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Nuclear-state engineering in tripod systems using x-ray laser pulses
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Coherent superposition of nuclear states in tripod systems using three x-ray laser pulses is investigated
theoretically. The laser pulses transfer the population from one ground state to an arbitrary superposition of other
ground states using coincident pulses and stimulated Raman adiabatic passage techniques. The short wavelengths
needed in the frame of the nuclei are achieved by envisaging an accelerated nucleus interacting with three x-ray
laser pulses. This study exploits the Morris-shore transformation to reduce the tripod system into a coupled
three-state �-like system and a noncoupled state. We calculated the required laser intensities which satisfy the
conditions of coincident pulses and adiabatic passage techniques. Considering the spontaneous emission from
excited state |4〉 and unstable ground states (|2〉, |3〉) to other states, we have used a master equation for numerical
study, and the final fidelity of desired states with respect to the tolerance of laser intensities is studied numerically.
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I. INTRODUCTION

In recent years, among the growing x-ray free electron
laser (XFEL) [1] community worldwide, nuclear coherent
population transfer (NCPT) with XFEL has received great
attention [2–12]. Bürvenich et al. [2] have studied the inter-
action of XFEL with two-level nuclear systems theoretically.
In their method [2], the gap between x-ray frequency and
nuclear transition energy has been compensated by combining
moderately accelerated target nuclei and novel x-ray lasers.
The proposed scheme in [2] has been extended by Liao et al.
[13,14] to three-level �-like nuclear systems in which two
π pulses [15,16] and stimulated Raman adiabatic passage
(STIRAP) [17–21] have been used respectively for nuclei with
long and short lifetime excited states. Recently in Ref. [22]
NCPT in the three level �-like systems was implemented
by a train of coincident pulses [23–27]. In the coincident
pulse technique the robustness of the system against the small
variation of laser intensities and spontaneous emission rise by
increasing the number of pulse pairs. In the limit of large
number of coincident pulses, the technique of coincident
pulses converges to the piecewise adiabatic passage (PAP)
technique [28–30].

The four-state system in which three of the ground states are
linked, by three separate fields, to a single excited state (tripod
system) has become a popular system in quantum physics
[31]. It has been shown that arbitrary one-qubit rotation gates
can be implemented much more efficiently in tripod systems
[32]. In recent years population transfer in tripod systems
has been implemented using π -pulse and STIRAP techniques
[25,31,33–35].

Unlike the case of atom-laser interaction, coherent control
of nuclear states in tripod systems remains unchallenged.
Coherent superposition of states in nuclear systems can be
used in nuclear interferometry and nuclear spectroscopy. In
the present paper, we introduce a nuclear tripod linkage pattern
and investigate coherent superposition of states in this system.
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In our method, the short wavelengths needed in the frame of
the nuclei are achieved by using an accelerated nuclear beam,
interacting with three incoming XFEL pulses. The three laser
frequencies and the relativistic factor γ of the accelerated
nuclei are selected such that they Doppler shift the frequency
of the x rays to match the target resonance. We show how
to produce any desired superposition of two ground states
in tripod nuclear systems by irradiating them with suitably
chosen coherent light beams. This method is different from the
proposed schemes in [13,14,22], where complete population
transfer is investigated in three-level �-like nuclei systems. In
the present scheme accelerated nuclei can interact with three
XFEL laser beams in two frames. In the standard STIRAP
frame, the nuclei interact by a time delay with the pump
pulse compared to two other pulses; however, in the coincident
pulses frame the nuclei interact with three laser beams without
time delay. A fully coherent XFEL source, like the future
XFEL oscillator XFELO [36] or the seeded XFEL (SXFEL)
[1,37–41], was used for all laser pulses throughout the study.
In order to calculate the necessary laser intensities for each
technique we used the Morris-Shore transformation [42–44]
and reduced the tripod system to a three-level �-like system.
We selected 154Gd, with a short lifetime excited state, and
97Tc, with a long lifetime excited state, and the population can
be transferred completely from the stable ground state to an
arbitrary superposition of other ground states.

