
Some new observations for the Georgi-Machacek scenario
with triplet Higgs scalars

Rituparna Ghosh * and Biswarup Mukhopadhyaya†

Department of Physical Sciences, Indian Institute of Science Education and Research,
Kolkata, Mohanpur - 741246, India

(Received 5 January 2023; accepted 31 January 2023; published 27 February 2023)

The Georgi-Machacek model, introducing a complex and a real scalar triplet as additional components
of the electroweak symmetry breaking sector, enables substantial triplet contributions to the weak gauge
boson masses, subject to the equality of the complex and the real triplet vacuum expectation values (vev)
via a custodial SU(2) symmetry. We present an updated set of constraints on this scenario, from collider
data (including those from 137=139 fb−1 of luminosity at the Large Hadron Collider), available data on the
125 GeV scalar, indirect limits, and also theoretical restrictions from vacuum stability and unitarity. It is
found that some bounds get relaxed, and the phenomenological potential of the scenario is more diverse, if
the doubly charged scalar in the spectrum can decay not only into two like-signW’s but also into one or two
singly charged scalars. Other interesting features are noticed in a general approach, such as substantial γγ
and Zγ branching ratios of the additional custodial singlet scalar and appreciable strength of the trilinear
interaction of a charged scalar, the W and the Z. Finally, we take into account the possibility of custodial
SU(2) breaking, resulting in inequality of the real and the complex scalar vevs which, too, in principle may
allow large triplet contribution to weak boson masses. Illustrative numerical results on the modified limits
and predictions are presented, once more taking into account all the constraints mentioned above.
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I. INTRODUCTION

As the electroweak symmetry breaking sector continues
to be closely scrutinized both theoretically and experimen-
tally, a query persists far and wide. It is as follows: can the
vacuum expectation values (vev) of other scalars, not
necessarily SUð2ÞL doublets, also contribute substantially
to theW-and Z-boson masses, besides the 125 GeV particle
that arises overwhelmingly out of a doublet [1]? SU(2)
triplet scalars are especially interesting in this connection,
since a) they may occur in some Grand Unified Theories
[2,3] as well as in left-right symmetric scenarios [4–7] and
b) they offer a mechanism for generating Majorana masses
for left-handed neutrinos, called the Type-II seesaw mecha-
nism [8,9]. However, there is a strong constraint on, say, a
single Y ¼ 2 complex triplet vev from the ρ parameter

[6,10], whose tree-level value is given by ρ ¼ m2
W

m2
Z cos

2 θW
¼ 1,

where θW is the weak boson mixing angle. The vev of a

stand-alone triplet thus cannot exceed about 4 GeV; hence,
its contribution to the weak boson masses is rather meager.
A frequently discussed model in this context is the one
proposed first by Georgi and Machacek (GM), where one
complex triplet (χ, Y ¼ 2) and one real triplet (ξ, Y ¼ 0)
were introduced in addition to the doubletΦ of the standard
model (SM) [11,12]. Such a model can be associated with
“composite Higgs” scenarios [13], but it is of sufficient
interest on its own. It ensures ρ ¼ 1 at tree level if the two
triplets have equal vev, ensured with the help of a global
SU(2) as custodial symmetry [14].1 Thus, in the simplest

case, one has vχ ¼ vξ. In this case, sH ¼ 2
ffiffi
2

p
vχffiffiffiffiffiffiffiffiffiffiffiffi

v2Φþ8v2χ
p emerges

as a measure of the triplet contribution to the gauge boson
masses. Attempts have been made in recent works to obtain
upper bounds on this important parameter from experi-
mental as well as theoretical considerations, mostly as
functions of the mass of the doubly charged component of
the triplet χ, which is one distinct ingredient of this
scenario. The available limits used data from the LHC
as well as indirect limits such as those from rare decay
processes as also precision electroweak measurements.
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1Studies on variants of the model including additional sym-
metries are also found in the literature, but we are not restricting
ourselves by such considerations here [15].
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In this work, we generalize and update these limits,
which enable one to extend the region of the GM parameter
space that can be constrained, and also include additional
possibilities in the particle spectrum of this kind of a theory.
In particular, the new features of our analysis are as follows:
(1) Available updated limits from the LHC data have

been incorporated. Most important of these are the
new limits on doubly charged scalar production via
vector boson fusion (VBF) [16] and also Drell-Yan
(DY) [17] processes. The latter is particularly
important because it predicts production cross sec-
tions which are four times as much as those for
singly charged scalars.

(2) The previous search limits were obtained using the
assumption that the doubly charged scalar decays
exclusively into two same-sign W bosons [18–20].
This restricted the analyses to a small region of the
parameter space. We, on the other hand, included
possibilities where the doubly charged state can also
decay into a singly charged state and a W, as also
into two singly charged states. We find that some
such cases allow higher triplet contributions to the
weak boson masses than come with the same-sign
W-pair decay alone.

