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Inspired by the discovery of the spin-1
2
doubly charmed baryon Ξþþ

cc and the subsequent theoretical

studies of its magnetic moments, we study the magnetic moments of its spin-3
2
heavy quark spin symmetry

counterparts, up to the next-to-leading order in covariant baryon chiral perturbation theory with the
extended-on-mass-shell renormalization scheme. With the tree-level contributions fixed by the quark
model while the two low energy constants C and H controlling the loop contributions determined in two
ways: the quark model (case 1) and lattice QCD simulations together with the quark model (case 2), we
study the quark mass dependence of the magnetic moments and compare them with the predictions of the
heavy baryon chiral perturbation theory. It is shown that the difference is sizable in case 1, but not in case 2
due to the smaller low energy constants C and H, similar to the case of spin-1

2
doubly charmed baryons.

Second, we predict the magnetic moments of the spin-3
2
doubly charmed baryons and compare them with

those of other approaches. The predicted magnetic moments in case 2 for the spin-3
2
doubly charmed

baryons are closer to those of other approaches. In addition, the large differences in case 1 and case 2 for the
predicted magnetic moments may indicate the inconsistency between the quark model and the lattice QCD
simulations, which should be checked by future experimental or more lattice QCD data.

DOI: 10.1103/PhysRevD.103.114004

I. INTRODUCTION

One of the spin-1
2
doubly charmed baryons, Ξþ

cc, was first
reported by the SELEX Collaboration [1]. However, the
following studies performed by the FOCUS [2], Belle [3],
and BABAR [4] Collaborations found no evidence on its
existence. In 2017, the LHCb Collaboration observed
another spin-1

2
doubly charmed baryon Ξþþ

cc in the decay
mode Ξþþ

cc → Λþ
c K−πþπþ [5]. The latest and more accu-

rate measurement of its mass is mΞþþ
cc

¼ 3621.55� 0.23�
0.30 MeV [6]. Since then, the properties, decay, and
production mechanisms of doubly charmed baryons have
been extensively studied theoretically (see Refs. [7,8] and
references cited therein).
Themasses of the 3

2
doubly charmedbaryons and their spin-

1
2
counterparts are related to theD� andD masses via the so-

called heavy antiquark diquark symmetry (HADS) [9], i.e.,

mΞ�
cc
−mΞcc

¼ 3

4
ðmD� −mDÞ; ð1Þ

mΩ�
cc
−mΩcc

¼ 3

4
ðmD�

s
−mDs

Þ: ð2Þ

These relations seem to be broken at the level of 25% based
on various theoretical and lattice QCD studies [10–13].
Future discovery of the doubly charmed spin-3

2
baryons by

the LHCb and Belle II experiments [14,15] will contribute
tremendously to our understanding of the heavy quark
symmetries as well as the nonperturbative strong interaction.
The magnetic moments of baryons play a vital role in

understanding their internal structure. For the spin-1
2
doubly

charmed baryons, their magnetic moments have been
systematically investigated in the heavy-baryon (HB) chiral
perturbation theory (χPT) [16,17], the extended on-mass
shell (EOMS) baryon chiral perturbation theory (BχPT)
[18,19], and the light cone QCD sum rule (LCSR) [20] after
the discovery of Ξþþ

cc . Up to now, the magnetic moments of
spin-3

2
doubly charmed baryons have also been examined in

a variety of phenomenological models [21–27], the LCSR
[28], the HB χPT [29], and lattice QCD simulations [30].
It should be stressed that the lattice QCD study [30] only
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calculated the magnetic moment of Ω�þ
cc for an unphysical

mπ ≈ 156 MeV.
Compared to other phenomenological models, χPT [31–

34] provides a systematic expansion of physical observ-
ables (magnetic moments in the present case)
order by order. The chiral order nχ is defined as nχ ¼
4L − 2NM − NB þP

k kVk for a given Feynman diagram
with L loops, NMðNBÞ internal meson (baryon) propaga-
tors, and Vk vertices from kth order Lagrangians. In the
one-baryon sector, because of the large nonzero baryon
masses in the chiral limit, one needs to develop a power
counting scheme different from that used for the mesonic
sector. Over the years, three approaches have been devel-
oped and extensively studied, i.e., the HB [35,36], the
infrared (IR) [37], and the EOMS [38] schemes. A brief
summary and comparison of these three approaches can be
found in Ref. [39].
The EOMS scheme has been successfully applied to

study the magnetic moments of baryons [18,19,40–44] in
the past two decades, and it was shown that a better
description of lattice QCD quark-mass dependent data can
be achieved compared to the other two alternatives. In
Refs. [18,19], the magnetic moments of the spin-1

