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Recently the ALICE Collaboration has published a few data of charm hadrons in Pb + Pb collisions at the
CERN Large Hadron Collider (LHC). We extend the quark combination to the charm sector to deduce the yield
formulas of charm hadrons and point out that the measurement of charm hadron yields can provide important
insights into charm quark hadronization mechanism in high energy reactions. We propose several types of yield
ratios, e.g., D∗+/D0, D+

s /D+, and �+
c /D+

s , to measure various properties of low pT charm quark hadronization.
We argue that ratios D+

s /D0 and 2D+
s /(D0 + D+) as the function of transverse momentum (pT ) can serve as

good probes for the dynamics of charm quark hadronization. We further make predictions for the yields and pT

spectra of identified charm hadrons in central Pb + Pb collisions at
√

sNN = 2.76 TeV.
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I. INTRODUCTION

Collisions of heavy nuclei with ultrarelativistic collision
energies provide conditions for the creation of a new phase
quark gluon plasma (QGP) in the laboratory. Hadrons con-
taining charm quarks are powerful tools to study this high
density and strong interacting QGP [1–4]. Measurements on
charm hadrons have been executed at the BNL Relativistic
Heavy Ion Collider (RHIC) [5,6] and recently at the CERN
Large Hadron Collider (LHC) [7–10]. With the increase of
collision energy from RHIC to LHC, the production of charm
quarks increases rapidly. At LHC energies, charm quarks
produced in QGP stage become comparable to those produced
in initial hard rescatterings [11–13]. In addition, re-interactions
of charm quarks with partons in QGP are also enhanced with
collision energy from the increasing temperature and energy
density of the medium produced in collisions [11–14]. The
hadronization of charm quarks is an important topic in charm
field because it plays a role of translating these initial or early
effects into hadronic observables, and has attracted lots of
attentions [15–20]. Quark combination mechanism (QCM) is
one of the effective phenomenological methods to describe
charm quark hadronization. It has shown its success early in
studying flavor dependencies of open charm meson and baryon
production in elementary hadronic collisions [21–25] and has
many applications in heavy ion collisions recently [15–18].

In this paper, we extend the quark combination model
in Refs. [26,27] by including charm quarks to study the
yield correlations and pT dependence of charm hadrons
in central Pb + Pb collisions at

√
sNN = 2.76 TeV. Such

systematic investigation can provide a better test for the
quark combination mechanism and further understanding of
the dynamics of hadron production at hadronization. Hadron
yield correlations, measured mainly by the ratios of yields of
different hadrons, are one kind of effective probes for the
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mechanism of hadron production in high energy reactions
[26,28–32]. We study several kinds of two-particle yield
ratios such as D∗+/D0, D+

s /D+, and �+
c /D+

s as well as
multiparticle yield correlations, by virtue of which we explore
the properties of low pT charm quark hadronization from
different aspects. Furthermore, we study pT spectra of various
charm hadrons based on the explanation of the experimental
data of various light and strange hadrons. The pT dependence
of charm meson ratios D+

s /D0 and 2D+
s /(D0 + D+) are

especially selected to probe the dynamics of charm quark
hadronization.

The rest of the paper is organized as follows. In Sec. II,
we deduce the yield formulas and systematically study the
yield ratios and multiplicities of charm hadrons in the QCM.
In Sec. III, we present the pT spectra of light, strange and
charm hadrons, as well as the pT dependence of charm meson
ratios D+

s /D0 and 2D+
s /(D0 + D+). Section IV summaries

our work.

II. YIELD CORRELATIONS AND MULTIPLICITIES
OF CHARM HADRONS IN THE QCM

In this section, we extend the formulas of hadron yields
in Ref. [26] to incorporating charm hadrons in the QCM. We
discuss several interesting yield ratios of charm hadrons which
can reflect different properties in their production and predict
the midrapidity hadron yields in central Pb + Pb collisions at√

sNN = 2.76 TeV.

A. The formalism of the hadron yield

We start with a color-neutral quark-antiquark system with
Nqi

quarks of flavor qi (qi = u,d,s,c) and Nq̄i
antiquarks

of flavor q̄i (q̄i = ū,d̄,s̄,c̄). All these quarks and antiquarks
hadronize via the quark combination. The momentum distri-
butions fMj

(p; Nqi
,Nq̄i

) and fBj
(p; Nqi

,Nq̄i
) for the directly
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produced mesons Mj and baryons Bj are given by

fMj
(p; Nqi

,Nq̄i
) =

∑
q1q̄2

∫
dp1dp2Nq1q̄2f

(n)
q1q̄2

(p1,p2; Nqi
,Nq̄i

)RMj ,q1q̄2 (p,p1,p2; Nqi
,Nq̄i

), (1)

fBj
(p; Nqi

,Nq̄i
) =

∑
q1q2q3

∫
dp1dp2dp3Nq1q2q3f

(n)
q1q2q3

(p1,p2,p3; Nqi
,Nq̄i

)RBj ,q1q2q3 (p,p1,p2,p3; Nqi
,Nq̄i

), (2)

where f
(n)
q1q̄2

and f (n)
q1q2q3

are the normalized two- and three-particle joint momentum distributions for (q1q̄2) and (q1q2q3),
respectively. Nq1q̄2 = Nq1Nq̄2 is the number of all the possible (q1q̄2)’s in the system. Nq1q2q3 is the number of all the
possible (q1q2q3)’s, satisfying Nq1q2q3 = Nq1Nq2Nq3 for q1 �= q2 �= q3, Nq1q2q3 = Nq1 (Nq1 − 1)Nq3 for q1 = q2 �= q3, and
Nq1q2q3 = Nq1 (Nq1 − 1)(Nq1 − 2) for q1 = q2 = q3. Kernel functions RMj ,q1q̄2 and RBj ,q1q2q3 stand for the probability density
for q1 and q̄2 with momenta p1 and p2 to combine into a meson Mj of momentum p and that for q1, q2, and q3 with momenta p1,
p2, and p3 to coalescence into a baryon Bj of momentum p. Integrating over p from Eqs. (1) and (2), we can obtain the average
numbers of the directly produced mesons Mj and baryons Bj as

NMj
(Nqi

,Nq̄i
) =

∑
q1q̄2

∫
dpdp1dp2Nq1q̄2f

(n)
q1q̄2

(p1,p2; Nqi
,Nq̄i

)RMj ,q1q̄2 (p,p1,p2; Nqi
,Nq̄i

), (3)

NBj
(Nqi

,Nq̄i
) =

∑
q1q2q3

∫
dpdp1dp2dp3Nq1q2q3f

(n)
q1q2q3

(p1,p2,p3; Nqi
,Nq̄i

)RBj ,q1q2q3 (p,p1,p2,p3; Nqi
,Nq̄i

). (4)

Equations (1)–(4) are the starting point of describing the hadron production in high energy reactions based on the basic ideas
of the QCM. Kernel functions RMj ,q1q̄2 and RBj ,q1q2q3 carry the dynamical information of the quark combination. In general,
the momentum and the flavor dependencies of these kernel functions are coupled to each other. In that case, yields and yield
correlations of different hadrons can be dependent on the way of coupling. In this paper, we do not consider such coupling effects.
In contrast, in the following, we consider only a simpler case where the flavor and momentum dependencies of kernel functions
are factorized, i.e.,

