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We present the first point-by-point extraction of a twist-3 PDF. The scalar PDF, eðxÞ, is accessed through
the analysis of the data for the sinϕR-moment of the beam-spin asymmetry for dihadron production in
semi-inclusive DIS off proton target at CLAS and CLAS12. The dihadron formalism allows for use of
collinear framework, hence calling for a minimal set of approximations and hypotheses. The extracted PDF
eðxÞ carries insights into the physics of the largely-unexplored quark-gluon correlations, and its first Mellin
moment is related to the marginally known scalar charge of the nucleon. We show that the proton flavor
combination of the scalar PDF is nonzero at more than 74% probability.
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I. INTRODUCTION

The recent advent of midenergy experiments, relevant to
explore the structure of hadrons, has led to an increased
focus on the dynamics of QCD. It is at midvalues of the
scale probing hadrons, Q, at the limit between the pertur-
bative and the nonperturbative regimes, that nonperturba-
tive contributions play a decisive role. As the observation
of unexpected large transverse polarization effects opened
the door for studying transverse momentum dependence
of distribution functions, experiments designed access to
semi-inclusive processes. Those shed light on unexplored
collinear PDFs [1] at the same time they proposed insights
into the 3D structure of hadrons [2]. But the kinematics of
semi-inclusive DIS also made collinear subleading terms
relevant. As such, those were thought as natural candidates
to clarify the origin of large transverse polarization effects
in observables, an hypothesis that is still explored today,
e.g., [3,4]. Higher-twist corrections are understood in
phenomenology as terms that are suppressed with respect
to the dominant contribution. While those are expressed as
terms of the order OðM=QÞ, with M the target mass and Q

the hard scale, there exist various extensions of the term
higher twist, including the definitions of the field theoreti-
cal objects or the overall suppression in an observable.
Nowadays, the relation between particular TMD PDFs

and twist-3 collinear PDFs is understood from the expres-
sion of extra degrees of freedom in both approaches.
Higher-twist PDFs enclose nonperturbative information
related to multiparton correlations. The structure of the
matrix elements that define PDFs reveals the various
contributions to the underlying physical picture. In a first
time, twist-3 PDF can be reduced to an expression of the
leading-twist PDF with whom they share the Dirac struc-
ture [5]. Departure from that approximation was suggested
already in early evaluations in models for hadron structure,
and then through phenomenology [6].
The twist-3 parton distribution function eqðxÞ is of

general interest since it encapsulates key information on
quark-gluon-quark correlations in the nucleon, and is
defined as follows,

eqðxÞ ¼ 1

2M

Z
dλ
2π

eiλxhPjψ̄qð0ÞψqðλnÞjPi ð1Þ

Its contribution to the scalar quark-quark bilocal operator
has been highlighted through the study of QCD equations
of motion, e.g., [7]—see Ref. [8] for a review.
Interpretation of the genuine twist-3 contributions include
the transverse force experienced by a transversely polarized
quark ejected from a transversely polarized nucleon [9],
and could play a role for the determination of CP-odd
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pion-nucleon couplings [10]. The distribution eðxÞ,
through the nucleon-sigma terms, plays an important role
in the understanding of the decomposition of the nucleon
mass in terms of contributions from gluons and quarks [11],
for which different mass decomposition schemes from
the energy-momentum tensor exist in the literature—e.g.,
[12–15]. That term originates from the singularity induced
by zero modes in the light-cone formalism [11,16–19]. The
scalar PDF has been studied in nonperturbative models
for hadron structure [20–28]. In most quark models, the
dominant contribution is found to be the mass contribution,
which originates from the equation of motions for free
fields, e.g., [26]. The three contributions to the scalar PDF
are outlined as follows

eqðxÞ ¼ eqsing:ðxÞ þ eqqgqðxÞ þ eqmassðxÞ: ð2Þ

The contribution from the sigma terms to the proton
mass, and hence answers on its decomposition, is one of the
research problems to be investigated in the Electron-Ion
Collider [29]. This goes hand-in-hand with parallel efforts
to understand the emergence of hadronic mass through the
breaking of chiral symmetry in the pion sector [30,31].
Its chirally odd nature makes the distribution eðxÞ

challenging to access in experiments, as it can contribute
to an observable only in connection with another chirally-
odd distribution. A first extraction in the TMD framework
was performed in Ref. [32]. In Ref. [33], it was shown that
eðxÞ can be extracted, in a collinear framework, through
spin asymmetries in semi-inclusive DIS which has been
measured in CLAS collaboration.
We here propose the first phenomenological analysis

of the scalar PDF in a collinear framework, using both
CLAS and CLAS12 data for dihadron production in semi-
inclusive DIS off (unpolarized) proton target [34,35]. The

point-by-point extraction is made possible through the
knowledge of dihadron fragmentation functions (DiFFs)
from Belle data [36–38]. The full analysis required com-
plementary data on longitudinally-polarized targets from
COMPASS [39,40]. This publication benefits from a
proof-of-principle analysis of a smaller preliminary dataset
published in a preprint form in arXiv:1405.7659, [41].
The manuscript is organized as follows. In Sec. II, we

describe the dihadron formalism for the beam-spin asym-
metry and define all relevant players. The core of the
analysis is presented in Sec. III. Reconstruction of the
dihadron-relevant projections of the asymmetry provides
for a useful yet short benchmarking of our analysis. It is
followed by the extraction per se. That section is supple-
mented by two extensive appendices, Appendix A and B.
The interpretation of the results is discussed in Sec. IV.
Finally, we draw conclusions and discuss forthcoming
extensions of this work in Sec. V.