This paper is organized as follows. In Sec. II we describe
briefly the coincident pulse and STIRAP techniques in tripod
systems. The nuclear tripod linkage pattern and coherent
superposition of states in this system are explained in Sec. III.
In Sec. IV we present a numerical study of our method and
demonstrate the effect of laser intensity fluctuation in the
coincident pulse technique. The conclusions are summarized
in Sec. V.

II. COINCIDENT PULSES AND STIRAP TECHNIQUES
IN TRIPOD SYSTEMS

Figure 1(a) shows energy levels and linkage pattern of the
tripod system. States |1〉 and |4〉 are coupled by the pulse with
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FIG. 1. (a) Linkage pattern of tripod system. All initial population
is in state |1〉. (b) Linkage pattern of tripod system in Morris-Shore
basis.

Rabi frequencies �P (t), states |2〉 and |4〉 by the pulse with
�Q(t), and states |3〉 and |4〉 by the pulse with �S(t). We
assume that the Rabi frequencies are real and positive. The
internal dynamics of the system is described by the time-
dependent Schrödinger equation (TDSE),

ih̄
∂

∂t
|�(t)〉 = Ĥ (t)|�(t)〉, (1)

where Ĥ (t) is the Hamiltonian matrix in the subspace
S = {|1〉,|2〉,|3〉,|4〉} for the system and its interaction with
the pulses. The state vector |�(t)〉 is a four-component
column vector. The Hamiltonian Ĥ (t) in the rotating-wave
approximation [15,16] in exact resonance and in the absence
of decoherence reads

Ĥ (t) = h̄

2

⎛
⎜⎝

0 0 0 �P (t)
0 0 0 �Q(t)
0 0 0 �S(t)

�P (t) �Q(t) �S(t) 0

⎞
⎟⎠. (2)

We impose that the Rabi frequencies �Q(t) and �S(t)
are pulse-shaped functions with the same time dependence,
but possibly with different magnitudes. However, the Rabi
frequency �P (t) could have different magnitudes and time
dependance than the others. We define the time-independent
mixing angle θ such that tan θ = �S(t)/�Q(t). Following
the Morris-Shore (MS) transformation [42–44], one can
find a constant unitary operator transforming the system
into a coupled three-state �-like system and a noncoupled
state. The transformed Hamiltonian in the MS basis ST =
{|1〉,|φC〉,|4〉,|φNC〉} reduces to a three-state �-like system
[25,26] [see Fig. 1(b)]:

ĤT (t) = h̄

2

⎛
⎝ 0 0 �P (t)

0 0 �C(t)
�P (t) �C(t) 0

⎞
⎠, (3)

where �C(t) = �Q(t)/ cos θ and the coupled state |φC〉 =
cos θ |2〉 + sin θ |3〉. Below we will explain how the coincident
pulse and STIRAP techniques can be used for coherent
superposition of states in nuclear tripod systems.

(a) Coincident pulses technique. In order to implement the
coincident pulse technique in tripod systems, we impose that
the Rabi frequencies �P (t) and �C(t) in Eq. (3) must be pulse-
shaped functions with the same time dependence, but possibly
with different magnitudes. Considering the bright-dark state
[45,46], we use a sequence of coincident pulses, each with

rms pulse area A(tf ) = ∫ tf
ti

√
�2

Pk
(t) + �2

Ck
(t)dt = 2π at the

end of the kth step and mixing angles ϕk [23–27], with the
following total evolution matrix:

Û (N) = Û (ϕN )Û (ϕN−1) · · · Û (ϕk) · · · Û (ϕ1), (4)

where

tan ϕk = �Pk
(t)

�Ck
(t)

. (5)

According to the Ref. [23], ϕk must satisfy the following
conditions:

(i) The population is transferred to state |φC〉 (that
corresponds to a coherent superposition of states |2〉
and |3〉) in the end; P|1〉 = P|4〉 = 0 and P|φC 〉 = 1.

(ii) The maximum of the transient population P|4〉(t)
excited by each sequence of pulses �Pk

(t) and
�Ck

(t)(�Qk
(t),�Sk

(t)) is the same.
(iii) The maximum population of state |4〉 in the middle of

each sequence is damped to small values by increasing
the number of pulse sets.