RMj ,q1q̄2 (p,p1,p2; Nqi
,Nq̄i

) = R(f )
Mj ,q1q̄2

(Nqi
,Nq̄i

) ×

⎧⎪⎪⎨
⎪⎪⎩
R(p)

Mll̄
(p,p1,p2; Nl,Nl̄,Nq,Nq̄) for l − l̄ combination

R(p)
Mlc̄

(p,p1,p2; Nl,Nl̄,Nq,Nq̄) for l − c̄ combination

R(p)
Mcl̄

(p,p1,p2; Nl,Nl̄,Nq,Nq̄) for c − l̄ combination,

(5)

RBj ,q1q2q3 (p,p1,p2,p3; Nqi
,Nq̄i

) = R(f )
Bj ,q1q2q3

(Nqi
,Nq̄i

) ×
{
R(p)

Blll
(p,p1,p2,p3; Nl,Nl̄,Nq,Nq̄) for l − l − l combination

R(p)
Bcll

(p,p1,p2,p3; Nl,Nl̄,Nq,Nq̄) for c − l − l combination.
(6)

Considering the large difference in mass between c and u,d,s quarks, the combination probability between c and l may be
different from that between l and l. In the above two equations, we use these differentR(p)

Mll̄
andR(p)

Mlc̄
, etc., to denote these different

combination probabilities. Here, l stands for u, d or s; Nl and Nl̄ stand for the total number of u,d, and s quarks and that of
ū,d̄, and s̄ antiquarks, respectively; Nq and Nq̄ stand for the total number of u,d,s,c quarks and that of ū,d̄,s̄,c̄ antiquarks in the
considered quark-antiquark system. We here refer to single-charm hadrons, i.e., hadrons with charm number c = ±1, in addition
to light and strange hadrons. R(p)

Mll̄
denotes the probability of l and l̄ with momenta p1 and p2 to combine into a light or strange

meson Mll̄ with momentum p; R(p)
Mlc̄

and R(p)
Mcl̄

denote the probabilities for a (lc̄) combination and a (cl̄) combination, respectively.

R(p)
Blll

and R(p)
Bcll

denote the probability for a (lll) with momenta p1, p2, and p3 to combine to form a light or strange baryon Blll

with momentum p and that for a (cll) or (lcl) or (llc) with momenta p1, p2, and p3 to combine to form a single-charm baryon Bcll

with momentum p. The u,d,s,c flavor-dependent partsR(f )
Mj ,q1q̄2

andR(f )
Bj ,q1q2q3

present the probability for the q1 and q̄2 to combine
into the specified meson Mj in the case that they are known to combine into a meson and that for the q1, q2, and q3 to combine
into the specified baryon Bj in the case that they are known to combine into a baryon. They satisfy the normalization conditions∑

Mj
R(f )

Mj ,q1q̄2
= 1 and

∑
Bj
R(f )

Bj ,q1q2q3
= 1. We further adopt the assumption of u,d,s-flavor independence of the normalized joint

momentum distributions of quarks and/or antiquarks, i.e.,

f
(n)
q1q̄2

(p1,p2; Nqi
,Nq̄i

) =

⎧⎪⎨
⎪⎩

f
(n)
ll̄

(p1,p2; Nl,Nl̄,Nq,Nq̄) q1,q2 = u,d,s

f
(n)
lc̄ (p1,p2; Nl,Nl̄,Nq,Nq̄) q1 = u,d,s and q2 = c

f
(n)
cl̄

(p1,p2; Nl,Nl̄,Nq,Nq̄) q1 = c and q2 = u,d,s,

(7)

f (n)
q1q2q3

(p1,p2,p3; Nqi
,Nq̄i

) =
{

f
(n)
lll (p1,p2,p3; Nl,Nl̄,Nq,Nq̄) q1,q2,q3 = u,d,s

f
(n)
cll (p1,p2,p3; Nl,Nl̄,Nq,Nq̄) one of q1,q2,q3 is c.

(8)

014909-2



YIELD CORRELATIONS AND pT DEPENDENCE OF . . . PHYSICAL REVIEW C 91, 014909 (2015)

With these two assumptions, we have

NMj
(Nqi

,Nq̄i
)

=
∑
q1q̄2

Nq1q̄2R(f )
Mj ,q1q̄2

(Nqi
,Nq̄i

)

×

⎧⎪⎪⎨
⎪⎪⎩

∫
dpdp1dp2f

(n)
ll̄

(p1,p2; Nl,Nl̄,Nq,Nq̄)R(p)
Mll̄

(p,p1,p2; Nl,Nl̄,Nq,Nq̄) for light and strange mesons∫
dpdp1dp2f

(n)
lc̄ (p1,p2; Nl,Nl̄,Nq,Nq̄)R(p)

Mlc̄
(p,p1,p2; Nl,Nl̄,Nq,Nq̄) for anti-open-charm mesons∫

dpdp1dp2f
(n)
cl̄

(p1,p2; Nl,Nl̄,Nq,Nq̄)R(p)
Mcl̄

(p,p1,p2; Nl,Nl̄,Nq,Nq̄) for open-charm mesons,

(9)

NBj
(Nqi

,Nq̄i
)

=
∑

q1q2q3

Nq1q2q3R(f )
Bj ,q1q2q3

(Nqi
,Nq̄i

)

×
{∫

dpdp1dp2dp3f
(n)
lll (p1,p2,p3; Nl,Nl̄,Nq,Nq̄)R(p)

Blll
(p,p1,p2,p3; Nl,Nl̄,Nq,Nq̄) for light and strange baryons∫

dpdp1dp2dp3f
(n)
cll (p1,p2,p3; Nl,Nl̄,Nq,Nq̄)R(p)

Bcll
(p,p1,p2,p3; Nl,Nl̄,Nq,Nq̄) for single-charm baryons.

(10)

We, respectively, denote the integrals in Eqs. (9) and (10) to be γMll̄
(Nl,Nl̄,Nq,Nq̄), γMlc̄

(Nl,Nl̄,Nq,Nq̄), γMcl̄
(Nl,Nl̄,Nq,Nq̄),

γBlll
(Nl,Nl̄,Nq,Nq̄), and γBcll

(Nl,Nl̄,Nq,Nq̄) and obtain

NMj
(Nqi

,Nq̄i
) =

∑
q1q̄2

Nq1q̄2R(f )
Mj ,q1q̄2

(Nqi
,Nq̄i

) ×

⎧⎪⎨
⎪⎩

γMll̄
(Nl,Nl̄,Nq,Nq̄) for light and strange mesons

γMlc̄
(Nl,Nl̄,Nq,Nq̄) for anti-open-charm mesons

γMcl̄
(Nl,Nl̄,Nq,Nq̄) for open-charm mesons,

(11)

NBj
(Nqi

,Nq̄i
) =

∑
q1q2q3

Nq1q2q3R(f )
Bj ,q1q2q3

(Nqi
,Nq̄i

) ×
{
γBlll

(Nl,Nl̄,Nq,Nq̄) for light and strange baryons

γBcll
(Nl,Nl̄,Nq,Nq̄) for single-charm baryons.

