − wa framework, but
the bias on the neutrino mass is still suppressed when using
cleaned lensing maps.

V. DISCUSSION AND CONCLUSIONS

In this work, we discuss the production and application
of a lensing map containing only high redshift information.
A high-z mass map can be constructed in a model-
insensitive manner by subtracting suitably scaled correlated
tracers, such as galaxy density maps, from the lensing field.
Our lensing cleaning method is similar to that of delensing,
with the critical difference that instead of minimizing the
variance of the resultant delensed field including noise, we
minimize only the lensing signal at low z.

The resulting high-z lensing map allows us to probe the
growth of structure at redshifts which are currently not
accessible to other cosmological probes. With CMB-S4
lensing and Rubin–LSST galaxies (and a scale cut of
k ¼ 0.3hMpc−1, which corresponds to a usable Lmax
of 200), we forecast measurements of the amplitude of
structure at high redshifts z > 3.75 and z > 5 to within
2.3% and 3.3% respectively. We explore the impact of
uncertainties in the lensing-galaxy cross spectrum in
determining the cleaned lensing map and find that these
uncertainties do not greatly affect the results.
The high redshifts probed by the cleaned lensing maps

also correspond to periods when dark energy, modification
to general relativity and nonlinear effects due to baryonic
physics are often assumed to be subdominant or at least less
important than at lower redshifts. As an example applica-
tion of this, we note that a high-zmass map could provide a
clean and arguably less model-dependent constraint on the
neutrino mass sum; we forecast that a high-z mass map
constructed from CMB-S4 and Rubin-LSST galaxies
can provide a competitive neutrino mass determination
(σðPmνÞ ¼ 62 meV or 39 meV including future high-z
BAO), and show that this measurement has only negligible
sensitivity to the presence of nonstandard dark energy
models. Furthermore, the same cleaning method also
removes potential degeneracies in the determination of
neutrino mass sum with effects induced by many modified
gravity models, as discussed in detail in Appendix A, and
may reduce sensitivity to baryonic feedback (as in [2]) and
matter nonlinearities.
There are other potential applications of variants of our

CMB lensing redshift-cleaning method. In Appendix B, we
discuss cleaning certain redshifts to improve the signal-to-
noise-ratio of lensing-galaxy cross-correlations. In particu-
lar, we find that removing the high redshift information
from a lensing map using the CIB significantly improves
the determination of parameters at low-z, such as linear bias
and growth factor, by 40%–60% for current and upcoming
CMB surveys. Our redshift-cleaning technique might also
be useful for mitigating the intrinsic alignment contami-
nation to the cross-correlation between CMB lensing and
cosmic shear, if contributions to CMB lensing from source
galaxy redshifts can be removed. We hope to explore these
and other applications of redshift-cleaning methods and
their implementation in data in future work.

ACKNOWLEDGMENTS

We thank Fiona McCarthy and Antón Baleato Lizancos
for useful discussions and feedback. F. Q. acknowledges
the support from a Cambridge Trust scholarship. B. D. S.
acknowledges support from the European Research
Council (ERC) under the European Union’s Horizon
2020 research and innovation programme (Grant
Agreement No. 851274) and from an STFC Ernest
Rutherford Fellowship. T. N. acknowledges support from

FIG. 9. Top panel: example of a (toy model) dark energy
equation of state evolution which does not follow the conven-
tional w0 − wa parametrization. Bottom panel: as in Fig. 7, the
bias induced in the neutrino mass sum Δ

P
mν as a function of

the maximum redshift cleaned with LSST galaxies. The results
show that even with a highly nonstandard dark energy evolution
at low redshifts, unbiased results on neutrino mass can be
obtained with our cleaning procedure.

PROBING EARLY STRUCTURE AND MODEL-INDEPENDENT … PHYS. REV. D 107, 123540 (2023)

123540-13



JSPS KAKENHI Grant No. JP20H05859 and
No. JP22K03682. O. D. acknowledges support from
SNSF Eccellenza Professorial Fellowship (No. 186879).
This research used resources of the National Energy
Research Scientific Computing Center (NERSC), a DOE
Office of Science User Facility supported by the Office of
Science of the U.S. Department of Energy under Contract
No. DE-AC02-05CH11231.