Considering the above conditions, the mixing angle ϕk is
given by

ϕk = (2k − 1)π

4N
(k = 1,2,3, . . . ,N). (6)

Using this sequence of pulses, one can transfer the population
of state |1〉 to |φC〉 with a negligible population in state |4〉.

(b) STIRAP. In the subspace ST , one of the eigenvalues of the
Hamiltonian of Eq. (3) is zero. The corresponding eigenstate
(dark state) of the Hamiltonian reads [17]

|D(t)〉 = 1√
�2

P (t) + �2
C(t)

[�C(t)|1〉 − �P (t)|φC〉]. (7)

The initial state of the system is |1〉. We initially turn on Rabi
frequency �C(t)(�Q(t),�S(t)) while the first Rabi frequency
�P (t) is turned off. Then we adiabatically increase �P (t)
and decrease �C(t) so that at the end of evolution the Rabi
frequency �C(t) is turned off and �P (t) is turned on, and the
system state evolves into the desired state |φC〉.

FIG. 2. (a) Coincident pulses and (b) STIRAP schemes in the
laboratory frame. In both schemes each pulse has a different frequency
from one another.
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III. NUCLEAR TRIPOD SYSTEMS

We study the collider system depicted in Fig. 2, which is
composed of an accelerated nuclear beam that interacts with
three incoming XFEL pulses. In Fig. 2(a) all of the laser
pulses are coincident, which corresponds to the coincident
pulse technique. Also, in Fig. 2(b) the Rabi frequencies �Q(t)
and �S(t) are coincident and have a delay time with �P (t),
which corresponds to the STIRAP technique. The three laser
frequencies and the relativistic factor γ of the accelerated
nuclei have to be chosen so that in the nuclear rest frame
the condition of exact resonances is fulfilled. The nuclear
dynamics is governed by the master equation for the nuclear

density matrix ρ̂(t) [13,14,18,47]:

∂

∂t
ρ̂ = 1

ih̄
[Ĥ ,ρ̂] + ρ̂s + ρ̂d , (8)

where the Hamiltonian Ĥ (t) is given by Eq. (2); ρ̂s is the
decoherence matrix caused by spontaneous emission from
excited state |4〉 and unstable ground states (|2〉, |3〉). ρ̂d is
an additional dephasing matrix to model laser field pulses
with limited coherence times. Taking into consideration the
radioactive decays of states |2〉, |3〉, and |4〉 to the lower states
of the linkage pattern, the decoherence matrix ρ̂s is

ρ̂s =

⎛
⎜⎜⎜⎝

�2B21ρ22 + �3B31ρ33 + �4B41ρ44 −�2
2 ρ12 −�3

2 ρ13 −�4
2 ρ14

−�2
2 ρ21 −�2ρ22 + �3B32ρ33 + �4B42ρ44 −�2+�3

2 ρ23 −�2+�4
2 ρ24

−�3
2 ρ31 −�2+�3

2 ρ32 −�3ρ33 + �4B43ρ44 −�3+�4
2 ρ34

−�4
2 ρ41 −�2+�4

2 ρ42 −�3+�4
2 ρ43 −�4ρ44

⎞
⎟⎟⎟⎠, (9)

where �k (k = 2,3,4) is the linewidth of state |k〉 and Bki is the branching ratio of |k〉 → |i〉 (i = 1,2,3). The dephasing effect
can be avoided by using a fully coherent XFEL to derive nuclear transitions. Considering a fully coherent XFEL source for all
laser pulses, in our method the term ρ̂d in Eq. (8) is zero. The Rabi frequencies can be obtained as follows [48–50]:

�P (Q,S)(t) = 4
√

π

h̄

[
γ 2(1 + β)2I eff

P (Q,S)(L1(2,3)4 + 1)(2I1(2,3) + 1)B(ε/μL1(2,3)4)

cε0L1(2,3)4

]1/2

× k
L1(2,3)4−1
41(2,3)

(2L1(2,3)4 + 1)!!
exp

⎧⎨
⎩−

[
γ (1 + β)(t − τP (Q,S))√

2TP (Q,S)

