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Using atomic clocks to detect local dark matter halos
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It is possible that bosonic dark matter forms halos around the Sun or the Earth. We discuss the possibility
of probing such halos with atomic clocks. Focusing on either a Higgs portal or photon portal interaction
between the dark matter and the Standard Model, we search the possible parameter space for which a clock
on Earth and a clock in space would have a discernible frequency difference. Bosonic dark matter halos
surrounding the Earth can potentially be probed with current optical atomic clocks.
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I. INTRODUCTION

Although there is solid evidence for the existence of dark
matter (DM) through its gravitational effects on the universe
(e.g., the cosmic microwave background [1]), there is very
little information regarding the nature of DM other than its
contribution to matter and consequently gravity. DM can-
didates range from primordial black holes [2-4] to axions or
axionlike particles (ALPs) with masses as small as 10722 eV
[5-23]. For many years the most popular and well-motivated
DM paradigm was that of the weakly interacting massive
particles (WIMPs), where the observed relic abundance of
DM is adjusted by DM annihilations that take place in the
early universe. An annihilation cross section on the order of
the weak interactions provides the observed DM abundance.
WIMP models, however, are constrained in several ways, for
example from expected direct scattering between WIMPs
and Earth based detectors. Although the DM annihilation
cross section can be quite different from the DM-nucleon or
DM-electron cross section which is relevant in direct
detection, current sophisticated direct search experiments
have set unprecedented limits which have made the WIMP
paradigm less appealing (see, e.g., [24]). Furthermore, there
has been a systematic study of indirect detection channels of
DM discovery. Although the products of DM annihilation
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vary accordingly to the underlying WIMP model, there is an
extensive and thorough investigation of a vast class of WIMP
models. These dedicated searches focus, for example, on
places where DM could be present in large quantities such as
the center of our galaxy and set constraints on different
annihilation channels of DM, especially to hadrons and
photons. The inconclusive/negative findings further limit the
parameter space where the WIMP paradigm can account
for the relic abundance of DM without fine tuning of the
model parameters (see [25] for an overview of the subject).
Therefore, alternative classes of DM models have gained
interest including, among others, asymmetric DM. In this
DM paradigm, a mechanism, similar to the baryon case,
creates an asymmetry between the number of particles and
antiparticles with subsequent annihilations depleting one of
the two species, leaving only one of the species in excess
[26-31]. In such a mechanism, after the depletion of the
minority species, no substantial annihilations take place and
therefore no signal is expected from DM annihilation at the
center of galaxy or elsewhere. In general, sufficiently light
DM particles can easily evade direct detection because even
with a large DM-nucleon/electron cross section, the pro-
duced recoil energy falls below the energy threshold that
triggers the detector.

Given the current lack of evidence of WIMPs, lighter
particles and alternative mechanisms of DM production
should be looked for. One example that falls in this category
is the axion, a well-motivated particle that potentially solves
the strong CP problem of QCD. Axions and ALPs are too
light to be detected using direct detection methods based on
recoil and therefore alternative detection methods have been
implemented. New, promising, and relatively unexplored
tools that can facilitate the exploration of new physics are
atomic clocks. Providing unprecedented accuracy, atomic
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clocks can be used in different contexts to probe new physics
and/or particular DM candidates. The ticking rate of atomic
clocks is governed, in general, by fundamental constants such
as the fine structure constant , and the proton and electron
masses. Even tiny changes to these constants, due to new
physics, could create a detectable change in the ticking rate of
the clock. Since there is no absolute clock in nature, the
potential detection of new physics is related to comparison in
the ticking rate among different clocks. These clocks are
usually separated by some distance in order to allow new
physics effects to influence the separated clocks in different
ways. In this paper we are interested in potential applications
for DM detection. One way that atomic clocks can be affected
is through extensive objects that change vacuum properties of
the environment surrounding the clocks. This, in turn, causes
changes in the aforementioned constants and creates desy-
chronizations of clocks as the objects pass through the Earth
engulfing different clocks at different times. In particular,
using data collected over several years from GPS satellite
based atomic clocks, the authors of [32-34] managed to set
constraints on models where DM is in the form of topological
defects that occasionally pass through the Earth. These
topological defects alter a and, therefore, as the topological
defect passes through the Earth, there should be a geometric
pattern in the change of each clock relative to a reference
clock. There has, since this study, been several others that
exploit atomic clocks to probe DM either by focusing on the
transient effect of bypassing DM structures or by effects
caused by the time variation of the DM field [35-44].

