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Thermoelectric behavior of hot collisional and magnetized
QCD medium from an effective Kinetic theory
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In this paper, we study the thermoelectric behavior of the quark-gluon plasma within the framework of
an effective kinetic theory. We adopt a quasiparticle model to incorporate the effects of a thermal medium.
The thermoelectric response of the medium is quantified in terms of the Seebeck and Nernst coefficient.
Utilizing the relaxation time approximation and Bhatnagar-Gross-Krook collision kernels in an effective
Boltzmann equation, we compute the dependence of the Seebeck coefficients on collision temperature and
quark chemical potential. We furthermore explore the magnetic field dependence of the thermoelectric
effects in a weakly and strongly magnetized medium. The thermoelectric response of a hot QCD medium is
shown to be most prominent at low temperatures close to the transition temperature.
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I. INTRODUCTION

Experimental programs at Relativistic Heavy Ion
Collider (RHIC) and Large Hadron Collider (LHC) have
confirmed the existence of a hot and dense state of nuclear
matter known as the quark-gluon plasma (QGP) [1,2]. The
space-time evolution of the QGP has been successfully
described within the framework of relativistic dissipative
hydrodynamics [3,4]. The nonequilibrium physics of the
created medium critically depends on its transport coef-
ficients associated with the momentum, thermal and
electric charge transport processes. Besides quantifying
the dissipative processes and system responses to electro-
magnetic fields, these transport coefficients act as input
parameters for the hydrodynamical approach. The rel-
evance of transport parameters for the quantitative descrip-
tion of the measured observable has been explored in the
collision experiments at the RHIC and LHC [5-8].

Recently, the LHC and RHIC have reported that the
directed flow v; of D and D° mesons are about 3 orders
of magnitude higher than that of the charged hadrons [9,10].
These observations indicate the existence of a strong mag-
netic field in the initial stages of the heavy-ion collision.
The theoretical estimations of the strength of the magnetic
field in the primary stage of collision are in the order of
(1-15)m2 [11,12] and have generated wide enthusiasm.
The impact of the magnetic field on anomalous transport
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phenomena [13,14], heavy quark dynamics [15,16], quar-
konia suppression [17,18], electromagnetic probes [19], jet
quenching [20], transport and thermodynamic of QCD
medium [21-23] has gained much attention recently.
Studies have shown that the lifetime of the magnetic field
in the QGP may depend on the medium properties [24,25],
which indicates that the magnetic field may persist in the
medium for a longer time than expected. Owing to the fact
that the decay of the magnetic field is not completely
modeled yet, the hot QCD medium properties have been
explored both in the strong and weak magnetic field regimes.
In a strongly magnetized medium /g ;B > T, where q ;B is
the strength of the field and 7 is the temperature of the
medium, the charged fermion motion is constrained along the
direction of the magnetic field via Landau quantization. On
the other hand, in the presence of a weak magnetic field
\/4¢B < T, cyclotron frequency captures the magnetic field
effects.

A temperature gradient over the extent of the fluid results
in thermal dissipation in the hot QCD medium. The thermal
transport in the QGP medium has been explored within
kinetic theory framework [26,27], effective models [28-31]
and Kubo formalism [32]. Similarly, the electromagnetic
responses of the QGP can be quantified in terms of the
electrical conductivity of the medium. Several works have
been devoted to understanding the electrical and thermal
transport processes in a magnetized QCD medium [33—40].
Notably, the magnetic field induces anisotropy in the
transport processes and, in the strong field limit, the
dominant contribution arises from the longitudinal compo-
nent of the transport coefficients associated with the
thermal and electric charge transport processes.

The thermoelectric or Seebeck effect describes phenom-
ena in which a temperature gradient generates an electric
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current in an electrically conducting medium and vice
versa. The thermoelectric behavior has been well studied
for condensed matter systems [41,42]. In a recent study
[43], a related coefficient, namely, the Seebeck coefficient,
has been investigated for a dense hadronic medium. The
thermoelectric behavior of quark matter has started receiv-
ing attention very recently [44]. It is important to note that a
finite quark chemical potential is required to obtain a
nonzero thermoelectric current in the medium. Further, the
presence of the magnetic field leads to anisotropic thermo-
electric transport process in the medium. The thermoelec-
tric effect in the presence of the magnetic field can be
studied in terms of magnetic-field-dependent Seebeck
coefficient and Nernst coefficient in the weakly magnetized
QGP medium. Transport coefficients characterizing the
thermoelectric behavior of the magnetized QCD medium,
Seebeck and Nernst coefficients, has been estimated in both
weak field [45,46] and strong field regimes [47]. It would
be an interesting aspect to study the thermoelectric
responses of the interacting QCD medium while including
the effects of collisions and realistic equation of state (EOS)
for both the cases of vanishing and nonvanishing magnetic
fields. This sets the motivation for our investigations.

