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We present a five-dimensional (5D) axion-neutrino model that explains the Standard Model fermion
mass hierarchy and flavor structure, while simultaneously generating a high-quality axion. The axion and
right-handed neutrinos transform under a 5D Peccei-Quinn gauge symmetry, and have highly suppressed
profiles on the UV brane where the symmetry is explicitly broken. This setup allows neutrinos to be either
Dirac or Majorana with hierarchically small sterile neutrino masses. The axion decay constant originates
from the IR scale, which in the holographically dual four-dimensional description corresponds to the
confinement scale of some new strong dynamics with a high-quality global Peccei-Quinn symmetry that
produces a composite axion and light, composite sterile neutrinos. The sterile neutrinos could be observed
in astrophysical or laboratory experiments, and the model predicts specific axion-neutrino couplings.
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I. INTRODUCTION

Two unsettled issues in the Standard Model are neutrino
masses and the strong CP problem. A natural solution to
the origin of the neutrino masses is the Type-I seesaw
mechanism [1–5] with Majorana masses at an intermediate
scale ≳1010 GeV. On the other hand, the most popular
solution to the strongCP problem is the Peccei-Quinn (PQ)
mechanism [6], where the axion is a pseudo-Nambu-
Goldstone boson [7,8] that results from the spontaneous
breaking of a globalUð1ÞPQ symmetry. These two solutions
appear to be unrelated; however, the similarity of the PQ-
breaking and Majorana mass scales suggests there could be
an underlying mechanism responsible for both neutrino
masses and the axion.
Any axion solution to the strongCP problemmust address

the axion quality problem, which requires extraneous, explicit
violations of the global PQ symmetry to be sufficiently
suppressed compared to that arising from nonperturbative
QCD. Recently, a possible solution was given in Ref. [9],
where the axion propagates in a slice of anti–de Sitter (AdS5).
The PQ symmetry is gauged in the bulk, and the axion profile
is suppressed near the sources of explicit PQ symmetry

violation on the UV brane. The warped geometry [10] can
also naturally explain fermion mass hierarchies [11], and
a holographic Dine-Fischler-Srednicki-Zhitnitsky (DFSZ)-
type [12,13] axion model that incorporates Standard Model
flavor was presented in Ref. [14], giving predictions for
flavor-violating axion–fermion couplings. The five-dimen-
sional (5D) framework, therefore, provides a natural setting to
seek a connection between neutrino masses and the axion.
In this paper, we extend the model of Refs. [9,14] to

include neutrino masses. Right-handed neutrinos are
introduced into the bulk and are charged under the
Uð1ÞPQ symmetry. The model can explain neutrinos as
either Dirac or Majorana states, with hierarchies in the
effective four-dimensional (4D) neutrino Yukawa cou-
plings and/or right-handed neutrino masses naturally
generated within the 5D framework.
The PQ symmetry forbids an explicit or spontaneously

generated bulk Majorana mass for the right-handed neu-
trinos, leading to an accidental lepton number symmetry.
However, explicit PQ (and lepton number (L)) violating
terms are allowed on the UV brane, and the fundamental
Majorana mass scale is tied to explicit Planck-scale PQ
(and L) violation. Despite this connection, the sterile
neutrino mass eigenstates can be naturally light. This is
because the right-handed neutrino profiles can be localized
towards the IR brane, away from the explicit symmetry
violation. In fact, the sterile neutrino masses can range from
the intermediate scale down to the eV scale (in the seesaw
mechanism limit), or even lower to the theoretical Dirac
limit. The model also predicts axion couplings to both the
active and sterile neutrinos; however, these are well below
the current experimental limits [15].
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A connection between neutrino masses and axions was
first discussed in the context of the grand unified group
SOð10Þ ×Uð1Þ0, where theUð1ÞPQ symmetry is realized as
a linear combination of Uð1ÞB−L and Uð1Þ0 [16,17]. Other
models based on the DFSZ axion with a connection to
neutrino masses include [18–20]. In contrast, our 5D model
automatically addresses the axion quality problem while
simultaneously explaining the hierarchies of the Standard
Model fermion masses and flavor structure in the quark and
lepton sectors. Furthermore, by the AdS=CFT correspon-
dence [21], the 5D model is dual to a strongly coupled 4D
theory where the intermediate scale is dynamically gen-
erated by dimensional transmutation. The axion is identi-
fied as a composite pseudo-Nambu-Goldstone boson, and
the right-handed neutrinos are also composite states. While
right-handed neutrinos propagating in an extra dimension
were previously considered in Refs. [22–33], our setup is
the first model to amalgamate neutrinos with axion physics.