It is possible that QCD axions and ALPs form bound
Bose-Einstein condensate structures called boson stars,
while extensive studies have been performed to under-
stand these structures [45-73]. In a previous paper [74],
we explored the possibility of detecting dilute asymmetric
bosonic DM stars that pass through the Earth. In this case,
we assumed the boson stars were composed of light
bosons that couple to the Standard Model particles via
a Higgs or a photon portal. As the star engulfs a clock, the
Higgs (photon) portal induces a change in the electron
mass (fine structure constant) which leads to a different
clock metronomy. In this paper we are not interested in
transient effects of dilute bosonic stars. Instead, we focus
on the possibility that the Sun and/or the Earth have
respective halos composed of light bosons that again
exhibit couplings to the SM particles via a Higgs or
photon portal. A similar setup has been studied in the case
of relaxions in [75]. For the Higgs portal, we analyze the
effects of DM halos on microwave atomic clocks only,
since optical atomic clocks are not sensitive to changes in
the quark and electron masses. However, for the photon
portal, we analyze the effects on both microwave and
optical atomic clocks, since both of these are sensitive to
changes in the fine structure constant. In Sec. I we present
the profile of the bosonic halo that surrounds the Earth and
the Sun. In Sec. III we present the two portals and how the

portals affect the metronomy of the atomic clocks in
Sec. IV. Finally, the results and conclusions are presented
in Sec. V.

II. BOSON STAR FORMALISM

We consider the possibility that a dilute boson star
surrounds an external gravitational source, namely the
Sun or the Earth. Dilute boson stars are well known to
be both structurally stable and stable to decay [59-61,63].
The energy functional of a dilute boson star subject to an
external gravitational source is given by,

Vol m i
el = [ & Do, yl? - 4
vl = [ er S S - Ll

+ mq>g,ext|w|2] , 2.1)

where @, is the Newtonian self-gravitational potential
satisfying the Poisson equation,

m
qu)g = 4EW |l//|2, (22)
P

with Mp ~ 1.22 x 10! GeV the Planck mass and A the
self-interaction coupling of the bosons where we take
the self-interactions to be attractive. In this case, we take the
ly|* term to be the dominant term in the self-interaction
potential of the scalar field. However, we note that higher
order terms bound the potential and gives rise to the possibility
of “dense” configurations [61,64,68,76]. The energy term due
to the external gravitational source is [77],

Eg.ext = m/d3rq)g~ext|w 27 (23)

where m is the boson mass, y is the wave function of the boson
star, and the gravitational potential due to the external source is
taken to be,
o :_M*>< %R*—% for r <R,
gext M3 1 for r > R,’
p

(2.4)

where M is the mass and R, the radius of the external source.
We take the wave function to be an ansatz of the form,

N 1+r . r
“Nexp (==,
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which was found to be a good approximation to numerical
solutions for dilute boson stars not subject to an external
gravitational potential in [78]. Here, ¢ is some variational
parameter to be found by minimizing the energy functional
[Eqg. (2.1)] and N is the total particle number of the boson star.
For this ansatz, the Newtonian self-gravitational potential is,

w(r) = (2.5)
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We scale the radius and mass of the boson star, as well as
those of the external source in order to obtain dimension-
less parameters as,

M
M ="=En

i
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(2.7)

Using the ansatz of Eq. (2.5), the total energy given by
Eq. (2.1) per particle number now evaluates to,

Ezimz ﬁ_b_n_ﬂ Egext (2.8)
N Mp PP\ PP N’ '

where 7 and n are the scaled radius and particle number of
the boson star given by Eq. (2.7) and a, b, ¢ are constants
given by,
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The first term in the parentheses of Eq. (2.8) is the kinetic
energy, the second is the self-gravitational energy, and the
third is the self-interaction energy. The total gravitational
energy per particle number due to the external source is
given by,
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where 7, and n, are the scaled radius and mass of the
external source given by Eq. (2.7).