In the current analysis, the thermoelectric responses of
the interacting two-flavor QGP medium and the associated
transport coefficients have been estimated within an
effective quasiparticle model. The gluonic, quark, and
antiquark degrees of freedom are modeled by utilizing
the effective fugacity quasiparticle model (EQPM) [48,49].
Knowledge about the system away from equilibrium can be
obtained by solving the consistently developed effective
Boltzmann equation within the EQPM [50]. The collisional
aspects of the interacting medium are incorporated in the
analysis through relaxation time approximation (RTA) and
Bhatnagar-Gross-Krook (BGK) collision kernels. The RTA
turns out to be a viable approach to explore the dissipative
process and the associated transport coefficients of the
QCD medium [51-54]. In a recent study [55], the authors
have derived dissipative hydrodynamics employing the
RTA while including the transitions between quarks and
gluons (inelastic interactions such as pair production and
annihilation processes). The BGK kernel is the improve-
ment over the RTA such that it conserves the particle
number exactly. The formalism of the thermoelectric
responses has been extended to a magnetized nuclear
matter in terms of the magnetic-field-dependent Seebeck
coefficient and Hall-type Nernst coefficient. In a recent
work [56], we have studied the relative significance of
electric charge transport in the presence of an external
electric field and thermal transport in a weakly magnetized
medium in terms of the Wiedemann-Franz law. The present
analysis is to understand the physics of a generated electric
field due to the temperature gradient in the collisional hot
QCD medium. The dependence of the thermoelectric effect
on ambient temperature and magnetic fields and other

parameters of a collision, such as quark chemical potential,
are studied in the presence of a realistic EOS.

The manuscript is organized as follows. The mathemati-
cal formulation of thermoelectric transport in a collisional
hot QCD medium within the EQPM effective kinetic theory
is presented in Sec. II. Section III describes the thermo-
electric behavior and the associated transport coefficients of
a magnetized QGP. Section IV is devoted to the results and
followed by discussion. Finally, in Sec. V, the present
analysis is summarized with an outlook.

Notations and conventions.—The fractional charge of
the up and down quarks are ¢, = 2¢/3 and —e/3, res-
pectively. We define u* as the normalized unit vector with
wu, =1 and A" = ¢ — uM'u” as the projection operator
orthogonal to u* where ¢** = diag(1,—1,—1,—1) is the
metric tensor. The index k represents the particle species. In
the absence of a magnetic field, the quantity g; denotes the
degeneracy factor with g,, = > ,2N., where ). is the
sum over flavor f. We consider N = 2 and massless limit
of quarks in the present analysis.

II. EFFECTIVE DESCRIPTION OF
THERMOELECTRIC EFFECT IN
THERMAL QCD MEDIUM

The diffusion of the charge carriers due to the temper-
ature gradient in a medium results in the generation of the
electric field, and the thermoelectric behavior of the
medium can be quantified with the associated transport
parameter, the Seebeck coefficient. The effective descrip-
tion of the thermoelectric behavior of the collisional QCD
medium requires knowledge of the nonequilibrium part of
the distribution function along with the proper modeling of
the system at equilibrium. To that end, we employ the
EQPM description of the medium. The model initiated with
the ansatz that the realistic EOS can be interpreted in terms
of noninteracting quasiparticles with temperature-dependent
effective fugacities. The particle four flow N* is described
within the EQPM as follows [50]:

&[p,| i i
NF = 911/ (2”)3Z)q pll;(fq(x7 pq) _fz}(-x’ Pq))

&Llp HH
g, [ R P, = )
)

where (py) = AypY and ply = (w,, P,) is the dressed four-
momentum of the quasiquark in the medium. For the system
not very far from local equilibrium, the EQPM momentum
distribution function is defined as

e Zpexp [—p(u - pyp — agp)]
KT 1t pexp [-p(u- pr— agp)]’

(2)

=11 +6fr

054024-2



THERMOELECTRIC BEHAVIOR OF HOT COLLISIONAL AND ...

PHYS. REV. D 103, 054024 (2021)

with |6f] < f9, u as the quark chemical potential, and
a, =1, —1, and O for quarks, antiquarks, and gluons,
respectively. Here, f? is the EQPM equilibrium distribution
function and 6f; nonequilibrium part of the momentum
distribution. The parameter z; is the effective fugacity that
encodes the medium interactions through lattice EOS. The
quasiparticle four-momenta are related to the bare particle
momenta p) = (e, py) through z;. The physical signifi-
cance of the fugacity parameter can be understood from the
energy dispersion relation as

ﬁk” = pI]: + 5&)1{1/!”, 5a)k = TzaT ln(Zk), (3)
such that the quasiparticle energy w; = €; + dw;, where
€ = |Px|- Since z; are not associated with any conserved
current in the medium the temperature behavior of quark and
antiquark effective fugacities remains the same, i.e., z, = z5.
The effective fugacity model was seen to be thermodynami-
cally consistent without adding any external parameter
realizing the medium as a grand canonical ensemble of
quarks or antiquarks and gluons. The effective grand
canonical partition function for the hot QCD medium which

yields the forms of the momentum distribution function takes
the form [48]

