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Poincaré covariant definitions for the spin-dependent spectral function and for the momentum distributions
within the light-front Hamiltonian dynamics are proposed for a three-fermion bound system, starting from the
light-front wave function of the system. The adopted approach is based on the Bakamjian—-Thomas construction
of the Poincaré generators, which allows one to easily import the familiar and wide knowledge on the nuclear
interaction into a light-front framework. The proposed formalism can find useful applications in refined nuclear
calculations, such as those needed for evaluating the European Muon Collaboration effect or the semi-inclusive
deep inelastic cross sections with polarized nuclear targets, since remarkably the light-front unpolarized
momentum distribution by definition fulfills both normalization and momentum sum rules. Also shown is a

straightforward generalization of the definition of the light-front spectral function to an A-nucleon system.
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I. INTRODUCTION

In the analysis of the next generation of high-energy
electron-nucleus scattering experiments planned at the Jef-
ferson Laboratory (JLab) upgraded at 12 GeV [1], as well as
at the future Electron-Ion Collider [2], a refined description
of nuclei will play a relevant role [3], with a particular
interest in the polarized *He target at JLab12. High-precision
experiments, involving both protons and neutrons, are in
fact necessary to clarify the flavor dependence of (i) parton
distribution functions (PDFs), measured in inclusive deep
inelastic scattering (DIS), and (ii) transverse-momentum-
dependent parton distribution (TMDs; see, e.g., Ref. [4] for
a general introduction), accessed through semi-inclusive DIS
(SIDIS). In the next few years, several experiments involving
a *He nuclear target will be performed at JLab12, with the aim
at extracting information on the parton structure of the neutron.
New DIS measurements are planned [5,6] and, in particular,
the three-dimensional neutron structure in momentum space,
described in terms of quark TMDs, will be probed through
SIDIS off polarized *He, where a high-energy pion (kaon) is
detected in coincidence with the scattered electron [7,8].

To be able to extract PDFs and TMDs in the neutron
from DIS and SIDIS off *He, accurate theoretical descriptions
of the structure of *He and of the scattering process are
also needed. Initial studies of DIS and SIDIS off *He were
performed in Ref. [9] and in Ref. [10], respectively, where the
plane-wave impulse approximation (PWIA) was adopted to
describe the reaction mechanism; namely, the interaction in the
final state (FSI) was considered only within the two-nucleon
spectator pair which recoils. The *He structure was treated
nonrelativistically by using the AV18 NN interaction [11].

In a recent paper [12], the spectator SIDIS process off
polarized 3He, where a deuteron in the final state is detected,
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was studied by taking into account for the first time the FSI
between the hadronizing quark and the detected deuteron
through a distorted spin-dependent spectral function of *He.
The study of the standard SIDIS process off transversely
polarized *He with a fast detected pion including the FSI is
presented in Ref. [13], where the FSI between the observed
pion and the remnant is again taken into account through a
distorted spin-dependent spectral function (preliminary results
can be found in Ref. [14]). However, the description of the
nuclear dynamics in Refs. [13,14], is still nonrelativistic or,
more appropriately, non-Poincaré covariant, while the high
energies involved in the forthcoming SIDIS experiments [7,8]
should require a proper treatment of Poincaré covariance.
Our aim is to obtain a Poincaré covariant description of
nuclear dynamics which considers only the nucleonic degrees
of freedom and takes care of the large amount of knowledge
on the nuclear interaction obtained from the nonrelativistic
description of nuclei. Our approach could be used as a well-
grounded relativistic starting point for further developments
in the analysis of DIS or SIDIS processes, as the inclusion of
other degrees of freedom, necessary for a full comprehension
of these processes once the wavelength of the probe becomes
more and more tiny (see, e.g., Ref. [15] and references therein).
In particular, in this paper, the structure of a spin—% three-
nucleon system is investigated within a relativistic, Poincaré
covariant framework (see Refs. [16,17] for early studies). Our
approach can be straightforwardly generalized to other spin-%
three-body systems and even to complex nuclei. To develop
a Poincaré covariant framework that allows one to embed our
knowledge of the nuclear interaction, we adopt the relativistic
hamiltonian dynamics (RHD) [18] with a fixed number of on-
mass-shell constituents in its light-front (LF) version [19-22].
Within the LF form of RHD, the Poincaré group has a subgroup
given by the LF boosts, which allows a kinematical separation
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of the intrinsic motion from the global one. Such a property
plays a very important role for the relativistic description of
DIS, SIDIS, and deeply virtual Compton scattering (DVCS)
processes, where the final states can have a fast recoil.
Furthermore, the LF dynamics allows a meaningful Fock
expansion of the interacting system state [23] (with the caveat
of zero modes). Only the valence component of the LF wave
function of the system is considered here. If non-nucleonic
degrees of freedom are needed for an accurate description of
experimental data, as can be the case for a full evaluation of
phenomena such as the European Muon Collaboration (EMC)
effect, then within the LF Hamiltonian dynamics one could
introduce higher Fock components of the LF wave function
and the corresponding spectral functions, as suggested, e.g.,
in Ref. [24], or reconstruct the effects of the higher Fock
states through the introduction of many-body currents by
exploiting the exact LF projection technique proposed in
Ref. [25]. Note that, in a field-theoretical framework, explicitly
covariant, the constituent masses are off shell and the four-
momenta are conserved, but the interaction must be introduced
perturbatively. On the contrary, in a RHD framework (i) the
explicit covariance is lost, (ii) the constituent masses are
on mass shell and only three component of the momenta
are conserved, but (iii) Poincaré covariance fully holds, and
(iv) the interaction can be introduced nonperturbatively
through the Bakamjian—Thomas construction of the Poincaré
generators [26]. This last feature is essential for a realistic
description of nuclei. For the sake of definiteness we consider
the case of the three-nucleon systems, i.e., 3He and *H.

The key quantity to be considered is the LF spectral
function, depending on (i) spin and intrinsic momentum of
the nucleon and (ii) the removal energy of the two-nucleon
spectator system (for the definition of the nonrelativistic spin-
dependent spectral function see, e.g., Ref. [27]). In general, for
an A-body system the spectral function yields the probability
distribution to find a constituent with a definite value of
spin and momentum, while the (A — 1)-constituent spectator
system has a definite value of its mass. Such a distribution,
properly convoluted with the probe-nucleon elementary cross
section, leads to the description of scattering processes off
nuclei in the impulse approximation. In this case, the motion
of the knocked-out nucleon is free, while the spectator system
is fully interacting. Therefore, one has to relativistically
describe a final state where the cluster separability should be
implemented. As shown in Ref. [19], this can be achieved
by adopting the tensor product of a plane wave for the
knocked-out constituent and a fully interacting intrinsic state
for the spectator system, with given mass, all moving in their
intrinsic reference frame. To build the spin-dependent spectral
function, one needs to evaluate overlaps between the final state,
previously described, and the ground state of the three-nucleon
system. As a consequence, a crucial part of the paper is
devoted to carefully defining interacting and noninteracting
two- and three-body LF states, also providing the detailed
link with the instant form counterparts. Notably, given the
Bakamjian—-Thomas (BT) framework we have assumed, the in-
stant form states in turn can be safely approximated by the
corresponding nonrelativistic quantities, as explained in what
follows. It should be pointed out that, in order to describe
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the needed states, three reference frames are considered:
(i) the laboratory frame of the fully interacting three-body
system, (ii) the intrinsic LF frame of three free particles, and
(iii) the intrinsic LF frame of a cluster of a free particle and an
interacting two-particle subsystem.

With respect to previous attempts to describe DIS processes
off 3He in a LF framework (see, e.g., the one in Ref. [24]),
in our approach special care is devoted to the definition
of the intrinsic LF variables of the problem, as well as to
the spin degrees of freedom in the definition of the spin-
dependent spectral function. Details of the difference between
our approach and the one of Ref. [24] are given in Sec. IV.
Let us only anticipate here that the essential difference is the
definition of the intrinsic nucleon momentum: in this paper
it is the intrinsic momentum « of the nucleon in a cluster of
the nucleon and the fully interacting (A — 1)-spectator system
with given mass, needed to implement the cluster separability,
while in Ref. [24]) it is the intrinsic nucleon momentum k for
a system of A free nucleons. The difference between the two
momenta k and k depends on the energy of the interacting
(A — 1) system and introduces an effect of binding which is
new with respect to previous approaches within LF dynamics.

Our paper is organized as follows: in Sec. II the LF
kinematics is summarized and in Sec. III the LF dynamics
of two- and three-particle systems is briefly described and,
whenever possible, use has been made of appendixes to
collect and discuss in detail the relevant formal results.
Section IV presents the definition of the LF spin-dependent
spectral function in terms of the above-mentioned overlaps, as
well as the LF momentum distributions and their sum rules.
Conclusion and perspectives are discussed in Sec. V.

II. LIGHT-FRONT KINEMATICS

In this section, for the sake of completeness and to establish
the formalism, we briefly review the LF kinematics [19].

A generic LF four-vector is v = (v~,¥), with ¥ = (vT,v})
and v = v° & v3; moreover, the scalar product of two vectors
aandbisgivenbya-b=(a" bt +ath7)/2—a, -b,.