II. AXION–NEUTRINO MODEL

Consider a 5D Uð1ÞPQ gauge theory with a complex
scalar field Φ propagating in a slice of AdS5, bounded by
UVand IR branes located at zUV and zIR. The metric in 5D
coordinates xM ¼ ðxμ; zÞ is given by

ds2 ¼ 1

ðkzÞ2 ðdx
2 þ dz2Þ≡ gMNdxMdxN; ð1Þ

where the AdS curvature scale k≲MP, with MP ¼
2.435 × 1018 GeV the reduced Planck mass. The Yang-
Mills–scalar action is given in [9], where it is also
shown that the usual global PQ symmetry that acts on
the 4D axion corresponds to a particular bulkUð1ÞPQ gauge
transformation.
The complex, PQ-charged scalar field Φ obtains a

vacuum expectation value (VEV)

ηðzÞ ¼ k3=2ðλðkzÞ4−Δ þ σðkzÞΔÞ; ð2Þ

where Δ is related to the bulk scalar mass-squared,
m2

Φ ¼ ΔðΔ − 4Þk2. In the dual 4D interpretation [34] of
our setup, σ is proportional to the PQ-breaking condensate
in the conformal field theory, which has dimension Δ. The
coefficient λ is associated with explicit breaking of the
Uð1ÞPQ symmetry on the UV brane. Note that the boundary
conditions are such that the 5D gauge symmetry reduces to
a global symmetry on the UV brane (guaranteeing there is
no massless 4D Uð1ÞPQ gauge boson), and therefore the
symmetry can be explicitly broken there.1 In the limit of
small 5D gauge coupling, the QCD axion is identified with
the zero-mode of the phase of Φ (see Ref. [9] for details).

In Ref. [14] this model was extended to include bulk
fermion and Higgs fields, creating a 5D version of the
DFSZ axion model [12,13] that could simultaneously
address both the axion quality and fermion mass hierarchy
problems. Fermion zero-mode loops generate axion-gluon
and axion-photon couplings localized on the UV brane,
with the former leading to the usual axion solution of the
strong CP problem. Here, we further extend the model to
incorporate the neutrino sector. Neutrino masses are
obtained by including bulk right-handed neutrinos Ni
(i ¼ 1; 2; 3) with 5D Yukawa couplings and UV boundary
localized Majorana masses and Φ coupling terms. The
relevant part of the action is given by2

SN ¼ −2
Z

zIR

zUV

d5x
ffiffiffiffiffiffi
−g

p

×

�
1ffiffiffi
k

p ðyð5Þν;ijLiNjHu þ yð5Þe;ijLiEjHd þH:c:Þ

þ 1

2

�
bN;ijNc

i Nj þ
yð5ÞN;ij

k3=2
ΦNc

i Nj þH:c:

�
δðz− zUVÞ

�
;

ð3Þ

where Li ¼ ð νi
ei

Þ are the SUð2Þ lepton doublets and Ei are

the SUð2Þ singlet leptons. The 5D Yukawa couplings yð5Þe;ν

are 3 × 3 complex matrices and yð5ÞN , bN are complex
symmetric matrices.
The model contains four Uð1Þ symmetries in the bulk: the

hypercharge and PQ gauge symmetries, and accidental global
lepton number and Uð1ÞΦ symmetries. The charges of the
fields are given in Table I. The PQ charges of the Higgs fields
have been chosen so that there is no mixing between the
axion and the longitudinal component of the Z boson, where
tan β ¼ vu=vd is the ratio of the Higgs VEVs. With these
charges, the Uð1ÞPQ has a boundary-localized anomaly,
which is canceled by terms on the IR boundary [14].
The Uð1ÞPQ and Uð1ÞΦ symmetries are spontaneously

broken by the VEV of Φ. The scalar potential on the UV
boundary, given in [14], includes the term HuHdΦ2 þ H:c:
which explicitly breaks Uð1ÞΦ, leaving a single pseudo-
Nambu-Goldstone boson identified as the axion. As

TABLE I. Uð1Þ charges of the bulk fields, with tan β ¼ vu=vd.