Zest = LyLy 2y, (4)

where the quark or antiquark and gluonic contribution,
respectively, take the forms as follows:

d|py|
(27)°

InZ, = g,V / In(1 % 2, exp (—Blex — ag)). (5)

where V is the volume, — is for the gluonic and + is for the
quark sector, respectively. Employing the thermodynamic
definition of pressure P = P, + P, + P fora grand canoni-
cal ensemble, PBV =InZ,, we can fix the fugacity
parameters in the model. The temperature dependence of
effective fugacity for gluons, quarks and antiquarks can be
estimated by fitting the pressure obtained within the EQPM
description with the lattice QCD results. The gluonic fugacity
parameter is determined from the contribution to the lattice
pressure of the pure gluonic sector [pure SU(3) gauge
theory]. Similarly, z, captures the interactions in the quark
sector and can be fitted with the QCD lattice EOS. The
parametric forms for z, and z, with fitting parameters and the
temperature behavior of the fugacities are well investigated in
Ref. [48]. The net baryon density n can be defined from the
zeroth component of the N* and takes the following form in
the massless limit:

T3
n= ?;gkakPOI)’LOg[?” —z4e” %], (6)

where a; = fa;u. Similarly, the microscopic definition of
current density in the QCD medium within the EQPM has the
form as follows:

i - ; . i
ji= zk:gk/deqfkvkéfk—Zk:éwkgk/deqfke_:afk,
(7)

with dP, = ‘Q}g‘gl and v’ = % The system away from
equilibrium Jf; can be described by the relativistic
Boltzmann equation. The effective Boltzmann within the

EQPM takes the following form:

PO, fi(x, pi) + (Fi(u- py) + qu,(FWf’kv)al(tﬁwfk = C[f4],
(8)

where C[f}] is the collision kernel that quantifies the rate of
change of distribution functions due to the collisional
processes in the medium. Here, F** represents the electro-
magnetic field strength tensor and F} = —0,(Sw u”u*)
denotes the mean field force term that arises from the basic
conservation laws in the medium. We solve the Boltzmann
equation (8) to obtain Jf, with a proper choice of the
collision kernel.

A. Seebeck coefficient within RTA

Within the RTA, the physics of collisions in a QCD
medium is approximated in terms of the thermal relaxation
time 7g,_as follows:

i

Cr = —(u- py) .
Ry

©)
The relaxation time for the 2 — 2 elastic scattering proc-
esses in the medium has been included in the present
analysis [57]. Notably, in a strongly magnetized medium
1 — 2 processes such as quark-antiquark annihilation and
vice versa are kinematically possible and considered as the
dominant processes in the medium [58]. In the massless
case, the relaxation time for quarks and antiquarks takes the
following form [36,59]:

1
- 5ATad In(GL)(1+0.12(2N + 1))

e,

. (10)

TR

where . is the effective coupling that can be realized as
the charge renormalization within the EQPM description
and is related to running coupling constant a, (7, u) as

Qeff 2N¢ 2Nf
m e |:7 POIYLOg[Z, Zg] - 7POlyLog[2’ _Zq]
S *q
e } , .
m1+z, <%+%+ﬂzg,’;)
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It is important to emphasize that the realistic EOSs are
embedded in the relaxation time through .. Substituting
Eq. (9) in Eq. (8) and employing an iterative Chapman-
Enskog-like approach [60], we solve the Boltzmann equa-
tion while considering the force term as F = g E in the
case of a finite electric field. The first-order correction to
the distribution can be expressed as

1 s T
Ofk = g, [? {PLO0T + piO.T} + 70 {PRooay
k

~i L. =i~y
+ pioioy} — 50 {PLp4oou, + pipiou,}
k
_ ofy
+ 950)k - kavk :| 86 (12)

where v, = vk . Here, 0 = 0,u" and the traceless part of

the velocity gradlent {0,u,) acts as the source terms for
the bulk and shear viscous force in the medium. Sim-
plifying Eq. (12) by Gibbs-Duhem relation 0;(%) =

L(0;T —L0;P), where h=%L ¢ and P are the
enthalpy, energy density and pressure of the system,
respectively, we obtain

0T
of = TR, afk (o = akh)%T -

q. T E. (13)
It is important to emphasize that in the steady state the
momentum conservation gives 0;P = 0. Equation (13)
denotes the nonequilibrium correction to the distribution
function due to the temperature gradient and electric field in
the medium. Substituting Eq. (13) in the electric current
density as described in Eq. (7), we obtain

. kTR 47, Pl ofy
J—Z 3T k/de a) (wk—akh)a—ekVT

k k

2 3T z 86/(
B ngTqujz‘k/ 5 [Pif* 1 afk
X 3 Wy €y Gek
2
ngqufk/ s |pk| 1 afk
: dpP 14
* ; 3 k Wy € (%k ( )