Let us consider a system of mass M of n on-mass-shell
interacting particles of mass m;, momenta p; (i =1, ...,n),
and total momentum P in the laboratory frame (P? = M?).
The minus components of the momenta are

o omi+pil?
P = (D
D;

and the following intrinsic variables (invariant under a LF
boost) can be introduced:

+

+
=P kKii =piL — p—lPL =pi. —&P.. (2

§i=pr T

The conserved total LF momentum of the system (a three-
dimensional one!) is given by

Pt = Z pi. PL= Z piL, &)

i=l,n i=l,n
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and as a consequence one has
D=1 > ki=0. @
i i

One can complete the intrinsic variables by adding the plus
and minus components of the intrinsic momenta as follows:

ki = & My,

Pt P, P\’ m? + |k; | |?
ki = —|p; il —+pi = =,
e o (N

®

where M is the invariant (for LF boosts) free mass, given by

m? + |p; L |? m? + |Kk; | |?
Mi=pr Y R P = )

(6)

Then, in a more compact form,
k' = [Br ®/Mo)], p}, @)

with BLF(f’/ M) being a LF boost to the intrinsic rest frame of
the system of n free particles of momenta p;. Such a frame is
defined by a total LF momentum l~’imr = {Zi ki+ = My,0,}.

Notice that ki2 = pl.2 = ml.z, since in the light-front Hamil-
tonian dynamics (LFHD) the constituents are put on the
mass shell, as already mentioned. This feature, with the nice
separation of the intrinsic motion from the global one, as shown
in Eqs. (6) and (14) (see below), make straightforward the
analogy with the nonrelativistic case.

Instead of the intrinsic variables &;, one can introduce an
alternative set of variables; namely,

m? + |k; | |? @)
Mg ’
that fulfill the following constraint [cf. Egs. (4) and (6)]:

> ki =0. )

i=1,n

1 M,
ki:—kﬂ»—kf = —1& —
o=l =kl 2[5

Then, one can equally well use the LF intrinsic variables,
{ki+ ,K; 1 }, or the Cartesian intrinsic variables, K;, that fulfill

Z k; = 0. (10

i=l,n

To adopt the variables k; is useful for making evident the
analogy with the nonrelativistic framework, still remaining in
the LFHD approach. In the case of free particles the intrinsic
LF frame, defined by f’imr = {Mj,0,}, can be also defined
by P = 0. Let us recall that the bold character indicates a
Cartesian vector, while the added tilde symbols indicates a LF
three-vector.

Because of the positivity of &;, one can invert Eq. (8),
obtaining

ki +Jm? + ki + ksl g 4 E
- My - Mo

&i . (D
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where E; = (ml.Z + |k;|%)'/2. Then
> Ei = M. (12)
i=l,n

Let us stress that the minus component of the total momentum,
P, is different from the free one [19]:

. M*+P _ m} + |piL|?
R R
i=l,n i=1,n Pi
1 m; + |piL|? _
= ﬁ Z % = Pfree' (13)
i=l,n !
In terms of the free mass, one can rewrite Py, as follows:
- 1 2 2
Pree = 5 [Ms + PLI]. (14)

For a particle of mass m, the LF spin, which has the
three components s{ in the particle rest frame, yields the
Pauli-Lubanski four-vector in the reference where the particle
has LF momentum p, by applying a proper LF boost, By p(P/m)
(see, e.g., Ref. [20] for a detailed discussion of the LF spin). On
the other hand, the canonical spin (instant form) sj', is obtained
through a canonical boost B !(p/m) applied to the same
Pauli—Lubanski four-vector. Therefore, the relation between
the two spins is given by

st = [BZ'/m)] [Bir®/m)'siy = (R, ®)sty,  (15)

where R (P), called Melosh rotation [28,29], is the rotation
between the two rest frames reachable through LF and
canonical boosts, respectively [19]. This rotation of spins
implies the following relation between the plane-wave states
of a particle with spin s (notice that the squared spin does not
depend on the chosen RHD form) in the instant form and the
LF one

psso)e = Y DYy [Ru(@IIP; sk, (16)

where D2, [Ry(P)]is the Wigner function for a spin s. Within
SL(2C), the covering set of the four-dimensional Poincaré
group, the representation of the Melosh rotation for s = 1/2,
relevant in what follows, is a 2 x 2 matrix and reads

Tm+k+—m-(2><kl)
T kT + kL2
= 1r(k;so|k;sa'),, (17

D[Ry (K)o = x

where x, is a two-dimensional spinor. The main feature of
LF rotations, Rip, is given by the difference between the
corresponding Wigner rotations (that occurs when the state
|l~{; so') p has to be transformed) and the rotations itself,
differently from the case of instant-form rotations Ryr (where
Rir coincides with the associated Wigner rotation) [19,20].
This prevents the use of the usual Clebsch—Gordan coefficients
for constructing the spin-spin and orbital-spin couplings within
a LF framework, and therefore one has to exploit the relation
(16) with the canonical spin.
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We adopt the following normalization for the LF states |P; so ) F:

Lr(o s, B [Bsso)r = 2p* QY8 (B — 9) Y D [Ru(®ID, (R, )] ('sls i)
W

=2pT a8 D — P)doro, (18)

and for the instant form states and spinors,

(p'lp) = 2EQ27)*8(p, — p)s(p'. — p1)

uu = 2m, ulu = 2FE, (19)
with E(p) = (m* + [p/»)'/* and dp*/dp. =1+ p./po =
"/ po.

III. LIGHT-FRONT DYNAMICS FOR TWO- AND
THREE-PARTICLE SYSTEMS

This section presents a resumé of the main features of the
BT construction, which allows one to consistently include the
interaction in the generators of the Poincaré group (see, e.g.,
Ref. [19]). In particular, since for defining the LF spectral
function one needs overlaps between the three-nucleon ground
state and three-nucleon states composed by the tensor product
of a plane wave for one of the particles and a two-body
interacting state for the spectator pair, we will focus on two-
and three-body cases.

A. Dynamics of two interacting particles

In the case of a system of two identical particles, the
LFHD leads to an ansatz for the two-body mass operator able
to naturally embed a description based on the Schrodinger
equation into a Poincaré-covariant framework (see, e.g.,
Refs. [30-32] for an application).

By eliminating the longitudinal LF variable & in favor of
the third Cartesian component of the intrinsic momentum

ke = ki = Mo(1,2)(§ — 3), (20)
where Mg(l,Z) is given by

m* + ki
£1-8)

one can show the formal equivalence between a nonrelativistic
description and a LF one. Moreover, one has

M2(1,2) = =4[EK)]> = 4m* + |K]?), (21

ki = EMo(1,2) = k¥,
k= (1—&)Mp(1,2) = Mp(1,2) — k™. (22)

The two-body Hamiltonian, with an interaction that de-
pends upon intrinsic variables and fulfills the correct invari-
ance properties under rotations and translations, leads to a
square mass operator suitable for a Bakamjian—-Thomas (BT)
construction of the Poincaré generators [26]. This construction
gives a simple way to introduce the interaction in the generators
while satisfying the correct commutation rules. As a matter of
fact, within the BT framework the two-body mass equation

[
can be written as follows (see, e.g., Refs. [19,21,22]):

(01,02: 11, 72: k| [M§(1,2) + U(KD]1 . jos €ineoos TT)
= M*(01,02; T1,12; K, o' €ine, 3 TT2),

(01,02: 11,72 k|[4m® + 4 K> + U(K)[11]. ji: €in0; TT)
= M*(01,02; T1,12; K, o' €ine, 03 TT2),

k| .
(01,07; n,rz;kl[7 + VUKD |1/, Jz; €m0t TT)

= €in(01,02; 71, 72; K|/, jz; €ine, 0 TT), (23)
where V = U/(4m) and

M? — 4m?
€ing = ————- (24)
4m

In the last line of Eq. (23) one formally recovers the
Schrodinger equation for a two-body intrinsic eigenstate (that
does not depend upon the chosen RHD) of angular momentum
(J,Jj.), the intrinsic energy e€i, (negative for bound states
and positive for the scattering ones), and isospin (7,T).
The symbol « represents the quantum numbers needed to
completely define the state of the system. For the bound state
(the deuteron in our case) one has M = 2m — B, and then

BZ
€n = —B + — ~ —B, (25)
4m
given the small binding energy of the deuteron with respect to
its mass. For the scattering states, one has M 2 — 5, withs being
one of the Mandelstam variables, and asymptotically M? =
4m? + 4|t)* with t being the asymptotic Cartesian momentum
in the intrinsic frame. Then, one can write
M? —4m?* |t
€ = ————— = —. (26)
dm m
Therefore the intrinsic eigenstates of Eq. (23) (i.e., of a
Poincaré covariant mass operator) can be safely identified
with the usual nonrelativistic two-body eigenstates [31,32]
[only for bound states one disregards terms O(B/(4m))] and
the overlap (o1,02; 11, 72; K|, j;; €int,0; T T7,), which contains
canonical spins, with its nonrelativistic counterpart.
As discussed in Appendix A, the normalized LF two-body
wave function is

Le(01,02; 71, T2 K P [Py, s €03 T T ) 1p
= 2P 2n)’83 (@ — P)V/(2n ) E(K)
< Y D[Ryt (R)]oyo; D2 [Rg (—K) ooy

o
UI’JZ

x(01,05; T1,T2; K|/, J23 €ini, s TT2), 27
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where we define [cf. Eq. (22)]
—k= (Mo — k"), —ky). (28)

It has to be emphasized that, in the intrinsic two-body wave
function (0{,05; 71, 72; Kl j, j; €ini,; T T7), the canonical spins
can be composed with the orbital angular momenta by using
the familiar Clebsch—Gordan coefficients. The state |k) (with
Cartesian variables) is normalized as follows:

K'|k) = 8(K —K). (29)

Notice the difference with Eq. (19). Furthermore, for the
two-body interacting case the LF completeness reads [see
Eq. (A18)]

dP I 5 .
fm E E AMo)dr|P; j, jz5 €m0 TT:)Lp
Joja TT;