Li Ei Ni Hu Hd Φ

Uð1ÞPQ 2 sin2 β 4 sin2 β 2 −2 cos2 β −2 sin2 β 1
Uð1ÞY − 1

2
−1 0 − 1

2
1
2

0
Uð1ÞL 1 1 1 0 0 0
Uð1ÞΦ 0 0 0 0 0 1

1There remains an exact 5D gauge symmetry for which the
gauge parameter vanishes on the UV brane.

2Note that the delta function is defined such that
2
R
zIR
zUV

dzδðz − zUVÞfðzÞ ¼ fðzUVÞ.
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discussed previously, the Uð1ÞPQ symmetry may also be
explicitly broken on the UV boundary, for example by a term
linear in Φ. As shown in [9], such terms do not disrupt the
solution to the strong CP problem, provided Δ≳ 10.
Furthermore, the lepton number and PQ symmetries are
explicitly broken by yð5ÞN and bN . Note that theUð1ÞPQ gauge
symmetry forbids corresponding terms in the bulk. This has
important phenomenological consequences, since such
terms would lead to sterile neutrino zero-mode masses of
order the PQ-breaking scale, as might be expected for a high-
scale seesaw. The UV boundary terms, on the other hand,
can naturally give rise to hierarchically smaller sterile
neutrino masses, as will be shown. These may then be
accessible to experiments.

A. Zero-mode profiles

The equations of motion for the 5D fields can be solved
via the usual expansion in Kaluza-Klein (KK) modes. The
massless 4D zero-modes are then identified with the
Standard Model fermions and the axion.
The scalar fields are parametrized as

Hu ¼
vuffiffiffi
2

p e
i
vu
auðxμ;zÞ

�
1

0

�
;

Hd ¼
vdffiffiffi
2

p e
i
vd
adðxμ;zÞ

�
0

1

�
;

Φ ¼ ηðzÞeiaðxμ;zÞ; ð4Þ

where vu (vd) are the up(down)-type Higgs VEVs satisfy-
ing ðv2u þ v2dÞ=k ¼ v2, with v ≃ 246 GeV. The bulk and
boundary scalar potentials leading to the above VEVs are
given in Ref. [14]. In general, vu;d are z-dependent, but for
simplicity we take them to be constant, which requires a
tuning between the Higgs mass terms in the bulk and on
the IR boundary. Furthermore, the Higgs hierarchy prob-
lem is not addressed in the current model. The 5D fields
au;dðx; zÞ and aðx; zÞ are the neutral Nambu-Goldstone
bosons propagating in the bulk. Note that we have ignored
the radial components and the electromagnetically
charged Nambu-Goldstone bosons since they play no role
in the discussion.
The equations of motion for au;dðx; zÞ and aðx; zÞ are

coupled and the 5D fields are expanded in terms of the
same set of 4D modes,

aðxμ; zÞ ¼ f0aðzÞa0ðxμÞ þ…;

au;dðxμ; zÞ ¼ f0au;dðzÞa0ðxμÞ þ…: ð5Þ

The (approximately) massless zero-mode a0ðxμÞ is iden-
tified with the axion. The profile f0aðzÞ was calculated in
Ref. [9], where it was shown that explicit breaking of the
PQ symmetry on the UV brane causes the profile to
become suppressed by ðz=zIRÞΔ as z → zUV. Away from

the UV boundary the profile is approximately constant
and given by

f0aðzÞ ≈
ffiffiffiffiffiffiffiffiffiffiffiffi
Δ − 1

p

σ0
zIR; ð6Þ

where σ0 ¼ σðkzIRÞΔ ≲ 1. The profile also determines the
value of the axion decay constant Fa ¼ f0aðzIRÞ−1, which
is of order the IR scale, z−1IR .
The remaining scalar zero-mode profiles were obtained