(3) We have included the possibility of vχ ≠ vξ, i.e., of
broken custodial SU(2). The consequent shift in
parameter values in the scalar potential is not fully
calculable unless one knows the UV completion of
the theory, which has to be at relatively low scales if
the triplet-dominated states have to make any differ-
ence to phenomenology [21–23]. Using some phe-
nomenological limits on the parameter shift, we have
computed the changes in contributions to the rates of
various collider phenomena and obtained modified
limits on the “effective” triplet vev for various
masses of the doubly charged states, again allowing
for single-channel as well as two-and three-channel
decays of the latter.

(4) One characteristic feature of such scenarios is the
existence of nonvanishing trilinear interactions
involving a charged scalar, a W and a Z, something
that is not permissible with scalar doublets alone
[24]. Such interactions, essentially related to the
triplet vev value, bring in additional collider phe-
nomenology [6,25–29]. We have indicated the upper
limits on the strength of such interactions, for both
vχ ¼ vξ and vχ ≠ vξ.

(5) In addition to various experimental limits, direct as
well as indirect, we have also included the theoretical
limits (arising mostly from unitarity and occasionally
fromvacuumstability) on the triplet vev, for bothvχ ¼
vξ and vχ ≠ vξ. The limits are found to be stronger for
high values of the doubly charged scalar mass.

(6) We have calculated the coupling strength of a neutral
scalar that is singlet under custodial SU(2) in this
scenario to WW/ZZ [30,31] and ff̄, using as
reference the corresponding interaction strengths
of the SM-like scalar. The γγ and Zγ [32,33]
branching ratios predicted for the same scalar have
also been calculated and scanned over the parameter
space. This can serve as indicators of the phenom-
enological potential of this neutral spin-0 state, for
instance, the high-luminosity LHC.

We present a brief outline of the GM scenario in Sec. II.
Sections III and IV are devoted to the experimental and
theoretical limits and some related features of scenarios
with vχ ¼ vξ and vχ ≠ vξ, respectively. We summarize and
conclude in Sec. V.

II. BRIEF SUMMARY OF THE SCENARIO

The scalar sector of the Georgi-Machacek model [11,12]
consists of a Y ¼ 2 complex triplet χ ¼ ðχþþ; χþ; χ0Þ and a
Y ¼ 0 real triplet ξ ¼ ðξþ; ξ0; ξ−Þ along with the usual
Standard model doublet. The most general potential pre-
serving a global SUð2ÞL × SUð2ÞR is given by [18,19,34]

V ¼ μ22
2
TrðΦ†ΦÞ þ μ23

2
TrðX†XÞ þ λ1½TrðΦ†ΦÞ�2 þ λ2TrðΦ†ΦÞTrðX†XÞ þ λ3TrðX†XX†XÞ þ λ4½TrðX†XÞ�2

− λ5TrðΦ†τaΦτbÞTrðX†taXtbÞ −M1TrðΦ†τaΦτbÞðUXU†Þab −M2TrðX†taXtbÞðUXU†Þab; ð1Þ

where

Φ ¼
 
ϕ0⋆ ϕþ

ϕ− ϕ0

!
X ¼

0
B@

χ0⋆ ξþ χþþ

χ− ξ0 χþ

χ−− ξ− χ0

1
CA

U ¼

0
B@

− 1ffiffi
2

p 0 1ffiffi
2

p

− iffiffi
2

p 0 − iffiffi
2

p

0 1 0

1
CA: ð2Þ

τas and tas are the 2 × 2 and 3 × 3 SUð2Þ generators,
respectively.
With this potential, the tadpole conditions always have a

solution at vχ ¼ vξ. The SUð2ÞL and the Uð1Þ subgroup of
SUð2ÞR are gauged, and they break down toUð1ÞEM via the
Higgs mechanism [35,36]. After electroweak symmetry
breaking, the vacuum is invariant under the diagonal
subgroup of SUð2ÞL × SUð2ÞR which is called the custo-
dial SU(2) and ensures ρ ¼ 1 at the tree level. At vχ ¼ vξ,
v2ϕ þ 8v2χ ¼ v2 ¼ ð246.22 GeVÞ2. The tadpole conditions
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that determine the doublet and the triplet vev in terms of
parameters in the potential are given by [18,19]

μ22 þ 4λ1v2ϕ þ 3ð2λ2 − λ5Þv2χ −
3

2
M1vχ ¼ 0 ð3Þ

3μ23vχ þ 3ð2λ2 − λ5Þv2ϕvχ þ 12ðλ3 þ 3λ4Þv3χ
−
3

4
M1v2ϕ − 18M2v2χ ¼ 0: ð4Þ

Since the potential retains a custodial SU(2) after
electroweak symmetry breaking (EWSB), the physical
states will belong to the irreducible representation of this
group. Hence, particles belonging to a particular multiplet
will be degenerate in mass. Here, one has a 5-plet, two
3-plet, and two singlet states. One of the 3-plets contains the
Goldstone modes that become the longitudinal components
of the weak gauge bosons. The 5-plet states are given by

Hþþ
5 ¼ χþþ; Hþ

5 ¼ χþ − ξþffiffiffi
2

p

and a CP-even neutral scalar,

H0
5 ¼

ffiffiffi
2

3

r
ξ0 −

ffiffiffi
1

3

r
χ0;r:

The physical 3-plet consists of

Hþ
3 ¼ −sHϕþ þ cH

χþ þ ξþffiffiffi
2

p

and a CP-odd neutral scalar,

H0
3 ¼ −sHϕ0;i þ cHχ0;i;

where

sH ¼ 2
ffiffiffi
2

p
vχ

v
and cH ¼ vϕ

v
:

The masses of these 5-plet and 3-plet scalars are

m2
H��

5

¼ m2
H�

5

¼ m2
H0

5

¼ m2
5 ¼

M1

4vχ
v2ϕ þ 12M2vχ

þ 3

2
λ5v2ϕ þ 8λ3v2χ ð5Þ

m2
H�

3

¼ m2
H0

3

¼ m2
3 ¼

�
M1

4vχ
þ λ5

2

�
v2: ð6Þ

The singlet states are given by

H0 ¼ ϕ0;r; H00 ¼
ffiffiffi
1

3

r
ξ0 þ

ffiffiffi
2

3

r
χ0;r:

The physical states are combinations of these two and
given by

h ¼ cos αϕ0;r − sin αH00; H ¼ sin αϕ0;r þ cosαH00:

The angle α depends on the 2 × 2 CP-even custodial-singlet
scalar mass matrix. The elements of the mass matrix are

M2
11 ¼ 8λ1v2ϕ ð7Þ

M2
12 ¼

ffiffiffi
3

p

2
vϕ½−M1 þ 4ð2λ2 − λ5Þvχ � ð8Þ

M2
22 ¼

M1v2ϕ
4vχ

− 6M2vχ þ 8ðλ3 þ 3λ4Þv2χ ð9Þ

tan 2α ¼ 2M2
12

M2
22 −M2

11

: ð10Þ

Here, we have set h to be the 125GeV scalar and denoted the
mass of H asmH, which can be larger as well as smaller than
125GeVdepending on the parameters of the scalar potential.
Since the most stringent constraint on the parameter space of
this model comes from the collider searches of the doubly
charged Higgs, its branching ratios in different channels play
a crucial role.Hence, wewill treat themass of the 5-plet state,
3-plet state, and 125 GeV scalar as our input parameter and
will trade off three potential parameters in terms of them.
Thus, the final set of input parameter for our study
is m5; m3; sH; λ2; λ3; λ4;M2.
In this model, the 5-plet states couple to vector boson

pairs as opposed to the 3-plet states, which only couple to
fermions. Let us in this context define the quantities, ζW ,
ζZ, and ζf, which reflect the strengths of the W, Z and
fermionic coupling, of H normalized to the similar cou-
plings of the SM Higgs, respectively [24],

ζZ ¼ gGMHZZ

gSMhZZ
¼

ffiffiffi
2

p

v
ΣkβkivckY

2
k ð11Þ

ζW ¼ gGMHWW

gSMhWW

¼
ffiffiffi
2

p

v
Σkβki

�
vckYk þ vrk

1

4

ffiffiffiffiffiffiffiffiffiffiffiffiffiffi
nr

2

k − 1

q �
ð12Þ

ζf ¼
gGM
Hff̄

gSM
hff̄

¼ β12v=vϕ; ð13Þ

where β is the matrix that rotates ðh;H;H0
5Þ to ðϕr; χr; ξrÞ

and summation is over all the scalar multiplets participating
in EWSB. In Eqs. (11) and (12), i ¼ 2. nrk ¼ 3 for the
single real triplet ξ, while vck and vrk are the vevs of
the complex and real multiplets, respectively. As long as the
custodial symmetry is preserved at both the potential and
the vacuum level, ζW ¼ ζZ ¼ ζV ¼ sin α vϕ

v þ 8ffiffi
3

p cos α vχ
v ,
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and breaking of custodial symmetry will introduce a
splitting between them. Also with custodial symmetry,
β12 ¼ sin α and β13 ¼ 0. Another remarkable feature of this
model is the presence of the nonzero H�W∓Z coupling.
With custodial symmetry intact, only H�

5 has this kind of
coupling, and when the symmetry is broken, a nonzero
H�

3 W
∓Z vertex strength starts to appear. For the custodial

symmetric case, this coupling strength is a simple scaling to

sH by a factor of 2M2
W

VcW
, where cW is the cosine of the

Weinberg angle. But when the custodial symmetry is
broken, this coupling takes a complicated form. For this
case, let us define two quantities,

κH�
5
W∓Z ¼

gNC
H�

5
W∓Z

½gCS
H�

5
W∓Z�sH¼1

ð14Þ

κH�
3
W∓Z ¼

gNC
H�

3
W∓Z

½gCS
H�

5
W∓Z�sH¼1

; ð15Þ

where gNC
H�

5
W∓Z and gNC

H�
3
W∓Z denote the H�

5 W
∓Z and

H�
3 W

∓Z interaction vertex strengths for the vχ ≠ vξ case
and gCSH�

5
W∓Z denotes the H�

5 W
∓Z interaction vertex

strength for the custodial symmetric case. The expressions
of gH�

5
W∓Z, following a general derivation given [24], are

gH�
i W

∓Z ¼ g2ffiffiffi
2

p
cos θW

Σkαkiðfckvck þ frkv
r
kÞ; ð16Þ

where α is the 3 × 3 matrix that diagonalizes the singly
charged scalar mass matrix in the ðϕþ; χþ; ξþÞ basis,

fck ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffi
nck − 1

p ðcos2 θW − YkÞ, frk ¼ 1
2

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
nrk

2 − 1
q

cos2 θW .