X LT3 &€t Jov j3 P = 1, (30)

where the symbol ¥ means a sum over the bound states
of the pair (namely the deuteron in the present case) and
an integration over the continuum. Notice the choice of the
Cartesian ¢+ momentum to label the intrinsic energy. The
quantity A(z) is the ¢ density of the two-body states [A(t) =
1 for the bound states and A(r) = ¢*> for the continuum].
Such a completeness follows from the one fulfilled by the
eigensolutions of Eq. (23), i.e.,

> Zi MO K| ], o €in s TTIT T 0 €in s 1K)

JiJ:a TT;

= 83K —K). 31

B. Three-interacting-particle systems

To have a Poincaré covariant description of an interacting
system, such as the *He nucleus, it seems appropriate to adopt
the LFHD framework combined with a Bakamjian—-Thomas
(BT) construction [26] of the Poincaré generators. With a
suitable ansatz for the interaction (see, e.g., Refs. [19,22]),
the mass operator is

M(1,2,3) = My(1,2,3) +V(1,2,3)

= Y M kP VK k) (32)

i=1,3

where k; are the intrinsic momenta defined in Sec. II, and the
interaction V is invariant for rotations and translations. The
ground state can be written as the product of a plane wave de-
scribing the global motion with LF momentum P times eigen-
vectors of the three-body mass operator in Eq. (32). It reads

. 1
P;Ja]z;eﬁ—lpn;zaTz>LFs (33)

where €3

i = M3 — 3m is the energy, j is the total angular
momentum, 1/2 is the isospin of the system, and IT is the
parity. From now on, we assume that the three particles have
the same mass.

When applications like DIS or SIDIS processes are con-

cerned, the issue of macrocausality has to be considered, i.e., if
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the subsystems which compose a system are brought far apart,
the Poincaré generators of the system have to become the sum
of the Poincaré generators corresponding to the subsystems in
which the system is asymptotically separated. It is important
to notice that the packing operators [19,33], which make it
possible to include the macrocausality, are not considered in
the present approximation for the description of the bound
state. However, we implement macrocausality in the tensor
product of a plane wave for the knocked-out constituent times
a fully interacting intrinsic state for the spectator pair. This
tensor product is needed for the definition of the LF spectral
function, as shown below.

In a given frame, the LF three-body wave function can
be expressed in terms of the intrinsic wave function, with
canonical spins. Therefore, as in the two-body case, one can
approximate such an intrinsic wave function by the corre-
sponding nonrelativistic wave function, after checking that the
nonrelativistic Schrodinger operator can be properly identified
with a BT mass operator. Then the key point for actual
calculations is the approximation M(1,2,3) ~ Myg(1,2,3),
which is based on an appropriate definition of the interaction
V. This approximation is allowed since

Myg(1.2.3) =3m+ Y _ k7 /2m + V¥
i=13

+ VAR + ViR + ViR (34)
fulfills rotational and translational invariance; namely, the
general properties for making a mass operator acceptable as a
BT mass operator. As a matter of fact, these properties are just
those satisfied by the nonrelativistic nuclear interactions that
give an accurate description of two- and three-nucleon data
(see, e.g., Refs. [11,34]). An early investigation of the elec-
tromagnetic trinucleon systems, within the above-illustrated

approach and using the refined nonrelativistic ground states of
Ref. [35], can be found in Ref. [36].

1. Nonsymmetric intrinsic variables

To define the LF spectral function one needs the overlaps
between the ground state of the three-body system and the
states composed of the tensor product of a free nucleon and a
fully interacting two-body system. Therefore, proper variables
suited to describe these states have to be introduced. Instead
of the symmetric intrinsic variables l~(i (i =1,2,3) that refer
to the three particles moving in the three-body intrinsic frame,
it is more suitable to introduce nonsymmetric variables. Let
us consider the intrinsic variable l~(j for particle j and the
intrinsic variables for the internal motion of the spectator pair.
For the sake of concreteness, let us take j = 1 and focus on the
kinematics of the (2,3) pair, which globally moves in the three-
body intrinsic frame with total LF momentum (K 2+3,K23 1) A
set of intrinsic variables for the internal motion of the (2,3)
pair can be defined as follows:

ky & & Py

n = = = = s
ky +ki  (B2+&) 1—&  py+py
K31 = Koi — kot +Ks31) = kot + 1Ky,
1
k= nMas, ko, = Moy (77 - §>, (35)
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where ki+ = (m? + |k;|)'/? + ki, and Mo is the free mass for
the (2,3) pair, defined as in Eq. (21),

,  m?+ Ky 2 /3 272
M23=w=[2 m? + Koz |*]". (36)

Furthermore, the total LF momentum of the free (2,3) pair

in the laboratory frame is
Pfi=py +py. Puai=pa+paL, (37)

while in the intrinsic three-body frame the total LF momentum

1S
K =ki+ki, Kpi=ki+ki=-kii. (38)

In terms of the nonsymmetric intrinsic variables, the free
mass of the three-particle system can be written as follows:

Mo(1,2,3) = >~ y/m? + [k 2

i=13

= vm?+ K + /M3 + k|2

m2+ k 2 M2 + |k 2
= Mo Py Mt llul® g,
kl K23

J

. I D/
LF<(71 ,02,03; T1, T2, 73; K1, K3, P
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Then one has

m*+ Koy > m?+ ks |?
ky ky
= m[M% + |k2J_ + k3J_|2]7 (40)
and therefore
2 k 2 2 k 2
M2, = m~ + |kay | m-+ ks |© kP @D
n (1I—mn)

2. Three-body light-front wave function with nonsymmetric
intrinsic variables

For the fully interacting case, i.e., V(1,2,3) # 0, the three-
body LF wave function can be expressed through (i) the
nonsymmetric intrinsic variables {EI,E23} introduced in the
previous section, instead of using the three-body standard
Jacobi coordinates (defined through k1,k>,k3), and (ii) canon-
ical spins in the reference frame where P = My(1,2,3).
Therefore, by repeating analogous steps as in the two-body
case [cf. Eq. (27)], one has

S .. 3 1
P;Ja.}Z;EimaH;E’Tz
LF

=2P QY8 ® —P) > 3N DRy (K)loro; D[Rt (K)loso; D[Ry (R3)]ro

/
op 0 O3

(Qm)2E ExsMa| ,
X _—
2Mo(1,2,3)

where Ex = (M3 + |ki|)!? and Mas = [m? + |kos 1 |* +
(k33)*1/k);. The LF variables k, and ks can be easily
obtained from k; and kys. Indeed one has (i) n = kj;/ Ma;,
(i) ko1 = ko3 — nkyy, (i) ki = =k —koi, (iv) &5 +
ki = Mo(1,2,3) — ki [cf. Eq. 39)], (v) k3 = n(ks + k),
and (vi) ki = Mo(1,2,3) — k| — k5.

In Eq. (42), the intrinsic wave function with canonical spins
(0/,05,05; 11,72, 13, K1, Koz, ji.5 e?nt,l'l; %TZ) is the eigensolu-
tion of the mass operator M(1,2,3) of Eq. (32), which in actual
calculation can be approximated by the nonrelativistic Hamil-
tonian operator (since, we repeat, the symmetry requirements
are the same). As shown in Appendix B [see Eq. (B19)], the
factors in Eq. (42) allow one to recover the normalization for
the intrinsic part of the three-body bound state according to

> /dklfdk23

71,72,13 01,02,03

X =1,

N 1
JoJzos € T =T

<61,02,03;Tl,fz,fs;k1,k23 5

(43)

as in the nonrelativistic case.

/. .
01562703’ Tlarz’T.?nklakZ?)

. 1
JATM ¢ 5T2>, (42)

(
3. Free-mass and intrinsic reference frame for the (1,23) cluster

Because of our interest in constructing the overlap between
the three-nucleon ground state and a state where only the
pair (2,3) is interacting, while the third nucleon is free, in
what follows we investigate the corresponding mass operator,
whose eigenstates are the tensor product that we have already
mentioned.

By using the intrinsic variables {£;,k; }, one can introduce
the squared free mass Mé(1,23) for the cluster (1,23), when
the mass eigenvalue of the interacting (2,3) pair is M

m* + |k ? M§ + ki1 |?

M3(1,23) =
o(1.23) £ (1—¢&)

(44)

The intrinsic frame of the cluster (1,23) is defined by
P;(1,23) = {My,0,}. In this frame, the LF momentum of
the nucleon 1 is given by

K = &EMo(1,23),
k1y =piL— &P =Kk, (45)
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while the z Cartesian component reads [see Eq. (8)]

e = Mot ey 2 M2 mi kil
T T T Me(1,23)%,
(46)
As a consequence one has
My(1,23) = E(x1) + Es, 47

with E(ky) = (m* + |k1|*)"/? and Eg = (M3 + |K1]?)"/2.
The total momentum of the (2,3) pair in the same frame is

K§ =(1—&)M(1,23),
Ks = -k =k =koy +k3j,
Kg, = —kiz,

M3 + [k ?
K= Z&' (48)

Son K;

Summarizing the pair (2,3), with internal variables {1,k»3 }
and mass eigenvalue My [cf. Egs. (23) and (35)], is moving
with LF momentum Kg in the intrinsic frame of the rhree-
particle cluster (1,23).

It should be pointed out that the intrinsic frame for the three-
body system (1,2,3) and the intrinsic frame of the (1,23) cluster
are related by a proper longitudinal LF boost that makes the
change P;f(1,23) = M(1,23) — P.1(1,2,3) = My(1,2,3).