The thermoelectric effect can be described by setting up
j = 01in a steady state, and hence we have

E = SVT, (15)

such that the generated electric field is proportional to the
temperature gradient which can be quantified in terms of
the Seebeck coefficient S. Employing Eqgs. (14) and (15)
and performing the thermodynamic integrals within the

EQPM description, the Seebeck coefficient takes the form
as follows:

I, (T’ﬂ)

S = ,
Iy(T, )

(16)

where /; and I, can be defined in terms of PolyLog
functions as, respectively,

ngrquf‘[ 6TPolyLog[3, —e%z;]
+ 48w, TPolyLog[2, —e%z;]

+ ayhT <2P01yL0g[2, —e%z;]

5
+3%L0g[1 +e"kzk])}, (17)

1
12 = WzngquJ%k [TzPolyLog[Z, —e”"zk]
k
+ 8w, TLog[1 + e%z;]]. (18)

It is important to note that the term [, is related to the
electrical conductivity of the QGP medium, i.e., [, = —0o,
in the case of a vanishing magnetic field. The temperature
behavior of the ¢, and the Seebeck coefficient critically
depends on the thermal relaxation time. The effect of
collisions can be further studied with the BGK collisional
term and could be thought of as an improvement over the
RTA results.

B. Seebeck coefficient within BGK kernel

The BGK collisional aspects are observed to have a
significant impact on the collective modes, refractive
index, and electric charge transport process of the QCD
medium [61-65]. The BGK collision term takes the form as

follows:
s / deafk]
k

where v is the collisional frequency which is independent of
the momentum of particles and

Clfid = v [fk - %fﬁz] =~ [m
k

(19)

Nk — /dpkfk’ Ng - /dpkfg (20)
denote the particle densities of the kth species. The
BGK collision kernel preserves number conservation
instantaneously, unlike conventional RTA integral, i.e.,

[dPC[f,] = 0. Note that, in the limit £ = 1, the BGK
k

collisional term reduces to RTA kernel. Substituting
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Eq. (19) in Eq. (8) and solving the Boltzmann equation, we
have

0
5fi = 6f,© + iv(iD)™! % U APor (P /’X)}

k

e U P’ (iD)~' 9

+ iv(iD)™! NO NO

x /df’;c’éf,i())(ﬁ”,X)} o (21)

. _ 5 [ [Pi o,T _ pj
J'= ngl/ lq‘f,(/dpk”;c{ L)—i (0 — ayh) T ka

€k

where D =v-0xy+v with v =(l,v;) and the RTA
equivalent form of the part of distribution function away

from equilibrium & f,((o) takes the following form:

~0 0
P | Of%
—e—flka’] .

Do (22)

Employing Eq. (21) in Eq. (7) and keeping terms in leading
order of !, the current density takes the following form:

afk fk —1 /
E]ak /‘“D

i);( o,T 132 afﬂ Pk o,T
X {2( —ayh)— T qka el + Z&ngk’/ qf, dPy |Pk| (wk - akh)T
Py 8fk f _1/ [ Pi o T pi ]10f}
—~Lqg. E' dP —azh E'| —%5. 23
€ s } 8€k wk( = ach) T € s Oe,, (23)
|
Setting up j = 0 by employing Eq. (23) and performing A, = Lz [6T3PolyL0g[3, —e%z;] — aphT?
the thermodynamic integrals, the Seebeck coefficient 27

within the BGK collision kernel can be defined as

(24)

9kq
K, = 67522 Sk { 6TPolyLog[3, —e%z]
+ 48w, TPolyLog[2, —e%z;] + a;hT

é
X <2PolyLog[2, —e%z ] +3 %Log[l + e"kzk]>

A
- 2N—l(‘) (=T?PolyLog[3, —e%z]
k

+ Sw, TPolyLog[2, —e“kzk])] ) (25)

1 gkCI%
— . 2 a
K, = 32 gk Tk [(T PolyLog[2, —e%z;]
+ 6w TLog[1 + e*z;])

B
+ & (=T?PolyLog[3, —ez]
Ny

+ Sw, TPolyLog|[2, —e“kzk])] ) (26)

where A; and B, respectively, take the forms as follows:

1)
X <2PolyLog[2, —e%zy] + %Log[l + e"kzk]ﬂ,

(27)
T3

B) = — PolyLog[2, —e%z,]. (28)
T

It is important to note that, in the limit of z; = 1, the
analysis reduces back to that in the case of ultrarelativistic
gas of quarks or antiquarks and gluons. The term |K,|
denotes the electrical conductivity of the QGP within the
BGK collision kernel. Let us now proceed to discuss the
thermoelectric effect in a magnetized QCD medium.