2
doubly

charmed baryons were studied in the EOMS BχPT. It was
shown that the lattice QCD data of Ref. [45] can be
described quite well. On the other hand, the extrapolated
magnetic moments at the physical point are quite different
from some of the phenomenological model predictions,
which remain to be tested by future experimental
measurements.
In the present work, we study the magnetic moments

of the spin-3
2
doubly charmed baryons up to the next-to-

leading order (NLO) in covariant BχPT with the EOMS
renormalization scheme. In addition to predicting the
physical magnetic moments, we study their light-quark
mass dependence such that they can be used to extrapo-
late future lattice QCD simulations to the physical point.
The tree-level leading order contributions will be esti-
mated by the quark model due to lack of experimental or
lattice QCD data. The two low energy constants (LECs) C
and H controlling the loop contributions are determined
in two different ways: the quark model and the lattice
QCD simulation supplemented by the quark model. In
addition, to gain more insights into heavy quark spin
symmetry, we compare the magnetic moments of the
spin-3

2
doubly charmed baryons with those of their

spin-1
2
counterparts, particularly, their light-quark mass

dependence and the loop contributions via virtual spin-3
2

and -1
2
baryons.

This work is organized as follows. In Sec. II, we
introduce the electromagnetic form factors of the spin-3

2

baryons, provide the effective Lagrangians, and calculate
the pertinent Feynman diagrams up to the next-to-leading

order. In Sec. III, we fix the relevant low energy constants
with the help of the quark model and the lattice QCD
simulation, predict the light-quark mass dependence of the
magnetic moments, compare with previous studies, and
examine the loop contributions. A short summary is given
in Sec. IV.

II. THEORETICAL FORMALISM

The matrix elements of the electromagnetic current Jμ
for a spin-3

2
doubly charmed baryon can be parametrized as

follows [40,46]:

hTðpfÞjJμjTðpiÞi

¼ −ūαðpfÞ
��

γμF1ðτÞ þ
iσμνqν

2mT
F2ðτÞ

�
gαβ

þ
�
γμF3ðτÞ þ

iσμνqν

2mT
F4ðτÞ

�
qαqβ

4m2
T

�
uβðpiÞ; ð3Þ

where ūαðpfÞ and uβðpiÞ are the Rarita-Schwinger spinors
[47], mT is the doubly charmed baryon mass, and

τ ¼ − q2

4m2
T
. The four-momentum transfer is defined as

q ¼ pf − pi. The electric monopole GE0, quadrupole
GE2, magnetic dipole GM1, and octupole GM3 form factors
can be expressed in terms of the four electromagnetic form
factors F0

is (i ¼ 1, 2, 3, 4), respectively,

GE0ðτÞ ¼ ½F1ðτÞ − τF2ðτÞ� þ
2

3
τGE2ðτÞ;

GE2ðτÞ ¼ ½F1ðτÞ − τF2ðτÞ� −
1

2
ð1þ τÞ½F3ðτÞ − τF4ðτÞ�;

GM1ðτÞ ¼ ½F1ðτÞ þ F2ðτÞ� þ
4

5
τGM3ðτÞ;

GM3ðτÞ ¼ ½F1ðτÞ þ F2ðτÞ� −
1

2
ð1þ τÞ½F3ðτÞ þ F4ðτÞ�:

ð4Þ

At q2 ¼ 0, QT ¼ eGE0ð0Þ ¼ eF1ð0Þ is the charge of the
doubly charmed baryon, κT ¼ e