II. FORMALISM

In this analysis, we consider the structure function FsinϕR
LU

given in Appendix A, corresponding to an unpolarized
target, for πþπ− pair production in semi-inclusive DIS. For
the longitudinal polarization of the beam, the relevant
azimuthal asymmetry is

AsinϕR
LU ðz;Mh; x;Q; yÞ ¼

4
π

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2εð1 − εÞp R

d cos θFsinϕR
LUR

d cos θðFUU;T þ ϵFUU;LÞ
ð3Þ

where ε is the ratio of longitudinal and transverse
photon flux and can be expressed in terms of y. To
leading-order in αs and leading term in the partial wave
expansion (see Appendix A), the beam-spin asymmetry
(BSA) becomes [33]

AsinϕR
LU ðx; z;Mh;Q; yÞ ¼ −

WðyÞ
AðyÞ

M
Q

jRj
Mh

P
qe

2
q½xeqðx;Q2ÞH∢;q

1;spðz;Mh;Q2Þ þ Mh
zM fq1ðx;Q2ÞG̃∢;q

sp ðz;Mh;Q2Þ�P
qe

2
qf

q
1ðx;Q2ÞDq

1;ssþppðz;Mh;Q2Þ ð4Þ

with AðyÞ ¼ 1 − yþ y2=2 and WðyÞ ¼ y
ffiffiffiffiffiffiffiffiffiffiffi
1 − y

p
the depo-

larization factors. The momentumR, as well as all relevant
variables, are defined in Appendix A.
The dependence in ðz;MhÞ is factorized in the DiFFs

and kinematical factors, leaving the dependence in x for
the PDFs. The twist-2 functions are f1ðxÞ; H∢

1 ðz;MhÞ and
D1ðz;MhÞ, while the twist-3 functions are eðxÞ and
G̃∢ðz;MhÞ. From now on, we will drop the indices
referring to the partial waves.
The CLAS Collaboration recently collected data on BSA

for dihadron production in semi-inclusive DIS by imping-
ing the CEBAF 5.5-GeV longitudinally-polarized electron
beam on an unpolarized 2H hydrogen target [34] as well

as with the CLAS12 spectrometer using a 10.6 GeV
longitudinally spin-polarized electron beam [35]. The
CLAS data offer a unique access to the scalar PDF,
eðxÞ, by means of an analysis of the fragmentation
functions at leading and subleading twist. Dihadron frag-
mentation functions have been studied at Belle. A fit of the
eþe− → ðπþπ−Þðπþπ−ÞX multiplicities fixed the unpolar-
ized DiFFs1 [37]. The chiral-odd DiFFs were hence
analyzed from the Artru-Collins asymmetry at Belle [43],

1Data for those multiplicities are now available in Ref. [42],
but require a complete new analysis, possibly at NLO.
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using the Hessian representation of uncertainties [44]—
used in a preliminary version of this work—and the
bootstrap method [38]. In this paper, we will use the latter
set for the chiral-odd DiFFs. Definitions and details about
the relevant DiFFs are given in Appendix A.
The point-by-point extraction of the scalar PDF would

be technically analogous to the first collinear extraction of
the transversity PDF [36] were it not for the second term on
the rhs of Eq. (4). Our analysis of the twist-3 parton
distribution relies on the treatment of that second term, that
is a multiparton dependence from the fragmentation part.
Up to date, there is no phenomenological study of twist-3
dihadron fragmentation functions. Only a few model
evaluations have been performed recently [45,46], mainly
extending the pioneering evaluation of DiFFs in the
spectator model [47]. To bypass the absence of rigorous
phenomenological fragmentation functions at higher-twist,
we will consider two conceptually different scenarios to
make the most of the information at hand. That information
consists of the two CLAS datasets, the preliminary
COMPASS data on longitudinally polarized target for
semi-inclusive dihadron production [39,40] as well as
guidance from the model evaluations mentioned above.
To this aim, we will use all three one-dimensional

projections of the data on the ðx; z;MhÞ variables. Those
call for—truncated—integrals over the kinematical range
of the experiment, i.e.,

nFFq ðQ2Þ ¼
Z

zmax

zmin

dz
Z

mππ;max

mππ;min

dMhFFqðz;Mh;Q2Þ ð5Þ

nPDFq;m ðQ2Þ ¼
Z

xmax

xmin

dx xmPDFqðx;Q2Þ ð6Þ

where FF refers to D1 for nqðQ2Þ, jRj=Mh ×H∢
1 for

n↑qðQ2Þ and jRj=M × G̃∢ for nG̃
∢

q ðQ2Þ. The x-dependence
of the asymmetry comes solely from the PDF through the
mth-truncated moment. Those quantities are discretized to
the values corresponding to each bin, with i ¼ 1; � � � nset
where nset corresponds to the number of data points in a
given set. Specifically, the CLAS data is composed of three
bins, and the CLAS12, 12 bins. For one-dimensional
projections on a fragmentation function variable, we
average over the bin boundaries for that given variable.2

At CLAS, the Mh binning has been chosen to consistently
include the relevant resonances from the two-pion produc-
tion, such as the ρ meson. Given the small values of the
experimental Q2 values, the analysis will be carried out
without QCD evolution for the PDFs and the FFs. All
quantities are considered at Q0 ¼ 1 GeV. We therefore
drop the scale dependence of these quantities.
The triptych of one-dimensional projections can be

factorized into the PDF-relevant and FF-related projections.
Of interest for this study is the x-projected asymmetry, for
which Eq. (4) can be expressed as