III. THERMOELECTRIC RESPONSES OF A
MAGNETIZED QGP WITHIN THE EQPM

In a weakly magnetized medium, the temperature is the
dominant energy scale in comparison with the strength of the
magnetic field. Hence, the energy dispersion of quarks and
antiquarks remains intact in the presence of the weak
magnetic field, unlike the Landau level dispersion of charged
fermions in a strongly magnetized medium. In the presence of
a weak magnetic field, the Boltzmann equation has the form

_Of}

Be, (Vi - VT)

Ofc _ ofx
5Pk TR,

( - akh)%
+ 47, [E+ (vi xB)]- (29)

We consider that the dependence of the magnetic field on the
thermal relaxation time for the binary scattering process is
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entering through the one-loop magnetic-field-dependent
coupling constant a,(q,B, T). The form of a,(q,B,T) for
a weakly magnetized medium is presented in Refs. [21,66].
A much deeper analysis is needed to obtain the exact form of
thermal relaxation to incorporate the effects of the magnetic
field and elastic-inelastic interactions in the medium, which is
beyond the scope of the present analysis. In the presence of a
strong magnetic field, the relaxation time critically depends
on the strength of the magnetic field as the 1 — 2 processes
are kinematically possible in the medium [58]. The non-
equilibrium part of the quasiparton distribution in the pres-
ence of a weak magnetic can be obtained by solving the
Boltzmann equation. To that end, we choose the following
ansatz:
o 0
o= (e 2L (30)

where Z is defined as

=2 = alE —+ azb —+ a3(E X b) —+ a4VT
+ as(VT x b) + ag(VT x E), (31)
|

with unit vector b = % representing the direction of the

magnetic field. In general, there will be other independent
force terms other than the thermal driving force and Lorentz
force in the Boltzmann equation that corresponds to the
momentum transport and the associated viscous coefficients
in the medium. Different components of the transport
parameters associated with the electric charge, thermal and
momentum transport processes in the magnetized medium are
studied in Ref. [67]. Since the Lorenz force vanishes in the

an

equilibrium case as 0_132 x v, Eq. (29) reduces to the following

form:
—(wy — h)l( -VT) + q;, (¥, - E) 8_}‘2
O — Ay T Vi 97\ Vk Be,
orY | ord
: B) -5tk — LB 2Lk 2
+ka[(VkX ) ](%k - (Px )E)ek (32)

The unknown parameters «; (i =1,2,...,6) in the non-
equilibrium part of the distribution can be obtained by
substituting Eq. (30) in Eq. (32). Hence, we obtain

1 _
— (o — a/ﬁ)f(Vk “VI) 4+ q5, (Vi - E) + q,a1(vxX B) - E + g an(vx B) - b+ g7 a3(vx B) - (E xb)

+qro(vxB)- VI +qpas(vxB)- (VT xb) + gras(vxB) - (VT x E)

= —ﬂ[alvk -E =+ oV - b —+ a3V - (E X b) + oy Vy * VT+ A5V - (VT X b) + agVy * (VT X E)] (33)

TRk

Comparing different independent tensor structures on
both sides of Eq. (33), we obtain the following relations for
the parameters o; (i = 1,2,...,6):

w ()]
— L :—kCIfk + a3qy,|B|, (34)
TRk €r
0]
—T—kaz = —a3qfk(B : E) - aS‘]fk(B ) VT), (35)
Ry
0]
——ka3 = —(11ka|B|’ (36)
TRk
0) w; — ayh
__ka4:—( k k )+aSka|B|’ (37)
TRk T
(0]
——kas = —0!46]fk|B|’ (38)
TRk

with ag = 0. For the quantitative analysis of the thermo-
electric effect in a magnetized medium, we consider the
magnetic field direction along the z axis and the directions
of the electric and temperature gradient in the x—y plane in
the present analysis, i.e., (b-E) = (b-VT) = 0. Further
solving Egs. (34)—(38), the parameters take the forms as
follows:

TR qf,
a = —R___Ah (39)
1 e (1+ Tzzekggk)
a =0, (40)
2
T
w=-_ I _q, (41)

e_k(l JFT%eink)

_ g, 1 (wy — axh)

O ) )
% oy T(1+ T%kﬂfk) (42)
_ Tk, | (o — ah) o (43)
o T (1473, Q%) ek
_ Cifk‘B‘

where Q. = denotes the cyclotron frequency in the

@
presence of the magnetic field. Employing Eqs. (39)—(43)
in Eq. (30) we obtain

5fe = |=aq7, (Vi - E 4+ 1, Qcvi - (E x b))

1
+ (o — hy) T (Vi - VT + 72, Quvi - (VT x b))

TR, afg

R 9k 44
U+ ,92,) ey )
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By substituting Eq. (44) in Eq. (7), the component of the
current density along the x axis can be obtained as follows:

: IkTR 4, / ~ v7 Wy
=3 RN [P |- (E
Iz 3 “A+3.95) [ e 95, (Es

k
dT of}
E—i_rRk ﬂ ey

2

ngquf/ = vy
- dw, —==—% [ dp,———& —— |- E
; ¢ 3 kek(l‘l'ﬁekggk)[ qfk( !

