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We study azimuthal asymmetries in diffractive J=ψ production in ultraperipheral heavy-ion collisions at
RHIC and LHC energies using the color glass condensate effective theory. Our calculation successfully
describes the azimuthal averaged J=ψ production cross section measured by STAR and ALICE. We further
predict very large cos 2ϕ and cos 4ϕ azimuthal asymmetries for diffractive J=ψ production both in UPCs at
RHIC and LHC energies and in eA collisions at EIC energies. These novel polarization dependent
observables may provide complementary information for constraining gluon transverse spatial distribution
inside large nuclei. As compared to all previous analysis of diffractive J=ψ production, the essential new
elements integrated in our theoretical calculations are: the double-slit interference effect, the linear
polarization of coherent photons, and the final state soft photon radiation effect.
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I. INTRODUCTION

Diffractive processes in high-energy scatterings have
long been considered as a powerful tool to study saturation
physics, to explore the multidimensional structure of
gluonic matter inside nuclei/nucleons, and to resolve the
mass structure of the proton [1–6]. An especially interesting
diffractive process is the exclusive production of vector
mesons in collisions between a real or virtual photon with a
target that remains intact after scattering. At relatively large
x, such an exclusive process is formulated in terms of the
square of the gluon parton distribution function in the
leading log approximation [7], or more rigorously in terms
of generalized parton distributions within collinear factori-
zation [8–11]. At small x the process can be described using
the dipole model [12] or the color glass condensate effective
theory, to incorporate multiple gluon rescattering effects.
Along these research lines, tremendous theoretical effort
[13–38] has been made over the past three decades to
understand the underlying physics of this process.
Among various exclusive vector meson production proc-

esses, one important channel is the production of the J=ψ
meson. On the one hand, the charm quark is sufficient heavy

to justify perturbative treatment, while on the other hand its
mass is not too large that it prevents access to the saturation
regime. In addition, J=ψ can be relatively easily identified
experimentally with sizable production cross section, for
example in ep collisions at HERA [39–41]. J=ψ also can be
exclusively produced in ultraperipheral heavy-ion collisions
where one of the colliding nuclei serves as a quasireal
photon source while the other plays the role of a target. In
recent years, there have been many active experimental
programs devoted to studying this process at the RHIC and
the LHC [42–52]. The main benefit provided by UPCs
(Ultra-Peripheral heavy ion Collisions) is the extremely-
high luminosity of quasireal photons, which renders to us
the opportunity to study the exclusive J=ψ production
process with very high precision. Exclusive J=ψ production
can also be studied at the future EIC (Electron Ion Collider)
and Electron Ion Collider in China. Some interesting
discussions on coherent J=ψ production at EIC can be
found in Refs. [35,53].
In the present work, we will address this topic from a

different angle, namely investigating the azimuthal depend-
ence of the coherent J=ψ production cross section in UPCs
and in eA collisions. Recently, a large cos 2ϕ and cos 4ϕ
azimuthal asymmetries in diffractive ρ0 production in UPCs
has been reported by the STAR collaboration [54,55], where
ϕ is the azimuthal angle between the ρ0 transverse momen-
tum and the transverse momentum carried by its decay
product pion particles. It has been found in Refs. [56,57]
that the cos 2ϕ azimuthal asymmetry essentially arises from
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the linear polarization of the incident coherent photons.
Such a phenomenon was not recognized until very recently
[58–61], and was quickly verified by the STAR collabora-
tion [62] via the measurement of the characteristic cos 4ϕ
azimuthal asymmetry in purely electromagnetic dilepton
production in UPCs. By coupling with the elliptic gluon
distribution, the linearly polarized coherent photon distri-
bution also plays an important role in inducing the cos 4ϕ
asymmetry in exclusive πþ π− pair production in UPCs
[63]. Moreover, sizable cosϕ and cos 3ϕ azimuthal asym-
metries that result from the Coulomb nuclear interference
effect have been predicated in Ref. [64]. All in all, the linear
polarization of coherent photons has proven to be a power-
ful experimental tool for exploring novel QCD phenom-
enology as well as novel aspects of QED under extreme
conditions [65–70].
These polarization dependent observables are very sen-