Now, the scaled variational parameter 7 can be found
by minimizing the total energy [Eqgs. (2.8) and (2.10)],
and can be found exactly through numerical methods.
However, we choose to keep the minimization process
analytic by expanding the total external gravitational
energy [Eq. (2.10)] to a particular order of 7,/7. The
order of expansion taken is such that the fractional energy
difference from the total external gravitational energy is a
small number (for example 1073),

approx
Eg,ext - Eg,ext < 10_3
E ~ ki

g.ext

(2.11)

where E,5" is the total external gravitational energy of

Eq. (2.10) expanded to some power of 7, /7. We take the
possible scaled radius of the bosonic dark matter halo to
be 7> 7,. However, in order the ensure the expansion
condition [Eq. (2.11)], we must split the possible scaled
radius into two regions, where we expand the total
external gravitational energy [Eq. (2.10)] to different
orders of 7,/7. For the case 7 > 27,, we need to expand
to O[(7,/7)?] in order to ensure Eq. (2.11). In this case, the
approximate gravitational energy due to the external

source 1is,
(E!],ext> ~ % |:_b/ 4 C, <g) 2:| ,
N J; T 7

where b’ = 9/14 and ¢’ = 2/35. One can see that the first
and second term of this approximate external gravitational
energy contributes to the total energy as the self-gravitational
energy and self-interaction energy of Eq. (2.8), respectively.
For 7, < F < 27, we need to expand to O[(7,/7)°] in order
to ensure Eq. (2.11) which gives the approximate gravita-
tional energy due to the external source,

(Eg,ext> ~ <Eg,ext>
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For the approximate external gravitational energy of
Eq. (2.12), the solution (7,), for which the total energy
(Eq. (2.8)) is minimized is,
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There is a critical particle number beyond which no stable
states exist,

(n.) la* + 3b'c'n?7? 3 bcn, 72 —ben,
n = -_— _—
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It is instructive to compare the properties of a boson star
subject to an external gravitational source to those of a
boson star not subject to any external gravity. One can see
that for n, =0 and 7, =0 (i.e., removing the external
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source) [59,77], the minimum energy solution and critical
particle number reduce to their usual forms for a boson star
not subject to an external gravitational source,

2
ne
a
ne)tln, 7,=0 = —7575—-
( )l|*,*0 \/%

For the approximate external gravitational energy of
Eq. (2.13), the total energy can also be minimized to
find a stable minimum energy solution which we define
as (Fg)y-

Finally, the density of the boson star at some scaled
radius x from the center of the boson star is,

(Fah

a
N Fo=0 — %

(2.16)

py(x) = my?(x). (2.17)
This is the parameter which dictates the frequency shift of an
atomic clock as it sits at some position x inside the boson
star. Also, we take the radius of the boson star to be equal to
Ry, the radius inside which 99% of the mass is contained.
For the ansatz chosen, Rqq is related to the minimum energy
solution as,

Mp

Rgg NSGd NS\/ |l| m2 rq (218)

A. Constraints

In this analysis, we consider the possibility of both solar
bound and Earth bound boson stars. For both possibilities,
the parameter space can be constrained from experimental
evidence of the gravitational influence of dark matter in our
solar system or near the Earth. For a solar bound halo, an
upper limit has been placed on the density of DM within our
solar system from the EPM2011 solar system ephemerides
[79]. These constraints give the maximum density that can
be within a given radius from the center of the Sun. The most
constraining of these are shown in Table I where ppy max 18
the upper limit on the total DM density at a given radius.

For Earth bound boson stars, an upper limit has been
placed on the total mass that can be present between the
orbital radius of the moon (~384,000 km) and the Laser
Geometric Environmental Observation Survey (LAGEOS)
satellites (~12,300 km) of [80]

My <4x107° Mg, (2.19)

III. PORTALS TO STANDARD MODEL
A. Higgs portal

We consider the interaction between the DM, quanta
of a complex scalar field ¢, and the SM through a Higgs
portal [30,81-84].