]2
⎫⎬
⎭. (10)

The above equation is an extension of the Rabi frequencies in Ref. [50] for an accelerated nucleus interacting with two x-ray
S(P ) laser pulses. Here it is necessary to explain the concept of effective intensity I eff

P (Q,S). For the long laser pulse case, the
bandwidth of the incident laser of intensity IP (Q,S) is narrower than the linewidth �4 of the considered nuclear transition [i.e.,
�4 � γ (1 + β)�P (Q,S)], and as a result I eff

P (Q,S) = IP (Q,S). For the short pulse case the effective intensity is significantly reduced
since the bandwidth of the incident laser is wider than �4 [i.e., �4 < γ (1 + β)�P (Q,S)], and the effective intensity I eff

P (Q,S) can be
obtained as follows:

I eff
P (Q,S) = IP (Q,S)

�4

γ (1 + β)�P (Q,S)
. (11)

The explantation of the notations used throughout the following text and equations can be found in Table I. In the following
we impose that TP = TQ = TS = T .

A. Coincident pulses technique in nuclear tripod systems

In order to implement the coincident pulse technique in nuclear tripod systems, the Rabi frequencies for each nucleus (X) in
the kth step can be rewritten in the following form:

�PkX(t) = �0PX

√
ζP sin ϕkexp

{
−

[
(t − τ )

T̃

]2
}

, (12a)

�QkX(t) = χ1�0QX

√
ζQ cos ϕkexp

{
−

[
(t − τ )

T̃

]2
}

, (12b)

�SkX(t) = χ2�0SX

√
ζS cos ϕkexp

{
−

[
(t − τ )

T̃

]2
}

, (12c)
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TABLE I. The notations used throughout the text. The indices i = 1,2,3,4 denote the four nuclear states showed in Fig. 1(a). The label
Lab (Rest) indicates that the corresponding values are in the laboratory (nuclear rest) frame.

Parameters used for pulses

Notation Frame Explanation

c Any Speed of light in vacuum
β Lab Velocity of the nuclear particle, in units of c

γ Lab Relativistic factor γ = 1/
√

1 − β2

k4i Rest Wave number of |4〉 → |i〉 transition
�LP (Q,S) Lab Laser bandwidth of P (Q,S)
τP (Q,S) Rest Temporal peak position of laser pulses
TP (Q,S) Lab Pulse duration of laser pulses
I1(2,3) Any Angular momentum of ground state |1〉 (|2〉, |3〉)
L1(2,3) Any Multipolarity of the corresponding nuclear |i〉 → |4〉 transition
IP (Q,S) Lab Peak intensity of laser pulses
B (ε/μLi4) Rest Reduced transition probability for the nuclear electric (ε) or magnetic (μ) |i〉 → |4〉 transition

where τ is the time delay between two neighboring sets of coincident pulses and

�0P (Q,S)X = 4
√

πk
L1(2,3)4−1
41(2,3)

h̄(2L1(2,3)4 + 1)!!

[
γ 2(1 + β)2(L1(2,3)4 + 1)(2I1(2,3) + 1)B(ε/μL1(2,3)4)

cε0L1(2,3)4

]1/2

, (13a)

T̃ =
√

2T

γ (1 + β)
, (13b)

ζP = I eff
Pk

sin2 ϕk

, ζQ = I eff
Qk

χ2
1 cos2 ϕk

, ζS = I eff
Sk

χ2
2 cos2 ϕk

. (13c)

The condition A(tf ) = 2π at the end of each sequence of
coincident pulses is satisfied if

ζP (Q,S) =
(

2
√

π

T̃ �0P (Q,S)X

)2

. (14)

Using Eqs. (11), (13), and (14) the real intensities in the
laboratory frame for two different conditions can be written as
follows:

(i) For �4 � γ (1 + β)�P (Q,S) we have

IPk
=

(
2
√

π

T̃ �0PX

)2

sin2 ϕk,

IQk (Sk) =
(

2
√

π

T̃ �0Q(S)X

)2

χ2
1(2) cos2 ϕk. (15)

TABLE II. Nuclear energy of state |i〉, Ei , with i = 1,2,3,4 (in keV), linewidth of state |4〉, the multipolarities, and reduced matrix elements
(in Weisskopf units) for the transitions |i〉 → |4〉 with i = 1,2,3 are given.