AsinϕR
LU ðxi;Qi; yiÞ ¼ −

WðyiÞ
AðyiÞ

M
Qi

xi½49 euV ðxiÞ − 1
9
edV ðxiÞ�n↑u;i þ ½4

9
fuV1 ðxiÞ − 1

9
fdV1 ðxiÞ�=zinG̃∢

u;iP
q¼u;d;se

2
qf

q
1ðxi; Q2

i Þnq;i

¼ −
WðyiÞ
AðyiÞ

M
Qi

xiePðxiÞn↑u;i þ fP1ðxiÞ=zinG̃
∢

u;iP
q¼u;d;se

2
qf

q
1ðxiÞnq;i

ð7Þ

where we have used the relations (A7), (A8) and neglected
the strange quark contributions in the denominator.
We have defined the proton-flavor combination fP ¼
4=9fuV − 1=9fdV , with fqV ≡ fq − fq̄.
We can now move on to analyze the beam-spin asym-

metry within our two scenarios. The first, called the
Wandzura-Wilzcek scenario, uses the reduction of twist-3
PDF to a twist-2 partner, disregarding the dynamical
contributions encoded through the qgq and mass terms
as well as the singularities. In this scenario, only the first
term on the lhs of the BSA, Eq. (7), contributes. The
interpretation of the thus-obtained eðxÞ results to be slightly
awkward, as eðxÞ vanishes in the Wandzura-Wilzcek

approximation. This is why we shall prefer to call it the
“0th approximation,” allowing then for a wider range of
physical meaning. Account for dynamical contributions
from the fragmentation sector is intended in a second
scenario, beyond the “0th approximation,” for which we
need to infer the order of magnitude of the twist-3 sector of
DiFFs. This is discussed in detail in the next section.

III. POINT-BY-POINT EXTRACTION

Having defined all relevant quantities, we can now focus
on the technicalities of the extraction. To study the impact
of the statistical error, we employed the so-called bootstrap
method, already used in Ref. [38]. This method consists in
generating Nrep replicas of the n starting data sample. In
each replica, the original data point is perturbated by a
Gaussian noise. Then, each replica describes a possible
outcome from an independent experimental measurement.
In this case, the number of replicas is fixed to Nrep ¼ 104

2We have checked that the difference between using the
averaged functions and the functions for the average kinematical
value was well within the experimental uncertainties for the z
projections and analyzed the physical meaning of the averageMh
values with care.
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by the available set of DiFF fits. That is, at Q0 ¼ 1 GeV,
we haveNrep ¼ 104 parameter sets for the chiral-odd DiFF.
In the same fashion as has been done in Refs. [38,48], the
uncertainties will be propagated by generating Nrep replicas
of the asymmetry data through a normal distribution given
by the quoted one-sigma uncertainties—we add systematic
and statistical uncertainties in quadrature. Together with the
uncertainty coming from the dihadron fragmentation func-
tions, they constitute the main contribution from known
objects to the error band on eðxÞ. The impact of further
sources of uncertainties will be discussed here below. In
particular, the bias coming from the determination of the
twist-3 DiFF will matter greatly. The inclusion of the
strange to the unpolarized cross section, as well as
uncertainty coming from the unpolarized PDFs will be
minor. The former is not considered in this work.
The values of the kinematical variables ðx; z;MhÞ for

both datasets are shown in Table I. In the experimental
CLAS12 analysis [35], two separate invariant-mass regions
have been defined, originally to study the transverse
momentum of the final state for transverse-momentum
dependent sensitive observables. It is justified by the
appearance of vector mesons for Mh > 0.63 GeV whose
contribution to the dihadron fragmentation process is
understood to dominate.

A. Reconstruction of the ðz;MhÞ projections
The factorization of the variables corresponding to the

distribution functions, x, to that related to the fragmenta-
tion, ðz;MhÞ, is evident from Eq. (4). Dihadron-related
observables are often presented as a triptych of projections,

in which the PDFs explicitly show in the x-dependent
projection and is simply a normalization factor in the
other two projections. From those ðz;MhÞ projections, the
behavior of the invariant mass will be particularly instruc-
tive to identify the underlying physics.
As a first step on our analysis, we reconstruct the

projections based on the analysis of leading-twist dihadron
fragmentation from Belle [38]. Using the Mh and z
projections will serve as a check of the behavior of the
fragmentation functions. The unknown x-contribution
being integrated, it will contribute through a normalization
factor, neP;2, that will be discussed in the next sections. In
Figs. 1 and 2, we show the BSA at CLAS and CLAS12,
respectively, together with the asymmetry reconstructed
from

AsinϕR
LU;reco:ðMh;i; zi;Qi; yiÞ ¼ −

WðyiÞ
AðyiÞ

M
Qi

neP;2
nf1P;1

n↑u;i
nu;i

ð8Þ

for which the integrals ni correspond, for the central panels
of Figs. 1 and 2, to a projection onto Mh and average in z
bins of the DiFF functional forms, or vice versa for the
right panels.
To get an estimate of the scaling factor neP;2, we have

minimized the chi squared between the data of theMh and z
projections and the BSA from Eq. (8). Using the data from
CLAS and CLAS12, we obtain, respectively,

ne;CLASP;2 ¼ 0.056� 0.005

ne;CLAS12P;2 ¼ 0.116� 0.042 ð9Þ

A difference between the two sets was expected given the
coverage in x of both datasets—reported in Table I.
Overall, the reconstruction from the DiFF fits are

compatible, within error bars, with the experimental data.
In particular, the behavior of the invariant mass projection
suggests that, if there is a contribution from twist-3 DiFF to
the beam-spin asymmetry, its trend must be either small
and/or similar to that of H∢

1 . We encountered difficulties in

TABLE I. Kinematics for the three relevant variables, from
CLAS [34] and CLAS12 [35].

x z Mh [GeV]

CLAS [0.114, 0.593] [0.530, 0.948] ½2mπ; 1.734�
CLAS12 ½0; 1� [0.304, 0.872] ½2mπ; 0.63�

[0.63, 2.5]

FIG. 1. The triptych for the asymmetry AsinϕR
LU from CLAS [34] assuming leading-twist DiFFs [38]. Light-red error bars represent

the CLAS data. The burgundy points represent the reconstructed z and Mh projections, multiplied by a normalization factor for the
x-integral (see text).
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reproducing the asymmetries in z for the lowest invariant-
mass settings of CLAS12. The uncertainty on the x-integral
is consequently increased.