in Ref. [14] and are approximately given by

f0au;dðzÞ ≈ vu;dXHu;d

g25kσ0
4Δ

ffiffiffiffiffiffiffiffiffiffiffiffi
Δ − 1

p

×

�
z2

zIR

��
z
zIR

�
2ðΔ−1Þ

− Δ
�
þ Δz2UV

zIR

�
; ð7Þ

where XHu;d
are the PQ charges of the Higgs fields, and g5 is

the 5D Uð1ÞPQ gauge coupling.
After imposing appropriate boundary conditions, the KK

expansions of the 5D fermions Li (Ei and Ni) contain left
(right)-handed 4D chiral zero-modes LiLðxμÞ, (EiRðxμÞ and
NiRðxμÞ), respectively. These have profiles [11]

f0LiL
ðzÞ ¼ N Li

ðkzÞ2−cLi ;
f0EiR

ðzÞ ¼ N Ei
ðkzÞ2þcEi ;

f0NiR
ðzÞ ¼ N Ni

ðkzÞ2þcNi ; ð8Þ

where cLi
, cEi

, cNi
are order-one constants that parametrize

the bulk lepton masses (¼ cik) and N Li
, N Ei

, N Ni
are

normalization factors.

B. Neutrino flavor structure

The overlap of the bulk fermion profiles completely
determines the neutrino flavor structure in terms of the
order-one parameters ci, y

ð5Þ
e;ν;N , and bN . These 5D param-

eters can then be constrained by fitting to the two
neutrino mass-squared differences and the Pontecorvo-
Maki-Nakagawa-Sakata (PMNS) matrix.
Substituting Eqs. (4) and (8) into (3) gives rise to the

neutrino (zero-mode) 6 × 6 mass matrix M defined as

−
1

2

Z
d4x

�
ν⃗L N⃗c

R

��
0 mD

mT
D MM

��
ν⃗cL

N⃗R

�
þ H:c:; ð9Þ

with ðν⃗cL; N⃗RÞ≡ ðνc1L; νc2L; νc3L; N1R; N2R; N3RÞ. The Dirac
mass matrix is given by

mij
D ¼ yð5Þν;ij

ffiffiffi
2

p
vuffiffiffi
k

p
Z

zIR

zUV

dz
ðkzÞ5 f

0
LiL

ðzÞf0NjR
ðzÞ; ð10Þ
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≃
vu

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
ð−1þ 2cLi

Þð1þ 2cNj
Þ

q
ffiffiffiffiffi
2k

p ðcLi
− cNj

Þ ðkzIRÞ−
1
2
−minðcLi ;cNj

Þ; ð11Þ

and, taking kzUV ¼ 1, the Majorana mass matrix is

Mij
M ¼ ðyð5ÞN;ijðλþ σÞ þ bN;ijÞðf0NiR

ðzUVÞÞ2; ð12Þ

≃kŷN;ij

�
cNi

þ 1

2

�
ðkzIRÞ−1−2cNi ; ð13Þ

with ŷN;ij ≡ yð5ÞN;ijðλþ σÞ þ bN;ij. Equations (11) and (13)
also assume zUV ≪ zIR, cLi

> 1=2, and cNi
> −1=2.

Notice that for cN > 0, the effective Majorana masses
are suppressed relative to the PQ-breaking or IR scale. For
cNi

< 0, on the other hand, the right-handed neutrinos have
masses of order the IR scale, and can no longer be treated as
approximately massless modes with profiles given by
Eq. (8). We therefore restrict our discussion to cNi

> 0.
This corresponds to right-handed neutrinos that are local-
ized towards the IR brane and therefore in the dual 4D
description are mostly composite. For cL > 0, the left-
handed neutrinos are mostly elementary. The Majorana
mass matrix (12) can be made diagonal and non-negative
via a unitary rotation of the Ni, and we work in this basis
where ŷN is diagonal.
The neutrino mass matrix in (9) is diagonalized by a

unitary matrix U to give UTMU ¼ diagðmvi
Þ, where mvi

are the six neutrino mass eigenvalues. The mass eigenstates
vi are

v⃗ ¼ U†
�

ν⃗cL

N⃗R

�
þ UT

�
ν⃗L

N⃗c
R

�
: ð14Þ

In the seesaw limit,3 kM−1
M mT

Dk ≪ 1, the six eigenstates
split into two distinct sets. One set contains the active light
neutrinos that are mostly SUð2Þ doublets and the other set
contains the heavier “sterile” neutrinos that are mostly
Standard Model gauge singlets. The mixing matrix is then
approximately [35]