L=..+plp*H

2 (3.1)

where f, a positive constant, is the coupling constant
between the Higgs and the DM. This interaction induces
a shift in the Higgs vacuum expectation value (VEV) which
in turn induces shifts in the masses of fundamental SM
particles. For example, the shift in the electron mass is

given by,
2
m, zm‘gm 1- [7’2p¢2 ,
2m my

(3.2)

where m%® ~ (0.5 MeV is the unperturbed electron mass,
my is the Higgs mass, and p, is the expectation value of the
boson star given by Eq. (2.17). We note that this infers that
the Higgs portal parameters must be fine-tuned [30,74].

The Higgs coupling constant is strenuously constrained
from invisible Higgs decay, big bang nucleosynthesis
(BBN), fifth force experiments, and measurements of the
electron and muon magnetic moment anomalies. The rate
for invisible Higgs decay is given by [85],

C(h — gg) 200 [1 - (2_m>2

33
SﬂmH mpy ( )
where vgw is the electroweak VEV for f = 0. Taking
m < my, and using the CMS collaboration measurement
of the branching fraction of invisible Higgs decays [86] the
upper constraint on f is then given by
ﬁmax.inv =102 (34)
An upper constraint can also be placed on f from
constraints on the Fermi constant throughout the evolution
of the universe. Using the constraint on the change in the
Fermi constant from the time of BBN to today [87],  can

be constrained from the ratio [30],

GEN 1= oo/ @mmy)

Gy 1 — Browi.sen/ (2m*mi;)”

(3.5)

TABLE I. Constraints on the total dark matter density in the solar system at a given radius.

Planet Mercury Venus Earth Mars Saturn
Radius [AU] 0.387098 0.723332 1.000000 1.523660 9.582420
PbMmax |€cm™] 9.3 x 10718 1.9 x 10713 1.4 x 1071 1.4 x 10720 1.1 x 10720
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where ppy = 1.3 keVem™ is the average DM density
of the universe today and ppy ppy as the time of BBN.
The resulting constraint on f$ is then given by,

m \2/1.3 keVcm™3
ProaxBBN = 2 X 10—1°< ) ( - > 3.6
BBN ,ueV lesl,O ( )

The Higgs coupling constant is constrained from fifth
force experiments due to the constant presence of a nonzero
density from the surrounding boson star. The presence of ¢
with mass m induces a potential between two massive
bodies given by [34,81,88],

mymy (Ayy\? _
V(r) = - — mnr 3.7
(1) == (S 37)
where the coupling constant a,y is given by,
V2M
ApN = IhNN Le. (3-8)
my

Here, my is the nucleon mass and ¢ the mixing parameter
given by,

Pvew | Py

= . 39

¢ m%, 2m? ( )

Using the value of g,y derived in [34,89-91], the parameter

that is constrained from fifth force experiments [81,92-94] is

a function of the boson mass and is related to the Higgs
portal coupling and boson star density as,

agy (m) ~ 1029/32< GeV? (3.10)

where p,, is the density of the boson star given by Eq. (2.17).
The value f,/p, is constrained for a given boson mass,
where the relevant excluded parameter space can be found
from [32,81,92-94]. We also ensure that the parameter space
searched satisfies measured values of the muon and electron
magnetic moments. In this case, the Higgs portal will
contribute to the muon and electron magnetic moments as
[95-100],

3 3 (mf\? py
say= S yr — 3 (mP\ Py
U= 32 et T 32 <m%_,> 22

where m; is the muon or electron mass and it is assumed
that m; > m.

(3.11)

B. Photon portal

We also consider the interaction between the DM and the
photon through a photon portal [101],

L= ...+%|¢|2F2 (3.12)
where ¢ is a coupling constant that can be positive or

negative. This interaction induces a shift in the fine structure
constant,

aza()(l +g2pn‘fz>, (3.13)

where aj is the unperturbed fine structure constant and p;; is
given be Eq. (2.17).

The photon coupling constant is most strenuously con-
strained from supernova (SN) cooling and BBN [101,102].
The constraint on g from SN is given by,

Imaxsny = 1077 GeV 2. (3.14)
The BBN constraint can be derived from the constraint on the
neutron-proton mass difference Q,, where Q,, x aAqcp.