B. 0th-approximation scenario

After this short benchmarking, we turn to the x
dependence of the asymmetry. We first work in the
0th-approximation scenario. This approximation originates
from an early enthusiasm for a clean extraction within well-
justified physical approximations to drop to twist-3 DiFF
term altogether. Then, Eq. (7) consists in a single term and a
point-by-point extraction results in the same fashion as
what was proposed in Ref. [36].
The expression for the scalar PDF, in this case, is simply

x2i e
PðxiÞ ¼ −

AðyiÞ
WðyiÞ

Qi

M
AsinϕR
LU ðxi;Q2

i ; yiÞ

×
1

9

4xif
uþū
1 ðxiÞnu;i þ xif

dþd̄
1 ðxiÞnd;i

n↑u;i
ð10Þ

The proton combination ePðxÞ is depicted by the inner bars
in Fig. 3 at 90% C.L. Notice that the range of integration in
Mh goes beyond the range of known validity of the DiFF
dataset, i.e., the Belle data with 2mπ < Mh < 1.29 GeV,
for which extrapolation from the DiFF fits as been
employed for Mh > 1.29 GeV. In this scenario, the scalar
PDF is clearly nonzero for CLAS12 data, but still margin-
ally compatible with zero as concerns the CLAS data at
6 GeV. In this subsection, we have used the MSTW08LO
unpolarized PDF set [49].

C. Beyond the 0th-approximation scenario

Meaningful interpretations of the origin of twist-3 effects
rely on the inclusion of the quark-gluon-quark components
in the equations of motion. As such, the analysis presented
as the 0th approximation enters in conflict with low-energy
theory predictions. While our analysis is performed with
low-energy data, the framework of pQCD holds, though we
use it at Born level, and the pQCD degrees of freedom will

prevail over the nonperturbative ones. In that sense, in this
section, we aim to account for genuine nonperturbative
effects from the fragmentation sector. On the one hand,
this will allow for a more accurate extraction of the
x-dependence of the scalar PDF; on the other hand, its
interpretation could be extended beyond the Wandzura-
Wilczek reduction to twist-2 contributions.
In model evaluations, the chiral-even twist-3 interference

fragmentation function that contributes in Eqs. (4) and (7)
was shown to be smaller than H∢

1 and, most importantly,
possibly of opposite sign [46]. The absolute sign of
dihadron functions cannot be determined from the specific
model calculation, nor can it be from electron-positron
experiments [37]. No independent dataset is available yet to
explore the behavior of G̃∢.
In Appendix B, we examine another twist-3 dihadron

fragmentation, D̃∢, that is conceivably accessible from
COMPASS data. The measurement of ϕR modulations in

FIG. 3. The scalar PDF eðxÞ for the proton combination at
90% C.L. The inner bars represent the contribution from the
0th approximation, corrected by the twist-3 contributions for the
fragmentation sector for the outer bars. The red-like bars
illustrates the extraction from the CLAS data, and the green-
hued bars, for the CLAS12 data.

FIG. 2. The triptych for the asymmetry AsinϕR
LU from CLAS12 [35] assuming leading-twist DiFFs [38]. Light-blue error bars represent

the CLAS12 data. The blue points represent the reconstructed z and Mh projections, multiplied by a normalization factor for the
x-integral (see text). CLAS12 data are split into Mh < or > 0.63 GeV, as shown in the z-projection.
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unpolarized or doubly polarized collisions3 offers a way to
address the validity of the 0th approximation, and represent
an example of how dihadron measurements can be useful
for the study of quark-gluon correlations in general.
Preliminary data from CLAS indicate that the cosϕR
modulation, Eq. (A5), of the double spin asymmetry
(DSA) is very small with respect to the constant term,
Eq. (A6) [50]. This is also confirmed by COMPASS data
on dihadron muoproduction off longitudinally-polarized
protons [39,40]. Yet COMPASS data lead to a DSA that is
much larger than the other twist-3 asymmetries considered
in the present paper. For our purpose, COMPASS asym-
metries for longitudinally-polarized target will be analyzed
in a similar fashion as in Sec. III A for the reconstruction of
the dihadron-related projections for the CLAS beam-spin
asymmetries. The results are given in Appendix B.
Accuracy on twist-3 fragmentation functions would

require a dedicated and separate analysis. We do not tackle
such a task in this manuscript. Rather, we aim to estimate
a proportionality coefficient to the integrated twist-2
interference fragmentation function, n↑. This is achieved
through the estimate of the ratio of integrated DiFFs n↑u=nu
at the relevant kinematics (provided in Ref. [39]) together
with the ratio of helicity to unpolarized PDFs, on the
ðx; z;MhÞ-triptych.4
It has been suggested in the past, i.e., [33], that

combining beam-spin ALU and target-spin AUL asymme-
tries, both at twist-3 level, would facilitate the cancellation
of the unknown fragmentation contribution. However, data
of dihadron SIDIS off polarized target is not available at
this time at CLAS, and vice versa for COMPASS.
Moreover, the experimental setup would lead to differences
in systematics, for example, as expected from a difference
in target polarization.
In Appendix B, we argue that an upper value for the

twist-3 contribution from the fragmentation sector to
the DiFF-projected asymmetry would be given by κMh

,
whose value can be found in Eq. (B7). The sign of twist-3
DiFFs being indeterminate for now, we consider that
both þ and − are possible. Then the BSA (4) becomes

AsinϕR
LU ðxi;Mh;i; zi;Qi; yiÞ

¼ −
WðyiÞ
AðyiÞ

M
Qi

½xiePðxiÞ � κMh
fP1 ðxiÞ=zi�n↑u;iP

q¼u;de
2
qf

q
1ðxiÞnq;i

: ð11Þ

Since the ðz;MhÞ-dependence is integrated, a nonzero
twist-3 PDF becomes manifest in deviations from the trend
in x given by the unpolarized PDF contribution,

AsinϕR
LU ðxiÞ ∝

ð4fuV1 − fdV1 ÞðxiÞ
ð4fuþū

1 þ fdþd̄
1 ÞðxiÞ

ð12Þ

the trend and size of which has been estimated with the
MSTW08LO set [49] as well as from NNPDF2.3 at NLO
[51] and CT18NLO [52].5 Therefore, going beyond the
WW approximation, the BSA is straightforwardly inverted
to get

x2i e
PðxiÞ ¼ −

AðyiÞ
WðyiÞ

Qi

M
AsinϕR
LU ðxi;Mh;i; zi;Q2

i ; yiÞ

×
1

9

4xif
uþū
1 ðxiÞnu;i þ xif

dþd̄
1 ðxiÞnd;i

n↑u;i

∓ κMh

xi
zi
fP1 ðxiÞ ð13Þ

The results are depicted in Fig. 3 by the outer bars,
which form an envelope around the extraction from the
0th approximation due to the indeterminate sign of the
twist-3 DiFFs.
The presence of the twist-3 fragmentation contribution,

through κ, slightly modifies the interpretation of the
reconstruction of the ðz;MhÞ dependence in Sec. III A.