sitive to nuclear geometry and thus provide a complemen-
tary way to extract transverse spatial gluon distribution. In
this paper, we investigate the azimuthal dependent produc-
tion of J=ψ , a case for which the mass of the charm quark
sets a hard scale, justifying a perturbative treatment. A
similar azimuthal asymmetry arising from the linear polar-
ized photon distribution is also expected in J=ψ production.
Apart from this source, the final state soft photon emitted
from the produced dilepton pair can also give rise to
significant azimuthal asymmetries due to the mechanism
discovered in Refs. [71–74]. In our calculation, we will also
employ an impact parameter dependent formalism [56] to
naturally incorporate the double slit interference effect
[56,57,75–77]. We will demonstrate below that in order
to correctly account for the absolute normalization of the
cross section, as well as for the t-dependence of both the

azimuthal averaged cross section and the cos 2ϕ asymmetry,
it is crucial to simultaneously take into account the double-
slit interference effect, the linear polarization of the coherent
photons, and the final-state soft-photon radiation effect—all
of which were overlooked in previous analysis of diffractive
J=ψ production in UPCs.1

The paper is organized as follows: in Sec. II, we derive
cross section formulas with all order soft photon radiation
resummation being performed; in Sec. III, we present the
numerical estimations of the azimuthal averaged J=ψ
production cross section and compare it with the exper-
imental measurements; we further make predictions for the
azimuthal asymmetries in exclusive J=ψ production in
UPCs at RHIC and LHC energies, and that in eA collisions
for EIC kinematics; finally, the paper is summarized
in Sec. IV.

II. THEORETICAL SETUP

In this section, we derive the azimuthal dependent cross
section of exclusive dilepton production in UPCs via J=ψ
decay. First, we briefly review the calculation of the
exclusive J=ψ production amplitude in the dipole model.
In the dipole model it is a common practice to divide vector
meson photoproduction process into three steps: quasireal
photon splitting into a quark and anti-quark pair, the color
dipole scattering off a nucleus, and the subsequently
recombining to form a vector meson after penetrating the
target nucleus. Following this picture, it is straightforward to
write down the scattering amplitude for both coherent and
incoherent production, AcoðΔ⊥Þ and AinðΔ⊥Þ which are
given by (for example, see Ref. [18]),

Acoðxg;Δ⊥Þ ¼
Z

d2b⊥e−iΔ⊥·b⊥
Z

d2r⊥
4π

Nðr⊥; b⊥Þ½Φ�K�ðr⊥Þ

Ainðxg;Δ⊥Þ ¼
ffiffiffiffi
A

p
2πBpe−BpΔ2⊥=2

�Z
d2r⊥
4π

N ðr⊥Þe−2πðA−1ÞBpTAðb⊥ÞN ðr⊥Þ½Φ�K�ðr⊥Þ
�

ð1Þ

where N ðr⊥Þ is the dipole-nucleon scattering amplitude.
Nðr⊥; b⊥Þ is the elementary amplitude for the scattering of
a dipole of size r⊥ on a target nucleus at the impact
parameter b⊥ of the photon-nucleus collision. TAðb⊥Þ is the
nuclear thickness function and ½Φ�K� denotes the overlap
of the photon wave function and the vector meson wave
function,

½Φ�K�ðr⊥Þ ¼
Nceeq

π

Z
1

0

dz

�
m2

qΦ�ðjr⊥j; zÞK0ðjr⊥jEfÞ

þ ½z2 þ ð1 − zÞ2� ∂Φ
�ðjr⊥j; zÞ
∂jr⊥j

∂K0ðjr⊥jEfÞ
∂jr⊥j

�

ð2Þ

where z stands for the fraction of the photon’s light-cone
momentum carried by the quark, and Ef ≈mq. Φ�ðjr⊥j; zÞ
is the scalar part of the vector meson wave function. Here,
we ignore a phase arising from the nonforward effect
[79,80].
One can easily derive the dilepton production amplitude

by multiplying the J=ψ production amplitude with a
simplified Breit-Wigner form which describes the transition
from J=ψ into eþe− [81],