The shift in the neutron-proton mass difference due to the ¢
field is given by [102],

AOw/Tr) o 083% 1 00033

0/ Tr e (3.15)

where Tr =~ 0.8 MeV is the temperature at weak interaction
freeze-out. Using pp¢ gy = Ppaio(l +2)° at the time of
BBN, the constraint on ¢ is found to be,

2
iy = 8 X 1071 (/%) Gev=2  (3.16)

IV. FREQUENCY SHIFTS

The shift in frequency of atomic clocks is given by [32],

ow S8V
where,
K, K.p
V = ake (Amq > <ﬂ) " (4.2)
QCD mp

and @, m,, Agcp, m,, and m, are the fine structure constant,
quark mass, scale of QCD, electron mass, and proton mass,
respectively. The constants K, K, and K/, depend on the
type of atomic clock in question.

Taking a typical microwave atomic clock [32], K, ~ 2,
K,~—=0.09, and K,/, = 1. The shift in frequency due to
the presence of a boson star that interacts with the SM
through the Higgs portal is given by,

e/p
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ow sm,  Ppy(r)
<—(r)> el (4.3)
0] Higgs  Me 2m my,

where we show explicitly that the shift in frequency is a
function of position within the boson star. Here, we
assume that the main contribution to the shift in fre-
quency is due to the electron mass. We neglect the change
in mass of the quarks due to the fact that |K,,,| > K|
and we neglect the change in the proton mass due to the
fact that most of the proton mass does not come from the
quark masses.

Taking a typical optical atomic clock, K./, = K, =0
and K, = 1. In this case, optical atomic clocks will not be
sensitive to the DM interacting with the SM through the
Higgs portal. If the boson star is comprised of dark matter
that interacts with the standard model through the photon
portal, the shift in frequency is given by,

Sw Sda  py(r)
<(r)> ~ gt 5.
w photon o 2m

Notice that both microwave and optical atomic clocks are
sensitive to DM interacting with the SM through the
photon portal. However, optical atomic clocks will, in
general, have better precision than microwave atomic
clocks.

Consider two atomic clocks at positions r; and r, from
the center of the boson star. The shift in frequency between
the two clocks is,

<5¢Z) (1, rz))diff _ 06 - %“’ (r).  (45)

[0

Scaling the positions as in Eq. (2.7), the frequency shifts at
a scaled position 7; for the Higgs and photon portals are

given by,
ow ~ ﬁ p)(?l)
<—(r,.)> ~ ; . (4.6)
w Higgs My 2m
ow ,_ Py(7:)
(2m) g, (47)
@ Photon m

Microwave atomic clocks, which can probe both the Higgs
and photon portals, can have precisions on the order of 10~'6
[103], with a suggested improvement of 10~'7(7T'(K)/300)?
[104]. Optical atomic clocks, which can only probe the
photon portal, can have precisions on the order of 1078
[105,106], with a record precision of 10~'° [107]. It has also
been suggested that nuclear clocks, which can probe both the

Higgs and photon portals, can reach precisions of 107!
[108,109].

V. RESULTS AND CONCLUSION

We consider an atomic clock on the surface of the Earth
and a second clock aboard the International Space Station
(ISS). We then transform the coordinates of the clocks in
their respective lab frames to the heliocentric-ecliptic coor-
dinates for the solar halo and to the geocentric-equatorial
coordinates for the Earth halo [110,111] (see Appendix for
details). The position of the ISS in the Earth’s equatorial
frame is given in [112].

A. Solar halo

We search the parameter space for frequency shifts of
atomic clocks due to a boson star surrounding the Sun. In
particular, we search for parameters that give a difference
in frequency shifts between the two clocks greater than

some threshold frequency (22) difr.min Where the difference

is given by Eq. (4.5). We are interested in parameter space
for which the solar centered boson star has a radius of at
least 1 AU. For this case, we can safely take 7, > 27,
where 7, is given by Eq. (2.14) and with 7, and n,
corresponding to the scaled radius and mass of the Sun
given by Eq. (2.7). For this regime (i.e., 7, > 2F,), we
can safely use the external gravitational energy given by
Eq. (2.12). We also impose the constraints on the boson
star density at a given radius as shown in Table I. For the
Higgs portal, we impose the constraints on the coupling
constant f from invisible Higgs decays [Eq. (3.4)]
and BBN [Eq. (3.6)], from fifth force experiments
[Eqg. (3.10)], and from the muon and electron anomalous
magnetic moments [Eq. (3.11)]. For the photon portal, we
impose constraints on the photon coupling constant g
from SN cooling [Eq. (3.14)] and BBN [Eq. (3.16)].