U ≃
�ð1− 1

2
Θ†ΘÞUν Θ†UN

−ΘUν ð1− 1
2
ΘΘ†ÞUN

�
þOðkΘk3Þ; ð15Þ

where Θ ¼ M−1
M mT

D, and Uν, UN are the 3 × 3 matrices
that diagonalize the active and sterile neutrinos respec-
tively. To leading order, the active masses are diagðmνiÞ≃
−UT

ν ðmDM−1
M mT

DÞUν, while the sterile masses are
diagðmNi

Þ ≃MM. The PMNS matrix is VPMNS ¼ Ae†
L Uν,

where Ae†
L is the unitary matrix that rotates the left-handed

charged leptons to the mass basis. After using the
phase freedom of the charged leptons to remove three

redundant phases, it can be expressed using the standard
parametrization.
Interestingly, when cLi

> cNj
∀ i; j, the active neutrino

masses do not depend on the IR scale. This is due to the
correlation between the effective Dirac and Majorana
masses in Eqs. (11) and (13), such that mν ∝ v2=k. The
4D dual description provides an alternative viewpoint on
the neutrino mass mechanism in which there are elemen-
tary, Planck-scale Majorana fermions that mix with the
composite right-handed neutrinos. Including the (mostly)
elementary left-handed neutrinos, the active neutrino
masses then arise from a seesaw mechanism.
We also consider the possibility that neutrinos are Dirac

fermions (MM ¼ 0). In this case it is convenient to instead
define the mass eigenstate Dirac fermions by

v ¼ Av†
L νL þ Av†

R NR; ð16Þ

where Av†
L mDAv

R ¼ diagðmvi
Þ, and VPMNS ¼ Ae†

L Av
R. Note

that the Dirac limit does not necessarily require that lepton
number is preserved on the UV brane. Instead, the Dirac
limit can actually be obtained while assuming Planck-scale
lepton number violation on the UV brane [27]. By formally
taking cN ≫ 1 in (13), the effective 4D Majorana mass
MM → 0. For simplicity, we will not consider this pseudo-
Dirac limit and instead just analyze the Majorana (seesaw
mechanism) limit and the pure Dirac limit.

C. Axion–neutrino couplings

The axion–neutrino couplings are obtained by first
removing the au-dependence in Eq. (3) via a 5D field
redefinition of the form

νiðx; zÞ → eiðωþ
1
2
Þ 1
vu
auðx;zÞνiðx; zÞ;

Niðx; zÞ → eiðω−
1
2
Þ 1
vu
auðx;zÞNiðx; zÞ; ð17Þ

where ω is an arbitrary real parameter. The 5D fermion
kinetic and boundary Ni terms are not invariant under this
transformation, giving rise to

Z
zIR

zUV

d5x
ðkzÞ4

�
i

�
∂M

au
vu

�
ðN̄iγ

MNi− ν̄iγ
Mνi

−2ωðN̄iγ
MNiþ ν̄iγ

MνiÞÞ

−
��

bN;ijþ
yð5ÞN;ij

k3=2
Φ
�
Nc

i Nje
ið2ω−1Þauvu þH:c:

�
δðz− zUVÞ

�
:

ð18Þ

The terms proportional to ω do not contribute to the
S-matrix. This is seen by identifying the lepton number
current in the second line of (18). The (anomalous) Ward-
Takahashi identity for lepton number then guarantees that3The Frobenius norm kAk ¼ ½Pi;jðAijÞ2�1=2, for a matrix A.
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contributions to the S-matrix from the ω-dependent terms
in the second and third lines cancel.
Restricting our focus to the zero-modes, the axion–

neutrino couplings are then

i
Z

zIR

zUV

d5x
ðkzÞ4 ð∂μa0Þ

f0auðzÞ
vu

½N̄iRðf0NiR
ðzÞÞ2γμNiR

− ν̄iLðf0LiL
ðzÞÞ2γμνiL�: ð19Þ

We have neglected additional UV boundary terms, which
lead to axion–sterile-neutrino couplings, since they are
highly suppressed by the fa or fau profile at z ¼ zUV.
Integrating over the profiles and rotating to the fermion
mass basis, we obtain the 4D effective action