(12)

Summing over different species of light and strange mesons, anti-open-charm mesons, open-charm mesons, light and strange
baryons, single-charm baryons, respectively, we obtain the average numbers of all the light and strange mesons NMll̄

, anti-open-
charm mesons NMlc̄

, open-charm mesons NMcl̄
, light and strange baryons NBlll

, and single-charm baryons NBcll
as follows:

NMll̄
(Nl,Nl̄,Nq,Nq̄) = Nll̄γMll̄

(Nl,Nl̄,Nq,Nq̄), (13)

NMlc̄
(Nl,Nl̄,Nq,Nq̄) = Nlc̄γMlc̄

(Nl,Nl̄,Nq,Nq̄), (14)

NMcl̄
(Nl,Nl̄,Nq,Nq̄) = Ncl̄γMcl̄

(Nl,Nl̄,Nq,Nq̄), (15)

NBlll
(Nl,Nl̄,Nq,Nq̄) = NlllγBlll

(Nl,Nl̄,Nq,Nq̄), (16)

NBcll
(Nl,Nl̄,Nq,Nq̄) = NcllγBcll

(Nl,Nl̄,Nq,Nq̄), (17)

where Nll̄ = NlNl̄ , Nlc̄ = NlNc̄, Ncl̄ = NcNl̄ , Nlll = Nl(Nl − 1)(Nl − 2), and Ncll = NcNl(Nl − 1). Substitute Eqs. (13)–(17)
into Eqs. (11) and (12), the average number of a specified meson Mj and that of a specified baryon Bj are given by

NMj
(Nqi

,Nq̄i
) =

∑
q1q̄2

Nq1q̄2R(f )
Mj ,q1q̄2

(Nqi
,Nq̄i

) ×

⎧⎪⎨
⎪⎩

1
Nll̄

NMll̄
(Nl,Nl̄,Nq,Nq̄)

1
Nlc̄

NMlc̄
(Nl,Nl̄,Nq,Nq̄)

1
Ncl̄

NMcl̄
(Nl,Nl̄,Nq,Nq̄)

=

⎧⎪⎪⎨
⎪⎪⎩

CMj

Nl1 l̄2
Nll̄

NMll̄
(Nl,Nl̄,Nq,Nq̄) for light and strange mesons

CMj

Nl1 c̄

Nlc̄
NMlc̄

(Nl,Nl̄,Nq,Nq̄) for anti-open-charm mesons

CMj

Ncl̄2
Ncl̄

NMcl̄
(Nl,Nl̄,Nq,Nq̄) for open-charm mesons,

(18)

NBj
(Nqi

,Nq̄i
) =

∑
q1q2q3

Nq1q2q3R(f )
Bj ,q1q2q3

(Nqi
,Nq̄i

) ×
{

1
Nlll

NBlll
(Nl,Nl̄,Nq,Nq̄)

1
Ncll

NBcll
(Nl,Nl̄,Nq,Nq̄)

=
{

NiterCBj

Nl1 l2 l3
Nlll

NBlll
(Nl,Nl̄,Nq,Nq̄) for light and strange baryons

NiterCBj

Ncl1 l2
Ncll

NBcll
(Nl,Nl̄,Nq,Nq̄) for single-charm baryons,

(19)
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where li denotes u,d,s and l̄i denotes ū,d̄,s̄. The flavor-
dependent parts R(f )

Mj ,q1q̄2
and R(f )

Bj ,q1q2q3
have to guarantee the

flavor conservation during the combination process, so they
contain the Kronecker δ’s and factors CMj

and CBj
, e.g.,

R(f )
ρ+,q1q̄2

= Cρ+δq1,uδq̄2,d̄ . Recalling that R(f )
Mj ,q1q̄2

presents the
probability for q1 and q̄2 to combine into a specified meson
Mj under the condition that they are known to form a meson.
Although we cannot prove it, it is very unlikely that this
probability is still sensitive to the environment. We therefore
consider the simplified case where CMj

is independent of Nqi

or Nq̄i
. In the case when only JP = 0− and 1− mesons and

JP = (1/2)+ and (3/2)+ baryons are considered, we get

CMj
=

{
1/(1 + RV/P ) for JP = 0− mesons
RV/P /(1 + RV/P ) for JP = 1− mesons,

(20)

and

CBj
=

{
RO/D/(1 + RO/D) for JP = (1/2)+ baryons
1/(1 + RO/D) for JP = (3/2)+ baryons,

(21)

except that C� = C�0 = C�+
c

= C�+
c

= RO/D/(1 + 2RO/D)
and C�∗0 = C�∗+

c
= 1/(1 + 2RO/D). The factors RV/P and

RO/D are the relative production ratio of vector to pseudoscalar
mesons and that of octet to decuplet baryons with the same
flavor compositions, and they have been determined to be 3
and 2, respectively, in light and strange sectors [33,34]. Niter

stands for the number of possible iterations of q1q2q3. For
light and strange baryons, it is taken to be 1, 3, and 6 for three
identical flavor, two different flavor, and three different flavor
cases, respectively. For single-charm baryons, it is taken to be
1 and 2 for two different flavor and three different flavor cases,
respectively, because the iterations resulted from c quark are
absorbed by NBcll

.
For a reaction at a given energy, the average numbers of

quarks of different flavors 〈Nqi
〉 and those of antiquarks of

different flavors 〈Nq̄i
〉 are fixed while Nqi

and Nq̄i
follow a

certain distribution. In this work, we focus on the midrapidity
region at high LHC energy where the influence of net quarks
is negligible [35]. We suppose a polynomial distribution for
both the numbers of u, d, and s quarks at a given Nl and
the numbers of ū, d̄, and s̄ at a given Nl̄ with the prior
probabilities pu = pd = pū = pd̄ = 1/(2 + λs), ps = ps̄ =
λs/(2 + λs). Here, we introduce λs to denote the production
suppression of strange quarks. Averaging over this distribution,
Eqs. (18) and (19) become

NMj
(Nl,Nl̄,Nq,Nq̄) =

⎧⎨
⎩

CMj
pl1pl̄2NMll̄

(Nl,Nl̄,Nq,Nq̄) for light and strange mesons
CMj

pl1NMlc̄
(Nl,Nl̄,Nq,Nq̄) for anti-open-charm mesons

CMj
pl̄2NMcl̄

(Nl,Nl̄,Nq,Nq̄) for open-charm mesons,
(22)

NBj
(Nl,Nl̄,Nq,Nq̄) =

{
NiterCBj

pl1pl2pl3NBlll
(Nl,Nl̄,Nq,Nq̄) for light and strange baryons

NiterCBj
pl1pl2NBcll

(Nl,Nl̄,Nq,Nq̄) for single-charm baryons.
(23)

We should also consider the fluctuations of Nl , Nl̄ , Nq , and Nq̄ in the given kinematic region. By averaging over this fluctuation
distribution with the fixed 〈Nl〉, 〈Nl̄,〉 〈Nq〉, and 〈Nq̄〉, we have