We scan the available parameter space varying the self-
coupling constant of the bosons within the range,
107199 < 4 < 1, the mass of the boson within 1073! GeV
<m <1 GeV, and the scaled particle number of the
boson star within 1075(n.); < n < (n.);, where (n.); is
the critical particle number given by Eq. (2.15). For the
Higgs portal, we vary the Higgs coupling constant j
within 107° < <1072, and for the photon portal,
we vary the photon coupling constant ¢ within
107° GeV2 < g <1077 GeV~2. As stated previously,
we require that the boson star density, Higgs coupling
constant, and photon coupling constant satisfy all the
necessary constraints.

The difference in frequency shifts between the two
clocks is given by Eq. (4.5) with the frequency shift at
each clock for the Higgs portal given by Eq. (4.6) and for
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the photon portal given by Eq. (4.7) assuming for both (7,);
as the minimum energy solution. As an example, we take
clock 1 to be on the surface of the Earth at a latitude ®; = 0
and longitude A; = 0 and clock 2 aboard the ISS. We take
parameters for clock 2 corresponding to orbits 3531-3603
found in [112] which were all measured in the month of
July 2020. For this analysis, we find no possible parameter
space that can be measured with atomic clocks within
the near future, as for both the Higgs and photon portals
the maximum frequency shift possible is O(107%7). This
is mainly due the density constraints given in Table I,
resulting in boson star densities that can only induce
frequency shifts several orders of magnitude smaller than
the best precision of current optical and microwave atomic
clocks.

B. Earth halo

For the Earth bound boson star, we find much more
promising results. We take the same example as discussed
above, but for a boson star surrounding the Earth, which
has a mass subject to the constraint given by Eq. (2.19).
For this case, we assume the scaled radius of the boson
star can be anywhere between 7, > 7, and 7, = 7, where
7. is the scaled radius of the Earth. In this case, we take
two separate scans: one corresponding to 7; > 27, with
the external gravitational energy given by Eq. (2.12) and
the minimum energy solution given by Eq. (2.14); the
other corresponding to 7, < 7; < 27, with the external
gravitational energy given by Eq. (2.13) and the minimum
energy solution given by (7).

Figure 1 shows the available parameter space for the
Higgs (left panel) and photon (right panel) portal for
chosen values of A = 107%, g = 102> (left panel), and
g = 10722 GeV~? (right panel). One can see that there is
some small parameter space which future microwave
atomic clocks can potentially probe for the Higgs portal,
as the largest possible frequency shift that can be induced
is ~107!8. Recall that the Higgs portal cannot be probed
with optical atomic clocks as these types of clocks are not
sensitive to changes in the quark and electron masses.
However, the photon portal gives a much larger available
parameter space and can potentially be probed with
current optical atomic clocks as the largest possible
frequency shift that can be induced is ~10713.

The various constraints we have aforementioned affect
the parameter space that can be probed in our scenario
by use of atomic clocks. For example, the parameter
space in the upper panel is limited in small boson masses
(this is the left vertical side of the plot) due to the BBN
constraints from Eqgs. (3.6) and (3.16). On the right side
(i.e., large boson masses), the parameter space is sharply
limited due to our demand that the radius of the boson

star exceeds that of the Earth. The parameter space is
limited from below due to the atomic clock sensitivity,
since there is an experimental threshold on the fractional
frequency difference that can be detected. Although
atomic clocks do not exclude the parameter space from
above, it is nevertheless restricted (i.e., there is an upper
halo mass) for two reasons: (a) the constraint, Eq. (2.19),
that sets a limit on the maximum allowed mass included
in the vicinity of the Earth affecting the upper right
corner of the plot, and (b) the maximum halo allowed
mass provided hydrodynamic stability. This constraint
determines the boundary of the constrained parameter
space at the top of the upper panels. Also note that while
the total boson star masses are significantly sensitive to
change in particle number of the boson star, the total
boson star radii are not. This can be seen by Eq. (2.14)
where n <« n,, and hence, 7; does not depend signifi-
cantly on n.