Here, fck corresponds to k ¼ 1; 2 comprising ϕ and χ, with
nck ¼ 2 and 3, respectively. Similarly, frk corresponds to ξ
with k ¼ 3 and nrk ¼ 3. In the situation where vχ ¼ vξ, the
H�W∓Z coupling is possible for Hþ

5 only, and then the
expression in Eq. (16) reduces to

gHþ
5
W−Z ¼ −gmWsH

cos θW
: ð17Þ

It should be noted that the assertion vχ ¼ vξ, based on
Eq. (1) and the invariance of the potential under the
custodial SUð2Þ can be exactly ensured at the tree level
only. However, the kinetic energy terms explicitly break the
custodial SUð2Þ via Uð1ÞY interactions. This at higher
orders violates the custodial symmetry of the potential,
resulting vχ ≠ vξ (unless there is fine-tuning). It is therefore
useful to also estimate the modifications to the constraints
on the parameter space, when the real and complex triplet
vevs are unequal. In particular, the various points itemized
in the previous section need to be revisited for such a

situation. The higher-order modifications, however, lead to
large contributions to mass parameters in the potential,
which in general shift them to the upper limit of validity of
the GM scenario. Therefore, in case the triplet sector is
expected to have bearing on accessible phenomenology, the
GM model will have to pass the baton to some overseeing
scenario not too far above the TeV scale, which controls the
divergent corrections [37–39]. This essentially brings in
new interactions, symmetries, or degrees of freedom. Thus,
it is difficult to compute the modified potential in terms of
the GM parameters alone. Keeping this in mind, we study
the constraints for vχ ≠ vξ in Sec. IV, using some illus-
trative scenarios introduced in a phenomenological manner.

III. CONSTRAINTS FOR vχ = vξ

We start by updating and extending the existing con-
straints on the parameter space of the GM scenario. Before
stating explicitly where we have gone beyond the studies
already performed in this direction [18,19], a few general
comments are in order.
The limits obtained in most works including ours are in

terms of the mass of the 5-plet of the custodial SUð2Þ
[18,19,40]. In particular, it is meaningful to find the
allowed upper limits of the quantity sH, which is a measure
of the triplet vev relative to the effective vev v driving
EWSB, for various values of the doubly charged scalar
mass. Stronger bounds of this kind come from direct
searches in the 5-plet sector rather than those in the 3-plet
sector because the production rates for this sector at the LHC

are suppressed by 8v2χ
v2ϕ

relative to the SM Higgs. Now,

members of the 3-plet decay in fermionic channels only,
where decays into tau(s) is one’s most favorable option in
terms of cleanliness of the signal. With the production rate
already suppressed, the final states containing taus offer
rather poor statistics, so the limits cannot be significant.
As far as the 5-plet sector is concerned, the neutral or the

singly chargedmember yields weaker limits on sH than what
one obtains for the doubly charged component. ForHþþ

5 , on
the other hand, there are in principle various decay channels
like W�W�; H�

3 W
�; H�

3 H
�
3 as also l�l� when ΔL ¼ 2

Yukawa couplings exist. Same-sign dileptons, wherever
available out of such final states, make up for the generally
existing sH suppression by virtue of the relatively “clean”
visible peaks. That is why it is more profitable to attempt
setting limits on sH againstmH��

5
, keeping of course in view

other considerations going beyond direct searches.
Among the channels listed above, Hþþ

5 → lþlþ is
undoubtedly the most spectacular signal, where one notices
a peak in the invariant mass distribution of the same-sign
dileptons [41]. However, given the potential contribution of
this scenario to neutrino masses via the Type-2 seesaw
mechanism, a significant branching ratio for Hþþ

5 → lþlþ

will require vχ ≤ 10−10 GeV [42,43]. This, however, is a
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situation far removed from those which are our main focus
here, namely, the viability of substantial role of triplets in
EWSB. We therefore keep the l�l� decay channel out of
our consideration.
Among the three remaining channels mentioned above,

H�
3 W

� and H�
3 H

�
3 will have the 3-plet charged scalars

mostly decaying into quarks, in which case the leptons,
even if produced, are likely to be degraded in cascades.
Their detection is therefore relatively inefficient, and no
analysis exists on these two channels so far. They, however,
may serve to suppress the branching ratio into W�W�,
thereby weakening the limits and allowing higher values of
sH for a given m5, at least from direct search at the LHC.
We therefore extend the existing analyses for not only the
single decay channel Hþþ

5 → W�W� but also with either
one or two of the additional channels mentioned above. In
addition, the following constraints are taken into account:

(i) Indirect constraints [44], primarily from the exper-
imental bounds on the rates for b → sγ [45] andBs →
μþμ− [46] and also from oblique electroweak param-
eters (of which the limit from T, or equivalently the ρ
parameter, is explicitly used at every step).