〈NMj
〉(〈Nl〉,〈Nl̄〉,〈Nq〉,〈Nq̄〉) =

⎧⎨
⎩

CMj
pl1pl̄2

〈
NMll̄

〉
(〈Nl〉,〈Nl̄〉,〈Nq〉,〈Nq̄〉) for light and strange mesons

CMj
pl1

〈
NMlc̄

〉
(〈Nl〉,〈Nl̄〉,〈Nq〉,〈Nq̄〉) for anti-open-charm mesons

CMj
pl̄2

〈
NMcl̄

〉
(〈Nl〉,〈Nl̄〉,〈Nq〉,〈Nq̄〉) for open-charm mesons,

(24)

〈
NBj

〉
(〈Nl〉,〈Nl̄〉,〈Nq〉,〈Nq̄〉) =

{
NiterCBj

pl1pl2pl3

〈
NBlll

〉
(〈Nl〉,〈Nl̄〉,〈Nq〉,〈Nq̄〉) for light and strange baryons

NiterCBj
pl1pl2

〈
NBcll

〉
(〈Nl〉,〈Nl̄〉,〈Nq〉,〈Nq̄〉) for single-charm baryons,

(25)

where 〈NMll̄
〉, 〈NMlc̄

〉, 〈NMcl̄
〉, 〈NBlll

〉, and 〈NBcll
〉 stand, respectively, for the average total numbers of the light and strange mesons,

anti-open-charm mesons, open-charm mesons, light and strange baryons, and single-charm baryons produced in the combination
process. So far, we obtain the yield formulas of different directly produced light, strange and single-charm hadrons, and some of
them are listed in the middle column of Table I.

Finally, we incorporate the decay contributions of short-lived hadrons to obtain〈
N

f
hj

〉 = 〈
Nhj

〉 + ∑
i �=j

Br(hi → hj )
〈
Nhi

〉
, (26)

where the superscript f denotes final hadrons. Decay branch ratio Br(hi → hj ) is given by the Particle Data Group [36]. We
include these contributions from strong and electromagnetic decays for light and strange hadrons and only consider the decay of
D∗ mesons for D and �c and �∗

c baryon decays for �+
c . The small decay contributions from charm hadrons for light and strange

hadrons are ignored. Some of the results for final hadrons are listed in the final column of Table I. For π+, we have

〈Nf

π+〉 = 1.71 + 2.91RV/P

1 + RV/P

p2
u

〈
NMll̄

〉 + 0.49 + 0.16RV/P

1 + RV/P

p2
s

〈
NMll̄

〉 + 4

3

RV/P

1 + RV/P

pups

〈
NMll̄

〉

+
(

5.64

1 + RO/D

+ 0.70

1 + 2RO/D

)
p2

ups

〈
NBlll

〉 + 4

1 + RO/D

pup
2
s

〈
NBlll

〉 + 4 + 2RO/D

1 + RO/D

p3
u

〈
NBlll

〉
. (27)
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TABLE I. Yields of different light, strange, and single-charm
hadrons in the QCM. The middle column is for the directly produced
hadrons and those including the strong and electromagnetic (S&EM)
decay contributions are in the final column.

Hadrons Directly produced With S&EM decays

D+
s

1
1+RV/P

ps

〈
NMcl̄

〉
ps

〈
NMcl̄

〉
�+

c

2RO/D

1+2RO/D
p2

u

〈
NBcll

〉
4p2

u

〈
NBcll

〉
D0 1

1+RV/P
pu

〈
NMcl̄

〉 1+1.677RV/P

1+RV/P
pu

〈
NMcl̄

〉
D+ 1

1+RV/P
pu

〈
NMcl̄

〉 1+0.323RV/P

1+RV/P
pu

〈
NMcl̄

〉
D∗+ RV/P

1+RV/P
pu

〈
NMcl̄

〉 RV/P

1+RV/P
pu

〈
NMcl̄

〉
D∗0 RV/P

1+RV/P
pu

〈
NMcl̄

〉 RV/P

1+RV/P
pu

〈
NMcl̄

〉
D∗+

s

RV/P

1+RV/P
ps

〈
NMcl̄

〉 RV/P

1+RV/P
ps

〈
NMcl̄

〉
p

3RO/D

1+RO/D
p3

u

〈
NBlll

〉
4p3

u

〈
NBlll

〉
n

3RO/D

1+RO/D
p3

u

〈
NBlll

〉
4p3

u

〈
NBlll

〉
	− 3RO/D

1+RO/D
pup

2
s

〈
NBlll

〉
3pup

2
s

〈
NBlll

〉

− p3

s

〈
NBlll

〉
p3

s

〈
NBlll

〉
K+ 1

1+RV/P
pups

〈
NMll̄

〉
pups

(
1 + 0.49RV/P

1+RV/P
λs

)〈
NMll̄

〉
K0 1

1+RV/P
pups

〈
NMll̄

〉
pups(1 + 0.34RV/P

1+RV/P
λs)

〈
NMll̄

〉
φ

RV/P

1+RV/P
p2

s

〈
NMll̄

〉 RV/P

1+RV/P
p2

s

〈
NMll̄

〉
�

6RO/D

1+2RO/D
p2

ups

〈
NBlll

〉 ( 5.30+12RO/D

1+2RO/D
+ 5.64

1+RO/D

)
p2

ups

〈
NBlll

〉

The results for antihadrons are equal to those of the
corresponding hadrons because of the negligible net quarks.
Because we ignore the very small decay contributions from
charm hadrons, the yield formulas for light and strange hadrons
obtained here are the same as those in our previous work [26].

B. Yield correlations of charm hadrons

From the results in Sec. II A, we get that the yields of
identified hadrons depend on several physical parameters,
e.g., RV/P , λs , 〈NMcl̄

〉, and 〈NBcll
〉, etc., while the yield

ratios between different single-charm hadrons or between
single-charm hadrons and light and strange hadrons depend
on less or even no parameters. In the following, we study these
ratios one by one.

First, we build multihadron yield correlations independent
of any parameters, such as

C1 ≡ 〈Nf

	−〉(〈Nf

D0

〉 + 〈
N

f

D+
〉)2

〈
N

f
p

〉〈
N

f

D+
s

〉2 = 3,

C2 ≡
〈
N

f

D+
s

〉〈Nf

	−〉(〈
N

f

D0

〉 + 〈
N

f

D+
〉)〈Nf


−〉
= 3

2
, (28)

C3 ≡ 〈Nf


−〉(〈Nf

D0

〉 + 〈
N

f

D+
〉)3

〈
N

f
p

〉〈
N

f

D+
s

〉3 = 2.

The constant values for these correlations are obtained from
the basic ideas of the combination mechanism with the two
assumptions. They can be used for the first test of the

TABLE II. Thermal model predictions for C1, C2, and C3 at
different input values of TC .