S4D ⊃ i
Z

d4x
∂μa0

2Fa
v̄iγ

μððcVvÞij − ðcAvÞijγ5Þvj; ð20Þ

where γ5 ¼ diagð1;−1Þ. The vector and axial-vector cou-
plings are given by cVv ¼ iImðξvÞ and cAv ¼ ReðξvÞ, where

ðξvÞij
Fa

¼
Z

zIR

zUV

dz
ðkzÞ4

f0auðzÞ
vu

U†
ikF

kkUkj; ð21Þ

with F ¼ diagððf0L1L
Þ2; ðf0L2L

Þ2; ðf0L3L
Þ2; ðf0N1R

Þ2; ðf0N2R
Þ2;

ðf0N3R
Þ2Þ. Note that the vector (axial-vector) couplings in

Eq. (20) are symmetric (antisymmetric).
In the Dirac neutrino case, the axion–neutrino couplings

are similar to those obtained for the charged fermions in
[14], and can be written as

ðcV;Av Þij
Fa

¼
Z

zIR

zUV

dz
ðkzÞ4

f0auðzÞ
vu

× ððAv
R
†Þikðf0NkR

Þ2ðAv
RÞkj

∓ ðAv
L
†Þikðf0LkL

Þ2ðAv
LÞkjÞ: ð22Þ

Finally, note that for on-shell fermions the corresponding
matrix elements are proportional to ðcV;AÞijðmi ∓ mjÞ, so
that the axion–active-neutrino couplings can be neglected
in most cases.

III. PHENOMENOLOGY

The phenomenological predictions of the 5D model are
obtained by taking the 5D parameters to be ∼Oð1Þ.
Hierarchies in 4D parameters are then generated as a
consequence of localization in the extra dimension. The
relevant 5D parameters in the lepton sector are

cLi
; cEi

; cNi
; yð5Þe;ij; yð5Þν;ij; ŷN;ij: ð23Þ

These parameters are then constrained by the nine
observables,

mei ; Δm2
v;ij; θij; δ; ð24Þ

where mei are the charged lepton masses, Δm2
v;ij are the

neutrino mass-squared differences, θij are the PMNS
mixing angles and δ is the PMNS Dirac phase.
We perform a numerical scan of the ci and yð5Þe;ν , ŷN

parameter space. The ci are restricted to satisfy jcL;E;Nj≲ 4,
which ensures that the bulk fermion masses remain below the
5D cutoff. For theMajorana case, the cNi

are also restricted to
be in the range [0, 1.4] to ensure that the effective Majorana
masses remain below the IR scale but sufficiently greater than
the Dirac masses (at least 1 eV). The 5D Yukawa couplings
are restricted to satisfy 0.01 ≤ jyð5Þe;νj; ŷN ≤ 3. To increase the
efficiency, the scan is done in two stages. First, yð5Þe;ν are fixed
to random values, and the ci and ŷN fit to the experimental
values of the lepton masses by performing a χ2 minimization
using Minuit [36]. In the second stage, all parameters are
floated to fit both the masses and PMNS matrix elements
using the values from the first stage as initial seeds for the
minimization routine. Finally, we discard points for which
χ2=nd:o:f > 1, where nd:o:f ¼ 9.
The charged lepton MS masses are run up to the PQ-

breaking scale, 1010 GeV, in order to compare with the
model predictions.4 The PMNS matrix elements do not run
significantly and we use the low-scale values. The neutrino
mass differences and PMNS angles and phase are taken from
the fit in Ref. [37], assuming a normal hierarchy for the
neutrinos. Qualitatively similar results are obtained for an
inverted mass hierarchy spectrum.
In the following two subsections we present the results

for the Dirac and Majorana neutrino cases. As a bench-
mark point, we assume the following parameter values:
σ0 ¼ 0.1; λ ¼ 0.1;Δ ¼ 10, tan β ¼ 3, kzIR ¼ 107, and
k ¼ MP, which lead to an axion decay constant Fa ≃
8.12 × 109 GeV (corresponding to an axion mass, ma ≃
7 × 10−4 eV [38]). The value of Δ is chosen to suffi-
ciently suppress the axion profile on the UV brane and
therefore solve the axion quality problem [9].