IV. IMPLICATIONS FOR PHENOMENOLOGICAL
ANALYSES

We would now like to provide a combined envelope for
the final extracted scalar PDF. The results can be cast into
three near-Gaussian distributions—the Nrep replicas are
almost Gaussianly distributed, there is not minimization
involved in our procedure. The first Gaussian stands for
the 0th approximation, the other two for the next-to-0th
approximation with þ or − in Eq. (11).
The results obtained in the next-to-0th approximation are

symmetric around those of the 0th approximation. Hence
the 90% C.L. are easily evaluated either through the usual
Monte Carlo prescription (removing X% of the results for
the replicas on both extremes for a ð100 − 2XÞ% C.L.
envelope) or processing the sum of the three Gaussians that
represent each approximation (selecting the limits that lead
to an integral of X=100 for an X% C.L. envelope). Both
approaches agree with one another. No correlations among
the three results are considered here, this technicality is
beyond the scope of this work. The results are shown in
Figs. 3 and 4 at 90% C.L.
We aim to answer an urgent question: are twist-3 PDF

nonvanishing? More specifically, is the scalar PDF, that
obeys no Wandzura-Wilczek reduction, nonzero? From the
CLAS12 data, it is clear that twist-3 observables are

3See Eq. (A6) below.
4Notice that COMPASS asymmetries are corrected by the

depolarization factor WðyÞ=AðyÞ, or K3.

5The use of PDF sets beyond LO is justified in ratios, and
allows us to evaluate other sources of uncertainties, while it is not
possible for absolute PDFs.
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nonzero. To answer the question, we estimate the proba-
bility for the proton-flavor combined eðxÞ to be larger
than zero, using the reasoning described in Ref. [48].
Through Bayesian statistics, we provide a probability for
the extracted PDF to lie inside the positive region of
solutions. The results are shown in Fig. 5: CLAS data
lead to ePðxÞ > 0 with 74% probability against 93% for
CLAS12.

V. CONCLUSIONS

We have presented the first extraction of the scalar PDF,
a twist-3 object, from dihadron semi-inclusive production
using all CLAS data on proton target, employing a minimal
set of approximations. The resulting flavor combination is
positive at more than 74% probability. The analysis has
been carried out through the existing determination of the
twist-2 dihadron fragmentation functions [38], comple-
mented by an extensive yet not thorough analysis of the
COMPASS data on similar asymmetries for longitudinally

polarized target [39,40]. Our results improve the prelimi-
nary analysis of Ref. [41] as well as the TMD extraction
[32]. Our methodology differs from the approaches used
in the available determinations of gT [53,54], the only
collinear twist-3 object accessible in inclusive DIS. As
such, our results not only complement but also improve the
focus of phenomenological analyses of twist-3 distribution
functions.
More data are expected from the CLAS collaboration.

Complementary kinematical regions will be explored at
the Electron-Ion Collider (EIC)—mainly small ðx; yÞ
regions—as well as at Jefferson Lab 24 GeV—at slightly
larger values of x and y with respect to the EIC—in the
future. Thanks to the EIC, we will tackle the question of
the role of gluon at midenergies, allowing for a study of
evolution of, among other things, twist-3 PDFs. The
complexity is twofold: twist-3 contributions are suppressed
by M=Q and the evolution equations for the scalar PDF,
known starting from its second moment [55–57], needs to
be implemented in a practical way. A case for the scalar

FIG. 5. Probability for ePðxiÞ to be positive, given as the function FðtÞ with t an hyperparameter corresponding to the probability that
the extracted points lies above the abscissa. The central value for t is depicted by the thin blue line and quoted in each plot together with
the 1σ uncertainty.

FIG. 4. Same as in Fig. 3, the scalar PDF eðxÞ for the proton, combined. The final envelopes at 90% C.L. are given, for CLAS in purple
and CLAS12 in turquoise, in two different formats. On the lhs, the curves are designed joining the upper and lower values of ePðxÞ at the
average x’s. On the rhs, the same upper and lower values are shown spanning the full bin interval instead. The results have not been
normalized to nor integrated over the bin size.
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PDF as the silver channel to access multiparton correlations
at the EIC was made in Ref. [29]. A similar justification is
now being extended to the possibility of a second inter-
action region at the EIC which would be dedicated to
observables sensitive to lower center-of-mass energies [58].
With the advent of new experimental data, e.g., [59], and

facilities, both the collinear and the TMD extractions of eðxÞ
might gain in accuracy. This will be achieved if fragmenta-
tion functions, who will play an increasingly important role,
are themselves improved. In view of these future develop-
ments, we would like to raise the question about the role of
the unpolarized PDFs that contribute to the multiplicities
(denominators). Appreciable conceptual and numerical
differences are found for such PDFs extracted more or
less stringent cuts in W and Q2 [60]. Twist expansion of
observables suggest that all-purpose global PDFs, extracted
from high-energy experiments, should be used. However for
such PDFs, a scale of Q ¼ 1 GeV. belongs to the extrapo-
lation region. On the other hand, theoretical efforts toward
the understanding of TMD factorization of twist-3 will
stimulate progress in the TMD sector [61,62].
Complementary to the phenomenological studies, the