TC (MeV) 150 160 165 170 180

C1 1.46 1.53 1.56 1.60 1.66
C2 1.64 1.53 1.48 1.44 1.37
C3 0.89 1.00 1.06 1.11 1.21

QCM. In other hadronization models, e.g., in the thermal
model, they are not constants but depend on the chemical
freeze-out temperature TC and masses of different hadrons.
We use the thermal model in Ref. [17] to calculate C1, C2,
and C3 at different TC . Only JP = 0− and 1− mesons and
JP = (1/2)+ and (3/2)+ baryons are included. The calculated
results are listed in Table II. We find that the prediction
differences between QCM and the thermal model for C1 and
C3 are significant while that for C2 is relatively small. Future
experimental data are expected to test these two different
predictions.

Second, ratios of D∗ and D mesons that only depend on
one parameter RV/P , such as

2
〈
N

f

D∗+
〉

〈
N

f

D0

〉 + 〈
N

f

D+
〉 = RV/P

1 + RV/P

,

〈
N

f

D∗+
〉

〈
N

f

D0

〉 = RV/P

1 + 1.677RV/P

,

(29)〈
N

f

D∗+
〉

〈
N

f

D+
〉 = RV/P

1 + 0.323RV/P

,

〈
N

f

D0

〉
〈
N

f

D+
〉 = 1 + 1.677RV/P

1 + 0.323RV/P

.

The first two ratios are sensitive to RV/P in the region
where RV/P < 1, and the last two are sensitive to RV/P in
the whole region where RV/P � 3. By the measurement of
these four ratios we can quantify RV/P , which is helpful for
the understanding of the effects of spin interactions during
hadronization. Because the mass discrepancy between D∗ and
D is much smaller than that in light and strange hadrons, one
could expect that D∗ is not suppressed relative to D and RV/P

should approach 3 by counting the spin degree of freedom in
the charm sector. The current data of D∗+/D0 in pp reactions
at LHC [37] constrain a rough value region of RV/P (0.7–3),
if one believes that RV/P is the same in pp and AA collisions
[27,38]. Here we take RV/P = 3 and present our predictions
for the above ratios in Table III. Predictions from the thermal
model [39] are also listed for comparisons.

Third, ratios between Ds and D mesons that relate with the
strangeness suppression factor λs , e.g.,

2
〈
N

f

D+
s

〉
〈
N

f

D0

〉 + 〈
N

f

D+
〉 = λs,

〈
N

f

D+
s

〉
〈
N

f

D0

〉 = 1 + RV/P

1 + 1.677RV/P

λs,

(30)〈
N

f

D+
s

〉
〈
N

f

D+
〉 = 1 + RV/P

1 + 0.323RV/P

λs.
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TABLE III. Yield ratios of different single-charm hadrons. The
second column is the predictions from the thermal model [39] and
the last column is those from the QCM.

Correlations Thermal model QCM

2
〈
N

f

D∗+
〉/(〈

N
f

D0

〉 + 〈
N

f

D+
〉)

0.543 0.75〈
N

f

D∗+
〉/〈

N
f

D0

〉
0.387 0.50〈

N
f

D∗+
〉/〈

N
f

D+
〉

0.911 1.52〈
N

f

D0

〉/〈
N

f

D+
〉

2.353 3.06

2
〈
N

f

D+
s

〉/(〈
N

f

D0

〉 + 〈
N

f

D+
〉)

0.490 0.41〈
N

f

D+
s

〉/〈
N

f

D0

〉
0.349 0.27〈

N
f

D+
s

〉/〈
N

f

D+
〉

0.821 0.83〈
N

f

�+
c

〉/(〈
N

f

D0

〉 + 〈
N

f

D+
〉)

0.114 0.21〈
N

f

�+
c

〉/〈
N

f

D+
s

〉
0.467 1.01

In the QCM, a charm quark captures a light or a strange
antiquark to form a D meson or a Ds meson, and ratios of
these Ds to D mesons carry the strangeness information of the
production zone of these open-charm mesons. Therefore, these
ratios can effectively probe the hadronization environment
of charm quarks, i.e., inside the QGP or not. It is known
that the produced bulk quark matter in Pb + Pb collisions
at

√
sNN = 2.76 TeV has the saturated strangeness, e.g.,

λs = 0.41 [26], while for the small partonic system such as
that created in pp collisions the strangeness is only about 0.3
[37]. If charm quarks mainly hadronize via quark combination
in the QGP, we have the numerical calculations for these three
ratios and they are put in Table III. Predictions from the thermal
model [39] are also listed in Table III.

Fourth, baryon-to-meson ratios, e.g.,〈
N

f

�+
c

〉
〈
N

f

D0

〉 + 〈
N

f

D+
〉 = 2

2 + λs

〈
NBcll

〉
〈
NMcl̄

〉 ,
(31)〈

N
f

�+
c

〉
〈
N

f

D+
s

〉 = 4

λs(2 + λs)

〈
NBcll

〉
〈
NMcl̄

〉 .
These ratios can effectively reflect the baryon-meson compe-
tition in the charm sector. We suppose that the baryon-meson
competition in the charm sector is the same as that in light and
strange sectors, and have 〈NBcll

〉/〈NMcl̄
〉 = 3〈NBlll

〉/〈NMll̄
〉.

With the parametrization 〈NBlll
〉/〈NMll̄

〉 = 1/12 in Ref. [26],
we predict these two ratios and put them in Table III.
Predictions from the thermal model [39] are also listed in
Table III.

These different kinds of correlations discussed above can
effectively reflect the properties of charm hadron production
from different aspects. They can be used to cross-check the
charm quark hadronization mechanism in AA collision at LHC.

C. Predictions for charm hadron yields

Now we turn to the predictions of the midrapidity yields
dN/dy of various hadrons in central Pb + Pb collisions

at
√

sNN = 2.76 TeV. From Table I, one can see that the
yields of different hadrons depend on these quantities: pu,
ps , dNMll̄

/dy, dNMcl̄
/dy, dNBlll

/dy, and dNBcll
/dy. We

need three inputs to determine these quantities, i.e., λs , the
rapidity density of all light and strange quarks dNl/dy and
λc ≡ dNc

dy
/ dNl

dy
. λs determines pu and ps uniquely, and it was

determined to be 0.41 [26]. The quark number conservation

gives
dNMll̄

dy
+ dNMlc̄

dy
+ 3

dNBlll

dy
+ 2

dNBcll

dy
= dNl

dy
where the very

small part of light and strange quarks going into double-charm

baryons is ignored. Using the relations
dNMcl̄

dy
/

dNMll̄

dy
= λc and

dNBcll

dy
/

dNBlll

dy
= 3λc, and the parametrization

dNBlll

dy
/

dNMll̄

dy
=

1/12 [26], dNMll̄
/dy, dNMcl̄

/dy, dNBlll
/dy, and dNBcll

/dy
can be obtained by λc and dNl/dy. The rapidity density of all
light and strange quarks is fixed to be dNl

dy
= 2.162

2
dNch

dη
≈ 1731

[40,41] by fitting the measured pseudorapidity density of
charged particles. λc related to the charm quark number
dNc

dy
= λc

dNl

dy
is the key input for predictions of charm hadron

yields.
Charm quarks produced at LHC mainly come from two

stages of the collision: initial hard-parton scatterings and
thermal partonic interactions in the QGP. Here we first give
an estimation of the charm quark number dN initial

c /dy from
initial hard-parton scatterings by extrapolating pp reaction
data at LHC,

dN initial
c

dy
= 〈TAA〉dσ

pp
c

dy
= 〈TAA〉 1

R

dσ
pp

D0

dy
= 21. (32)