4. Nonsymmetric basis for three-interacting-particle systems

In the 1 4 (23) cluster only the interaction U,3 between
particles 2 and 3 is active; then one can introduce a three-body
state given by the tensor product of an eigenstate of the total
LF momentum P times the intrinsic state of the cluster with a
given mass for the interacting pair. In turn, such an intrinsic
state, which fulfills macrocausality [19], is given by the tensor

J

PHYSICAL REVIEW C 95, 014001 (2017)

product of a plane wave for particle 1 with LF momentum #,
times the fully interacting state of the pair corresponding to
the given energy eigenvalue. Therefore, one can write

|P; £10171; j23 j23:€23,5 T3, T23)LF, (49)

which is an eigenstate of the mass operator

M'(1,23) = E(K1)+\/M 3(kas]) + Uos + |4 2

= E(K1)+\/M§§(Ik23|)+ le1]2, (50)

with eigenvalue Mo(1,23) = E(k1) + Eg [Es =
(M3 +1Kc11*)'/?]. The operator M,3(|kas|) = M3;(IKas)) +
U»3(|kp3|) is the square of the intrinsic mass operator of the
interacting (2,3) pair, with eigenvalue M§ = 4(m® + meys)
[see Eq. (23)].

The set of eigenstates (49) is complete with the following
completeness relation:

dic
- [ S ¥ ¥ [ 350

J23J23:0 0171
X |P; 101715 o3, oszs €23, Toz, Toa)Lk

X Lr(T23,723; O, €23} Jo3z, Jo3; T101K 1; P). (51)

Since it will play a relevant role for a proper definition of the
LF spectral function, let us consider the overlap between the
eigenstates (49) and the product of plane waves for (i) the total
LF momentum P’ for a system of three free particles, (ii) the
LF momentum of particle 1, l~(’, in the intrinsic frame of the
three free particles, and (iii) the LF momentum 12’23 for the
intrinsic motion of the free subsystem (2,3). One has

’or e DO LOID. .3 S .
LF(0],0,,03; 71,75, T3; P K| K55 [P B101 715 j23, Jo3z5 €23,05 To3, To3)LF

=2P*2n)’ 8P — P)sr, Lr(o(K| R 101)Lr Lr(03,0%; 73,75 Ko | oz, josz: €23,005 Toz, To3)Lp
FE} E} M,
= 2P Q) P — P)rrr 800 (21283 (K] — KW [SLEB J(omyp -2
(T[) ( )Tll' 1 (77:) ( /+E 2M/(123)
X Y3 D[Ry (Rog)logo, D2 [Ras(—Kay) oo (02,051 75,753 Ky oz, josz €23, Tz Ta3), (52)
[op) o3
where E5; = (M3 + KP)V2, M5y = [m? + [Kys, |? + (K55)*1/ k5%,

My(1,2,3) = \/mz + K| 12 + \/M{‘; + K} |2, (53)

and —K; = (M3, — K59), — Kgs)).

The right-hand side of Eq. (52) reflects (i) the normalization properties of |l~(/1 )Lr and |&)Lp, (ii) the expression for the intrinsic
wave function of the interacting pair (2,3), (iii) the proper overall normalization factors.

In Appendix C the correctness of the normalization factors in Eq. (52) is checked.

To obtain the last step in Eq. (52), one has to notice that the states |l~(101 )Lr and |£101)LF are immediately related to the same

LF state |£,k1, = ki1 ,01), since & = k] /Mo(1,23)

= k?’ /Mop(1,2,3). The two states differ for their normalization, i.e.,

Lr(K) k) = )2k 83 (K, — k), (54)
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and
LE (R [®1)Lr = (2) 26, 83 (R — ). (55)

In Eq. (52), k+(”) is obtained by transforming K1+ from the frame where P™ = M(1,23) to the frame where P = My(1,2,3)
through a longitudinal LF boost, while k(1 | remains unchanged, i.e., one has k(laj = it1, [see Eq. (49)].
To determine k;r(“) one can first evaluate M(1,23) from Eq. (47):

172

2
(k) + (m* + k7)) (k) + (m* + k7 ,) )
Mp(1,23) = + + M: — . 56
0( ) 2/{;"_ ZKT S m ( )
Then one can obtain &,
+
K1
= —) 57
& Mo(1.23) (57)
the three-body system free mass My(1,2,3),
24 g2 M2 112
Ma123) =" Mt (58)
& 1-§
and
k@ = £ Mo(1,2,3). (59)

5. Overlaps between cluster states and bound state of three-particle system

The overlap between a state of the cluster 1 + (23) and the bound state of the three-particle system is the quantity needed for
defining the LF spin-dependent spectral function. As a matter of fact, from Eqs. (33) and (49), one has

LE(To3, T3 0, €035 jos ozzs o s PP L s e, T A T2

= 2P )’ 8@ — P)Lp(Tos, 1a3s €035 jo3 joses Tion &1 | Jios €5 T 3 T2 (60)

As shown in Appendix C 2, after inserting in the intrinsic part of the overlap (60) (i) the completeness operator expressed through
plane waves, i.e. [cf. Eq. (B10)],

f Ry [ MoL2DdK by gy 61)
kg(z SR B A TG SR

and (ii) Egs. (42) and (52), one gets

1
. R sl 2.3 .
LF<T23,T23,(¥,€23,J23J23z,TIUIKI Jy]z’EimvH,ETz

oy | ki Ex o
=> dk23ZD2 w (&), @) 2E (K) +l<“)E D> Doyoy (ks ko) Doy oy (—ko3 k)

(2X2] o} ,03 04,0}

1
. ) "o_n. ror . . @f. ...3 .
X<T23,T23,0[,623,J23J23z|k23,02 563’T23T3><03702’0]’T377:2’Tl’k23’k] ]7]Z’€intvn, ETZ 1) (62)

where the unitary matrices D, ,; are defined by the equation
Doy (ks ki) = > DR} (ko) oy, D2 [Rag (Ki)oror (63)

with the + sign corresponding to i = 2 and the — sign corresponding to i = 3.

Then the overlap of Eq. (60) can be evaluated by approximating (73,723;,€23; j23j23;1K23,05,05; 72, 73) and
(04,05,01; 13,72, 71, Koz K1 1/, jiz5 lnt,1'[ T) with the corresponding nonrelativistic quantities. It should be recalled that the
spins involved are canonical spins.
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The normalization for the intrinsic LF overlap in Eq. (60) follows immediately from the completeness relation (51)

O B RO NS

TataTi 01 ja3jo3d

As shown in Appendix C 3, this normalization can be recovered
by using the explicit expression for the overlaps given in
Eq. (62).

IV. LIGHT-FRONT SPIN-DEPENDENT
SPECTRAL FUNCTION

The nonrelativistic spin-dependent spectral function
P’ (p,E) for a nucleus of mass number A is a 2 x 2 matrix
whose elements are

Y Aporivg,  Wam)

fa-y

x <I//JM|wﬁA,l);ﬁ,O'/T)CS(E—Ef(Ai]) + Ey),
(65)

P; o m(D.E) =

where | 70) is the grourld state of the nucleus with energy
E, and polarized along S, [, ) is an eigenstate of the
(A — I)-nucleon system with energy Ey,_, interacting with
the same interaction of the nucleus, and |p,oT) is the plane
wave for the nucleon T = +1/2, with momentum p in the
nucleus rest frame and spin along the z axis equal to o [37-39].
The state | 7r) polarized along S can be expressed through
the states | 7,, ), polarized along the z axis [38,40] as follows:

Z Wm):

where o, B, and y are the Euler angles describing the proper
rotation from the z axis to the polarization vector S. Let us re-
call that the rotations involved act on the three-nucleon bound
system as a whole and therefore are interaction free.

VZINE DY (e, B.y), (66)

P;/U(K+7KJ.9K_7S)

(I —=8&)M;

<T23,T23; Q,€23; J23J2325 T101,K |

2 2

=1.

.. 3 1 .. 1
]9]Z;€int7n;§TZ = \|JsJzs mt’n 2T

(64)

) In a more compact form, for J = 1/2, the 2 x 2 matrix
P75, (p.E) is given by

PT (5. E) = L[B y(PL.E)+5 - fL(B.E)].  (67)

where the function Bé m pl,E) is the trace of | ( p,E) and
yields the usual unpolarized spectral function P’(| pl.E). Tt
should be noticed that the matrix f’jw (p,E) and the pseudovec-
tor f +((P, E) depend on the direction of the polarization vector
S. Since f (P, E) is a pseudovector, it is a linear combination
of the pseudovectors at our disposal, viz. S and p(p - S), and
therefore it can be put in the following form, where any angular
dependence is explicitly given:

Fu(PE) =SB (IBLE)+ p(p - $)BL y(IPE).  (68)

Let us focus on the A =3 case. To obtain a Poincaré
covariant definition of the spin-dependent spectral function
for a three-particle system within the LF dynamics, one
replaces the nonrelativistic overlaps (p,ot;v¥ fun|¥am)s
which define the nonrelativistic spectral function with their
LF counterparts (g(ts,Ts;o,€;J,J; 10,k |W; S,T,), depen-
dent upon the energy € of the two-body system and upon
the intrinsic momentum £ of the third particle in the intrinsic
reference frame of the cluster 1+ (23) (cf. Sec. IIIBY5).
The LF overlaps yp(ts,Ts;o,€; J,J; t0,k|Wo; S,T,) can be
easily obtained from the overlaps of Eq. (62), writing through
Eq. (66) the ground state [Wo; S,7:) of the three-body system
polarized along S, in terms of the states |}, j.; S iT.),
polarized along the z axis.