2mT
GM1ð0Þ ¼ e

2mT
F2ð0Þ is

the so-called anomalous magnetic moment, and the mag-
netic moment is defined as μT ¼ mN

mT
ðκT þQTÞ, where

mN ¼ 940 MeV is the nucleon mass. For the convenience
of comparison with the magnetic moments of the doubly
charmed baryons μT obtained in other approaches
[21–29,48], we take the nuclear magneton μN as the units
of μT in this work.
In Figs. 1(a) and 1(b)–1(e) contribute at Oðp2Þ and

Oðp3Þ, respectively. The leading order contribution to the
magnetic moments μT is provided by the following
Lagrangian:
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Lð2Þ
TT ¼ −ibtt1

2mT
T̄μF̂þ

μνTν þ −ibtt2
2mT

T̄μTνTrðFþ
μνÞ; ð5Þ

where the superscript in the Lagrangian stands for the chiral
order, btt1 and btt2 are LECs, F̂þ

μν ¼ Fþ
μν − 1

3
TrðFþ

μνÞ,
Fþ
μν ¼ jejðu†QHFμνuþ uQHFμνu†Þ, Fμν ¼ ∂μAν − ∂νAμ,

QH ¼ diagð2; 1; 1Þ is the charge operator of the doubly
charmed baryon, u ¼ exp½iΦ=2Fϕ� with the unimodular
matrix containing the pseudoscalar nonet Φ, and Fϕ is the
pseudoscalar meson decay constant. In principle, one can
use either the chiral limit value or the physical value for
the decay constant. In the present work, similar to
Ref. [29], we choose to use the physical values, which
are different for π, K, and η, i.e., Fπ ¼ 92.4 MeV,
FK ¼ 1.22Fπ , and Fη ¼ 1.3Fπ . In the present work, we
denote the spin-3

2
and -1

2
doubly charmed baryons by Tμ

and B, respectively,

Tμ ¼

0
B@

Ξ�þþ
cc

Ξ�þ
cc

Ω�þ
cc

1
CA; B ¼

0
B@

Ξþþ
cc

Ξþ
cc

Ωþ
cc

1
CA: ð6Þ

The loop diagrams contributing at NLO are determined by

the lowest order Lagrangians Lð1Þ
B þ Lð1Þ

T þ Lð1Þ
TB þ Lð1Þ

BBþ
Lð2Þ
M , which are

Lð1Þ
B ¼ B̄ði=D −mBÞB;

Lð1Þ
T ¼ T̄μ½−gμνði=D −mTÞ þ iðγμDν þ γνDμÞ

− γμði=DþmTÞγν�Tν;

Lð1Þ
TB ¼ iC

2mTFϕ
ð∂αT̄μÞγαμνB∂νΦþ H:c:;

Lð1Þ
TT ¼ iH

2mTFϕ
T̄μγμνρσγ5ð∂ρTνÞ∂σΦ;

Lð2Þ
M ¼ F2

ϕ

4
Tr½∇μUð∇μUÞ†�; ð7Þ

with

DμB ¼ ∂μBþ Γμ;

Γμ ¼
1

2
ðu†∂μuþ u∂μu†Þ −

i
2
ðu†vμuþ uvμu†Þ

¼ −ieQHAμ;

uμ ¼ iðu†∂μu − u∂μu†Þ þ ðu†vμu − uvνu†Þ;
U ¼ u2 ¼ e

iΦ
Fϕ ; ∇μU ¼ ∂μU þ ieAμ½Ql;U�; ð8Þ

where γμναβ ¼ 1
2
½γμνα; γβ�, γμνα ¼ 1

2
fγμν; γαg, γμν ¼ 1

2
½γμ; γν�,

vμ stands for the vector source, and the charge matrix for the
lightu,d, s quarks isQl ¼ diagð2=3;−1=3;−1=3Þ.Note that
for the Lagrangians of T̄BΦ and T̄TΦ, we use the “con-
sistent” coupling scheme introduced in Refs. [49–51]. It has
been applied to study themagnetic moments of octet baryons
[42], decuplet baryons [40], and singly charmed baryons [44],
which can provide a proper description of the experimental/
lattice QCD data and converges relatively faster.
The leading order tree-level contributions to the mag-

netic moments of the doubly charmed baryons Tμ can be
obtained from Eq. (5) as follows:

κð2ÞT ¼ αbtt1 þ βbtt2 ; ð9Þ

with the values of α and β listed in Table I.
The loop diagrams of Figs. 1(b)–1(e) contribute to the

magnetic moments at Oðp3Þ, which are written as

κð3ÞT ¼
X
ϕ¼π;K

H2

F2
ϕ

ξð3;bÞTϕ HðbÞ
T ðmϕÞ þ

X
ϕ¼π;K

C2

F2
ϕ

ξð3;cÞTϕ;δH
ðcÞ
T ðδ; mϕÞ

þ
X

ϕ¼π;K;η

H2

F2
ϕ

ξð3;dÞTϕ HðdÞ
T ðmϕÞ

þ
X

ϕ¼π;K;η

C2

F2
ϕ

ξð3;eÞTϕ;δH
ðeÞ
T ðδ; mϕÞ; ð10Þ

with the coefficients ξð3;b;c;d;eÞTϕ;δi
tabulated in Table II. Here,

δ ¼ mT −mB is the mass difference between the spin-3
2
and

FIG. 1. Feynman diagrams contributing to the spin-3
2
doubly

charmed baryon magnetic moments up to NLO. Diagram
(a) contributes at LO, diagrams (b)–(e) with a photon coupling
to an intermediate meson or baryon contribute at NLO. The heavy
(light) solid, dashed, and wiggly lines denote spin-3

2
ð1
2
Þ doubly

charmed baryons, Goldstone bosons, and photons, respectively.
The heavy dots represent the Oðp2Þ vertices.
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spin-1
2

doubly charmed baryons. The loop functions

Hðb;dÞ
T ðmϕÞ and Hðc;eÞ

T ðδ; mϕÞ correspond to m2
T

16π2
ðHðg;hÞ

2 −

Hðg;hÞ
PC Þ and m2

T
16π2

ðHðd;eÞ
2 −Hðd;eÞ

PC Þ, which can be found in the
Appendix of Ref. [40]. The power counting breaking

(PCB) termsHðg;hÞ
PC and Hðd;eÞ

PC are determined by expanding
mϕ up to Oðp0Þ. Note that the pertinent loop functions are

regularized with the gMS scheme.
In addition, we can obtain the HB counterparts of the

loop functions by performing 1=mT expansions for the loop
functions obtained in the EOMS scheme, which turn out to
agree with those of Ref. [29].

III. RESULTS AND DISCUSSIONS

In the following numerical analysis, we take the masses
of the spin-1

2
doubly charmed baryons to be mB ¼ mΞþ

cc
¼

3.62 GeV [52]. Here, we do not consider the mass differ-
ence among the doubly charmed baryon triplet, in other
words, we neglect SU(3) symmetry breakings in the
masses, which are of higher chiral order. On the other
hand, although the spin-3

2
doubly charmed baryons have not

been observed, many theoretical studies [7,9,24,25,53–82]
have shown that the mass splitting δ between the spin-3

2

and spin-1
2
doubly charmed baryons is in the range of a few

dozens MeV to 100 MeV. In this work, we choose
δ ¼ 100 MeV. Nevertheless, we have performed calcula-
tions with different values for δ and found that the magnetic
moments are not very sensitive to δ, consistent with the

study of Ref. [29]. The mass difference δ vanishes in the
heavy quark mass limit. For the masses of the pseudoscalar
mesons, we use the PDG values [52]. In addition, we fix the
renormalization scale at μ ¼ 1 GeV. We have checked that
the magnetic moments in both the EOMS BχPT and HB
χPT are almost independent of μ.

TABLE II. Coefficients of the loop contributions in Eq. (10) for
the Tμ states.

Ξ�þþ
cc Ξ�þ

cc Ω�þ
cc

ξð3;bÞTπ
1
2

− 1
2

0

ξð3;bÞTK
1
2

0 − 1
2

ξð3;cÞTπ;δ
1
2

− 1
2

0

ξð3;cÞTK;δ
1
2

0 − 1
2

ξð3;dÞTπ
1 5

4
0

ξð3;dÞTK
1
2

1
2

3
2

ξð3;dÞTη
1
6

1
12

1
3

ξð3;eÞTπ;δ
1 5

4
0

ξð3;eÞTK;δ
1
2

1
2

3
2

ξð3;eÞTη;δ
1
6

1
12

1
3

TABLE I. Coefficients of the tree-level contributions in Eq. (9).