lattice QCD efforts on evaluating charges and quasi/
pseudo-PDFs have been extremely fruitful in the past
years, with the premise that knowledge from both the
phenomenological and the lattice side could be a bridge for
twist-3 PDF in a near future [19,63].
Our main results, which consist of the x dependence of the

scalar PDF depicted in Fig. 4 and of its truncated integral
Eq. (9), will next be used to perform a (global) analysis of the
chirally odd twist-3 distribution function eðxÞ [64].
In that sense, our analysis would pave the way toward a

complementary phenomenological way toward specific
intrinsic properties of hadrons. The scalar charge is a
natural candidate for a long-term goal. It has a dual role
as a key information for the understanding of the decom-
position of the proton mass as well as in searches for new
physics [65], along the lines of what was proposed in
Ref. [66] for the tensor charge.
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APPENDIX A: DIHADRON FRAGMENTATION

At twist-2 level, the πþπ−-DiFFs relevant to our study
are the unpolarized D1 and the chiral-odd H∢

1 . The Dq
1 is

the unpolarized DiFF describing the hadronization of a
parton with flavor q into an unpolarized hadron pair plus

anything else, averaging over the parton polarization. The
H∢q

1 is a chiral- and T-odd DiFF describing the correlation
between the transverse polarization of the fragmenting
parton with flavor q and the azimuthal orientation of the
plane containing the momenta of the detected hadron pair.
In a partial wave analysis, the physical interpretation of the
dominant contribution to H∢

1 is related to the interference
between relative p and s wave of the pion-pairs, while,
for D1, the pion-pairs are in relative s waves [67].
DiFFs depend on the fraction of longitudinal momen-

tum, z ¼ z1 þ z2, of fragmenting quark carried by the pion-
pair, on the ratio ζ ¼ ðz1 − z2Þ=z—that can be expressed in
terms of the polar angle θ, formed between the direction of
the back-to-back emission of the two hadrons in the center
of mass frame and the direction of average momentum of
the hadron pair in the target rest frame—and on the
invariant mass of the pair, Mh [67].
DiFFs have been studied in models [47,68,69] and have

been analyzed for πþπ− production from Belle data [37]. In
particular, H∢

1 was extracted from the Artru-Collins asym-
metry measured at Belle, using D1 fitted from the output of
the Monte Carlo event generator tuned for Belle [37]. A
functional form at the hadronic scale Q2

0 ¼ 1 GeV2 was
found, fitting the 100 GeV2 data. The range of validity of
the DiFF fits reflects the kinematic range of the Belle data.
In particular, the integrated range in invariant mass con-
sidered for the fit is limited to 2mπ ≤ Mh ≤ 1.29 GeV, the
upper cut excluding scarcely populated or frequently empty
bins for the Artur-Collins asymmetry. This limit varies bin
by bin and the upper limit in Mh can be as low as 0.9 GeV
for z ¼ 0.25.6

To defined dihadron-SIDIS observables, we consider the
process

lðlÞ þ NðPÞ → lðl0Þ þ h1ðP1Þ þ h2ðP2Þ þ X ðA1Þ

where l denotes the beam lepton, N the nucleon target, h1
and h2 the produced hadrons, and where four-momenta are
given in parentheses. We work in the one-photon exchange
approximation and neglect the lepton mass. The momentum
transferred to the nucleon target is q ¼ l − l0. The masses
of the final hadrons are m1, m2 and their momenta are,
respectively, P1, P2. The total momentum of the pair is
Ph ¼ P1 þ P2; the relative momentum R ¼ ðP1 − P2Þ=2
and its component orthogonal toPh isRT ≡ R − ðR · P̂hÞP̂h.
The invariant mass squared of the hadron pair is P2

h ¼ m2
hh.

The SIDIS process is defined by the kinematic variables:

x ¼ Q2

2P · q
≡ xB; y ¼ P · q

P · l

z ¼ P · Ph

P · q
¼ z1 þ z2 ðA2Þ

6See Fig. 6 of Ref. [37].
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The kinematics and the definition of the angles can be found
in, e.g., Refs. [33,44]. We mention the azimuthal angle ϕR
formed between the leptonic plane and the hadronic plane
identified by the vector RT and the virtual photon direction.
The cross section for two particle SIDIS can be written in
terms of modulations in the azimuthal angle ϕR [67,70].
The Trento convention [71] is used in recent publica-

tions, as opposed to the original paper on dihadron
fragmentation at subleading twist [33]. The sign of
n↑u=nu, defined in Eq. (5), was chosen to be negative to
ensure a positive transversity PDF from the single-spin
asymmtry off transversely polarized target [36]. This is
allowed from the analysis of the Artru-Collins asymmetry
of ½n↑u �2=½nu�2 from which the sign cannot be determined.
Similarly, the beam-spin asymmetry, Eq. (4), exhibits an
overall minus sign and will result in a positive combina-
tion AsinϕR

LU × nu=n
↑
u .

At twist-3, the number of DiFFs increases. In particular
there are four genuine twist-3 DiFFs, D̃∢; G̃∢; Ẽ and H̃
[33]. The functions D̃∢; G̃∢ are also interference fragmen-
tation functions, like H∢

1 , and are explored in Appendix B.
The genuine twist-3 DiFFs describe the fragmentation of a
quark, the propagator of which is corrected by gluon fields
up to orderOð1=QÞ. They vanish in the Wandzura-Wilzcek
approximation.
The twist-3 DiFFs appear, in observable, starting from

the subleading order in M=Q, paired with twist-2 objects.
In the limitm2

hh ≪ Q2 the structure functions of interest can
be written in terms of PDFs and DiFFs, to leading-order, in
the following way [33]7