(ii) Theoretical constraints such as perturbative unitarity,
vacuum stability, and the requirement that the
custodial symmetry preserving vacuum corresponds
to the global minimum of the potential [47,48].

(iii) Whatever constraints come within the scope of the
package GMCALC [49] have been made use of. We
have updated them, using our own code for VBF
with 137 fb−1 and DY with 139 fb−1. The consis-
tency of the code developed by us has been checked
against GMCALC in the appropriate limits.

(iv) All other constraints from the searches for additional
neutral searches obtained using the code HIGGS-

BOUNDS-5 [50].
(v) The requirement that the signal strength of the

125 GeV scalar in all channels is consistent with
LHC data. For this, the code HIGGSSIGNALS-2 [51]
has been made use of.

In obtaining the scatter plots presented in Figs. 1–3, the
quantities whose specific values have entered as indepen-
dent variables are m5, m3, and sH, all other parameters in
the GM scalar potential being subjected to an unbiased
scan, subject to the requirements of unitarity, vacuum
stability, and the demand that the EWSB vacuum corre-
sponds to global minimum of the potential. The mass
parameter (m5) corresponding to the custodial 5-plet has
been varied in the range 200 GeV–2 TeV, subject to the
constraints mentioned above. The 3-plet mass m3 is also
subjected similar constraints, with its maximum allowed
values being set according to the different kinematic
situations described in the next paragraph. In cases where
the 3-plet is never produced in decays of the doubly
charged scalar Hþþ

5 , the scan has been extended up to
m3 ¼ 5 TeV. The quantity sH has been scanned over the
entire allowed range of positive values, namely, [0, 1].
Figure 1 contains the updated constraints obtained

through our analysis, while the coupling strength modifi-
cations over the allowed region are shown in Fig. 2,
taking as illustration the custodial-singlet neutral state H.
Figures 1(a)–1(c) correspond, respectively, to single-
channel (Hþþ

5 →WþWþ), double-channel (Hþþ
5 →WþWþ;

Hþ
3 W

þ), and triple-channel (Hþþ
5 → WþWþ; Hþ

3 W
þ;

Hþ
3 H

þ
3 ) decays allowed for the doubly charged state. In

Fig. 2, the left, central, and right columns fall in these three
kinematic categories.
Figure 3 illustrates the modified branching ratios of the

CP-even, custodial-singlet scalar H in the Zγ and γγ
channels. This may be compared with the corresponding
branching ratios of the SM Higgs boson.
While the three sets of figures and their corresponding

captions are self-explanatory, the following features exhib-
ited by them need to be commented upon:

(i) The additional integrated luminosity accumulated up
to 137 fb−1 puts additional constraints on sH via the
VBF channel. Thus, the upper limit in the case of
single-channel Hþþ

5 decay becomes more stringent
compared to that found in Ref. [19], especially for
masses exceeding 500 GeV.

FIG. 1. Constraints on the mH��
5

− sH plane. Figures 1(a), 1(b), and 1(c) correspond, respectively, to the situations of single, double,
and triple-channel decay ofHþþ

5 . Red, black, and blue regions are excluded by indirect constraints, DY search ofHþþ
5 , and VBF search

of Hþþ
5 respectively. Green regions are allowed by all constraints.
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FIG. 3. Correlated branching ratios forH → Zγ andH → γγ for single- (a and d), double- (b and e), and triple-channel (c and f) decay
of Hþþ

5 . The color axis in (a), (b), and (c) correspond to mH , the mass of H, while in (d), (e), and (f), it correspond to sin α, the SUð2ÞL
doublet content of H.

FIG. 2. Correlated modification factors in coupling strengths for the neutral scalar H to weak boson pairs and fermion pairs with
respect to the corresponding couplings of the SM Higgs for single-channel (a and d), double-channel (b and e), and triple-channel (c and
f) decays ofHþþ

5 . The color axis in (a), (b), and (c) corresponds tomH , the mass of H, while in (d), (e), and (f), it corresponds to sin α, the
SUð2ÞL doublet content of H.
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(ii) When the decay channel into Hþ
3 W

þ opens up, the
limits from VBF are relatively relaxed and can go up
to sH ≈ 0.4 at 500 GeV, where the earlier limit is
0.28 [18,19].

(iii) All three aforementioned decays open up for a rather
limited region of the parameter space, which ends
around m5 ≈ 300 GeV. This is because it is not
possible beyond this mass to satisfy Eqs. (5) and (6)
simultaneously, without creating an unacceptable
tension between the potential minimization condi-
tions and unitarity limits on the quartic couplings.
However, as expected, higher values of sH (up to
about 0.44) get allowed within this range, as
compared to both the single-and double-channel
decay situations. Looking at it from another angle,
the higher m5 is, the more difficult it is to keep m3

small enough for the above channel to open up.
(iv) The allowed values of sH goes down significantly

for large m5. The reason for this is understood if one
looks at Eqs. (3) and (5). A high mass for Hþþ

5 is
largely governed by M1. Unless the triplet vev vχ
(and therefore sH) is small, largeM1 would enhance
some of the quartic couplings, ending up in unitarity
violation.