Ξ�þþ
cc Ξ�þ

cc Ω�þ
cc

α 4
3

− 2
3

− 2
3

β 8 8 8

FIG. 2. Magnetic moments of the spin-3
2
charmed baryons as a

function of m2
π in case 1. The solid and dashed lines in red

represent the results of the EOMS BχPT and HB χPT, respec-
tively.
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We do not have experimental or adequate lattice QCD
data to determine the LECs btt1 and btt2 . As a result, we turn
to the quark model, where the magnetic moments can be
calculated from the sum of the magnetic moments of the
three constituent quarks, i.e.,

μq ¼
eq
2mq

¼ Qq
mN

mq
; ðq ¼ u; d; s; cÞ; ð11Þ

where μq is in units of the nuclear magneton μN , Qq stands
for the quark charge, and mq is the constituent quark
mass. In this work, we take the constituent quark masses
from Ref. [21], which are mu ¼ md ¼ 336 MeV,
ms ¼ 540 MeV, and mc ¼ 1660 MeV.1 Using Eq. (11),
one can easily obtain the LO contributions to the magnetic
moments of the spin-3

2
doubly charmed baryons as follows:

μð2ÞΞ�þþ
cc

¼ mN

mΞ�þþ
cc

ð2þ κð2ÞΞ�þþ
cc

Þ ¼ 2μc þ μu ¼ 2.61;

μð2ÞΞ�þ
cc

¼ mN

mΞ�þ
cc

ð1þ κð2ÞΞ�þ
cc
Þ ¼ 2μc þ μd ¼ −0.18;

μð2ÞΩ�þ
cc

¼ mN

mΩ�þ
cc

ð1þ κð2ÞΩ�þ
cc
Þ ¼ 2μc þ μs ¼ 0.17: ð12Þ

Note that, the quark model predictions break the SU(3)
flavor symmetry, because of the use of different quark
masses. While in the leading order chiral Lagrangian of
Eq. (5) which respects SU(3) symmetry, only two LECs are
available. As a result, we could not fix the two leading order
LECs by the quark model. In this work, we simply use the
quark model predictions as the leading order results for the
EOMS BχPT. The results in Eq. (12) show that the LO
magnetic moments of Ξ�þ

cc and Ω�þ
cc are relatively small.

The reason for this is that the contributions of one light and
two heavy quarks cancel each other due to the opposite
quark charge. The three quark charges in Ξ�þþ

cc are all
positive, and therefore the LO magnetic moment of Ξ�þþ

cc is
the largest. This point has also been noted in Ref. [29].
For the contributions of the loop diagrams, we determine

the relevant LECs C and H in two ways. In the first case,

the two LECs are related to the axial-vector coupling of
the nucleon gA with the help of the quark model [16,83],

i.e., C ¼ − 2
ffiffi
3

p
5
gA, H ¼ − 3

5
gA, and gA ¼ 1.267. In the

second scenario, we define a common factor ρ to rescale
the LECs C and H simultaneously. In this way, we have

C ¼ − 2
ffiffi
3

p
5
gA · ρ and H ¼ − 3

5
gA · ρ. The parameter ρ can

be determined by the lattice QCD result for the magnetic
moment of Ω�þ

cc [30] with the leading order contributions
determined by the quark model.

A. The magnetic moments of spin-32 charmed
baryons in case 1

In this case, the tree and loop level contribution to the
magnetic moments of the spin-3

2
doubly charmed baryons

are estimated by the quark model, as explained above. In
Fig. 2, we plot the magnetic moments of the spin-3

2
doubly

charmed baryons μT as a function of m2
π. It is shown that

there is some distinct difference between the EOMS BχPT
and HB χPT results. In general, the light quark mass
dependence is milder in the EOMS scheme than in the HB
scheme. It should be noted that in Ref. [18] the HB and
EOMS results are almost identical. This is because for the
spin-1

2
doubly charmed baryons, the loop contributions are

much suppressed because of the small coupling ga ¼ 0.08
determined by the lattice QCD data, ga ¼ 0.2 by the heavy
antiquark diquark symmetry, and ga ¼ 0.25 by the quark
model [18]. For the spin-3