FUU;T ¼
X
q

e2qxf
q
1ðxÞDq

1 ðA3Þ

FsinϕR
LU ¼−

X
q

e2qx
jRjsinθ

Q

�
M
mhh

xeqðxÞH∢q
1 þ1

z
fq1ðxÞG̃∢q

�

ðA4Þ

FLL ¼
X
q

e2qxg
q
1ðxÞDq

1 ðA5Þ

FcosϕR
LL ¼ −

X
q

e2qx
jRj sin θ

Q
1

z
gq1ðxÞD̃∢q ðA6Þ

with the first subindex of the structure function correspond-
ing to the beam polarization, the second to the target. All

the DiFFs are functions of ðz; cos θ; mhhÞ. When extracting
PDFs from the data, a multiplicative factor representing the
average value for sin θ, which lies in the neighborhood of 1,
from each experimental set is taken into account. The
contribution from higher partial waves has been studied
extensively in both CLAS and CLAS12 analyses, conclud-
ing that, for the BSA, the first term of the expansion was
still dominant.
The flavor combination involved in asymmetries is

readily worked out, for both the numerator and
denominator of the asymmetries, using the following
hypotheses [37],

(i) The charm contribution to fq¼c
1 ðxÞ is negligible with

respect to q ¼ u, d, s at JLab scales. We also neglect
to strange contribution.

(ii) Invoking charge conjugation yields to

Du→πþπ−
1 ¼ Dū→πþπ−

1 ; Dd→πþπ−
1 ¼ Dd̄→πþπ−

1 ðA7Þ

together with isospin symmetry between ðπþπ−Þ
and ðπ−πþÞ

H∢u→πþπ−
1 ¼−H∢d→πþπ−

1 ¼−H∢ū→πþπ−
1 ¼H∢d̄→πþπ−

1

ðA8Þ

and similarly for the higher-twist D̃∢ and G̃∢.
(iii) The interference FF for strange and charm is zero as

there is no interference from sea quarks [47]. For
both D̃∢ and G̃∢, we expect the same interpretation
for the sea and gluon contributions as for H∢

1 .

APPENDIX B: ANALYSIS OF THE AZIMUTHAL
ASYMMETRIES ON LONGITUDINALLY
POLARIZED PROTONS FROM COMPASS

While estimating the magnitude of the twist-3 DiFFs
and, hence, their contribution to the BSA in CLAS and
CLAS12, it became important to complement with results
from independent observables, whose access could shed
light on the size of those contributions. In this Appendix,
we analyze the azimuthal asymmetries for dihadron pro-
duction in SIDIS off polarized proton target, obtained in
COMPASS [39,40]. The impact of this analysis is
described in the main body of the manuscript, Sec. III C.
The asymmetries for longitudinally-polarized targets

involve the chiral-odd and unpolarized twist-2 DiFFs,
as well as two different twist-3 dihadron fragmentation
functions, G̃∢ and D̃∢. The modulations leading to asym-
metries on a longitudinal-target in semi-inclusive dihadron
production at twist 3 read [33],

7There is minus sign difference in some structure functions
with respect to Ref. [33] due to the Trento conventions published
in 2004 [71], as mentioned above.
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AsinϕR
UL ðx;Mh; z;Q; yÞ ¼ −

WðyÞ
AðyÞ

M
Q

jRj
Mh

P
qe

2
qðxhqLðxÞH∢;q

1 ðz;MhÞ þ Mh
zM gq1ðxÞG̃∢;q

sp ðz;MhÞÞP
qe

2
qf

q
1ðxÞDq

1;ssþppðz;MhÞ
ðB1Þ

AcosϕR
LL ðx;Mh; z;Q; yÞ ¼ WðyÞ

AðyÞ
M
Q
jRj
Mh

P
qe

2
qðxeqLðxÞH∢;q

1 ðz;MhÞ − Mh
zM gq1ðxÞD̃∢;q

sp ðz;MhÞÞP
qe

2
qf

q
1ðxÞDq

1;ssþppðz;MhÞ
ðB2Þ

where we have obviated the dependence in Q2 in the
distribution and fragmentation functions. In a working
hypothesis considering only T-even distribution functions,
the double-spin asymmetry in Eq. (B2) is reduced to a
single term, that containing the twist-3 dihadron fragmen-
tation function.
The total asymmetries quoted in Ref. [39,40] are,

respectively, AsinϕR
UL ¼ 0.005� 0.001 (to which a 0.001

of systematic uncertainties is added) and AcosϕR
LL ¼ 0.013�

0.006 (to which a 0.005 of systematic uncertainties is
added). In absence of proper phenomenological analyses,
this result accommodates for various interpretations. Both
asymmetries involve the same twist-2 objects (that are both
known phenomenologically up to uncertainties) but differ
in the twist-3 description. The fact that the single-spin
asymmetry is much smaller than the double-spin asymme-
try might come from either a cancellation between the
respective terms in Eq. (B1) or an enhancement due to large
twist-3 effects in the double-spin asymmetry, Eq. (B2). The
latter could either mean that the twist-3 fragmentation
function is large or could come from the combined effect
of a non-negligible T-odd PDF and a twist-3 DiFF. The
asymmetry is indeed larger than expected, but so are the
uncertainties. Hints of a possible answer can be found
through the model evaluations of both twist-3 fragmenta-
tion functions in the spectator model, respectively in
Ref. [46] and Ref. [45]. While a cancellation for the
single-spin asymmetry is not favored—except in the low
invariant mass region for the Mh projection, the results of
Ref. [45] imply that the double-spin asymmetry is not well
reproduced in that particular model and with the hypothesis
in which only T-even distribution functions contribute.
In this work, we do not aim to reply to the previously

asked question, but rather to estimate the order of magnitude
of the twist-3 DiFF G̃∢ from those data. For that purpose, we
will explore the projections of the usual triptych of variables,
based on our knowledge of the twist-2 objects involved
in Eqs. (B1) and (B2). The projections are obtained as
described in Sec. III A. We have used the helicity PDF from
NNPDFPOL11_100 [72]. For consistency, the unpolarized PDF
entering the denominator is chosen from the same group (we
use NNPDF2.3 [51]). In a first time, the twist-3 fragmenta-
tion function is chosen to be proportional to the chiral-odd
twist-2 DiFF, i.e.,