dT dTﬂ ofy

+ 9B+ o

— L Q —=.
dx TR ek dy ) | Oe;

(45)

1
+ 78, Qi Ey) + (w0 — aih) T <

Similarly, the component of current density along the y axis
takes the following form:

2

. ngRkak/ ~ U [ o
D LTSy R S S— )
’ zk: 3 gl a0
dT dar\1of)
7R, ek Ex) + (0 akh)T(d_y_ Qckd )] 9e,

2

9kTR 4y, Uk
_Zk:éwka/de(l_i_—gzzk) l:_qf"(Ey

1 /dT orfe
_TRch'kEx)—i_(a)k_akh)?(d_y_ Qe dx)] de,”

(46)
!

1 2 o |l~)k|2 1 1
== g dP —
32 ngqufk{/ k o €k(1+TR

ck)a k

Pil> 1 7p Qe

ngm 7, { /

@y Ck(l +7122,(ng) 8€k

The charge carriers traveling along the temperature gradient
(x—y plane) generate an electric field that induces an electric
current in the opposite direction, and in the steady state the
net current vanishes in the medium. By setting up j, =0
and j, = 0, we can represent the generated electric field in
terms of the temperature gradient. Hence, from Egs. (45)
and (46) we have

dT T

E, = Sp—+ N|B|—, 47

. Bw+‘|® (47)
dT

E, = S;=———N|B 48
By | | (48)

where Sp and N are the Seebeck and Nernst coefficients,
respectively, associated with the thermoelectric transport
process in the presence of the magnetic field. In the case of
a vanishing magnetic field, Eqs. (47) and (48) reduce to
Eq. (15) such that the coefficient Sz reduces to S and the
Nernst coefficient vanishes in the medium. The Sz and N
take the following forms:

LL;+ L)L,
L+ 13

L\L, — L,Ls

S = —_——
g L3+13

. NB[= . (49)

where L; (i = 1, 2, 3, 4) are the thermodynamic integrals in
the presence of the magnetic field and can be defined as
follows:

1 5 [Bil® (0 — ayh) 8f2
Ly=— dP Tk
3 3Tzk:ngqufk{/ k ) (1 +T%kgzk) 8€k

k

R 5 [Bil’ 1 1 ofR
—dw k/de o G20 06 ) (50)
O _ 50 /dP D1 e Q0 OF; (51)
‘ “ap + 77, ) Oer )
|Pk| (o — aih) 3f0
/ dP, = —( 42 Q2 e, (52)

1 % |l~3k|2 7R, Qer(@f — aih) afﬂ
L, =— dP ; —= —dw
4 3T ;ngqufk{/ k C()% (1 i TRkQ%k) e €L

The integrals L, and L, vanish at B = 0, and hence the
Nernst coefficient vanishes in the absence of a mag-
netic field.

In a strongly magnetized medium, the motion of fer-
mions is constrained in the direction of the magnetic field.
Various transport processes in the QCD medium have been
initially studied in the lowest Landau level approximation
(T* < |gq,B]) [58] and later on the more realistic regime

gT < \/|q¢B| where higher Landau level contributions are
significant [68]. The longitudinal current density j, due to

—ah) Of0
/d k|P1;| 7R, Qer(@y Zak )3f} (53)
wp  (I+ TRchk) ey

the 14 1-dimensional Landau level dynamics of the
charged particles in the presence of the strong magnetic
field has been studied in Ref. [69]. Following the same
formalism and invoking j, = 0, the Seebeck coefficient in

the strongly magnetized medium Syg can be defined as

1}(q/B.T.p)
13(q;B.T. )

where the integral takes the form

E=s\vr, sl = (54)
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= [ [
I _ |qka|N wodp, (@, —ah')
I =
1 ZZ 9 7T e

Xka k( flo)

|q B\N wdp. (ol —aph')

2r o 27 7
x & 0(1 - £10) (55)
E fk k/*
!
Here, g; = (2 — 8y9) is the spin degeneracy with [ as the

Landau level, /4’ is the enthalpy in the strongly magnetized

QGP, and w} = E; + dw, with E; = / p? + 2l|¢q; B|. The

EQPM particle distribution function in a strong magnetic
field takes the form

0 ZkCXp [—=B(E; — ap)]
Ji= 1+ zexp [-B(E; — ayp)] (36)

Similarly, the integral I! can be defined as
Ig = —GH, (57)

where o is the longitudinal electrical conductivity within
the EQPM as described in Ref. [70]. Here, 7.4 is the
thermal relaxation time for dominant 1 — 2 processes in
the strongly magnetized medium [58].