APPENDIX A: HIGH REDSHIFT LENSING MAP
AND ITS SENSITIVITY TO MODIFIED GRAVITY

An additional advantage of our low-z cleaning procedure
is that it can make constraints from the cleaned lensing field
insensitive to modified gravity effects. This is especially
relevant at low redshifts where nonstandard effects are
particularly well motivated due to the still poorly under-
stood cosmic acceleration [46,47]. Theories that propose
deviations from general relativity can have both different
background evolution equations and different growth of
structure on scales where the neutrino mass suppression
occurs. We will argue in the following paragraphs that any
degeneracy of neutrino mass with low-z modified gravity
effects can similarly be broken when the low-z information
about the growth of structures is removed, as described
previously.
Modified theories of gravity differ from general

relativity in two primary ways (e.g., [48]). First, they
change the relationship between the two scalar potentials
of the perturbed Friedmann–Lemaître–Robertson–Walker
metric. With a metric in the conformal Newtonian gauge for
scalar perturbations, ds2 ¼ ð1þ 2ψÞdt2 − a2ð1 − 2ϕÞdx2,
the relation ψ ¼ ϕ is no longer true even in the absence of
anisotropic stress. Second, the relation between the poten-
tial and density perturbations, as related by the Poisson
equation, is also modified. In the following discussion, we
consider modified gravity theories that can be parametrized
by the following two equations [49]4:

∇2ψðχ; xÞ ¼ 4πGρ̄m½1þ μðχÞ�δðχ; xÞ; ðA1Þ

Ψðχ; xÞ ¼ ½1þ ΣðχÞ�ΨGRðχ; xÞ; ðA2Þ

where Ψ≡ ðψ þ ϕÞ=2 is the so-called Weyl potential [1]
entering into the lensing potential and the subscript “GR”
indicates the quantity in general relativity. The functions μ
and Σ are exactly zero in the standard ΛCDM model. Here,
we ignore the scale dependence of μ and Σ, although it is
straightforward to apply the following discussion to the
case where μ and Σ vary slowly with scale.
Now we calculate the lensing mass field κ̃ from the

modified Weyl potential (A2) above. The first term of (A2)

results in the lensing convergence in general relativity, κ,
while the second term changes the lensing convergence by:

Δκðn̂Þ ¼ ∇̃2

Z
χ�

0

dχ
HðzÞWκðzÞ

χ2
ΣðχÞ∇−2δðχ; χn̂Þ; ðA3Þ

where ∇̃ is the covariant derivative on the unit sphere. We
assume that Σ varies slowly with χ so that we can pull Σ out
of the integral. Furthermore, we assume that the modifi-
cation is only important at low redshifts. Then, the lensing
convergence above could be written as

ΔκL ≃ Σκlow;L; ðA4Þ

where we have moved Σ outside of the integral. Under
modified gravity, and in the notation of the draft, the CMB
lensing field is therefore affected as:

κ̃ ¼ κhigh þ κlowð1þ ΣÞ ðA5Þ

On the other hand, a galaxy tracer will be affected by
modified gravity through the Poisson equation and the
growth of the density perturbations changes [49].
Assuming that the modification changes the growth of
the linear perturbation by an overall amplitude, we can
write the galaxy tracer at low z as X̃ ¼ ð1þDÞX where X
represents the case of standard cosmology.
If the galaxy tracer is originally correlated with the low-z

lensing field by TL in general relativity, the galaxy tracer is
given by:

X̃L ¼ TLð1þDÞκlow;L: ðA6Þ

If we require that the weights for cleaning are consistent
with the measured spectra, our cleaning procedure will
be immune to these scaling functions. To see this, we note
that the observed spectra, CκX

L and CXX
L , are rescaled,

respectively, by ð1þ ΣÞð1þDÞ and ð1þDÞ2. The
observed galaxy tracer, X̂L, is also rescaled by (1þD),
the second term in Eq. (1) becomes ð1þ ΣÞκlow which
exactly cancels with the modified low-z lensing conver-
gence involved in the first term of Eq. (1) [i.e. the second
term in Eq. (A5)].