Then, within the LFHD one can define the spin-dependent
nucleon spectral function for the three-nucleon system (*He
or °H) in the bound state |¥y; S, T,), as follows:

M2+ |k |2
:Idep(e)z?(/c_ — Ms+ L'“) DN ielts Tsaones J T 10’ it | Wos S TS, Tos WolR 075 J Jos €,00, T Ts)Lp

JJ.a Tsts

1
= —p() Y Lr(ts. Tssoe; I 0" R|Wo; S, TN (S, T Wolie o w3 J Jos €, T, Ts) e = ‘—‘7’;/0(:2,6,5), (69)

3K|

de .I.lDt Tsfg

where

_ (M3 — k™)1 —&)M;3 —

[

4m
is the intrinsic energy of the fully interacting two-nucleon eigenstate, p(¢) is the density of the two-body states [po(€)

(70)

=tm/2

for the two-body continuum states and p(e) = 1 for the deuteron bound state], M3 is the nucleus mass, § = «*/M(1,23) [cf.

Egs. (45) and (56)], and
de
oK~

_ 1 -My

4m D
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Let us notice that the variable «~ is the minus component
of the momentum of an off-mass-shell nucleon, as is clear
from the § function in Eq. (69). In Eq. (69), T = +£1/2, J, J,
is the spin, Ty, Tg is the isospin, « is the set of quantum numbers
needed to completely specify the two-body eigenstate, and
M§ = 4(m> + me).

The overlap g(ts,Ts; @ €; J . J;t0,k|Wy; S,T,) is the one
defined by Eqgs. (66) and (62). In the special case where S is
along the z axis, one obtains

Pl (k,€,S)

= p(e) Z ZLF<"—'5»TS§0‘,€§ JI;to' ik

JJ.a Tsts

2o 3 1
J’Jz’éintvn;sz

1
<2TZ,1'I Elm,] Jzs l?,at;JJZ;e,a;Ts,rg> ,
LF
(72)

and the LF spectral function can be evaluated
through the explicit expression (62) for the overlap
Lrl(ts, Is;o,€; J I, to k| ], )2 lm,1'[, 2TL) in terms of
canonical two- and three-body wave functions. In turn,
these wave functions can be replaced by the nonrelativistic
wave functions. We emphasize once more that the two- and
three-body nonrelativistic wave functions have all the needed
properties with respect to rotations and translations of the
corresponding canonical wave functions.

Letus now illustrate the differences between our LF spectral
function and the one proposed in Ref. [24]. There are two
main differences: The first difference is in the definition of
the intrinsic momentum of the nucleon to be used in the
overlaps 1 g(ts,Ts; o0 €; JJ 5 T0,K| ], jz5 em[,l'l, 2Tz) needed in
the definition of the spectral function. As explained in the
previous sections, in our case the momentum k is the intrinsic
momentum of particle 1 in the intrinsic reference frame of
the cluster 1 + (23). At variance, in Ref. [24], the spectral
function is defined in terms of the intrinsic nucleon momentum
k; in the intrinsic reference frame of three free nucleons. As
a consequence, the states (49) used for the definition of the
spectral function fulfill the macrocausality, whereas this is not
the case for the states (733,723; o, €235 jo3 jo3z3 01,T1,K1|. The
use of the variable k in the spectral function is new with respect

J

1 k™
nr(é,kJ_) =I m 3§ TI”PT(IC €, S)

PHYSICAL REVIEW C 95, 014001 (2017)

to previous LF approaches for DIS and introduces a new
dependence upon the energy of the (2 — 3) fully interacting
state and therefore opens the possibility to obtain different,
better results in the description of experimental data for DIS
(see Ref. [41]).

The second difference with Ref. [24] is in the Melosh
rotations to be used in the definition of the overlaps (62). It
is again a consequence of the use of the momentum «, which
implies a more elaborate treatment of the Melosh rotations with
respect to Ref. [24]: in our case when the spectral function is
evaluated the Melosh rotations for particles 2 and 3 cannot be
eliminated by the sum on the angular momentum J, J, of the
pair (23).

According to the completeness relation (51), the normal-
ization of the spectral function reads [see also Eq. (64) and
Appendix C]

dk o B
IdG/WZT”’ ®eS)=1 (73

However, in applications one can normalize the spectral
function P*(&,€,S) for each isospin channel, i.e.,

dk . _
Ide/WTrP (IC,E,S) =1. (74)

As it occurs for the nonrelativistic spectral function [see
Egs. (67) and (68)], the LF nucleon spin-dependent spectral
function can be expressed by means of three scalar functions,
B&S(|K|,€), B,’YS(|K|,6), and B;S(Ucl,e):

Pl (&.€,8) = %[B&SUKLG) +o - f;(lc,e)]a,a, (75)

where
f5(kc,€) =SB g(|K|,€) + &(k - S)B] s(|K|,€). (76)

The function B ¢(|«|,€) is the trace of P, (,€,S) and yields

the unpolarized spectral function.

A. The light-front nucleon momentum distributions and
momentum sum rule

Within the LFHD, one can define the LF spin-independent
nucleon momentum distribution, averaged on the spin direc-
tions, through the spectral function P;, (¥,€,S) as follows:

! _ 3
:Id 3 (= 5) (@ Y Y Y k(T T o€ Jo 5 ToL [ Wos ST)(S,Tos Wolk,ows J s €, T, T,

o JJ.aTsts

(77

where Eq. (B17) has been used. From the completeness relation (51), one gets immediately the normalization of the nucleon

momentum distribution:

/dé/dkm’(s,kl) = 1. (78)

An explicit expression for the spin-averaged momentum distribution can be obtained by inserting in Eq. (77) the LF spectral
function as written in Eq. (72) and in turn the expression for the overlaps given in Eq. (62).
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Then, by using again the two-body completeness of Eq. (31) and the unitarity of the D and D'/?> matrices, one obtains

ek =Ty DY Y [ SO

a 7273 a, a;

2
(79)

1
S S A s .3 .
< 03,0,,0;13,T5,T; Koz Ky | J, jz5 €, T ETZ

where k; | =k, and k" = £ My(1,2,3) [see Eq. (59)]. Combining Eqs. (B11) and (B14), the normalization of the LF nucleon
momentum distribution (78) can be rewritten as follows:

k, E
/dé/dkj_nf("g‘,kl) = /dkLZZZ/dl{B/ 8k+ (1 2;)’<G3,O’2,0';T3,T2,T;k23,k

o T T3 02,03

/dkLZZZ/dkB/dk

o T2T3 02,03

2

- 1
JsJzs ml’n 2T>

1
<a3 02,0 73,72,T; K3, K| J, jiz3 Emt’n 2T>

_ / k. / dk. koK) = 1, (80)

where f7(k;,k,) is the instant form momentum distribution in terms of the intrinsic nucleon momentum k = k;, defined by
Egs. (2) and (8) of Sec. II,

1
k=) >"%" /dk23 <os,oz,o;fs,rz,r;kza,k'j,jz;efm,H; 5T1> 1)
o 7273 02,03
Let us show that the momentum sum rule
1
[ sde [ axinin =5 (82)

is satisfied by the LF momentum distribution n*(£,k ). Indeed, because of the symmetry of the three-body bound state, one has

.. 1
/Ed&‘/dkﬂi &k = Z Z /dklfdksto(l 23 <03,(72,01;T3J2,T;k23,k1 ]’Jz;EiSm,H;sz>

7273 0102,03

.. 1
= Z Z /dszdkmMo(l 23) <03,02,01;T3,72,T;k31,k2 Joiz € TT 2T~>

7273 0102,03

. 1
= Z Z /dk3/dk12M0(1 23 <03,02,01;T3,T2,T;k12,k3 Jozs € T 2T>

T3 0102,03

_ ki + k5 + k)
"Z 2 /dklfdk” Mo(1.2.3)

T2T3 0102,03

2

2

. 1
<03,02,U|;T3,T2,T;k23,k1‘J,Jz, e LT, 2T>

(83)

1
=3
since [see Egs. (B13) and (42)]

[3(k1,k23)] _ MyE Ex; |:3(k1,k23)i| _ MyE Ex 84)

d(ka,k3)) | My E2Ey’ | 3(ks.kip) |  MiEsEp’
vV EIExMa|ki k) =/ ErE3iM3|Ko,K31) =/ E3EpMi2|Ks,Kp2), (85)

and k" + k3 + kI = M(1,2,3). The momentum sum rule (82) has also been successfully checked by calculating numerically
Eq. (83) in an actual case using the three-body wave function of Ref. [35] with the nuclear interaction of Ref. [11]. In the
case of the proton (with accuracy produced by the normalization of the nonrelativistic wave function) we obtain 0.9989 for the
normalization and 0.3324 for the sum rule, while for the neutron we have 0.9981 and 0.3336, respectively (see also Ref. [41]).
Within the BT framework one can obtain LF momentum distributions dependent upon the spin directions, n_, (& ,k; 5), for
any direction of the polarization vector S of the three-body system, by using Eq. (66) and the expression for the LF spin-dependent
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spectral function given by Eq. (72),

nl £k ;S) =

dKo3 Z D:

5)

Lohs}

X Z Y D) B, V)<03,02,01,r3 7. 7: ko3 ki’

03,05 m

><2:D2

m’

Recall that «, 8, and y are the Euler angles dgscribing the
rotation from the z axis to the polarization vector S. In Eq. (86)
the explicit expression (62) for the overlaps is used, as well as
the two-body completeness and once again the unitarity of the
D and D'/? matrices.