Here R = 0.54 ± 0.05 is the branch ratio of charm quarks into
final D0 mesons measured in e+e− reactions [6]. 〈TAA〉 =
26.4 ± 0.5 mb−1 is the average nuclear overlap function
calculated with the Glauber model [42]. The cross section

of D0 is
dσ

pp

D0

dy
= 0.428 ± 0.115 mb in pp reactions at

√
s =

2.76 TeV [7].
Subsequent QGP evolution stage can increase the charm

quark number, but the enhancement rate α ≡ ( dNc

dy
−

dN initial
c

dy
)/dN initial

c

dy
is sensitive to the evolution details such as

initial temperature, charm quark mass, evolution time. The
present predictions of α in literatures have large uncer-
tainties, from 0%–100% [11–13]. Here, we choose α =
0%,10%,20%,40%,100% to study its influence on the yields
of different hadrons. The predicted yields of various single-
charm hadrons as well as light and strange hadrons are shown
in Table IV, and the experimental data are from Refs. [35,43–
45]. The predictions for single-charm hadron yields with the
statistical hadronization model (SHM) at dNc/dy = 16.8 [46]
are also listed in Table IV. To make comparisons with the
SHM, we also present the predictions at the same dNc/dy.
We find that the results for light and strange hadrons suffer
very small influences from charm quark production and they
are consistent with the available data within the experimental
uncertainties except for φ.

The current calculations of φ mesons are obviously higher
than the data. This is because in this paper we only consider the
production of JP = 0− and JP = 1− mesons in the ground
state. In fact, various multiquark states and/or exotic states
beyond the quark model are also produced in high energy
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TABLE IV. Rapidity densities dN/dy of identified hadrons in central Pb+Pb collisions at
√

sNN = 2.76 TeV. The data are from
Refs. [35,43–45]. The predictions of single-charm hadrons given by the statistical hadronization model (SHM) are also listed with
parentheses [46].

Hadron Data (SHM) dNc/dy = 16.8 dNc/dy = 21 dNc/dy = 23 dNc/dy = 25 dNc/dy = 29 dNc/dy = 42
(α = 0%) (α = 10%) (α = 20%) (α = 40%) (α = 100%)

π+ 733 ± 54 752 749 748 747 745 739
K+ 109 ± 9 111 111 111 111 110 109
K0

S 110 ± 10 107 106 106 106 106 105
φ 13.8 ± 0.5 ± 1.7 29.7 29.6 29.6 29.5 29.5 29.2
p 34 ± 3 33 32 32 32 32 32
� 26 ± 3 26 26 26 26 26 25
	− 3.34 ± 0.06 ± 0.24 4.11 4.10 4.09 4.09 4.07 4.04

− 0.58 ± 0.04 ± 0.09 0.56 0.56 0.56 0.56 0.56 0.55
D+ (3.56) 2.71 3.38 3.70 4.02 4.65 6.67
D0 (7.80) 8.31 10.4 11.3 12.3 14.2 20.4
D∗+ (—) 4.13 5.15 5.64 6.12 7.08 10.16
D∗0 (—) 4.13 5.15 5.64 6.12 7.08 10.16
D+

s (2.96) 2.26 2.82 3.08 3.34 3.87 5.55
�+

c (1.16) 2.29 2.85 3.12 3.38 3.92 5.62

reactions. There are two exotic hadrons f0(980) and a0(980)
which are mostly relevant to the φ abundance. The masses
of these two hadrons are close to φ and they also probably
have the large ss̄ content according to the newest PDG [36].
Including these two hadrons in our model will consume ss̄
pairs in the system and introduce the competition against
the φ formation. In our previous work [27], we have studied
the yield of φ at top SPS and RHIC energies and the results
suggested that the production of exotic hadrons should exhaust
about the same number of ss̄ pairs as that in φ production so
that the final φ yields are consistent with the experimental
data measured by the NA49 Collaboration and the STAR
Collaboration. The rigorous calculation of φ yield including
the exotic states is a difficult task in the current progress of the
hadronization phenomenology, and is beyond the intension of
the current study. Based on these considerations, we multiply
the factor 1/2 to the calculated φ yield in Table IV to give the
rough estimation of the final φ yield, i.e., about 14, in central
Pb + Pb collisions at

√
sNN = 2.76 TeV. We see that this

estimation agrees with the experimental data. This indicates

some underlying universality of φ production in high energy
heavy ion collisions at different collision energies.

III. pT DEPENDENCE OF LIGHT, STRANGE, AND
CHARM HADRONS

pT spectra of identified hadrons can provide more explicit
insights into quark hadronization mechanisms and detailed
information on the hot and dense bulk matter created in
relativistic heavy ion collisions. In the QCM, pT spectra
of various light and strange hadrons can be systematically
calculated with the given pT distributions of light and strange
quarks. This is one of the main features and advantages of the
QCM and has tested against the experimental data at RHIC
[29,30,47–50]. In the following, we test the QCM in explaining
pT spectra of identified hadrons at LHC.

Confining ourselves to the hadron production at the
midrapidity y = 0, the transverse momentum distributions of
mesons Mj and baryons Bj can be obtained from Eqs. (1) and
(2) as

fMj
(pT ; Nqi

,Nq̄i
) =

∑
q1q̄2

R(f )
Mj ,q1q̄2

(Nqi
,Nq̄i

)
∫

dpT1dpT2Nq1q̄2f
(n)
q1q̄2

(pT1 ,pT2 ; Nqi
,Nq̄i

)R(pT )
M,q1q̄2

(pT ,pT1 ,pT2 ; Nqi
,Nq̄i

), (33)

fBj
(pT ; Nqi

,Nq̄i
) =

∑
q1q2q3

R(f )
Bj ,q1q2q3

(Nqi
,Nq̄i

)
∫

dpT1dpT2dpT3Nq1q2q3f
(n)
q1q2q3

(pT1 ,pT2 ,pT3 ; Nqi
,Nq̄i

)

×R(pT )
B,q1q2q3

(pT ,pT1 ,pT2 ,pT3 ; Nqi
,Nq̄i

), (34)

where the factorization assumption was applied to the kernel functions, i.e.,

RMj ,q1q̄2 (pT ,pT1 ,pT2 ; Nqi
,Nq̄i

) = R(f )
Mj ,q1q̄2

(Nqi
,Nq̄i

)R(pT )
M,q1q̄2

(pT ,pT1 ,pT2 ; Nqi
,Nq̄i

),

RBj ,q1q2q3 (pT ,pT1 ,pT2 ,pT3 ; Nqi
,Nq̄i

) = R(f )
Bj ,q1q2q3

(Nqi
,Nq̄i

)R(pT )
B,q1q2q3

(pT ,pT1 ,pT2 ,pT3 ; Nqi
,Nq̄i

).