A comment is in order here. The uncertainty principle
owdt > 1 sets a lower bound in &¢. For part of our probed
space (where dw can be very small), 6t can become
significantly large (e.g., of the order of a month) which
practically means that the difference between two clocks
cannot show up in general in a time interval smaller than
what the uncertainty principle dictates. Therefore to
probe extreme cases like these, stable atomic clocks
which do not de-synchronize by random noise in intervals
shorter than &r are preferable. Atomic clocks with
undisrupted synchronization for periods of several
months do exist making it possible to detect the hereby
studied effect, since the latter is going to cause changes
between the clocks within time intervals at least a few
times shorter than what random noise can cause. One
could imagine that our proposed effect can possibly be
detected even with clocks that require more frequent
synchronization than 6¢. In that case, although the change
in clocks will be hidden within random changes due to
noise, given enough time and thus statistics, it could in
principle be possible to identify the effect since it will
always cause the same change between the clocks as
opposed to the random one due to noise.

In summary, we have entertained the idea that bosonic
dark matter halos surround either the Sun or the Earth.
We have discussed the constraints that exclude parts of
the potential parameter space, and have showed the
remaining space that can potentially be probed by
atomic clocks. We have assumed either a Higgs portal
or a photon portal and that the method of detection is a
frequency comparison between a clock on Earth and a
clock in space. We have found that bosonic dark matter
halos surrounding the Sun cannot be probed with atomic
clocks in the near future. However, those surrounding
the Earth can potentially be probed with current and
future atomic clocks.
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FIG. 1. The total mass (top panel) and radius (bottom panel) of the boson star in units of the Earth mass and the Earth radius,
respectively. Clock 1 is assumed to be on the surface of the Earth at a latitude ®; = 0 and longitude 1; = 0 and clock 2 aboard the ISS.
The parameters for clock 2 are found in [112] corresponding to orbit 3535 which were measured on July, 8, 2020 at 18:23:30 GMT.
Left: Higgs portal. The available parameter space taking A = 107° and # = 10722, The black (thick) shaded region in each panel
corresponds to a difference in frequency shift between the two clocks of 10722 < (Sw/w )y < 10720 and the blue (large dashed) shaded
region to 10720 < (6w/w) 4 < 1078, Right: photon portal. The available parameter space taking A = 107 and g = 107> GeV~2. The
black (thick) shaded region in each panel corresponds to a difference in frequency shift between the two clocks of
10722 < (S0 /@) gy < 10720, the blue (large dashed) shaded region to 10720 < (Sw/@) g < 107'8, the green (small dashed) shaded
region to 10718 < (Sw/w)yr < 1071°, the red (dotted) shaded region to 107! < (sw/@) g4y < 1074, and the orange (dot-dashed)
shaded region to 107" < (Sw/®) g < 10713,
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APPENDIX: ASTROPHYSICAL COORDINATES

Here, we discuss the calculations needed to convert all
lab frames to the heliocentric-ecliptic frame or to the
geocentric-equatorial frame [110,111]. All times consid-
ered will be taken relative to J2000.0 (01.01.2000 12:00
GMT). The number of fractional days for a given date
D.M.Y and time h:m:s (UT) relative to J2000.0 is,

_ _ h

24
m
—730563.5 Al
+24X60+24x602 ' (A1)
where
7 Y-1 ifM=1,2
\y if M>2
_ M+12 if M=1,2
M= ) . (A2)
M it M>2
and [...] is the floor function. The epoch is then defined as,
T — 1720000 (A3)
720000 = 3 cens

The position of an atomic clock will depend on the local
apparent sidereal time (LAST) which is the time since the
local meridian passed the vernal equinox (Y’) given by,

A
LAST(1) = GAST 4 —— 86400 s,

where 4 is the longitude of the clock and the Greenwich
apparent sidereal time (GAST) is,

GAST = GMST + Ee(TJZOOO‘O)' (AS)