V. CONCLUSIONS AND PERSPECTIVES

In this paper, within the BT approach for the Poincaré
generators, a LF spin-dependent spectral function and LF
spin-dependent momentum distributions have been defined by
starting from the LF wave function for a three-body system,
having in mind the *He and the *H nuclei. The spectral function
is defined through the overlaps between the ground-state wave
function of the three-body system and the tensor product of a

J

nga(KJr,KL,K_,S,A):I dGA—lP(EA—l)A—15<K_ — M4+

(/)] B 22
1

k(“))] Z[Drj,'l/’M(a,ﬂ,y)]*<o3/,02’,61/;13,1:2,r;k23,k(1“)
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Ex

)| 1
Joje =ms€ T 2T

1 *
Joje =m' 6T 2T> . (86)

(

plane wave for one of the nucleons in the intrinsic reference
frame of the cluster (1,23) and the state which describes the
intrinsic motion of the fully interacting two-nucleon spectator
subsystem. In the present approach the packing operators,
which are needed to implement the macrocausality, are not
considered in the description of the ground state of the
three-body system, but the macrocausality is fully considered
in the mentioned tensor product.

A generalization to A-nucleon nuclei is straightforward:
one has only to generalize the definition of the intrinsic
momentum « as the momentum of one of the nucleons in the
intrinsic reference frame of the cluster composed by this free
nucleon and by the fully interacting system of the remaining
A — 1 nucleons. Then the LF spin-dependent spectral function
for the A-nucleon nucleus is

M};q + |’CL|2
(1 —=8)My4

XZ Z Lr(Ta—1.Ta1,0,€a-13 J I T0 R |A,Wo; S, T.) (S, T, Wo, Al ,ot; J I €a—1,0, Ta1,Ta—1)LF,

JJ o Ta—1Ta-1

where |A,Wy;S,T;) is the ground-state of the A-nucleon
nucleus, while M4_; and €4_; are the mass and the intrinsic
energy, p(€4—1)a— is the density, J, J; is the spin, Ta_1, Ta—1
is the isospin of the (A — 1)-nucleon system, and « is the set
of quantum numbers needed to fully specify this system.

Notably within the LF Hamiltonian dynamics, both normal-
ization and the momentum sum rule can be exactly satisfied at
the same time. With respect to previous attempts to describe
DIS processes off 3He in a LF framework (see, e.g., the one
in Ref. [24]), in our approach for the spin-dependent spectral
function special care is devoted to the definition of the intrinsic
LF variables of the problem, as well as to the spin degrees
of freedom through the Melosh rotations. Let us stress once
again that the definition of the nucleon momentum k in the
intrinsic reference frame of the cluster (1,23) and the use for
the calculation of the LF spectral function of the tensor product
of a plane wave of momentum k times the state which describes
the intrinsic motion of the fully interacting spectator subsystem
allows one on one hand to take care of macrocausality and on
the other one to introduce a new effect of binding in the spectral
function.

Our approach allows one to embed in a Poincaré covariant
framework the large amount of knowledge on the nuclear

87)

(

interaction obtained from the nonrelativistic description of
nuclei, since we adopt the LF version of the relativistic
Hamiltonian dynamics with a fixed number of on-mass-
shell constituents. The LF form of RHD has a subgroup
composed by the LF boosts, which allows a separation of
the intrinsic motion from the global one, very important for
the description of DIS, SIDIS and deeply virtual Compton
scattering processes, since it is possible to unambiguously
identify the effects due to the inner dynamics.

Therefore, our LF spectral functions can be useful in many
problems that require both a proper relativistic treatment and
at the same time a good description of the internal structure
of the system. A calculation of DIS processes based on our
spectral function will indicate which is the gap with respect to
the experimental data to be filled by effects of non-nucleonic
degrees of freedom or by modifications of nucleon structure
in nuclei.

As a first example of forthcoming applications, we can
mention the study of the role played by relativity in the EMC
effect on *He, for which JLab data have been taken at 6 GeV
[42] in the standard inclusive DIS sector. Encouraging results
of the new effects of binding introduced by the definition
of the momentum «, obtained including an exact treatment

014001-12



LIGHT-FRONT SPIN-DEPENDENT SPECTRAL FUNCTION ...

of the deuteron channel and an approximated treatment for
the continuum of the LF spectral function can be found in
Ref. [41]. We plan to complete this study by using the full LF
spectral function, as defined in Eq. (69).

A second example for an application of the LF approach
proposed in this paper is the study of the effect of relativity
in the evaluation of SIDIS cross section off *He, taking into
account both the relativity and the interaction in the final state
between the observed pion and the remnant. In Refs. [13,14],
by adopting a nonrelativistic spectral function evaluated from
the *He wave function of Ref. [35], a distorted spin-dependent
spectral function was obtained by using a generalized eikonal
approximation to deal with the final-state interaction, and it
was shown that, within this framework, it is actually possible
to get reliable information on the quark TMDs in the neutron
from SIDIS experiments off *He. By considering the new LF
spin-dependent spectral function, we plan to evaluate SIDIS
cross sections off *He through a LF distorted spin-dependent
spectral function obtained by applying again the generalized
eikonal approximation for the description of the final-state
interaction. Preliminary results can be found in Ref. [17].

In view of the large efforts in the determination of the
TMDs to study the three-dimensional structure of the nucleon,
the same concepts and definitions that are used in this paper to
build up the LF spin-dependent spectral function for a three-
nucleon system could tentatively be applied to a system of
three valence quarks to define a nucleon spectral function in
the valence approximation and then to describe the nucleon
TMDs in terms of a valence wave function for the nucleon.

It will be also interesting to study in detail the relation
between the LF spin-dependent spectral function and the
correlator, ®(k,P,S), of a nucleon of momentum k in a
nucleus of momentum P and spin polarization S, defined

okt 1
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in terms of the nucleon fields, in analogy with the quark
correlator in a nucleon, defined in terms of the quark fields
[4]. In Refs. [16,17], preliminary results were presented and
it was shown that, in the valence approximation, a simple
relation between the correlator and the LF spin-dependent
spectral function naturally emerges and that only three of
the six time-reversal even TMDs at the leading twist [4]
are independent. The relations among these TMDs could
be experimentally checked to test our LF description of the
spin-dependent spectral function.

APPENDIX A: TWO-BODY LIGHT-FRONT
WAVE FUNCTION

In this Appendix, some details are given on the two-body
light-front wave function that are useful for the general
discussion presented in Sec. III.

1. Completeness of two-body free states

Let P be the total LF momentum for a two-particle system,

T Mo(1,2) — &

Furthermore, the Jacobian from {p;,p»} to {P,k,.k_ } is given by

2Mo(1,2) §2(1 — §)?

|: a(P1,p2) :|
APk, k)

since [cf. Eq. (8)]

0 _ wy12 i
E_ o(1, )_(E_E)ZMO(LZ) 52(1—5)2

From Egs. (A4) and (A6) one has

Keeping separate the global motion from the intrinsic one, the completeness reads

B / dp1 di
- + 39 ,t 3
2p; 2r) 2p; 2m)

151)1P2) (1] (Bal = 2/

P=p;+p2 (A1)
The Jacobian from {p;,p,} to {f’,é,kL} is
[ 8(~l~)1,f)2) } _ p+, (A2)
a(Psska_)
and the Jacobian from {p,p,} to {f’,k*,kL} is given by
[ 9(B1.p2) }z 21 -8, _80-8 .
oP,kt,k) My(1,2) kt
with My(1,2) defined by Eq. (21), since
J
m* + |k, | My(1,2) k*
1-28&) = = . A4
1= =301-9 " 2%1-8 (A9
2801 -&) .
ER) P, (AS5)
m? + ko |? E(k)
1-28)= ————. A6
(1-2=57"5 (AG)
+ + +
okt Okt 0k kT o
ok, 0t ok, E(k)
P - d& L
M | e | R
(AB)

AP s dk oo P o Ak . .
=2 [ ra P | g =2 [ s | .

Notice in the last step the hybrid notation in the intrinsic part. It will be used in what follows.
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The normalization of the free state |P)|k) = |p1)|p») is

(P51P2) (D) 1P1) = 2p; 27)*8°(B) — P1)2pT 2n)*8 (B, — po)

- [—3(P1k :k“]2pr<2n>32p;<2n>363(f” — P& — k)
9(P1,P2)
=2P )83 (P — P)kT(2n)’ 83 (K — k) = (P'|P) (K |K). (A9)

It should be pointed out that (K'|k) = kT (27)*83 (K’ — k), i.e., without a factor of two, since it refers to a two-body intrinsic state.

The overlap between the free two-body intrinsic states |E; 03,01)LF and the corresponding states with canonical spin and
Cartesian coordinates is relevant for the following discussion. Let us recall that §(k'" — k1) = 8k, —k;)/ (3k*/0k;). Then by
using Eq. (16), one has

/ ’ /1 Bkz
clol,05: K[k 02,01 )Lp = 4/ 2m)3k+ Py

where the normalization and the completeness of the plane waves with Cartesian variables, |k), are

— KD Ry (®)],01 DT Rt (—K)]y0, (A10)

(K'|k) = 8k’ — k), fdk|k)(k| =1, (A11)

and

—k=((My—k"), —Kk,). (A12)

2. Light-front wave function for a system of two interacting particles
By using the subgroup properties of the LF boosts, the LF wave function for an interacting two-body system, in a given frame,
can be expressed through the intrinsic variables as follows [see Eq. (A10)]:
Lelo1,02: 11,12 K P P; i € TT)Lp
= 2P+ Qn) 8P — P/ 2kt ok, /0k+ D D[Ryt (®)]oyo; D2 [Rat(— K)o (0].05: 71,123 Kl it €m0 TTL), - (A13)
o{,03

where a canonical completeness has been inserted for obtaining the final step.