(v) The Drell-Yan channel has also been taken into
account for 139 fb−1 of integrated luminosity. For
the single-channel case, this practically excludes the
mass range 200–300 GeV for the doubly charged
scalar.2 The DY limits, however, are progressively
weaker for the two-and three-channel cases, as the
sensitivity goes down proportionally with the
squared branching ratio into WþWþ.

(vi) The code HIGGSBOUNDS-5 has been used to constrain
the particle spectrum from neutral Higgs searches at
the LHC as well as LEP. However, the limits thus
obtained areweaker than those fromVBF [16,54]. As
for the constraints fromHIGGSSIGNALS-2, the allowed
regions shown the Figs. 1(a) and 1(b) are consistent at
95%C.L.However, the lowHþ

3 masses relevant to the
three-channel case tend to create more tension with
the measurements of the diphoton signal strength
for the 125 GeV scalar. This explains, for instance,
the paucity of allowed points in Fig. 2(c), in which
95% C.L. consistency with HiggsSignals results are
explicitly demanded.

(vii) Figure 2 shows the modifications of the couplings
for the custodial-singlet neutral scalar H to fermion
and gauge boson pairs, as compared to those for
the SM Higgs boson. As is particularly evident in
Figs. 2(d)–2(f), the modifications are indicative of
the SU(2) doublet content of this state and can have
bearings on its detectability at colliders. It should be

noted that this content can be distinctly higher in the
double-and triple-channel cases, although the re-
gions of the parameter space answering to such
enhancement are rather small.

(viii) As seen from Fig. 3, it is possible for both the γγ and
Zγ branching ratios of the custodial singlet H to be
considerably larger than those of the SM Higgs
boson. This is because of some interesting features
of this scenario. First, the tree-level decays of H into
fermions get suppressed, since such decays are
driven by its doublet component alone. Similarly,
the role of the triplets in decays into gauge boson
pairs is suppressed by the triplet vev. Such reduction
in the share of tree-level decays results in the
enhancement of the loop-induced γγ and Zγ branch-
ing ratios. Second, while the fermion loops involve
only the doublet component, the triplet part, too,
drives the gauge boson loop amplitude. As a
consequence, for a relatively small fraction of points
used in the scan, the destructive interference be-
tween the fermion and gauge boson loops becomes
constructive. More importantly, the charged scalar
loop contribution has a rather strong constructive
interference with the fermion loops.

As mentioned above, such an effect is noticeable
for a small number of points corresponding to Hþþ

5

decays in the single and double channels. Enhance-
ment is rarer in cases where three decay channels
open up. Nonetheless, this feature can have interest-
ing phenomenological implications in LHC searches
for this state [25–27], albeit within a limited region
of the parameter space.

(ix) As has been mentioned already, a striking feature of
this scenario (and in general of any theory contain-
ing scalar multiplets with nonzero vev possessing
different values of Y) is tree-level interaction involv-
ing a charged Higgs, a W boson, and a Z boson
[6,24], which can have interesting implications in
triplet scalar phenomenology. For vχ ¼ vξ, the
strength of this interaction is proportional to sH.
This proportionality does not hold when the com-
plex and real triplet vevs are unequal, as given in
Sec. II. The numerical constraints on the HþW−Z
couplings in such cases are explicitly obtained in the
next section.

IV. CONSTRAINTS FOR vχ ≠ vξ

So far, we have discussed the constraints corresponding
to vχ ¼ vξ, which is a direct consequence of the custodial
SUð2Þ symmetry of the scalar potential. Although this
symmetry has been shown to be preserved in scalar loop
corrections [12], it is in general liable to be broken on
inclusion of gauge couplings. This is because hypercharge
interactions in the scalar covariant derivatives break the
custodial SUð2Þ. We have studied the constraints on model

2For masses below 200 GeV, the DY limits [52,53] are weaker
compared to those from VBF.
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parameters and associated issues, in such a situation as
well, as reported below.
The higher-order corrections mentioned above entail

quadratically divergent terms [22]. If the triplet scalar mass
terms in the GM scenario have to be around the TeV scale
or less (which is the situation where the GM model is
phenomenologically significant), then some additional
inputs have to come in the form of a cutoff for the GM
theory. This has prompted us to use some phenomeno-
logical inputs for vχ ≠ vξ.
Our investigation pertains to cases where the theoretical

limits (which in principle requires some knowledge of the
overseeing theory controlling the divergent contributions)
are not substantially different from those in the correspond-
ing cases with vξ ¼ vχ . A similar consideration applies to
indirect constraints.3