IV. RESULTS AND DISCUSSIONS

We initiate the discussions with the temperature depend-
ence of the Seebeck coefficient in the two-flavor QGP
medium. The dependence of quark chemical potential and
thermal medium interactions on the temperature behavior of
the thermoelectric coefficient is depicted in Fig. 1 (left) in the
case of a vanishing magnetic field within the RTA. It is
observed that the mean field contributions that arise from the
hot medium interactions to the Seebeck coefficient are more

..... 1=30 MeV
—— =60 MeV
-10f, \ —_— =80 MeV

K J— p=100 MeV

-15F % N S =100 MeV, Ideal EoS
RN .
* AN
» -20 N
— N\ .
] e
T — N ~
*, N
-30 e e
. N Tl
. ~ RRiNGTN

-35 ~ T~

0.28 030 032 034 036 038 040
T(GeV)

FIG. 1.

pronounced in the temperature regimes not very far from the
transition temperature 7 ... In a previous study [56], we have
studied the relative behavior of electric and thermal transport
in the medium in terms of the Wiedemann-Franz law and
observed that the law is violated with the inclusion of EOS
effects in temperature regimes near 7',.. In a similar line, we
have observed that the hot QCD medium interactions
significantly modify the low-temperature behavior of the
thermoelectric effect in the medium. The negative sign of Sis
arising from the term (w; — a,h) for the two-flavor system
within the EQPM, in contrast with the term (w; — azh)?

while describing the Lorentz number L = _*7, where k is the

thermal conductivity of the medium. At very high temper-
ature, the EQPM results reduce back to the results of
noninteracting medium owing to the fact that z; — 1 and
ow;, — 0 at the asymptotic limit. At the massless and ideal
EOS limits, the coefficient S vanishes for the three-flavor
QGP at B = 0. Along with the temperature gradient in the
medium, a finite quark chemical potential is also required for
the thermoelectric effect in the hot QCD medium [44]. This is
attributed to the fact that, in the QGP medium, there are
positive and negative charge carriers for the transport process,
unlike in the condensed matter system. The quark chemical
potential is seen to have a strong dependence on the
thermoelectric effect in the medium. The coefficient increases
with an increase in the quark chemical potential at a particular
temperature. This observation is in line with the results of
Ref. [44]. For a large temperature regime, the enthalpy to the
net quark number density ratio behaves as & ~ T coth(u/T)
and S ~ — coth(p/T) for the massless limit. Within the limit
<1, we have coth(u/T)~T/u in the leading order.
However, it is important to note that, in contrast to the
condensed matter systems, a finite quark chemical potential is
required for the thermoelectric effect to be observed.

The collisional aspects of the QGP medium are embedded
in the analysis through the RTA and BGK kernels. In Fig. 1
(right), the ratio of BGK description of the Seebeck coef-
ficient to the RTA result is plotted as a function of temper-
ature. The BGK description of the Seebeck coefficient is

1.20 s e S, 1=20 MeV
. H
—==- S, u=80 MeV

—— S, p=100 MeV

------ S, p=120 MeV

028 030 032 034 036 038 040
T (GeV)

Left: dependence of chemical potential and medium interactions on the temperature behavior of the Seebeck coefficient of the

two-flavor QGP within the RTA. Right: The RTA results are compared with the estimations with the BGK collision kernel.
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0.98

0.96

&|» 0.94
092+ , |77 B=0.01 GeV?
----- = eB=0.02GeV?

0.90
B=0.03 GeV?2

0.25 0.30 0.35 0.40

T(GeV)

FIG. 2. Temperature dependence of Seebeck coefficient at
u =100 MeV in a weakly magnetized medium.

described in Eq. (24). The first term of Egs. (25) and (26)
describes the RTA results, and other terms denote further
corrections within the BGK description. For the quantitative
estimation, the parameter v is assumed as the thermal average
of inverse of relaxation time for the elastic collisions. In the
absence of a magnetic field, the choice of v will not depend on
the temperature behavior of the thermoelectric coefficient. It
is observed that the collisional effect to the thermoelectric
coefficient is more prominent in the temperature regime near
T.. The current density has contributions from the temper-
ature gradient (with nonzero quark chemical potential) in the
medium and also from the generated electric field. Both the
contributions get corrections within the BGK analysis in
comparison with the RTA result as described in Eq. (16). The
collisional aspects of the medium are seen to be negligible at
lower values of . Notably, in the massless and ultrarelativ-
istic limit (z; — 1) limit, S will be independent of the choice
of collision integral, as the corrections to both contributions
to the current density cancel exactly each other while
defining the Seebeck coefficient.