1Shortly after our paper was submitted to arXiv, there appeared
another calculation of the diffractive J=ψ production in UPCs
where the interference effect has been included in their analysis as
well [78].
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Mco ¼ iAcoðxg;Δ⊥Þ
k̂μ⊥ūðp1Þγμvðp2Þ
Q2 −M2 þ iMΓ

−2e2eqδij

M
ffiffiffiffiffi
M

p ϕð0Þ;

Min ¼ iAinðxg;Δ⊥Þ
k̂μ⊥ūðp1Þγμvðp2Þ
Q2 −M2 þ iMΓ

−2e2eqδij

M
ffiffiffiffiffi
M

p ϕð0Þ: ð3Þ

HereM denotes the J=ψ’s mass, k̂⊥ is the incident coherent
photon’s polarization vector which is parallel to its trans-
verse momentum, Q is the invariant mass of the dilepton
system, and P⊥ is defined as P⊥ ¼ ðp1⊥ − p2⊥Þ=2 with
p1⊥ and p2⊥ being the produced lepton’s transverse
momenta. ϕð0Þ is the wave function for the charm quark
inside the J=ψ at the origin. The decay width of J=ψ from
this channel is related to the zero point wave function

through Γ ¼ 16πα2ee2q
jϕð0Þj2
M2 .

For the photoproduction of vector mesons in UPCs, it is
important to take into account the double-slitlike quantum
interference effect [75–77]. To this end, we developed a
joint impact parameter dependent and q⊥ dependent cross
section formula [56], in which the double-slit interference
effect is naturally included. Such a formalism has been
employed to compute the azimuthal dependent cross section
for diffractive ρ0 photoproduction in UPCs [56,63]. It has
been found that the t dependence of the cross section is
significantly modified by this interference effect, particu-
larly at midrapidity. Following the method outlined in
Ref. [56], we derive the impact parameter dependent
differential cross section for lepton pair production from
J=ψ decay,

dσ

d2p1⊥d2p2⊥dy1dy2d2b̃⊥

¼ C
2ð2πÞ7

24e4e2q
ðQ2−M2Þ2þM2Γ2

jϕð0Þj2
M

Z
d2Δ⊥d2k⊥d2k0⊥δ2ðk⊥þΔ⊥−q⊥Þ

�
k̂0⊥ · k̂⊥−

4ðP⊥ · k̂⊥ÞðP⊥ · k̂0⊥Þ
M2

�

×

�Z
d2b⊥eib̃⊥·ðk

0⊥−k⊥Þ½TAðb⊥ÞAinðx2;Δ⊥ÞA�
inðx2;Δ0⊥ÞF ðx1;k⊥ÞF ðx1;k0⊥ÞþðA↔BÞ�

þ ½eib̃⊥·ðk0⊥−k⊥ÞAcoðx2;Δ⊥ÞA�
coðx2;Δ0⊥ÞF ðx1;k⊥ÞF ðx1;k0⊥Þ�þ ½eib̃⊥·ðΔ0⊥−Δ⊥ÞAcoðx1;Δ⊥ÞA�

coðx1;Δ0⊥ÞF ðx2;k⊥ÞF ðx2;k0⊥Þ�

þ ½eib̃⊥·ðΔ0⊥−k⊥ÞAcoðx2;Δ⊥ÞA�
coðx1;Δ0⊥ÞF ðx1;k⊥ÞF ðx2;k0⊥Þ�þ ½eib̃⊥·ðk0⊥−Δ⊥ÞAcoðx1;Δ⊥ÞA�

coðx2;Δ0⊥ÞF ðx2;k⊥ÞF ðx1;k0⊥Þ�
�

ð4Þ

where y1 and y2 are the final state pions’ rapidities, k⊥, Δ⊥,
k0⊥, and Δ0⊥ are the incoming photon’s transverse momenta
and the nucleus recoil transverse momenta in the amplitude
and the conjugate amplitude respectively. b̃⊥ denotes the
transverse distance between the center of the two colliding
nuclei. The unit transverse vectors are defined following the
pattern as k̂⊥ ¼ k⊥=jk⊥j and P̂⊥ ¼ P⊥=jP⊥j. A prefactor C
is introduced here to account for the real part of the
amplitude as well as the skewness effect. In our numerical
estimations, this coefficient is fixed to be C ¼ 1.5 for RHIC
energy, C ¼ 1.4 for LHC energy, and C ¼ 1.2 for EIC
energy, following the prescription described in Ref. [82].
The longitudinal momentum fraction transferred to the
vector meson via the dipole-nucleus interaction is given by

xg ¼
ffiffiffiffiffiffiffiffiffiffiffi
P2⊥þm2

S

q
ðe−y1 þ e−y2Þ with m being the lepton mass.