We have thus treated vχ and vξ as phenomenological
inputs, with their difference not exceeding 30% in our
randomly generated points. In a similar fashion, the
parameters in all scalar mass-squared matrices have been
subjected to random variation, without differing by more
than 30% with respect to values yielding vχ ¼ vξ. After
diagonalizing the mass matrices, the couplings of the
physical scalar states have been calculated using
FEYNRULES [55]. It has been checked that replacing
30% by 50% in the random number generation criteria
does not make any qualitative change in the final results
presented below. Apart from these, the general guidelines
followed in obtaining the scatter plots (Figs. 4–9) are
similar to those used in the previous section.
The quantity sH, which in the previous cases uniquely

parametrized the triplet contribution to the “effective vev”
breaking the electroweak symmetry, is not similarly appli-
cable when vχ ≠ vξ. We instead make use of the quantity

vtriplet
v

¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
4ðv2χ þ v2ξÞ

q
v

; ð18Þ

where v ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
v2Φ þ 4ðv2χ þ v2ξÞ

q
is the effective vev. Since

the custodial symmetry is broken, the physical states no
longer constitute the irreducible representations under the
custodial SUð2Þ group. Hence, all the H5 states will now
have nonzero component coming from the SUð2ÞL doublet
Φ.4 Similar effects will be seen in states belonging to the
other representations of the custodial SUð2Þ.The contribu-
tion of ϕ0r in H after this is denoted by β12.
Figure 4 shows the allowed regions in the space spanned

bymH��
5

and vtriplet
v , with Figs. 4(a)–4(c) corresponding to the

single-, double-, and triple-channel decays of the doubly
charged scalar. The different coupling strength modifica-
tion factors of the custodial singlet H are presented in
Figs. 4–7. It is to be noted in this context that the WW and
ZZ coupling strengths for the state H are liable to differ for
vχ ≠ vξ, a feature that affects the modification of inter-
action strengths in comparison with those for the SM
Higgs. The allowed branching ratios for H → γγ; Zγ are
shown in Fig. 8. Figure 9 demonstrates the allowed points
in the space spanned by the values of the κHþ

5
W−Z and

κHþ
3
W−Z, following the expressions given in Sec. II.
The salient points noticed in Figs. 4–9 are as follows:
(i) The maximum value of vtriplet

v remains comparable to
that of sH in the custodial symmetry preserving case,
when one considers situations allowing single- and
double-channel decays of the doubly charged Higgs.

FIG. 4. Constraints on the mH��
5

− ðvtripletv Þ plane for vχ ≠ vξ. Figures 1(a), 1(b), and 1(c) correspond, respectively, to the situation of
single-, double-, and triple-channel decay ofHþþ

5 . Red, black, and blue regions are excluded by indirect constraints, DY search ofHþþ
5 ,

and VBF search of Hþþ
5 , respectively. Green regions are allowed by all constraints.

3It should be remembered that the inequality of the two kinds
of triplet vevs results in Hþ

3 W
−Z interactions, too, which alters

the limits from precision electroweak observables. Similarly, H�
5

now develops small fermion couplings.

4The mixing between the custodial 3-plet and the 5-plet will in
principle also allow Hþþ

5 → Hþ
5 W

þ, resulting in a new two-
channel (Hþþ

5 → WþWþ, Hþþ
5 → Hþ

5 W
þ), three-channel

(Hþþ
5 → WþWþ, Hþþ

5 → Hþ
5 W

þ, Hþþ
5 → Hþ

3 W
þ), and even

four-channel (Hþþ
5 → WþWþ,Hþþ

5 → Hþ
5 W

þ,Hþþ
5 → Hþ

3 W
þ,

Hþþ
5 → Hþ

3 H
þ
3 ) decay modes. However, the unitarity of such

mixing implies that the constraints will not be strengthened
further.
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FIG. 6. Correlated modification factors in coupling strengths for the neutral scalar H to W, Z, and fermion pairs with respect to the
corresponding couplings of the SMHiggs for double-channel decay ofHþþ

5 for vχ ≠ vξ. The color axis in (a), (b), and (c) corresponds to
mH , the mass of H, while in (d), (e), and (f), it corresponds to β12, the SUð2ÞL doublet content of H.

FIG. 5. Correlated modification factors in coupling strengths for the neutral scalar H to W, Z, and fermion pairs with respect to the
corresponding couplings of the SM Higgs for single-channel decay ofHþþ

5 for vχ ≠ vξ. The color axis in (a), (b), and (c) corresponds to
mH , the mass of H, while in (d), (e), and (f), it corresponds to β12, the SUð2ÞL doublet content of H.
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FIG. 8. Correlated branching ratios forH → Zγ andH → γγ for single- (a and d), double- (b and e), and triple-channel (c and f) decay
of Hþþ

5 for vχ ≠ vξ. The color axis in (a), (b), and (c) corresponds to mH, the mass of H, while in (d), (e), and (f), it corresponds to β12,
the SUð2ÞL doublet content of H.