R(f )
Mj ,q1q̄2

and R(f )
Bj ,q1q2q3

are the same as those in Sec. II. R(pT )
M,q1q̄2

and R(pT )
B,q1q2q3

also represent the same physical meaning as those
in Sec. II except for the replacement of p by pT and further distinguishing the flavors of (anti)quarks. Such a convolution
method for calculating hadron pT spectra is widely applied in quark combination models [51,52]. Here, we focus on azimuthal
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angular integrated pT distribution, so we adopt one-dimensional combination formulas in the momentum space. R(pT )
M,q1q̄2

and

R(pT )
B,q1q2q3

contain the dynamics of quark combination in transverse momentum space, and we first isolate this part from R(pT )
M,q1q̄2

and R(pT )
B,q1q2q3

, e.g., for the formation of light and strange hadrons,

R(pT )
M,q1q̄2

(pT ,pT1 ,pT2 ; Nqi
,Nq̄i

) = AM,q1q̄2 (Nqi
,Nq̄i

)δ(pT − pT1 − pT2 )�(ε − |pT1 − pT2 |), (35)

R(pT )
B,q1q2q3

(pT ,pT1 ,pT2 ,pT3 ; Nqi
,Nq̄i

) = AB,q1q2q3 (Nqi
,Nq̄i

)δ(pT − pT1 − pT2 − pT3 )�(ε − |pT1 − pT2 |)
×�(ε − |pT1 − pT3 |)�(ε − |pT2 − pT3 |). (36)

Here, δ functions guarantee the transverse momentum conservation in the combination process and � functions represent the
momentum constraints that quarks and antiquarks with similar masses combine into hadrons only when they are close to each
other in momentum space. ε is a parameter of small value. ε → 0 leads to the ideal equal pT combinations. Here, we set ε to
be 0.2 for light and strange hadrons. For the formation of single-charm hadrons, because of the large mass discrepancy between
charm quarks and light or strange quarks, the constraint of near transverse velocity in combination may be more realistic, i.e.,

R(pT )
M,q1q̄2

(pT ,pT1 ,pT2 ; Nqi
,Nq̄i

) = AM,q1q̄2 (Nqi
,Nq̄i

)δ(pT − pT1 − pT2 )�

(
ε −

∣∣∣∣ pT1

mq1

− pT2

mq2

∣∣∣∣
)

, (37)

where mqi
is the constituent quark mass, and mu = md =

0.34 GeV, ms = 0.5 GeV, and mc = 1.5 GeV.
Apart from the momentum constraints, R(pT )

M,q1q̄2
and

R(pT )
B,q1q2q3

involve other hadronization dynamics which is
incorporated in the itemsAM,q1q̄2 andAB,q1q2q3 . First,AM,q1q̄2

andAB,q1q2q3 are obviously dependent on the Nqi
and/or Nq̄i

of
the system. This can be illustrated by a simple consideration.
Suppose we double the number of quarks and antiquarks (i.e.,
the size of the quark system); yields of the produced hadrons
should also be double from general principles. Therefore,
AM,q1q̄2 and AB,q1q2q3 should be more or less inversely
proportional to Nq and/or Nq̄ . In essence, this dependence
is the requirement of the hadronization unitarity, i.e., the
production of mesons and baryons should exhaust all quarks
and antiquarks of the system after hadronization. This unitarity
of hadron production in heavy ion collisions was addressed
early in the ALCOR model by introducing normalization
factors for every flavor quarks when describing the yields of
different hadrons [53]. Second, and more important, AM,q1q̄2

and AB,q1q2q3 should involve the dynamics of baryon-meson
production competition, i.e., when a quark hadronizes, whether
it forms a meson by combining an antiquark or forms a baryon
by combining other two quarks as momentum constraints
are both satisfied in two cases. Note that these AM,q1q̄2

and AB,q1q2q3 coefficients in kernel functions are the major
difference of our method from those previous well-known
combination models [51,52] where the combination function
depends on the overlap of the wave functions of constituent
quarks with that of the hadron.

Further exploration ofAM,q1q̄2 andAB,q1q2q3 must deal with
these sophisticated hadronization dynamics. Here, we use a
specific combination model developed by the Shandong group
(SDQCM) [27,34,54] to concretize these detailed dynamics
in AM,q1q̄2 and AB,q1q2q3 and realize the calculation of pT

spectra of identified hadrons via Eqs. (33) and (34). Of all
the on market combination models, SDQCM is unique for
its ability to consistently explain of hadron yields, rapidity
spectra, and pT spectra in relativistic heavy ion collisions
[16,27,34,55]. A combination rule is designed specifically in

SDQCM to describe the hadronization of the color-neutral
quark-antiquark system. The main idea of the combination
rule is to line up the (anti)quarks in a one-dimensional order
in phase space, e.g., in longitudinal rapidity, and then let them
combine into initial hadrons one by one according to this order
[27,34]. Three (anti)quarks or a quark-antiquark pair in the
neighborhood form a (anti)baryon or a meson, respectively.
When a hadron is produced in longitudinal dimension, pT

of this hadron is subsequently calculated by the transverse
combination dynamics. The combination rule automatically
satisfies the unitarity of the hadronization and gives the
baryon-meson competition. SDQCM predictions of hadron
yields are compatible with the yield formulas in Sec. II. In
addition, the decay effects of resonances on the pT spectra
of stable hadrons can be conveniently taken into account in
SDQCM.

Quark joint transverse momentum distributions are
necessary for the calculations of pT distributions of hadrons.
Ignoring the correlations of (anti)quarks, we have
f

(n)
q1q̄2

(pT1 ,pT2 ; Nqi
,Nq̄i

) = f (n)
q1

(pT1 ; Nqi
,Nq̄i

)f (n)
q̄2

(pT2 ; Nqi
,Nq̄i

)
and f (n)

q1q2q3
(pT1 ,pT2 ,pT3 ; Nqi

,Nq̄i
) = f (n)

q1
(pT1 ; Nqi

,Nq̄i
)f (n)

q2

(pT2 ; Nqi
,Nq̄i

)f (n)
q3

(pT3 ; Nqi
,Nq̄i

). For the distributions of light
and strange quarks, we use a two-component parametrized
pattern: dNli /(pT dpT ) ∝ exp(−

√
p2

T + m2
li
/Tli ) + Rli (1 +

pT

5GeV )−Sli , the exponential item for thermal quarks at low
pT and the power-law item for shower quarks with high
pT . Parameters (Tli ,Sli ,Rli ) for light and strange quarks are
extracted by fitting the data of pT spectra of p + p̄ and
K+ + K−, respectively. Their values are (0.31 GeV, 8.0, 0.02)
for light quarks and (0.36 GeV, 8.6, 0.04) for strange quarks.