F ðx; k⊥Þ describes the probability amplitude for finding
a photon that carries a certain momentum, with the
longitudinal momentum fraction being constrained by

x ¼
ffiffiffiffiffiffiffiffiffiffiffi
P2⊥þm2

S

q
ðey1 þ ey2Þ. The squared F ðx; k⊥Þ is simply

the standard photon TMD distribution fðx; k⊥Þ. Note that
the incoming photon carries different transverse momenta

in the amplitude and the conjugate amplitude, since we
fixed b̃⊥ [83–89].
Let us now turn to discuss the final state soft photon

radiation effect. Since the emitted soft photon tends to be
aligned with the outgoing electron or positron (from the
decay of the J=ψ), the total transverse momentum of the
lepton pair acquired from the recoil effect therefore also
points toward the individual lepton’s direction, on average.
This naturally generates positive cosð2ϕÞ and cos 4ϕ
asymmetries of purely perturbative origin for the dilepton
system. The corresponding physics from such final state
photon radiation is captured by the soft factor which enters
the cross section formula via,

dσðq⊥Þ
dP:S:

¼
Z

d2q0⊥
dσ0ðq0⊥Þ
dP:S:

Sðq⊥ − q0⊥Þ ð5Þ

where σ0 is the leading order Born cross section and dP:S:
stands for the phase space factor. The soft factor is
expanded at the leading order as in [73,74],
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Sðl⊥Þ ¼ δðl⊥Þ þ
αe
π2l2⊥

fc0 þ 2c2 cos2ϕþ 2c4 cos4ϕþ � � �g

ð6Þ

where ϕ is the angle between P⊥ and the soft photon
transverse momentum −l⊥. The coefficients can be com-
puted with,

cn ¼
1

2π

Z
2π

0

dϕ cosðnϕÞ
Z

∞

−∞
dyγ

×
1þ coshðΔy12Þ

2½A coshðy1 − yγÞ− cosϕ�½coshðy2 − yγÞ þ cosðϕÞ�
ð7Þ

where A ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffi
1þ m2

P2⊥

q
and Δy ¼ y1 − y2. When the final

state particle mass is much smaller than P⊥, there are
analytical expressions for the coefficients up to the power
correction of m2

P2⊥
. When y1 ¼ y2, one has c0 ≈ lnM2

m2 , c2 ≈

lnM2

m2 − 4 ln 2 and c4 ≈ lnM2

m2 − 4. The rapidity dependence
of these coefficients are quite mild for RHIC and LHC
kinematics and are thus neglected.
Following the standard procedure, the soft factor in

Eq. (6) can be extended to all orders by exponentiating the
azimuthal independent part to the Sudakov form factor in
the transverse position space. The resummed cross section
takes the form [71–74],

dσðq⊥Þ
dP:S:

¼
Z

d2r⊥
ð2πÞ2

�
1 −

2αec2
π

cos 2ϕr þ
αec4
π

cos 4ϕr

�

× eir⊥·q⊥e−Sudðr⊥Þ
Z

d2q0⊥eir⊥·q
0⊥
dσðq0⊥Þ
dP:S:

: ð8Þ

Here ϕr is the angle between r⊥ and P⊥. The Sudakov
factor at one loop is given by [73,74],

Sudðr⊥Þ ¼
αe
π
ln
M2

m2
ln
P2⊥
μ2r

ð9Þ

with μr ¼ 2e−γE=jr⊥j. The Sudakov factor plays a critical
role in yielding a perturbative source of the high q⊥ tail of
lepton pair produced in UPCs [60,84].