Specification of nuclear levels ε/μL B(ε/μL) (W.u.)

Nucleus E4 E3 E2 E1 Linewidth of |4〉 L14 L24 L34 |1〉 → |4〉 |2〉 → |4〉 |3〉 → |4〉
(keV) (keV) (keV) (keV) (meV)

97Tc 656.90 324.48 215.72 96.57 0.61 E2 E1 E1 5 × 102 7.2 × 10−5 6.7 × 10−5

154Gd 1241.29 680.67 123.07 0.00 300 E1 E1 E1 4.4 × 10−2 4.9 × 10−2 5.7 × 10−3

(ii) For �4 < γ (1 + β)�P (Q,S) we have

IPk
=

(
2
√

π

T̃ �0PX

)2
γ (1 + β)�P (Q,S)

�4
sin2 ϕk,

IQk (Sk ) =
(

2
√

π

T̃ �0Q(S)X

)2
γ (1+β)�P (Q,S)

�4
χ2

1(2) cos2 ϕk.

(16)

By adjusting the intensity of the laser pulses according to
Eqs. (15) and (16), the population is transferred from initial
state |1〉 to an arbitrary coherent superposition of desired states
|φC〉 = (χ1|2〉 + χ2|3〉).

B. STIRAP technique in nuclear tripod systems
In this subsection we assume that the Rabi frequencies

for each nucleus (X) can be rewritten in the following
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TABLE III. Branching ratio of |4〉 → |i〉 (i = 1,2,3) and XFEL parameters. The accelerated nuclei have the relativistic factor γ , determined
by the one-photon resonance condition γ (1 + β)h̄ωP = ck41. h̄ωQ and h̄ωS denote the photon energies. The pump photon energy is 12.4 keV
for SXFEL and 25 keV for XFELO.

Nucleus Branching ratio SXFEL XFELO

B41 B42 B43 γ h̄ωQ (keV) h̄ωS (keV) γ h̄ωQ (keV) h̄ωS (keV)

97Tc 0.9653 0.0058 0.0289 22.6 9.76 7.36 11.2 19.73 14.83
154Gd 0.5167 0.4752 0.0026 50.1 11.17 5.59 24.8 22.52 11.31

form:

�PX(t) = �0PX

√
ζ ′
P exp

{
−

[
(t − τ )

T̃

]2
}

, (17a)

�QX(t) = χ1�0QX

√
ζ ′
Qexp

{
−

[
(t + τ )

T̃

]2
}

, (17b)

�SX(t) = χ2�0SX

√
ζ ′
Sexp

{
−

[
(t + τ )

T̃

]2
}

, (17c)

where 2τ is the time delay between laser pulses and

ζ ′
P = I eff

P , ζ ′
Q = I eff

Q

χ2
1

, ζ ′
S = I eff

S

χ2
2

, (18)

such that for superposition with equal amplitudes we have

ζ ′
Q

ζ ′
S

=
(

χ2�0SX

χ1�0QX

)2

. (19)

.
In order to satisfy the condition of adiabaticity for STIRAP,

the laser intensities should be sufficiently large [18], and the

relation between the real intensities in the laboratory frame
and the effective laser intensities for two different conditions
can be written as follows:

(i) For �4 � γ (1 + β)�P (Q,S) we have

IP (Q,S) = I eff
P (Q,S). (20)

(ii) For �4 < γ (1 + β)�P (Q,S) using (11) the real in-
tensities in the laboratory frame can be calculated.
By satisfying the above conditions one can create
an arbitrary coherent superposition of states (|φC〉 =
(χ1|2〉 + χ2|3〉)) using the STIRAP technique in nu-
clear systems.