2
doubly charmed baryons, the two

LECsH ¼ −0.76 andC ¼ −0.88 are more than three times
larger, resulting in a loop contribution of more than 10
times larger. Therefore, the relatively large LECs H and C
are responsible for the large difference between the EOMS
BχPT and HB χPT results. The difference for the Ω�þ

cc
baryon is the most notable.
In Table III, we decompose the loop contributions to the

magnetic moments μT into those from the intermediate Tμ

and B states, respectively. For the spin-3
2
doubly charmed

baryons, it should be noted that the absolute contributions of
the intermediate B baryons are more than those of inter-
mediate Tμ baryons and their contributions are of the same
sign in the EOMS BχPT and HB χPT except for the Ξ�þ

cc
baryon in the HB χPT. It indicates that loop corrections are
important and non-negligible. Interestingly, forΩ�þ

cc the loop
correction is much larger than the tree-level contribution,

TABLE III. Decomposition of the loop contributions to the magnetic moments of spin-3
2
doubly charmed baryons

in case 1. The subscript T and B denote the loop diagrams with intermediate Tμ and B states atOðp3Þ, respectively.
Case 1: EOMS Case 1: HB

Oðp2Þ Oðp3ÞT Oðp3ÞB μtot Oðp2Þ Oðp3ÞT Oðp3ÞB μtot

μΞ�þþ
cc

2.61 0.27 0.62 3.50 2.61 0.39 0.51 3.51
μΞ�þ

cc
−0.18 −0.08 −0.13 −0.39 −0.18 −0.11 0.02 −0.27

μΩ�þ
cc

0.17 −0.15 −0.39 −0.37 0.17 −0.27 −0.54 −0.64

1In Ref. [29], the authors estimated the LO magnetic moments
of the spin-3

2
doubly charmed baryons using two sets of

constituent quark masses [21,68] and found that the so-obtained
results are consistent with each other.
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which can be attributed to the larger H and C predicted by
the quark model, as also noted in Ref. [29]. It should be
mentioned that in the study of the spin-1

2
doubly charmed

baryons [18] the authors found that the coupling ga
determined by the lattice QCD data [45] is much smaller
than the one predicted by the quark model. Similar thing
could happen here, as shown below. In a recent work on
spin-1

2
doubly charmed baryons in the HB χPT [17], it is

shown that the loop contributions of intermediate Tμ and B
cancel each other, which is opposite to the case of spin-3

2

baryons. This points to the importance of loop corrections
again for spin-3

2
states.

B. The magnetic moment of spin-32 charmed
baryons in case 2

In a lattice QCD simulation [30], Can et al. studied the
magnetic moment of Ω�þ

cc for a pion mass of ≈156 MeV
and they obtained μΩ�þ

cc
¼ 0.000ð10Þ, which is rather

different from the predictions of the HB χPT and
EOMS BχPT shown in the previous section. However,
keeping in mind that the BχPT predictions rely on the
quark model inputs, both at tree level and one-loop level.
As there are four unknown LECs in the BχPT, we could
not determine all of them using the lattice QCD magnetic
moment for Ω�þ

cc . Therefore, in the present work, we
tentatively assume that the quark model predicted mag-
netic moments are reasonable, which are taken as the
leading order χPT results, and use the only lattice QCD
datum to fix the strength of the loop functions, i.e., C
and H. As the one lattice QCD magnetic moment can not
fix two LECs, we further assume that they are rescaled
by a same factor, namely, we multiply both LECs C
and H by a common factor ρ, leading to effectively only
one unknown parameter ρ which can be determined by
reproducing the single lattice QCD magnetic moment for
Ω�þ

cc . This way, we obtain ρEOMS ¼ 0.563ð17Þ and ρHB ¼
0.455ð13Þ in the EOMS BχPT and HB χPT, respectively.
As a result, the LECs C and H are almost reduced by half
compared to the predictions of the quark model. Using
them, we replot the magnetic moments of the spin-3

2

doubly charmed baryons μT as a function of m2
π . As

shown in Fig. 3, the HB and EOMS results are not much
different, which is similar to the case of spin-1