III. NUMERICAL ESTIMATIONS

We now introduce the models/parametrizations used in
our numerical calculations. Let us first specify the dipole-
nucleus scattering amplitude, which is expressed in terms of
dipole-nucleon scattering amplitude N ðr⊥Þ [15,16,90–92],

Nðb⊥; r⊥Þ ≈ 1 − ½1 − 2πBpTAðb⊥ÞN ðr⊥Þ�A ð10Þ

where Bp ¼ 4 GeV−1. The dipole-nucleon scattering ampli-
tude is parametrized as [18,90–93],

N ðr⊥Þ ¼ f1 − exp½−r2⊥Gðxg; r⊥Þ�g ð11Þ
Here G is proportional to the Dokshitzer-Gribov-Lipatov-
Altarelli-Parisi evolved gluon distribution in the Bartels,
Golec-Biernat and Kowalski (BGBK) parametrization [93],

Gðxg; r⊥Þ ¼
1

2πBp

π2

2Nc
αs

�
μ20 þ

C
r2⊥

�
xfg

�
xg; μ20 þ

C
r2⊥

�

ð12Þ

with C chosen as 4 and μ20 ¼ 1.17 GeV2 resulting from the
fit [16] that describes the HERA data quite well.
The nuclear thickness function TAðb⊥Þ is computed with

the conventional Woods-Saxon distribution,

Fðk⃗2Þ ¼
Z

d3reik⃗·r⃗
C0

1þ exp ½ðr − RAÞ=d�
ð13Þ

where RAðAu∶6.38 fm; Pb∶6.68 fmÞ is the radius,
dðAu∶0.535 fm; Pb∶0.546 fmÞ is the skin depth, and C0

is a normalization factor. For the scalar part of the vector
meson wave function, we use the “Gaus-LC” wave
function, also taken from Refs. [15,16].

Φ�ðjr⊥j; zÞ ¼ βzð1 − zÞ exp
�
−

r2⊥
2R2⊥

�
ð14Þ

with β ¼ 1.23, R2⊥ ¼ 6.5 GeV−2 for J=ψ meson.
As for the coherent photon distribution, at low trans-

verse momentum it is commonly computed with the
equivalent photon approximation (also often referred to
as the Weizsäcker-Williams method) which has been
widely used to compute UPC observables (see for exam-
ple Refs. [84–86]). In the equivalent photon approxima-
tion, F ðx; k⊥Þ reads,

F ðx; k⊥Þ ¼
Z

ffiffiffiffiffi
αe

p
π

jk⊥j
Fðk2⊥ þ x2M2

pÞ
ðk2⊥ þ x2M2

pÞ
; ð15Þ

where Mp is the proton mass. We assume that the charge
distribution inside the nucleus is also described by the
Woods-Saxon form factor. In the EIC case, the incoming
electron serve as the photon source. In this case, we take
both the electric charge number Z and form factor F to be
1, and replaceMp withme in the denominator to obtain the
photon distribution for the electron.
To test the theoretical calculation, we first compute the

azimuthal averaged cross section of J=ψ coherent photo-
production and compare them with the experimental mea-
surements at RHIC and LHC for unrestricted UPC events
[44,51,94], for which case the impact parameter b̃⊥ will be
integrated from 2RA to ∞. As shown in Fig. 1, our
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calculation can describe the experimental data quite well, in
terms of both the shape and the normalization at low q⊥ for
coherent J=ψ production. Here we would like to stress that
the perturbative tail generated by the final state soft photon
radiation dominates over the primordial distribution deter-
mined by the nuclear geometry at large q⊥. This was never
pointed out before. We also plot the unpolarized diffractive
J=ψ photoproduction cross section from UPCs at an LHC
energy as a function of rapidity in Fig. 2. We would like to
emphasize that it is crucial to take into account the
destructive interference contribution that is enhanced at
midrapidity, in order to reproduce the observed rapidity
dependence of the cross section. Moreover, one notices that
it leads to a better agreement with the experimental data in
terms of the overall normalization after including the soft
photon radiation effect.
The numerical results for the azimuthal asymmetries in

coherent J=ψ photoproduction at RHIC and LHC energies
are presented in Fig. 3, where the azimuthal asymmetry,
i.e., the average value of cos 2ϕ is defined as,

hcosð2ϕÞi ¼
R

dσ
dP:S: cos 2ϕdP:S:R

dσ
dP:S: dP:S:

ð16Þ

At low q⊥, the asymmetries mainly results from the linear
polarization of coherent photons, whereas the asymmetries
is overwhelmingly generated by soft photon radiation at

relatively large q⊥. One can see that the asymmetry for J=ψ
flips sign as compared to ρ0 production case at low q⊥
[56,57], mainly due to the fact that the decay product of
J=ψ is a spin 1=2 particle, while the decay product of ρ0 is a
scalar particle. However, two approaches developed in
Refs. [56,57] predicate quite different sizes of the asym-
metry at the second peak, though they yield more or less the
same amplitude at the first peak. The origin of this
discrepancy remains unknown, and certainly deserves
further study in the future.
Our predictions for coherent J=ψ photoproduction in

electron-gold nucleus collisions at EIC energy are shown in

Fig. 4. The rapidities are defined in the lab frame, x ¼ffiffiffiffiffiffiffiffiffiffiffi
P2⊥þm2

p
2Ee

ðey1 þ ey2Þ and xg ¼
ffiffiffiffiffiffiffiffiffiffiffi
P2⊥þm2

p
2EA

ðe−y1 þ e−y2Þ, where
the electron beam and heavy-ion beam energies are 18 GeV
and 100 GeV, respectively. It is worthwhile to emphasize
that the double-slit interference effect is absent in this case.
Therefore, the terms in the last three lines in Eq. (4) do not
contribute to J=ψ production in eA collisions. The impact
parameter b̃⊥ is integrated over the range ½0;∞Þ when
computing the coherent cross section in eA collisions. Due
to the lack of the double-slit interference effect, the q⊥
shape of the asymmetry is significantly different from that
in UPCs. It will be very interesting to test this theoretical
predication at the future EIC.

FIG. 2. Azimuthal averaged cross section of coherent J=ψ production in unrestricted UPCs at LHC energy. The transverse momentum
of the J=ψ is integrated over the range [0, 0.2] GeV.

FIG. 1. Azimuthal averaged cross section of coherent J=ψ production in unrestricted UPCs at RHIC and LHC energies. The rapidity
of the J=ψ is integrated over the range ½−1; 1� for RHIC kinematics and ½−0.8; 0.8� for LHC kinematics.
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IV. CONCLUSION

We have studied coherent J=ψ photoproduction in UPCs
and in eA collisions using the dipole model with all
parameters fit to HERA data. Our calculations are in good
agreement with the experimental measurements performed
at low transverse momentum from RHIC and LHC. It has
been demonstrated that double-slit interference effect and
final state soft photon effect are the absolutely crucial
ingredients to correctly account for the t and y dependent
shape, as well as the overall normalization of the coherent
J=ψ photoproduction in UPCs.2 We further computed the
azimuthal asymmetries arising from the linear polarization
of the incident photons and the final state soft photon

radiation for J=ψ production in UPCs and in eA collisions.
As these polarization dependent observables are sensitive
to nuclear geometry, they may provide complementary
information on the gluon tomography of nuclei at small x.
On top of this, the double-slit interference effect deserves to
be studied in more detail in high energy scatterings in its
own right.
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FIG. 3. cos 2ϕ azimuthal asymmetry in coherent J=ψ production at RHIC and LHC energies. The rapidity of the dilepton pair is
integrated over the range ½−1; 1� at RHIC kinematics and ½−0.8; 0.8� at LHC kinematics. The J=ψ is reconstructed via the decay mode
J=ψ → eþe− at RHIC and J=ψ → μþμ− at LHC, respectively.

FIG. 4. Azimuthal averaged cross section of coherent J=ψ photoproduction in eA collisions at EIC energy (left panel) and cos 2ϕ
azimuthal asymmetry (right panel) for the same process. The rapidities of the J=ψ and its decay product dielectron pair are integrated
over the range [2,3] in the Lab frame. The transverse momentum of the quasireal photons emitted from the electron is required to be
lower than 0.1 GeV.

2Shortly after our paper being submitted to arXiv, there
appeared another calculation of the diffractive Jψ production
in UPCs where the interference effect has been included in their
analysis as well [78].
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