Figure 1 shows the pT spectra of h±, π±, K±, K0
S , φ, p,

p̄, �, 	−, and 
− in central Pb + Pb collisions at
√

sNN =
2.76 TeV. The calculated results denoted by different types
of lines are consistent with the experimental data denoted by
different solid symbols [35,42–45,56]. Note that the calculated
φ here is the result corrected by multiplying 1/2. We see that
the exponential domain of meson spectra expands to about
4 GeV/c and that of baryons expands to about 6 GeV/c.
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FIG. 1. (Color online) pT distributions of light and strange hadrons in central Pb + Pb collisions at
√

sNN = 2.76 TeV. The solid symbols
are the experimental data from Refs. [35,42–45,56], and different types of lines are our results. Charged particles h± are measured in
midpseudorapidity and identified hadrons are in midrapidity. h+ + h−, π+ + π−, p + p̄, K0

S , and φ are scaled by 20, 5, 0.1, 50, 20, respectively,
for clear exhibitions. The calculated φ here is the result corrected by multiplying 1/2. Note that the data of p + p̄ and K+ + K− are used to
extract the pT spectra of light and strange quarks, respectively.

Compared with the data at RHIC [57], the exponential domain
extends over about 2 GeV/c.

Based on the performance of the QCM in light and strange
sectors, we turn to the charm sector. In the combination
process of a charm quark with light and/or strange quarks
to form an open charm hadron, there are two different
combination scenarios, i.e., equal pT combination and equal
velocity combination, which are both possible and cannot be
ruled out from the current knowledge of the nonperturbative
hadronization. This will cause two different predictions for
pT distributions of charm hadrons with the same charm quark
pT spectrum. On the other hand, the calculation of the pT

spectrum for charm quarks before hadronization involves
many complex factors, e.g., the nuclear shadowing on the
initial hard produced charm quarks, the collisional energy
loss in the QGP, and the medium-induced gluon energy loss,
etc. [58–60]. The current theoretical predictions for charm
quark pT spectra have large uncertainties [58–60], which also
cause the predictions that charm hadron pT spectra have large
uncertainties. In such a situation of two possible combination
dynamics plus an uncertain charm quark pT distribution, it
is not so straightforward to directly test the hadronization
mechanism from the experimental data of charm hadrons.
In this paper, we adopt a slightly unusual study strategy,
based on the philosophy that a physical charm quark pT

distribution plus a physical hadronization mechanism should
give the correct, observed charm hadron pT spectra. We extract
the pT spectrum of charm quarks from the experimental
data of D0 in the cases of equal pT combination and equal
velocity combination, respectively. Definitely, charm quark
pT spectra in these two different cases are different. Then, we
predict pT spectra of other charm hadrons in these two cases,
respectively, and compare them with the available and future

experimental data to check these two different combination
scenarios.

The extracted charm quark pT spectrum under the equal
pT combination is dNc/(pT dpT ) ∝ (pT + 0.4 GeV)2(1 +

pT

2.2GeV )−8 while that under the equal velocity combination
is dNc/(pT dpT ) ∝ (pT + 0.99 GeV)2(1 + pT

0.87GeV )−6.32. We
find that the charm quark pT spectrum extracted from the
equal velocity combination is close to the theoretical prediction
at LHC in a recent Ref. [59] while that from the equal pT

combination has a large difference with Ref. [59] and is close to
the prediction at RHIC energies in Ref. [60]. The calculated pT

spectra of charm hadrons in these two combination scenarios
are shown in Fig. 2(a). The solid lines are for the results
computed in the equal pT combination and the dashed lines for
the equal velocity combination case. The solid symbols are the
experimental data from Refs. [8,61]. We find that the results
in two combination scenarios for D+ and D∗+ are nearly the
same and those for D+

s have a relatively obvious difference in
the range of pT > 3 GeV.

We argue that the pT dependence of charm meson
ratios D+

s /D0 and 2D+
s /(D0 + D+) are good probes to

distinguish the above two different combination scenarios
of charm quarks. These two ratios are essentially related
to the strangeness of the production regions of charm
mesons, and they are nonsensitive to the pT distribu-
tion of charm quarks. Take D+

s /D0 as an example. We
have the pT dependence of D+

s /D0 is proportional to
fs(

pT

2 ; Nqi
,Nq̄i

)/fu(pT

2 ; Nqi
,Nq̄i

) in the equal pT combination
and to fs(

pT

4 ; Nqi
,Nq̄i

)/fu(pT

4 ; Nqi
,Nq̄i

) in the equal velocity
combination where we approximately use the triple mass
difference in charm quarks and light or strange quarks.
The similar case holds for 2D+

s /(D0 + D+). The dot-dashed
lines in Figs. 2(b) and 2(c) show the pT dependence of the
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FIG. 2. (Color online) (a) pT distributions of charm mesons and (b) charm meson ratios in equal pT combination scenario and (c) charm
meson ratios in equal velocity combination scenario at midrapidity in central Pb + Pb collisions at

√
sNN = 2.76 TeV. The solid symbols are

the experimental data from Refs. [8,61], and different lines are our results. (a) The solid lines are the results in equal pT combination scenario
and the dashed lines are the results in equal velocity combination scenario. pT distributions for D0, D∗+, and D+

s are scaled by 100, 10, and
0.1, respectively, for clear exhibitions. Note that the data of D0 are used to extract the pT spectra of charm quarks.

strangeness, i.e., the ratio of the previously extracted strange
quark pT spectrum to the down quark pT spectrum. It rises
rapidly at low pT and reaches the peak at pT ≈ 2 GeV
and then it decreases to a stable small value. D+

s /D0 and
2D+

s /(D0 + D+) as the function of pT should follow similar
shapes by stretching out the pT axis, but the peak position
of the ratios will reflect the detailed combination dynamics
of charm hadron formation. Figure 2(b) shows the results of a
charm quark capturing an antiquark with an equal pT to form a
meson. The resulting D+

s /D0 and 2D+
s /(D0 + D+) reach the

peak at pT ≈ 4 GeV, and decrease to the low values at high
pT . Figure 2(c) represents the results in the case of a charm
quark capturing an antiquark with an equal velocity to form
a meson. The resulting D+

s /D0 and 2D+
s /(D0 + D+) arrive

at the peak at pT ≈ 8 GeV, which are quite different from
those in Fig. 2(b). We note that the HIJING/BB V2.0 using the
fragmentation hadronization predicts nearly no pT dependence
of these D+

s /D ratios [62]. The future experimental data at
LHC can test these different predictions.

IV. SUMMARY

We have deduced yield formulas and studied yield cor-
relations and pT spectra of single-charm hadrons in the
QCM in central Pb + Pb collisions at

√
sNN = 2.76 TeV.

Yields of various single-charm hadrons are found to have
a series of interesting correlations. Several types of yield
ratios were proposed to quantify these correlations and to
measure the properties of charm quark hadronization from
different aspects. In addition, we systematically explained the
midrapidity data of pT spectra for h±, K±, K0

S , φ, p, p̄, 	−,
and 
−. We further calculated the pT spectra of open charm
mesons and found that the results agree with the available
experimental data. Ratios D+

s /D0 and 2D+
s /(D0 + D+) as

the function of pT are identified as good probes for the
hadronization dynamics of charm quarks, and we made
predictions in two different combination scenarios for the
comparison with the future experimental data.
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