2
doubly

charmed baryons [18]. This indicates that the quark
model predictions for C and H might be overestimated,
which should be verified by future experimental or more
lattice QCD data.
Next, we also decompose the loop contributions to the

magnetic moments μT . As can be seen in Table IV, the
predictions of the magnetic moments for all the spin-3

2

states are smaller in absolute value than those obtained
by the quark model in case 1 due to the reduced loop
contributions. Especially, the puzzling feature that the loop
correction for Ω�þ

cc is much larger than the tree-level

contribution in case 1 has disappeared. Nevertheless, the
contributions of the intermediate B baryons and Tμ baryons
still add coherently in the EOMS BχPT and HB χPT,
indicating the importance of the loop contributions.
In Fig. 4 we compare our predicted magnetic moments

with those obtained by other approaches. The predicted

FIG. 3. Magnetic moments of the spin-3
2
charmed baryons as a

function of m2
π in case 2. The data point in blue stands for the

lattice QCD unphysical value at mπ ≈ 156 MeV. The solid and
dashed lines in red represent the results of the EOMS BχPT and
HB χPT, respectively.
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magnetic moments for the three spin-3
2
states using the

EOMS BχPT in case 2 are μΞ�þþ
cc

¼ 2.891ð16Þ, μΞ�þ
cc

¼
−0.248ð4Þ, and μΩ�þ

cc
¼ 0.001ð10Þ. The predictions in

case 1 can be found in Table III. The uncertainties in
case 2 originate from the factor ρEOMS determined by the
lattice QCD data. One finds that the magnetic moments
predicted in case 2 are closer to the results of other
approaches. The large differences of magnetic moments
predicted in case 1 and case 2 may indicate the incon-
sistency between the quark model and the lattice QCD
simulations. Hopefully, future lattice QCD or experimental
studies can clarify the interesting situation.

C. Heavy quark symmetry and its breaking

Here, we discuss the heavy quark symmetry and its
breaking and their impact on the magnetic moments of the
Tμ baryons at Oðp3Þ. In the heavy quark mass limit, i.e.,
δ ¼ 0, the loop contributions of intermediate B baryons are
exactly twice as much as those of intermediate Tμ baryons.
This can be checked by setting δ ¼ 0 in the HB χPT loop
functions. Compared to the HB χPT, loop functions in the
EOMS BχPT include relativistic corrections which break
the heavy quark symmetry. For the diagrams with a photon
attached to an intermediate meson, the loop contributions
for δ ¼ 0 can be expressed as

H2 ·HðbÞ
T ðmϕÞ ¼

9

25
g2AmT ·

0
B@mπ

12π
mϕ −

36 logðm2
T

m2
ϕ
Þ − 49

144π2mT
m2

ϕ þO
�

1

m2
T

�1CA; ð13Þ

C2 ·HðcÞ
T ð0; mϕÞ ¼

12

25
g2AmT ·

0
B@mπ

8π
mϕ −

27 logðm2
T

m2
ϕ
Þ − 28

96π2mT
m2

ϕ þO
�

1

m2
T

�1CA: ð14Þ

It can be clearly seen that the contributions of intermediate B baryons are twice as much as those of intermediate Tμ baryons
at the order of ð 1

mT
Þ0. However, at higher orders ð 1

mT
Þnðn ≥ 1Þ the relation is broken. For the diagrams with a photon attached

to an intermediate baryon, one can obtain the contribution for δ ¼ 0 as follows:

H2 ·HðdÞ
T ðmϕÞ ¼

9

25
g2AmT ·

0
B@−

21 logðm2
T

m2
ϕ
Þ − 3 logðm

2
ϕ

μ2
Þ − 167

864π2mT
m2

ϕ þO
�

1

m2
T

�1CA;

C2 ·HðeÞ
T ð0; mϕÞ ¼

12

25
g2AmT ·

�
5

48π2mT
m2

ϕ þO
�

1

m2
T

��
: ð15Þ

From Eq. (15), we find that the contributions start at 1
mT
.