Notice that the intrinsic two-body wave function (o},05; 71,72; K| j, j; €ini,0; T T;) contains canonical spins and therefore it
can be composed by using the Clebsch—Gordan coefficients. Moreover, j is the total angular momentum of the pair, T is the
isospin, « is the set of the parity and quantum numbers that label the coupled waves, and e€j,, is the eigenvalue of the mass operator
[see Egs. (23)-(25)].

The normalization of the intrinsic part of a LF bound state follows from the normalization fulfilled by
(01,02; 11,725 K| ], j2; €int,0¢; T T,) . Indeed, if we adopt the following normalization, suitable for bound states,

Y [ dkitononneikij i TR = 1 (A14)
71,72 01,02

from Eq. (A13), one has for the intrinsic part of the two-body LF wave function,

dic*dic, _—
szk+(2 3 lur (01,02, 71, 723 K|, i3 €imesrs TT)

71,72 01,02

= ZZ/ E(k)(2 )3 |LF<O’],O’2,‘L’1,‘L’2,k|] Jz,elm,Ol TT)|

71,72 01,02

1 ~ 1 ~ , ..
=> > / 2 pao > DRy @)oo D2 [Rar(—K)loyoy (0],0%; 71,72 Kl e €m0t TT)
01,03

E(K)
71,72 01,02

=Y "> | dkl(01.02: 11 T2: K j. jis €mee; TT) 2 = 1. (A15)
71,72 01,02

In the last step of (A15) the unitarity of the D'/? matrices has been used.
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The normalization for the LF scattering states follows from (i) the orthogonality condition adopted for the canonical scattering
wave function (o7,07; 71,72; K| j, j;; €int,; T T,) given by [see also Eq. (A19) below for the completeness of the canonical states]

8(t' —1)
1 W S RV IRV T/ A/ /A /4 "o, 1o, PRI . _
DO AT o ey L ks T T s 0 o Vo] 0y s T 1y s K s €innes TTL) = 87, 787,.1.800.08 .81 —

g/
(A16)

where t = /meiy, and (ii) the orthogonality adopted for the LF scattering states, which reads [see also the completeness of the
free states for a two-body system |P)|k) in Eq. (A8)]

(T T o€ L' s P (P i, jios €ines s T T )1r

df)” dk Ve ald /o DD L "no_n no__n
- Z Z 2P"*(2m)3 E(k)(2n)3LF<TzT s € J ) PP K 7,71 07,01 )ur

"o

01:03 T1» T

"o DD ;g . .
XLF(G] 702 97:1 5T2 aksP |P3 jvjzseint’a’ TTZ)LF

=2PTQ2n)’83@ - P) Z Z /dk(TZ’T’;a/e’ sili k)t 0y 00 Y o) 0y s T Ty s K, g € TT)

int> Jz

[
o/,0) 1,75

8(t' —1)

=2P*Qn)’8® — P)or 187,180,087, ;8 1., v (A17)

Then for the two-body interacting case the LF completeness reads

df) - YRS s DD 1L ) / /
2Py D N Mdtip(or,00 T T KPP s €ino s TT2) e Le(T2T5 €in oo js PIPY K 15,75 0,07 )L
J.j:o TT,

= 2P r) 8P - P Y ZI M0t/ TP E®) Y DRy (®)oys, D Rt (—K)loss, (61,52 11,12 K| . e €m0 TT:)

jojo TT. 31,02
xv/@rPEK) Y D[Ry (R)s01 D[Rt (—K) sy (J. i €imn0ts TTo|51,55: 7/ 75 K)
5,6}
= ZP/+(27T)353(P/ — f’”)(sr,’vrlarz'qrzga{m 50’2',0283(12/ - E)(ZJT)3/€+, (A18)

where the symbol Y means a sum over the bound states of the pair (namely the deuteron in the present case) and the integration
over the continuum. The quantity A(¢) is the ¢ density of the two-body states [A(z) = 1 for the bound states and A(t) = 12 for the
continuum]. To obtain Eq. (A18), one has to use (i) the expression (A13) for the LF wave function, (ii) the unitarity of the D'/?
matrices, (iii) the completeness for the eigensolutions of Eq. (23), i.e.,

> ZI MO K|k €ines TTNT T 0€ings oo 1K) = 83K — K), (A19)
JiJ.a TT:

and (iv) Eq. (A7).

APPENDIX B: THREE-BODY STATES

In this Appendix, the three-body free and interacting states are analyzed in analogy to the two-body case.

1. Completeness of three-body free states with symmetric intrinsic variables

Let P be the total LF momentum for a three-particle system

P=p1+p2+Ps3 (B1)
of free mass My(1,2,3):
m*+ ki > om®+ ko P om® + ks
KL n Koy | n <
& & &3
where E; = (m* + |k;|*)/?and }_, k; = 0.

M;(1,2,3) = = (E\ + Ey + E3)°, (B2)
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The completeness for the different set of variables, {p;} — {& ,k;1} — k;, is given by
_ / dp, dp, dp;
F@ny 2pF@2n)3 2p7 21y

[P3)[P2) [P1) (P11{P21(P3]

B P o dg dé& 1
—/Wlf’)(m/mdkulflku)(ku&l/deuglfzku)(kuézl

B P . dk, dk,  My(1,2,3) o~ o~ o
— [ st BB [ o [ e P Rl

where |P3)|P2) [P1) = IP) ki) ko) = [P)|&1, k11 )&, ko) and the Jacobians
[ ~a(pl’p27p3) } — (P_i'_)z,
o(P,& k11,8 .koy)

I:a(f)l,ﬁz,fh)} pi Py py Mo(1,2,3)
AP,k k) PYE|E,E;

have been used.

2. Completeness of three-body free states with nonsymmetric intrinsic variables

(B3)

(B4)

(B5)

Instead of the symmetric intrinsic variables in the three-body frame, one can introduce nonsymmetric intrinsic variables,

corresponding to the intrinsic frame of the (2,3) pair, i.e., {P2,P3} — {f’zg,n,kzg 1} [see Egs. (35) and (37)].
The completeness

dp dp dps
/ P 2 151 1B2)1B3) (B3 (B (1| = 1

21’1 (2m)3 2p2+(277)3 2173 ()}
can be arranged in different ways, depending upon the the choice of variables one needs. In particular:

(1) For the variables py, f’23, and l~(23 one can exploit Eq. (A8), obtaining

_ dp, B dPy;3 5 dkys o -
I= /2p+(2 )3 1|/ 2Pin )3} 23>(P23|/—k;3(271)3 k23 ) (Kas).

(2) For the variables P, {Sl,ku_} and {n,Kkz3, } one has from Eq. (B3)

d§ dk dndk
= / P+(2 SIP)(P / DKL k) il / S kas ) (ks

261 - &2y 2n(1 = n)(2m)?

after recalling Eq. (35) that yields
g _
§6 n(l—n)(1—§&)
(3) For the variables f’, l~(1 , and l~(23 one has

_/L|f))(f)|/L| ) (Ko w|1})(1}|
=] 2P+2n) ko (2)? Koz (kas 2% Ep2ryy

and dsz_ = dk23j_.

where the following relations have been used (recall that ki = & My(1,2,3) and k23 = nMy3):

K o) pe M2 & aM2(1,2,3)
35 0&; 2My(1,2,3) &,

- s 02+ ]

- ﬁ[Mo(l,Zﬁ)(l e+ MZZ%;LF}

- g K Rl = g
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Ak, 1 24k
I _ oy m”+ |k |

an BT oMy 21— g

1 —=2n

M gyt e M K
2(1—n) 20-n 21—

with K3 being the total momentum of the free (2 3) pair in the intrinsic frame of the three particles, i.e., KZJF3 =
Mo(1,2,3)(1 — &), K31 = kot + k31 = —ki1, K3, = (M3 + |ki1|3)/KS, and Exz = (M3, + |ki|H)'/2.
(4) For the variables P, ki, and k3 one has

ap 2dky;  ~ . - My(1,2,3)dK; ~ -
=/—IP)(PI/WIk23><kz3I T k) (k| (B13)

(B12)

2P+(27'[)3 2E1E23(27‘[)3
To obtain the above results, the following properties have been used:
ok 1 24 kg )? E(k E(k
_1+z=_ L +|2u| _ (+1): (k1) ’ (B14)
akl 2 k?_ kl M()(la273)$1
dk 1N 1 m?+|k . |)?
2 = My — (-5 (1= 21)
an 2)2M» n*(1—mn)
M>3 2 M>3
=—Mmd-+C2n-1)]=—"—. (B15)
4n(1 —n) 4n(1 —mn)
(5) For the variables f’, l~(1, and k3 one has
1= / (P / 20 ) gt [ 023K (B16)
2P+(2 )3 My 2r)? B | kB
3. Useful derivatives involving nonsymmetric intrinsic variables
Let us evaluate the derivatives 8K1+ /0&; and dky;/ 3K1+ :
i aM(1,23) & dM(1,23)?
L Mo(1.23 T = M(1,23
o, 0(1,23) + & 0, ol )+2M0(1’23) o5
1 M3 + ki 1 M3+ ki
= ————— | Mo(1,23)* + = = Mo(1,23)(1 — &) + S———
2M0(1,23)[ e Ty A TU R | M
1 Es
- [P} +P;,] = , (B17)
20—¢&n % ST —-&)
ok, 1 m? + [k |? _Ew) _ E(kk)
=1+ B18
2 |: K2 ki Mo(1,23)5 19