nD̃ ∝ nG̃ ∝ n↑ ðB3Þ

However, this rough approximation is not fully supported by
model evaluations. The distinctive behavior of the invariant
mass of DiFF becomes a criteria for estimating the order
of magnitude of the proportionality factor, κ. While that
behavior could be similar to the twist-2 IFF for D̃∢, G̃∢
could exhibit a node in Mh [45,46]. Both twist-3 DiFFs are
of more than an order of magnitude smaller than the twist-2
analog in the spectator model. While it should be noticed that
said evaluation does not explicitly account for typical higher-
twist degrees of freedom, the estimated shape of the invariant
mass can serve as a guide for our approximations.
We consider the parameter κ as an upper bound for

twist-3 DiFFs in a specific kinematic region, so that

nD̃ ¼ κn↑ > nG̃: ðB4Þ

On the right panel of Fig. 6, it can be see that the Mh
behavior of the double-spin asymmetry (green points) can
clearly not be reproduced by twist-2 DiFFs, that is using
Eq. (B4). There are hints of contributions fromK0 and from
the enhanced region of the ρ.8 Nonetheless, no sign change
is predicted from twist-2 DiFFs. We conclude that either the
true behavior of D̃∢ diverges from that obtained in the
spectator model or that the two terms of Eq. (B2) interplay.
Both observations are supported by a total asymmetry that
is large with respect to the twist-3 azimuthal asymmetry,
Eq. (B1), reported by COMPASS.
To determine the sought-for factor κ from the COMPASS

data on longitudinally-polarized target, we will restrict the
analysis to reproducing the invariant-mass projection of the
double-spin asymmetry forMh > 0.63 GeV. This prescrip-
tion was proposed by CLAS12 to focus on the vector
meson region [35]. Reconstructing the asymmetry for bins
with Mh > 0.63 GeV and comparing with Eqs. (B2) for
which we have considered only the second term and
approximated it by Eq. (B4), we find

κρMh
¼ −0.0818 ðB5Þ

The cyan curves on the right panel of Fig. 6 represent the
above-described result. The obtained asymmetry is positive
in this case.

8Accounting for the strange DiFF contributions would not
improve that comparison so much as to consider it.
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As mentioned in the previous section, nor the model
explored for DiFFs nor the phenomenological analysis
from eþe− allow to determine absolutely the sign of
dihadron fragmentation functions. We can therefore extend
the analysis to the lower-Mh region, applying the same
technique as before but avoiding the narrow “kaon" peak.
The resulting asymmetry turns negative and

κallMh
¼ 0.0562: ðB6Þ

An estimate of the distance between the COMPASS data
and the asymmetry reconstructed through Eq. (B4) would
reveal a worse outcome for that latter result. Since our goal
is to set a conservative estimate on the contribution from
twist-3 DiFFs, we adopt the largest absolute κ,

κMh
¼ MaxðjκallMh

j; jκρMh
jÞ ðB7Þ

The cyan curves on the left and middle panels of Fig. 6
represent that choice (with a minus sign). We also show the
Mh projection for the single-spin asymmetry in Fig. 7: the

determined κMh
is in agreement with the reconstruction of

AsinϕR
UL ðMhÞ at larger Mh values.
For consistency, we have also aimed to reconstruct the x

and z projections of the double-spin asymmetry. The value
of Eq. (B7) reproduces those projections adequately (in
cyan on the left and central panels of Fig. 6). However, the
iteration of the reconstruction of the integrated asymmetry
for those projections leads to larger values of κx;z, as
depicted in red in Fig. 6. Large error bars and smooth
behaviors of the PDFs and the z-dependence of the DiFFs
do not allow to univocally validate our approximations.
All numerical results discussed here should be corrected
by uncertainties. However, given the large statistical errors
of the data (both from CLAS and COMPASS), it is not
essential to refine our study of κ.
The scaling factor κ plays a crucial role in our analysis.

For the x-projected asymmetry, that factor multiplied by the
known ratio n↑u=nu represents all the dependence on the
fragmentation part, i.e., the PDFs have been singled out.
While the cyan curves reflect the behavior of gV1 =f

Σ
1 , a

contribution from another PDF cannot be excluded. A
similar conclusion can be drawn for the z-dependent
projection. A effect of phase-space integration, when
comparing each panel, will affect the true value of the
DiFFs. This statement holds whether we consider twist-2
only or twist-2 and twist-3 combinations. In particular, a
reduction of κ could be relevant when considering the
CLAS data, see Table I. However, since the kinematic
range of COMPASS is the largest and our goal is to provide
for an upper limit on the contribution coming from twist-3
fragmentation, we do not consider such kinematical
effects here.
Finally, we want to emphasize that the results obtained

with the COMPASS data succeeds to the (very) preliminary
results obtained from CLAS double-spin asymmetry [50]—
and that have been originally quoted in the first version
of the present manuscript, leading to a rough estimate
of κ ∼ 0.2.

FIG. 7. The Mh-projection of the asymmetry AsinϕR
UL from

COMPASS [39], green points (only statistical uncertainties
shown), compared to the reconstructed asymmetry from Eq. (B2)
for which we have used that the twist-3 DiFF is proportional to
the twist-2 Interference Fragmentation Function through the
normalization factor κMh

.

FIG. 6. The asymmetry AcosϕR
LL from COMPASS [39], green points (only statistical uncertainties shown), compared to the

reconstructed asymmetry from Eq. (B2) for which we have used that the twist-3 DiFF is proportional to the twist-2 interference
fragmentation function through a nornalization factor κ. Results for κMh

are shown in cyan and for κx=z in red (see text). The light bands
represents to uncertainty coming from the ratio gval1 =fΣ1 from NNPDFPOL11_100 and NNPDF23_NLO, the curves represent the bootstrapping
results for the DiFFs [38].
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