IV. NUMERICAL STUDY

For the numerical study, we choose 154Gd and 97Tc.
We consider for both schemes that the pulse duration and
bandwith of the SXFEL laser pulse are TP (Q,S) = 0.1 ps and
�P (Q,S) = 10 meV [38]. Tables II and III represent the essential
parameters for the numerical study. In Figs. 3 and 4 we clearly
see the working conditions for STIRAP and coincident pulse

FIG. 3. Rabi frequencies in the nuclear rest frame (top frame) and diagonal elements of density matrix ρmm (m = 1,2,3,4) in accordance
with the populations of states |1〉, |2〉, |3〉, and |4〉 (lower frame) vs time for 154Gd in the STIRAP frame using SXFEL parameters in
master equation (8). The population of the state |4〉 is zero during the whole dynamics. The linewidths and branching ratios of states
|3〉 and |2〉 are �3 = 102 × 10−3 meV, �2 = 393 × 10−6 meV, B32 = 1, B31 = 0, and B21 = 1. The real intensities of XFEL pulses are
Ip = 26.34 × 1023 W/cm2, IQ = 9.46 × 1022 W/cm2, and IS = 40.66 × 1023 W/cm2; τ = 1.5 × 10−15 s. See the discussion in the text and
Tables II and III for further parameters.
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FIG. 4. Rabi frequencies in the nuclear rest frame (first row) and diagonal elements of density matrix ρmm (m = 1,2,3,4) in accordance with
the populations of states |1〉, |2〉, |3〉, and |4〉 (second row) vs time for 154Gd in the coincident pulse frame using SXFEL parameters in master
equation (8). The linewidth and branching ratioes of states |3〉 and |2〉 are �3 = 102 × 10−3 meV, �2 = 393 × 10−6 meV, B32 = 1, B31 = 0,
and B21 = 1. The real intensities of XFEL pulses in the kth step are IPk

= 26.338 × 1019 sin2 ϕk W/cm2, IQk
= 2.37 × 1019 cos2 ϕk W/cm2,

and ISk
= 10.17 × 1020 cos2 ϕk W/cm2. See the discussion in the text and Tables II and III for further parameters.

techniques using SXFEL pulses in 154Gd, which correspond to
the superposition of states |2〉 and |3〉 with equal amplitudes.
In 154Gd the lifetime of excited state |4〉 is 1.54 fs which is
similar to the laser pulse duration in the nuclear rest frame. As
can be expected, complete population transfer occurs using
STIRAP. However, it needs a train of coincident pulses to
complete population transfer in 154Gd (see Fig 4). STIRAP

needs large laser pulses intensities compared to the coincident
pulse technique, which may be hard to reach experimentally.
The other nucleus which can be used as a tripod system is
97Tc, in which the lifetime of excited state |4〉 is 0.76 ps,
which is longer than the XFEL pulse duration in the nuclear
rest frame. Coherent superposition of states |2〉 and |3〉 with
equal amplitudes can be achieved using SXFEL pulses in
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FIG. 5. Final fidelity of desired state 1√
2
(|2〉 + |3〉) as a function of �ζP ,�(ζQ(S)) so that ζP = (0.0002 + �ζP ) × 1021 W/cm2, ζQ =

(1.0293 + �(ζQ)) × 1021 W/cm2, and ζS = (6.757 + �(ζS)) × 1021 W/cm2 for 97Tc by using SXFEL parameters for N = 1 (a) and N = 10
(b) sequences of coincident pulses (in this case we consider the radioactive decay of state |4〉). The highest values of the horizontal axis
lead to calculated real intensities in the kth step of IPk

= 740.76 × 1021 sin2 ϕk W/cm2, IQk
= 223.27 × 1022 cos2 ϕk W/cm2, and ISk

=
435.37 × 1022 cos2 ϕk W/cm2. See the discussion in the text and Tables II and III for further parameters.
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TABLE IV. The final populations of states |2〉 and |3〉 without and with taking into account the radioactive decay of states |3〉 to |2〉,|1〉 and
|2〉 to |1〉. All parameters are the same as in Figs. 3 and 4.