4. Normalization of the light-front wave function

Let us check that the factors in the expression of the intrinsic part of the LF wave function given by the second and the third
lines of Eq. (42), which allow one to obtain the normalization of the bound state | j, jZ, e 15 2,T ). Indeed, by using Eqgs. (B10)
and (B13), one has

1
<T l'[e 3 JzaJ

2 ? 1nl’
Z Z / Mo(1,2,3)dkys
T1,72,73 01,02,03 2k+(27[)3 k;g E23(27T)3
Z Z / dk; / dky3 My(1,2,3)
E(2m)? Ey; 2r)*My;
71,72,73 010203

Z Z/ dk; Mo(1,2,3)dKoz 2E1 My Ex3(27)°
E\Q2n)} MyEpQ2n)?  2My(1,2,3)

.. 1
Jodes €T 2T>

2

277¢

~ o~ 1
) ) S 3 .
LF<U1,02,<73,f1,72,T3,k1,k23 JoJz € Il =, T

2

-~ o~ 1
) ) P
LF<UI’02,03,flaTZaTB’kl»kZS JrJz €ne I ETZ

71,72,T3 01,02,03
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2

< |33 DR EDoy0r D[Rt (k) D [RM<123)]030;<0{ 05,04 71,72, 733 Ko ko 5

’ / '
g, 0y O3

.3 1
Ja]z;eintsn; _7TZ

2

>y /dklfdkzg

71,172,173 01,02,03

=1, (B19)

1
J ]Z’ mt’H’_ T>

<C71702,03,T1,T2,T%,k1,k22 > Iz

given the unitarity of the Melosh rotations and the normalization of the canonical wave function (43).

APPENDIX C: PROPERTIES OF THE BASIS STATES OF THE CLUSTER {1, (23)}

In this Appendix, the general formalism, suitable for describing the cluster {1,(23)} is presented. Recall that the final goal is to
construct states where the interaction is acting only between the particles 2 and 3; namely, the three-body states we are interested
in are the tensor product of free one-body states and interacting two-body states.

1. Completeness relation for the nonsymmetric basis states and orthogonality properties of three-body free states

The correctness of the normalization factors in Eq. (52) can be checked as follows:
Indeed, let us consider the product of two three-body free states

/ / / " " /!,
A = 150],05,05: 7], 75,15 P K Ky |y K] P 1), 1) 145 0 v 0y v oi e (CD

Then, let us insert in Eq. (C1) the completeness relation (51) for the nonsymmetric basis states (49):

3 dP die|
-/ 2P+(2n)3§/ 2 @y ZIM”‘”

/A A B s AR AN WS s W Lo . .
X E LE{0],0,,03; T1,T5,T3; P K| K5 [P K101 715 j3, Jo325 €23,05 To3, To3)LF

Jo3J23

a /.
xLr(Th3, 1033 0, €235 joz, jozs Tion s PIRY, K P o) 1) 1 s o) o) \oi )Lk, (C2)

With the help of the overlap in Eq. (52), the above equation reads

die, FE, E,. M,
_ 2P/+ 2 383 PH P/ Sorn / I)\‘ Ndt 8{7/{7 2 3 k/+83 k/ _ k(a) Ky 2 3 23423
@m)’8( Z BT 2 O 3 o Q2K K —KY), R, Jom s

Trsto3 J23J23:0

X Z Z D? [RM(k23)]a2azD7 [RM(—E/23)]U3’U3 (02,033 Ty, 743 Kb a3, Jo3zs €23, Tz, To3)

(o)) a3

// //

800 2 2k//+8 k//_ //(a) 3
X oo (27) (k k”*E 2M”(1 2.3)

x ZZDz (Rt (Ri)ago, DT Rt (—K53) oy, (52,55 T4 T s K | os. s €235 Tz Ta3)*

d&
— &)

’ ’ a E E\ M, 1 ~, 1 ~,
X(27‘L’)3kl+53(k k( )) [ —= k,+ m Z Z Dé [RM(k23)]a2’az Dé [RM(_k23)]a3’03
0 [ (o) 03

= 2P Q)8 P — P8y S0r0r / dki . / q

- E E// M//
/7 a) /"
x(2m) k" 87 k) — k) |2 p M”2(31 2”3)221?2 (Rt (R53)loye, D** [Raa (—K53)loys, Zijxa)dt

J23J23:0 T3 o3

- I = . : . . =~ = . . . . .
X (02,033 T3, T3: K3 | o3, j2323 €23.005 T3, 123) (62,535 T3, T3 s Koz 3, Jio3z s €03, Tz, T23) ™, (C3)
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where the ir}tegration—variable change dK1+ =d& Eg/(1 — &) was performed [see Eq. (B17)]. In Eq. (C3) k”(ﬁ =K, and

K@ = £,My(1,2,3) with

m? Ak, ME Ak
& I-&

Then, taking into account the completeness for the two-body intrinsic states (02,03; 75,755 Ky31 23, 2325 €23.05 Ta3, T23) for the
(2,3) pair [see Eqgs. (31) and (A19)], one obtains

M3(1,2,3) = (C4)

d&;
(1—-&p)

A =2P"Qry 8@ — P)8:118010r / dk; | f

C o [EL [ ELM, ) . O —
Ok R [ [ S 5 R R R 00 R )

E// E// M// . ,
o s Z Z DY TR (R oy DY TRt (K ot 28t 005,800 208 (K — Ky, (©5)

Therefore, using the unitarity of the D? matrices and changing the integration variable from d&;1/(1 — &) to 1/ E§3dk]+(“)
[see Eq. (B11)], one obtains

D /N7, T " E23M23
A = 841 618010180100 801 1 8ey 2y Bey 2P H 2 8B — PRSI — k’l)ma (K33 — Kby)
/ot

~ ~ ~ ~ El.k ~ ~
— p't 9¢3 I+ 03 / 23723 3l /
= 801/30-//802 ay 8 4 U{/S-,_-I/,-L-’/(S-,_-0 1-2’/8 4 //2 ! (ZJT) 1) (PN — P’)2k1 1) (k/l/ — k])ms (k23 — k23)

/- // D/ / " / E/ M/ /" /
= 81 0780101 801,00 801 21 8cs. 0y 8e, oy 2P (2) 83 (P — PYE(K))S* (K| — kl)ﬁs K5y — Kb3). (C6)

The above expressions are the proper orthogonality relations for the free case, to be related to the completeness relations of
Egs. (B16), (B10), and (B13), respectively.

2. Product of the nonsymmetric basis states and the bound state of the three-particle system

Let us express the overlaps between the states of the nonsymmetric basis (49) and the bound state of the three-particle system
in terms of the canonical wave functions for the two-body and the three-body systems. To this end, the plane-wave completeness
operator (61) is inserted in the intrinsic part of the overlap (60), viz.

1
. R I Zols s .3 .
LF<T23,723705,623,J23J23zaTIGIKI ]an,ejm’I—LETZ

diy, M(1,2,3)dK| . o T
= ZZ k’+(2n)3 TEL () ) LE(T23,723; 0, €235 Jo3 jo3z; T101K 1|Ky3,7273,0203; K01 T1)1F
1 £

T2T3 0203

" o 1
X LF<52C7377:273»k/23§T101/k/1 Jodzs € T 2T > (CT)
We can notice that the LF spin states do not change for LF boosts. Therefore the spin states |0,03)LF in the intrinsic reference
frame of the pair (23) or in the intrinsic reference frame of the three-particle system, with momenta related by the LF boost
BEFI (Ky3/M33), are equal. Then we can take [ g(T23,723; @, 623, J23J232; 101K 1 |Ky5, T2 73,0203; K 0| T1)LF as the intrinsic part of
the overlap (52) and 15 (0203,7273,K)5; T107K] |/, jz3 lnt,1'[ 1T »)LF as the intrinsic three-body wave function of Eq. (42) and we
obtain

LF<T23,T23;06,623; J23J2323 T1O1K |

.3 1
Jsz;Eint’H; ETZ

dk| 2M/(1,2,3)dK. AV E M.
— ZZ/ — - f /()( / ) 223 80,01 Qr )3 k/+83(k/ k(a) /+ ( T[)/ 23MH3
2k (2m) E5 M5, (2)3 k| ES 2M((1,2,3)

T2T3 0203

X Y (T st enst jos jse [Ky.05 03 1a13) D[Ry (Ro)ogio, DX IR by (— Koo
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In the previous equation the integration variable k5}; has been changed in k5., using the equality k3, /0kas, = 2k /M3 [see
Egs. (B12) and (B15)]. Then one obtains
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where
i 1 -
or o (ko3 k) = Z D3[R}, (k31076 D[Ry (Ki)loyor (C10)
with the + corresponding to i = 2 and the — corresponding to i = 3.
Let us notice that the matrices D(,I,w,(,l_f(:tk%,ki) are unitary, i.e.,
Z DZ-”,(? (:l:l;239iii )Dai,a[’(:l:l;ByEi) = (Sai",o,’v (Cl 1)

oj

because of the unitarity of the D'/ matrices.

3. Normalization of overlaps between a state of cluster {1,(23)} and the bound state of three-particle system

The normalization of the intrinsic LF overlaps pg(Th3, T23; @, €23; jo3 jo3z; T101, K11 j, j; € e I T %) can be easily recovered by
using Eq. (C9); viz.
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In the last step of Eq. (C12) the change of integration variable d,” = dk1+(a)E s/E)
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[see Egs. (B11) and (B17)] was performed.

Then, using the completeness for the two-body system (2,3) [see Eq. (A19)] one obtains
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Finally, exploiting the unitarity of D'/? and D matrices [see Eq. (C11)], one has
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where Eqs. (B14) and (43) were used.
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