APPENDIX B: SELECTIVE DELENSING IN THE
CONTEXT OF CROSS-CORRELATIONS

We explore the prospects of using the lensing cleaning
method discussed above in applications related to cross-
correlations. The lensing kernel contains information about
the integrated mass distribution up to the last-scattering
surface. However, most photometric and spectrometer
galaxy surveys are restricted to lower redshifts. Taking
the cross-correlation of the lensing field with late time
galaxy probes Cκg

L helps constrain parameters such as the
4https://wwwmpa.mpa-garching.mpg.de/~komatsu/lecturenotes/

Alex_Barreira_on_Modified_Gravity.pdf.
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growth of structure and galaxy bias at late times. Assuming
Gaussian errors, the expected error in these cross-
correlation spectra is given by

ΔCκg
L ¼

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1

ð2Lþ 1Þfsky

s h
Cκ̂ κ̂
L Cĝ ĝ

L þ ðCκ̂ ĝ
L Þ2

i
; ðB1Þ

The linear bias b1 which we assume to be scale and
redshift independent can be obtained from the following
relationship: b1 ∝ Cgg

L =C
κg
L with an error proportional to

ΔCκg
L if we ignore the error in determining Cgg

L which is
usually smaller than the cross-correlation error of Cκg

L . We
can see that if we could reduce the cosmic variance due to
Cκκ
L , this could lead to smaller errors in the cross-correlation

error and subsequently a smaller error in the linear bias.
To do so requires increasing the correlation between
the lensing and the galaxy field since the high redshift
portion of the lensing field has little correlation with the
galaxy field, and its presence only increases the cross-
correlation error.
Similar to the case of the neutrino application, here we

can form a low redshift only lensing map using the CIB as a
proxy of lensing at high redshifts.

κ̂cleanL ¼ κ̂L −
Cκ̂ Î
L

CII
L þ NII

L
ÎL; ðB2Þ

where κ̂L is the original CMB lensing convergence. We
note that, since our goal, in this case, is here to minimize the
low-redshift variance, the weights must include noise,
similar to the standard delensing case.

1. Modeling the lensing-CIB correlation

Since the goal here is to null the high redshift contri-
bution to the lensing map, we need to take a highly
correlated tracer with CMB lensing and subtract that from
it. An ideal candidate for such as tracer is the cosmic
infrared background (CIB) [50] which is strongly corre-
lated with the CMB lensing potential due to their extensive
overlap of the redshift kernels of both fields [25]. The
resulting cleaned lensing spectrum can be obtained by
estimating the correlation coefficient of the CIB with
lensing ρl, and it is given by Cκκ

L → Cκκ
L ð1 − ρ2LÞ.

To model the CIB, we adopt the single energy distribu-
tion (SED) model of [51] with the following kernel:

WCIB
L ðχÞ ¼ bc

χ2

ð1þ zÞ2 exp
�
−
ðz − zcÞ2

2σ2z

�
fνð1þzÞ; ðB3Þ

where bc is the normalization obtained by matching the
CCIB×κ
l spectrumwith the empirical spectrum obtained from

the Planck 545 GHz channel and zc ¼ σz ¼ 2 describes the

redshift distribution of the CIB intensity. fν describes the
SED of the CIB source

fν ¼
( ðehν

kT − 1Þ−1νβþ3; if ν ≤ ν0

ðehν0
kT − 1Þ−1ν0βþ3ðνν0Þ−α; ν > ν0

with T ¼ 34 K, α ¼ β ¼ 2 and the power law transition
occurring at ν0 ≈ 4955 GHz.
The correlation coefficient for this CIB with lensing in

orange is shown in Fig. 10, where we find a high degree of
correlation reaching nearly 0.8 for a large range of multi-
poles illustrating that the CIB is an excellent tracer of CMB
lensing. Shown in green is a more conservative correlation
coefficient which we also test in the cleaning procedure.
The correlation is obtained from maps of CIB constructed
via the generalized needlet internal linear combination
(GNILC) algorithm) at 353 GHz with shot noise and
contribution from galactic dust emission included [52].
Large Galactic dust residuals contaminate the large scales
of this CIB auto and cross spectra, and hence only scales
L ≥ 100 are included.