A. Dirac neutrinos

In the Dirac neutrino case, ŷN ¼ 0. Given our
assumption of Oð1Þ 5D Yukawa couplings, the neutrino
mass scale is solely determined by the cL and cN param-
eters. This case is similar to the quark sector studied in [14].
Figure 1 (left) shows the range of ci parameters that can

produce the measured values of the lepton masses and
PMNS angles/phase. Note that for the right-handed charged
leptons jcEi

j≲ 0.5, while for the right-handed neutrinos
cNi

≳ 1. This simply reflects the fact that the neutrinomasses
are much smaller than the charged lepton masses.
Furthermore, the structures seen in Fig. 1 for both the

4To improve the numerical stability of the fit, we use an
enlarged uncertainty of 0.1% for the charged lepton masses
instead of the experimental uncertainty.
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charged leptons and neutrinos can be understood from the
fact that the effective Dirac mass term depends only on
minðcL; cN=EÞ [see Eq. (11)]. The hierarchies in the charged
leptons can also clearly be seen, whereas the neutrinos need
not be hierarchical.
Since the Higgs VEV profile is flat, the overlap between

the left- and right-handed fermions is responsible for
generating the hierarchies in the 4D effective Yukawa
couplings. The c parameter ranges in Fig. 1 correspond
to the left(right)-handed fermions being localized towards
the UV (IR) branes. Finally, for cL < 0 the overlap integral
in (10) is suppressed relative to the electroweak VEV by a
factor of ðkzIRÞ−n, with n > 1=2; hence, there are no
solutions in this region as the charged lepton masses would
be too small.
The axial-vector axion–neutrino couplings are shown in

Fig. 3 (top panel), for mv1
> 10−6 eV. The flavor-diagonal

couplings are approximately cAv ≃ 2 × 10−5. Only the cou-
pling ðcAvÞ33 is shown in the figure, but ðcAvÞ11 and ðcAvÞ22 are
of the same order of magnitude. In addition, there are flavor
nondiagonal cAv couplings which are much smaller (≲10−6).
Almost identical values are obtained for the off-diagonal
vector couplings (note that the diagonal vector couplings are
unphysical, up to electroweak anomalies).
These axion-neutrino couplings can, in principle, be

constrained by astrophysical neutrinos scattering off relic
axions [15], particle emission in double-β decay experiments
[39], or Planck satellite measurements [40]. To compare
with the experimental bounds, we first convert the axial-
vector couplings to axial couplings, gaνν ∼ cAvmν=Fa with
L ⊃ gaννaν̄γ5ν. However, the mν=Fa factor suppresses the

predicted gaνν couplings to be well below the current most
stringent experimental limit gaνν ≲ 10−7 [15].

B. Majorana neutrinos

In the Majorana neutrino case, we consider the parameter
space where kM−1

M mT
Dk ≪ 1 and the neutrino mass hier-

archy is partially generated by the seesaw mechanism.
Nevertheless, the cN parameters have an important role,
since they determine the scale ofMM and mD via Eqs. (10)
and (12). We utilize the mixing matrix in Eq. (15), which
gives an excellent approximation in the parameter space we
consider.
The results of the scan are shown in Fig. 1 (right). Notice

that the distribution of the cE parameters is similar to the
Dirac neutrino case. On the other hand, the cN values are
smaller compared to the Dirac case, since part of the
neutrino hierarchy is now obtained from the seesaw
mechanism. The range of c values in Fig. 1 again
corresponds to left(right)-handed fermions localized on
the UV (IR) brane, and to composite right-handed fermions
in the dual 4D theory.
Interestingly, and as discussed below Eq. (13), sterile

neutrino masses that are hierarchically smaller than the IR
scale are naturally obtained for cN > 0. This can be clearly
seen in Fig. 2. The assumption that the 5D parameters are
Oð1Þ with flat priors results in a preference for light sterile
neutrinos.
Finally, we discuss the axion–neutrino couplings. The axial-

vector couplings are shown in Fig. 3. The vector couplings
are similar in magnitude and not shown. The flavor-diagonal

FIG. 1. The distribution of 5D fermion mass parameters, ci, for Dirac (left) and Majorana (right) neutrinos. The closed shapes (line
symbols) denote cEi