The magnetic field induces anisotropy in the system and
leads to a magnetic-field-dependent Seebeck coefficient
and Nernst coefficient associated with the thermoelectric

§=120 MeV
£=100 MeV
§=80 MeV

=20 MeV

0.25 0.30 0.35 0.40 0.45 0.50
T(GeV)

FIG. 3.

effect in the magnetized medium as described in Egs. (47)
and (48). The impact of the magnetic field on the Seebeck
coefficient is shown in Fig. 2. In the weakly magnetized
medium, the magnetic field dependence of the thermoelec-
tric coefficient is entering through the Lorentz force via
cyclotron frequency |Q,,|. The effect of the magnetic field
is observed to be more significant in the lower-temperature
regimes. As the temperature increases, the particle motion
is completely dominated by the temperature, and the effect
of the magnetic field vanishes. However, in the temperature
regimes near 7. the Seebeck coefficient decreases with an

increase in the strength of the field due to the factor Hﬁ:ig’k

o3
It is important to emphasize that Eq. (49) reduces back to
Eq. (15) at the limit of B = 0.

The motion of the charged fermion gets deflected in the
presence of a weak magnetic field due to the Lorentz force.
The Hall-type conductivity associated with the thermal and
electric charge transport in the hot QCD has been explored
in Refs. [35,56]. The temperature variation of the Hall-type
transport coefficient associated with the thermoelectric
effect, Nernst coefficient, in the magnetized medium is
depicted in Fig. 3. In contrast to the Seebeck coefficient, the
Nernst coefficient is a positive quantity and is critically
dependent on the quark chemical potential and strength of
the magnetic field. It is seen that the N|B| decreases with an
increase in chemical potential at a finite magnetic field. The
dependence of the strength of the magnetic field on the
Nernst coefficient is studied by plotting the ratio @ with
the temperature in Fig. 3 (right). The ratio approaches zero
asymptotically, which indicates that the impact of the
magnetic field on the thermoelectric transport is negligible
at sufficiently high temperature in the weakly magnetized
QGP. However, the magnetic field effects on the Nernst
coefficient are visible in the low-temperature regimes near
T.. Further, it is important to emphasize that the Nernst
coefficient vanishes in a strongly magnetized medium due
to the 1 + 1-dimensional constraint motion of the charged
particle.

0.00
-0.01
% v -0.02
----- B=0.01 GeV?
-0.03
........ eB=0.02 GeV2
B=0.03 GeV?
-0.04
0.25 0.30 0.35 0.40 0.45 0.50
T(GeV)

Left: dependence of chemical potential on the temperature behavior of the Nernst coefficient at |eB| = 0.03 GeV?. Right: the

impact of the magnetic field on the Nernst coefficient at 4 = 100 MeV.
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V. CONCLUSION AND OUTLOOK

In this article, we have presented an analysis on the
thermoelectric transport process and the associated trans-
port coefficients in a collisional and magnetized hot QCD
medium. The realistic EOS effects are embedded in the
analysis within the framework of the EQPM through the
temperature-dependent fugacity parameters. The nonequi-
librium part of the momentum distribution of effective
degrees of freedom is obtained by solving the effective
transport equation within the EQPM employing an iterative
Chapman-Enskog-like approach while choosing a proper
collision kernel. The electric field generated due to temper-
ature gradient in the hot QCD medium at finite quark
chemical potential is quantified in terms of the Seebeck
coefficient. The temperature behavior of the Seebeck
coefficient in the collisional two-flavor QGP medium
has been investigated. The effects of collision are incorpo-
rated in the analysis through the RTA and BGK collision
kernels. The thermal medium interactions of the QCD
medium are seen to have a significant impact on the
thermoelectric behavior of the medium. The effects of
the collisions and quark chemical potential are more visible
in the temperature regimes near the transition temperature.

Further, we have studied the thermoelectric behavior of a
weakly magnetized QCD matter. In the analysis, the
temperature is considered to be the dominant energy scale
in comparison with the strength of the magnetic field. The
magnetic field induces anisotropy in the thermoelectric
behavior of the medium. We have estimated the transport
coefficients characterizing the thermoelectric behavior of
the magnetized QCD medium, magnetic-field-dependent
Seebeck and Nernst coefficients, within the effective trans-
port equation. We have demonstrated the dependence of the

magnetic field and quark chemical potential on thermo-
electric coefficients in the weakly magnetized medium. The
analysis is further extended to the strong magnetic field
regime while considering the Landau level kinematics of
the charged particle. Notably, the Nernst coefficient van-
ishes in a strongly magnetized medium due to the longi-
tudinal motion of the particles.

The phenomenological aspects of the thermoelectric
behavior may have a significant role in the baryon-rich
medium and will be more relevant in the context of lower-
energy collisions probed in the RHIC beam energy scan
and for upcoming experiments at Facility for Antiproton
and Ion Research and in Nuclotron-based Ion Collider
facility. The study of thermoelectric behavior of the
collisional QCD medium in the presence of space-time-
varying magnetic fields would be an interesting direction
to work. The induced electric field from the decay of the
magnetic field may put a constraint in the generated
electric field from the temperature gradient at a finite
chemical potential. A very recent study [71] proposed
that temperature and chemical potential gradient in the
heavy-ion collision experiment may induce spin Hall
current. These aspects will be taken up for future
investigations.
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