Technique Populations without the decay of states |3〉 and |2〉 Populations with the decay of states |3〉 and |2〉
Final population of |2〉 Final population of |3〉 Final population of |2〉 Final population of |3〉

STIRAP 0.5004 0.4987 0.5007 0.4985
Coincident pulse
N = 1 0.4849 0.3919 0.4852 0.3916
N = 5 0.5127 0.4753 0.5146 0.4732
N = 15 0.5060 0.4922 0.5122 0.4859

97Tc for IPk
= 740.76 × 1021 sin2 ϕk W/cm2, IQk

= 223.27 ×
1022 cos2 ϕk W/cm2, and ISk

= 435.37 × 1022 cos2 ϕk W/cm2

in the kth sequence of the coincident pulse technique. In order
to implement the STIRAP technique in 97Tc, we can use
Ip = 740.76 × 1023 W/cm2, IQ = 225.60 × 1024 W/cm2,
and IS = 435.37 × 1024 W/cm2.

One issue that needs to be addressed in more detail is
the role of laser intensity fluctuations on population transfer
efficiency. STIRAP is robust against small variations of
laser intensity. However nuclear state superposition by one
sequence of coincident pulses needs precise adjustment of
laser intensities. We plot in Fig. 5 results for 97Tc using SXFEL
to show the influence of the deviation of the laser intensities
on the final fidelity of the desired state [|ψd〉 = 1√

2
(|2〉 + |3〉)],

which is defined as F = |〈ψd |ψ(tf )〉|2. One can notice that the
robustness of system to deviation from the calculated quantities
in the kth step (i.e., IPk

= 740.76 × 1021 sin2 ϕk W/cm2,
IQk

= 223.27 × 1022 cos2 ϕk W/cm2, and ISk
= 435.37 ×

1022 cos2 ϕk W/cm2) increases by increasing the number
of coincident pulses from N = 1 [Fig. 5(a)] to N = 10
[Fig. 5(b)].

In the numerical studies of Figs. 3 and 4 we considered
radioactive decays of excited state |4〉 and other unstable
ground states |2〉 and |3〉. The lifetime of states |2〉 and |3〉
in 154Gd is longer than the laser pulse duration in the nuclear
rest frame, and the populations of states |2〉 and |3〉 do not
significantly affect the efficiency of coherent superposition of
states |2〉 and |3〉 with equal amplitudes. We present in Table IV
the final populations of states |2〉 and |3〉 without and with
radioactive decays of these states with the same intensities.

V. DISCUSSION AND CONCLUSION

In summary, we have investigated coherent superposition
of states in nuclear tripod systems using coincident pulses
and STIRAP techniques. Using these schemes, one can create
a nuclear coherent superposition of states with relatively low
energy hard x-ray photons. The required intensities of the three

laser pulses used were derived to create coherent superposition
of two unstable ground states from a single ground state in
154Gd and 97Tc. In the STIRAP technique we selected the
laser intensities to be sufficiently large to satisfy the condition
of adiabaticity for STIRAP.

The proposed method in this paper has some advantages
in experimental implementations. In both techniques, we used
a copropagating laser beam setup in which the number of
the coherently excited nuclei is significant and has a better
chance to be realized experimentally in the near future [14].
In the coincident pulse technique, we have shown that the
robustness of the system to deviation from the calculated
intensities increases by increasing the number of pulse sets.
Besides that, after each sequence of pulses the populations
of the system are in three ground states, and as a result the
time delays between the neighboring pulses will not affect
population transfer efficiency.

Coherent excitation of nuclear states can be used in
coherent γ -ray spectroscopy. Traditional γ -ray spectroscopy
measures only total intensity, which is proportional to diagonal
elements of the density matrix. Coherent γ -ray spectroscopy
gives additional information that can be used for the optical
measurement of nuclear properties. The superpositions of
states in our method are not degenerate. So there will
be a clock-like reference phase that will be running with
them. Very high frequency, so possibly an extremely precise
clock might result. Also, coherent superposition of states can
be used for quantum-beat spectroscopy in nuclear systems,
which represents a beautiful demonstration of the fundamental
principles of quantum mechanics. The quantum beat occurs as
a result of coherent superposition of nondegenerate states |2〉
and |3〉 excited from lower level |1〉. The interference of the
time dependent wave functions of the two coherently excited
levels leads to this phenomenon [51].
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