The equation of equinoxes is,

E (T j2000.0) & Ay cos e,
+1.76 x 10~ sin Qs+ 4 x 107° sin 2Qs,
(A6)

where

Ay = —1.1484 sin Qs —0.0864 cos 2Ls
Q = 125.04455501° — 0.05295376°1 15000.0
+ O(TTa0000)
L = 280.47° — 0.98565°112000.0 + O(T32000.0)
€4 = 23.439279444° — 0.01301021361°T j5000.0

+ O(TT20000)- (A7)

Finally, the Greenwich mean sidereal time (GMST) is,

GMST = 86400 s[0.7790572732640 + 150000 (mod 1)
+0.00273781191135448 1,5000.0]
+9.6707 x 107* s + 307.47710227 T 120000 S
+0.092772113 T250000 S + O(T3a0000)-  (A8)

The position of an atomic clock in the lab frame at a
latitude @ and longitude A can be described in the helio-
centric-ecliptic coordinate system through a rotation. A
summary of the coordinate systems used is as follows:

(1) lab frame (lab): atomic clock at the origin, x-axis
toward east; y-axis toward north; z-axis toward sky.

(2) geocentric-equatorial frame (g-eq): center of Earth at
the origin; x-axis toward Y’; z-axis toward Earth
north pole; x- and y-axes span the equatorial plane.

(3) geocentric-eclipctic (g-ecl): center of Earth at the
origin; x-axis toward Y’; z-axis toward ecliptic north
pole; x- and y-axes span the ecliptic plane.

(4) heliocentric-ecliptic (h-ecl): center of Sun at the
origin; x-axis toward Y’; z-axis toward ecliptic north
pole; x- and y- axies span the eclipctic plane.

The rotation needed to go from the lab to g-ecl is then,

ecl _ (A/2€q\—1 A/2-€q lab
xeeh = (Nd) lab X -

g-ecl (A9)

Here, N9 is the rotation matrix that takes coordinates in
lab to coordinates in g-eq,

—singg —cos@cos¢g sindcosg
N = cos¢p —cosOsing sinfsing |, (A10)
0 sin 6 cos

where 6 =90°—®, ¢(r) = wLAST(4), and w is the
rotational velocity of the clock. For the case of a clock
1 on the surface of the Earth, this rotational velocity is
@, = 27/(86400 s) and the radius vector in the equatorial
frame is,

sin @ cos ¢ (1)
sin @ sin ¢ (1)

cosd

xl(5) = 1 AU (Al1)
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The rotation matrix N that takes coordinates in g-ecl

to coordinates in g-eq is,

1 0 0
Niai=|0 cose —sine |, (A12)
0 sine cose

where € = 23.4393°—-0.0130° TJZO()O.O» where TJ2000_0,
and nyy000.0 are given by Eqgs. (A3) and (A1), respectively.
Once the position of the atomic clock in g-ecl coordinates
is found from Eq. (Al2), the rotation to go from
coordinates in g-ecl to coordinates in h-ecl is,

rcos [ 4+ xge

xe(r) = [ rsinl 4 yged (A13)
Zg—ecl
where the Earth-Sun radius is,
_al-¢) (A14)
l+ecosv’

where a = 1 AU, e = 0.01671, and v is the true anomaly
given by,

5
v=g+2esing —1—162 sin2g+ O(e?),  (Al5)

where g = 357.528° 4 0.9856003° n,50y0 is the mean
anomaly, and the ecliptic longitude is,

l=o+v, (A16)
where
= 2829320 + 000004710 nJZOoo. (A17)

The orbital position of the International Space Station in
the g-eq frame can be found from [112],

riss COS [igs COS ifss

xI85.ged — | oo sin figg coS isg | (A18)
Fiss SiN iisg
where rigg is the Earth-ISS radius given by,
JSs _ arss (1 = efss) (A19)

1 + egg COS Vg

The true anomaly of the ISS is given by Eq. (A15) with a
mean anomaly of g;gg and an orbital eccentricity ergg, while
the mean orbital radius is ajgg. The equatorial longitude is
given by Eq. (A16) with the argument of periapsis @gg, and
the equatorial latitude is ijgg. All measurements can be
found from [112].
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