ðcNi
Þ values, and the colors blue, red and green correspond to the largest, next-to-largest and smallest cN;E

parameters, respectively.
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axial-vector couplings are much smaller than in the Dirac
neutrino case (the diagonal vector couplings are identically
zero). This is because, neglecting active-sterile mixing, they
depend only on the left-handed profiles, f0LiL

, which are UV
localized and have a small overlap with the IR localized fau .
The active–sterile axial-vector couplings are generated through
the active–sterile mixing and hence are suppressed for large
sterile masses, as seen in Fig. 3 (bottom). A similar range
is found for ðcAvÞ1j and ðcAvÞ2j (not shown). These axial-
vector couplings can be converted to axial couplings
gaνN ∼ cAvmN=Fa, with L ⊃ gaνNaν̄γ5N. Again, the suppres-
sion factor mN=Fa means the predicted couplings are well
below the current experimental limits [15].

IV. CONCLUSION

We have presented a 5D model that simultaneously
addresses several problems associated with the Standard
Model flavor structure, neutrinos and axion physics.
The VEVof a 5D complex scalar field spontaneously breaks
the Peccei-Quinn symmetry, giving rise to the axion as a
Nambu-Goldstone boson with an axion decay constant
determined by the IR scale. This setup automatically
addresses the axion quality problem by suppressing the
axion profile near the UV brane, where there can be explicit
(non-QCD) violations of the PQ symmetry.
The 5D model also explains the Standard Model

fermion mass hierarchy and flavor structure, while
allowing for either Dirac or Majorana neutrinos. This
is done by introducing right-handed neutrinos charged
under the PQ symmetry. In the Majorana neutrino case,
the origin of the Majorana mass scale is associated with
explicit, Planck-scale PQ symmetry violation on the UV
brane. Nevertheless, by localizing the right-handed neu-
trino profiles towards the IR brane, hierarchically small
sterile neutrino masses can be generated, offering a

mechanism to naturally extend the applicability of the
seesaw mechanism to much lower mass scales. These
light sterile neutrino states may be observable in astro-
physical or laboratory experiments (see e.g., [41]).
In the Dirac case, tiny effective 4D neutrino Yukawa

couplings arise from the exponentially small overlap
between the left- and right-handed neutrino profiles.
The axion and neutrino profile structure leads to specific
predictions for the axion–neutrino couplings; however,
these are well below current experimental limits and
would require a substantial improvement in experimental
sensitivity to be probed.
The holographic dual 4D description suggests some

new strong dynamics with accidental PQ and lepton
number symmetries that confines at an intermediate scale

FIG. 3. The axion–neutrino couplings for both the Dirac and
Majorana neutrino cases. The top figure shows the active–active
axial-vector coupling, cAv, as a function of the lightest active
neutrino mass. The solid (open) shapes denote the Dirac
(Majorana) couplings. The diagonal coupling is ðcAvÞ33 (orange
square), while the off-diagonal couplings are ðcAvÞ12 (green
circle), ðcAvÞ13 (red triangle), and ðcAvÞ23 (blue diamond). The
bottom figure shows the active–sterile axial-vector coupling
ðcAvÞ3j (j ¼ 4; 5; 6) in the Majorana case as a function of the
sterile neutrino mass. The lightest, next-to-lightest and heaviest
sterile neutrinos are denoted by diamonds (brown), triangles
(purple) and circles (orange), respectively.

FIG. 2. The range of sterile neutrino masses arising from the 5D
mass parameters cNi

. The largest, next-to-largest and smallest cN
parameters are represented by þ (blue), × (red) and � (green),
respectively. Only sterile neutrino masses below the benchmark
IR scale = 2.4 × 1011 GeV are shown.
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≳1010 GeV and gives rise to a composite axion and
composite sterile neutrinos. The light sterile neutrinos
result from the suppressed transmission of the explicit
lepton number breaking to the composite sector, similar
to the setup considered in [27]. It would be interesting to
construct the underlying 4D theory (along the lines
studied in [42]). Nevertheless, the 5D model provides
a complete framework that connects axion and neutrino
physics to the Standard Model flavor structure and further
motivates ongoing experimental searches for axions and
sterile neutrinos.
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