These higher order relativistic corrections break the heavy
quark symmetry relation as well. Note that the contribution
of the diagram with a photon attached to an intermediate
baryon vanishes at Oðp3Þ in the HB χPT and the mT in the
above equations outside the brackets is from the baryon
field normalization.

IV. SUMMARY

We studied the magnetic moments of the spin-3
2

doubly charmed baryons in the covariant BχPT up to
the next-to-leading order. To recover the power counting,
we adopted the EOMS scheme. Due to lack of experimental
and lattice QCD data, the leading order contributions to the

TABLE IV. Decomposition of the loop contributions to the magnetic moments of spin-3
2
doubly charmed baryons

in case 2. The subscript T and B denote the loop diagrams with intermediate Tμ and B states atOðp3Þ, respectively.
Case 2: EOMS Case 2: HB

Oðp2Þ Oðp3ÞT Oðp3ÞB μtot Oðp2Þ Oðp3ÞT Oðp3ÞB μtot

μΞ�þþ
cc

2.61 0.08 0.20 2.89 2.61 0.08 0.11 2.80
μΞ�þ

cc
−0.18 −0.03 −0.04 −0.25 −0.18 −0.02 0.00 −0.20

μΩ�þ
cc

0.17 −0.04 −0.12 0.001 0.17 −0.05 −0.11 0.001
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magnetic moments are fixed by the quark model. The other
two low energy constantsC andH which appear in the loop
contributions are determined by two ways: the quark model
(case 1) and the lattice QCD data supplemented by the
quark model (case 2).
To facilitate future lattice QCD simulations, we predicted

the magnetic moments of the spin-3
2
doubly charmed

baryons as a function of m2
π . In case 1, the larger couplings

C and H (compared to the case of the spin-1
2
doubly

charmed baryons) resulted in large differences between the
EOMS BχPT and HB χPT results. The predicted magnetic
moment for Ω�þ

cc is found to differ from that predicted by
the lattice QCD simulations for mπ ≈ 156 MeV. The
discrepancy can be reconciled by suppressing the loop
contributions. We show that if the quark model predictedH
and C are reduced by half, one can obtain a magnetic
moment for Ω�þ

cc consistent with that of the lattice QCD.
In this case, the quark mass dependencies of the magnetic
moments are much smaller than those of case 1. It should
be noted that our predicted magnetic moments in case 2
for the three spin-3

2
states are closer to those of the majority

of other approaches.
An interesting discovery is that for the magnetic

moments of the spin-3
2

doubly charmed baryons, the
contributions at Oðp3Þ of intermediate Tμ and B baryons
add coherently, instead destructively, as for the spin-1

2

doubly charmed baryons. Meanwhile, in the heavy quark
mass limit, the intermediate B contribution is twice that
of the Tμ contribution. In reality, this relation is broken by
the finite heavy quark masses and relativistic corrections.
The coherent interference of the loop contributions of
intermediate Tμ and B baryons indicates that the loop
contributions are relatively more important, compared to
the case of spin-1

2
doubly charmed baryons.

Given the fact the predicted mass differences of spin-3
2

and spin-1
2
doubly charmed baryons are smaller than the

pion mass, radiative decays might be the dominant decay
modes of the former. As a result, it is possible to extract the
magnetic moments of spin-3

2
doubly charmed baryons by

analyzing the corresponding radiative decays. This is
relatively easy in eþe− colliders, such as SuperKEKB or
planned CEPC, but will be considerably harder in hadron-
hadron colliders, such as LHC.
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FIG. 4. Magnetic moments of the spin-3
2
charmed baryons

obtained in different approaches. The solid stars denote the
results predicted in the EOMS BχPT in two different ways. The
others are taken from the quark model [21] (D. B. Lichtenber, 77),
the bag model [22,23] (S. K. Bose et al., 80 and A. Bernotas et al.,
12), the Skymion model [48] (Y. s. Oh et al., 91), non-relativistic
quark model [24] (C. Albertus et al., 07), hyper central model
[25] (B. Patel et al., 08), effective mass and screened charge
scheme [26] (R. Dhir et al., 09), the chiral constituent quark
model [27] (N. Sharma et al., 10), the HB χPT [29] (HB χPT,
17), and the light cone QCD sum rule (LCSR) [28] (LCSR, 20).
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