2. Forecasting method

a. Angular power spectra

To illustrate the above intuition, we use a toy galaxy
field, the CIB field (See Appendix B 1 for details about
its modeling) and the lensing convergence field to
construct the 2-point angular power spectra: Cκκ

L ; C
κg
L ; C

κCIB
L ,

CκCIB
l ¼ L and CCIBCIB

L . In the Limber approximation, the
angular power spectra are given by

Cαβ
l ¼

Z
dzHðzÞ
χ2ðzÞ WαðzÞWβðzÞP

�
k ¼ lþ 1

2

χðzÞ ; z
�
; ðB4Þ

where α; β ∈ ðκ; g;CIBÞ.

FIG. 10. Correlation coefficients of the CIB with CMB lensing.
The orange curve is obtained from the SED model, with
parameters fitted to match the Planck CIB-lensing cross-
correlation spectrum. The green curve is the correlation obtained
from the GNILC CIB map.
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The CIB window function is shown in Eq. (B3). For the
galaxy field, we consider a Gaussian galaxy density field
with mean redshift z0 ¼ 0.1 and width σz ¼ 2 with a
galaxy density of n̄ ¼ 1.06 arcmin2 and window function
Wg given by

Wg ¼ b1Azffiffiffiffiffiffiffiffiffiffi
2πσ2

p e
−ðz−z0Þ2

2σ2 : ðB5Þ

Here b1 is the linear bias with a fiducial value of b1 ¼ 2,
Az is a redshift dependent amplitude which is degenerate
with b1 and in this example we take as values Alow ¼ 1.2
for z < 0.5 and Ahigh ¼ 1.2 for z > 0.5. This factor is
applied to the CIB and lensing kernels as well.

b. Fisher analysis

For the CIB delensing application, we also consider
lensing experiments with higher noise levels up to 10 μK0
attainable by a Simons Observatory-like experiment with
the specifications: beam FWHM ¼ 1.40, ΔT ¼ 8 μK0,
ΔP ¼ 11.3 μK0 and fsky ¼ 0.3 and lensing experiments
attained with current ground-based observations such as
AdvACT [53] with beam FWHM ¼ 1.40, ΔT ¼ 15 μK0,
ΔP ¼ 15.3 μK0 and fsky ¼ 0.3. The minimum variance
reconstruction noise by combining the different temper-
ature and polarization channels for the different experi-
ments is shown in Fig. 2.
The observables we consider are the lensing-galaxy

cross spectrum Cκg
L , the galaxy auto spectrum Cgg

L and
the CMB lensing auto spectrum, Cκκ

L or the high
redshift cleaned version Cκcκc

L which is related to the
uncleaned one via the CIB-lensing correlation ρL,
Cκcκc
L ¼ Cκκ

L ð1 − ρ2LÞ. In the above example, since the
overlap between the galaxy field and the CIB field is
very small, we assume that Cκcg

L ≈ Cκg
L . We use a Gaussian

covariance matrix Covα1β1;α2β2La;Lb
where α1;2; β1;2 ∈ ðκ; gÞ.

For the CMB lensing convergence and the auto and cross
power spectra entering the covariance matrix we take into
account the lensing reconstruction noise Nκκ

L and the shot
noise Ngg

L ¼ 1=n̄.

We construct the Fisher matrix as

Fij ¼
X
α1β1 ;
α2β2

X
L

∂Cα1β1
L

∂θi

h
Covα1β1;α2β2La;Lb

i
−1 ∂Cα2β2

L

∂θj
ðB6Þ

where θ ¼ fb1; Alow; Ahighg are the parameters that we vary.