FIG. 7. Correlated modification factors in coupling strengths for the neutral scalar H to W, Z, and fermion pairs with respect to the
corresponding couplings of the SM Higgs for triple-channel decay of Hþþ

5 for vχ ≠ vξ. The color axis in (a), (b), and (c) corresponds to
mH , the mass of H, while in (d), (e), and (f), it corresponds to β12, the SUð2ÞL doublet content of H.
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For three allowed channels, however, the constraints
are relatively relaxed here, as the allowed inequality
of the real and complex triplet vevs opens up some
additional phase space, allowing Hþþ

5 → Hþ
3 H

þ
3

and thus eating into the branching ratio for
Hþþ

5 → WþWþ, the primary search channel.
(ii) H, the custodial singlet neutral scalar, can now have

a larger number of allowed points with substantial
doublet content, especially for cases with double-
and triple-channel decays allowed, as seen from
Figs. 5–7.

(iii) As compared to the case with exact custodial
symmetry, one can have larger mass splitting al-
lowed between two custodial multiplets. It is thus
possible to have allowed regions in the parameter
space with the state H as high as a TeV, with the
erstwhile 3-and 5-plet state lying as low as 500 GeV.

(iv) Here, too, there are allowed regions in all three cases
with enhanced branching ratios in the γγ and Zγ
channels for H decay. In general, for the parameter
points where such enhancement occurs, the deciding
factor turns out to be not only the vev split but also
their absolute values, a fact that may not be visible in
the scatter plots.

(v) Because of the added freedom of differencing vχ and
vξ, the maximum permissible strength of the
Hþ

5 W
−Z interaction can be stronger than that with

vχ ¼ vξ over a non-negligible region of the param-
eter space. However, such interaction is found to be
appreciably enhanced with respect to the case with
vχ ¼ vξ, when Hþþ

5 exclusively decays to WþWþ,
that is to say, in the single-channel case. This effect
is less pronounced for the two- and three-channel
cases where the limit is already relaxed for vχ ¼ vξ.

(vi) In practically all cases from Fig. 4 onward, the
allowed parameter regions answering to three decay
channels forHþþ

5 are rather restricted, largely due to
the interconnected nature of parameters and the
proliferation of conditions to satisfy. For the same

reason, the “allowed” or “disallowed” label of any
point in a plot may get altered upon minute variation
in parameter values. For example, such a status may
be effected sH altered in the second/third place after
decimal. The broadly allowed regions are nonethe-
less represented faithfully.

(vii) The possibility of mixture of the 5- and 3-plets
allows tree-level Hþ

3 W
−Z interaction in this case.

Such coupling is less abundant for the triple-channel
Hþþ

5 decay, since this mass hierarchy allows very
few points which simultaneously pass through the
checks imposed by HiggsBounds and HiggsSignals.

V. SUMMARY AND CONCLUSION

We have made an extensive analysis of the constraints on
the parameter space of the GM scenario, based on existing
data. These includes collider data (including VBF/Drell-
Yan data at the LHC with integrated luminosity of
137=139 fb−1), those on the SM-like 125 GeV scalar,
indirect limits including those from rare heavy flavor
decays, and also all theoretical guidelines such as vacuum
stability and unitarity. Searches for the doubly charged
scalar constitute the most spectacular way of probing such a
scenario. We have gone beyond the usually adopted idea
that the WþWþ decay channel is the only significant one
when it comes to situations with substantial triplet con-
tributions to the weak gauge boson masses. Thus, we have
carried detailed scans of the parameter space where the
WþHþ

3 and Hþ
3 H

þ
3 decay modes also open up, thus eating

into the branching ratio share of the WþWþ mode.
It is found that, with all possibilities and constraints

included, the upper limit on the value of sH, a measure of
the triplet contribution to the W and Z masses, goes up to
about 0.4 with mass around 500 GeV, in contrast to studies
based on earlier data where similar values are attainable for
masses close to a TeV only, and with constraints coming
from data with lower luminosity. We also note that the
constraints from unitarity tend to suppress the maximum

FIG. 9. The correlated vertex strength modification factors of Hþ
5 W

−Z and Hþ
3 W

−Z for vχ ≠ vξ with respect to the corresponding
Hþ

5 W
−Z coupling strength in custodial symmetric case, as in Eq. (17) with sH ¼ 1. The color axis representsmH�

5
, the mass of the singly

charged scalar, which corresponds to Hþ
5 in custodial symmetric limit. Again, (a), (b), and (c) correspond, respectively, to single-,

double-, and triple-channel decays of Hþþ
5 .
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value of sH for large (≥1.5 TeV) mH��
5
, thanks to the

relations among physical masses and quartic couplings.
The HþW−Z couplings correspondingly have the scope of
enhancement when two- and three-channel decays of the
doubly charged scalar are allowed. We also note that, in
such situations, the γγ and Zγ branching ratios for the
custodial singlet scalar H can sometimes be much higher
than that of the SM-like scalar state.
While the above conclusions apply to the case with the

custodial SU(2) symmetry intact, we extend our study to
situations where the real and complex triplets have unequal
vev’s. In a phenomenological approach to parameter scans,
we have demonstrated that a larger number of parameter

points can become allowed, subject to all constraints, and
the features outlined above are more widely visible. In
addition, the charged scalar Hþ

3 , too, has W
−Z interaction

here. Thus, the GM scenario still admits of interesting
phenomenology, subject to the various constraints that tend
to tie it up.
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