3. Results and interpretation

Fig. 11 shows that for a CMB-S4 CMB experiment, our
method of removing the high redshift content of the lensing
map can lead to 60% improvement in the determination of
the linear bias and 50% improvement in a measurement
of the amplitude of structure. The main factor in tightening
the constraints still comes from the degree of correlation
between the CIB and lensing. This improvement is
degraded when using the CIB field with a smaller degree
of correlation. For those cases, the CMB noise levels are
not that important, with experiments like SO and AdvACT
achieving similar improvements of 20%–30%.
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[44] A. Amara and A. Réfrégier, Systematic bias in cosmic shear:
Extending the fisher matrix, Mon. Not. R. Astron. Soc. 391,
228 (2008).

[45] D. Huterer and E. V. Linder, Separating dark physics from
physical darkness: Minimalist modified gravity versus dark
energy, Phys. Rev. D 75, 023519 (2007).

[46] E. Bertschinger and P. Zukin, Distinguishing modified
gravity from dark energy, Phys. Rev. D 78, 024015 (2008).

[47] T. Clifton, P. G. Ferreira, A. Padilla, and C. Skordis,
Modified gravity and cosmology, Phys. Rep. 513, 1 (2012).

[48] P. Zhang, M. Liguori, R. Bean, and S. Dodelson, Probing
Gravity at Cosmological Scales by Measurements Which
Test the Relationship Between Gravitational Lensing and
Matter Overdensity, Phys. Rev. Lett. 99, 141302 (2007).

[49] F. Simpson, C. Heymans, D. Parkinson, C. Blake, M.
Kilbinger, J. Benjamin et al., CFHTLenS: Testing the laws
of gravity with tomographic weak lensing and redshift-space
distortions, Mon. Not. R. Astron. Soc. 429, 2249 (2012).

[50] M. G. Hauser and E. Dwek, The cosmic infrared back-
ground: Measurements and implications, Annu. Rev. As-
tron. Astrophys. 39, 249 (2001).

[51] N. R. Hall, R. Keisler, L. Knox, C. L. Reichardt, P. A. R.
Ade, K. A. Aird, B. A. Benson, L. E. Bleem, J. E. Carlstrom,
C. L. Chang et al., Angular power spectra of the millimeter-
wavelength background light from dusty star-forming gal-
axies with the South Pole Telescope, Astrophys. J. 718, 632
(2010).

[52] N. Aghanim, M. Ashdown, J. Aumont, C. Baccigalupi, M.
Ballardini, A. J. Banday, R. B. Barreiro, N. Bartolo, S.
Basak et al., Planck intermediate results, Astron. Astrophys.
596, A109 (2016).

[53] S. W. Henderson, R. Allison, J. Austermann, T. Baildon, N.
Battaglia, J. A. Beall, D. Becker, F. De Bernardis, J. R.
Bond, E. Calabrese et al., Advanced ACTPol cryogenic
detector arrays and readout, J. Low Temp. Phys. 184, 772
(2016).

FRANK J. QU et al. PHYS. REV. D 107, 123540 (2023)

123540-18

https://doi.org/10.1051/0004-6361/201833910
https://arXiv.org/abs/1907.11171
https://doi.org/10.1088/1475-7516/2014/05/023
https://doi.org/10.1088/1475-7516/2014/05/023
https://doi.org/10.1103/PhysRevLett.81.2004
https://doi.org/10.1016/j.astropartphys.2006.05.004
https://doi.org/10.1111/j.1365-2966.2008.13880.x
https://doi.org/10.1111/j.1365-2966.2008.13880.x
https://doi.org/10.1103/PhysRevD.75.023519
https://doi.org/10.1103/PhysRevD.78.024015
https://doi.org/10.1016/j.physrep.2012.01.001
https://doi.org/10.1103/PhysRevLett.99.141302
https://doi.org/10.1093/mnras/sts493
https://doi.org/10.1146/annurev.astro.39.1.249
https://doi.org/10.1146/annurev.astro.39.1.249
https://doi.org/10.1088/0004-637X/718/2/632
https://doi.org/10.1088/0004-637X/718/2/632
https://doi.org/10.1051/0004-6361/201629022
https://doi.org/10.1051/0004-6361/201629022
https://doi.org/10.1051/0004-6361/201629022
https://doi.org/10.1007/s10909-016-1575-z
https://doi.org/10.1007/s10909-016-1575-z

