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Generalized semimicroscopic model in odd-mass indium isotopes
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A. generalization of the classical semimicroscopic model is developed to explain simulta-
neously quasivibrational and quasixotational nuclear states. The wave fLmctions obtained are
used to calculate level sequences, electro~netic properties, and spectroscopic factox's.
Experimental data are reasonaMy well fitted.

NUCLEAR STRUCTURE ««~'««~In; calculated levels, 4, r, 8(E2), B(~&), g,
p, and S. Generalized semimlcroscopic model.

1. INTRODUCTION

According to the classical pax'tlcle-phonon cou-
pling madel, the one-'phonon multiplet (g», 'l2;
IM) with total angular momentum I ranging from
—,
"to ~2' is expected in the vicinity of 1.3 MeV for
the odd-mass indium isotopes. For weak coupling
Rnd quadrupole hRx'Inonlc vibrations, the x'educed
Z2 transition probability for exciting the multipiet
state vrith angular momentum I should be pro-
portional to {2I+1).Moreover, the magnitude of
the B(E2) values for decay of each of these states
should be same as that of the B(B2; '2-'0+) in
the even tin cox e. However, the Coulomb excita-
tion of "'In and '"In (Ref. 1) shows that although
a considerable fraction of the one-phonon strength
lies in the I'egion between 1.0 and 1.5 Mev, the
intensity rule is violated.

Mditional experimental evidences Rx'gue Rgainst
the weak particle-phonon coupling; the most im-
portant are: (i) rather strong B(MI) transition to
the graund state (Ref. 2 and references quoted
therein)i (11) fragmentatlon of 'tile g9y2 slllgle-
particle strength'; {iii) renormalization of the
effective charge fox the ground-state quadrupole
moment~ eeII = 5.58p (Ref. 4)i (v) exlstellce Of Rd-
ditional states —apax t from the multiplet —in the
energy region of the one-phonon multiplet.

Dietx'ich ef gl.~ have recently pex'foxmed R cal-
culation of the '"In spectx um lnvolvlng a rathex
strong coupbng of the g» px oton hole to the
quadrupole vibrational states of '"Sn. Theix" cal-
culations on the level positions and B(B2)values
as well as the ground-state quadrupole and the
spectroscopic factors observed in the '"Sn{d, 'He)-

In I'6Rctlon Rre lQ good agreement with experi-

ment. The B(MI) are reasonably well reproduced.
However, neither this analysis nor the others per-
formed with the same spirit, ' can explain the
low-lying &+ and —,'+ excited states experimentally
obServed. '

011 the basis of R lllghly ellhRIlc8d B(B2i g ~)
transition strength [=100 single-particle units
(s.p.u.)] experimentally observed by Backlin,
Fogelberg, and Malmskog, ' they have proposed
that these levels are members of a rotational band
charactel ized by the ¹Isson state Kw[Nn, A]
=-,'+[431]. Several investigators (Ref. 9 and refer-
ence quoted therein), following this suggestion,
have tried to identify some other higher-lying
states as being members of this rotational se-
quence.

On the other hand, the '15Cd('He, d)'"In reaction
studies performed by Ishlmatsu gf g) . Rnd by
Harar Rnd Horoshkol' revealed that the excited
positive-parity states in '"In cannot be explained
by R simple juxtaposition of vibrational Rnd x'o-

tational states. In addition, Meyex', StruMe, and
Smith' have obtained RQ enhancement of less than
40 s.p.u. for the B(Z2, —,'+-s3+) in '"In. This ex-
periment wheQ considered with the I'ecent mea-
surement of the quRdrupole 'moment of the
state" is inconsistent with a pux'e rotational nature
of these levels.

Fx'om the conslderatlons Rbove lt CRQ be deduced
thRt the experimental data do Qot 16nd suppox't
eltllel' 'to the clRsslcsl pRI'tlcle-pholloll collpllllg
intex'pl etRtlon ox' to the rotRtionRl model when
they ax'e independently considex'ed. Then, a
mixing of rotational with vibrational levels wouM
yleM a bette~ descrlptlon of t ese isotopes. This
RpproRch wRS followed ln the works of Hen Rnd
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As far as the intriguing states are concerned,
a similar situation vras found in the energy spectra,
of odd-mass cobalt isotopes. Actually, by cou-
pling of a f,~ proton hole to the even-mass nickel
nucleus considered as the vibrational core, it
has not been possible to reproduce the existence
of a —,'- and tvro —,'- excited states observed in "Co
in the vicinity of 1.5 MeV. This difficulty has
recently been overcome in the calculation made
by Gomez'~ where two-hole-one-particle proton
eonfigurRtions Rre coupled to quadrupole vibra-
tional cores. Good general agreement of calcu-
lated and experimental properties has been
achieved.

In view of the situation above me felt stimulated
to make a detailed study of the odd-mass indium
isotopes mith a nem version of the semimiero-
scopic model (SMM). We limited ourselves to
the consideration of "'In and '"In nuclei since
they are the best studied experimentally among
the odd-mass indium isotopes. In turn only their
positive-parity states are analyzed since those of
negative parity have been satisfactorily explained
elsewhere. '""

Our first intent vras the enlargement of the con-
figuration space by the inclusion of 2h-1p seniority-
zero proton configurations g», '(0)g»„g„, '(0)d„„
g'QI2 (0)dssai and g'9&2 (0)sx/2.

This is similar to the procedure follovred by
Gomez" in his calculations of the odd-mass co-
balt isotopes. For a relatively strong coupling
strength we were able to obtain the energies of the

—,'+ and '-,'+ states in the vicinity of the first multi-
plet vrhile an over-all agreement of the total level
sequence could not be attained for reasonable val-
ues of the single-particle energies. In addition,
the quadrupole moment of the 'a+ state mas too
sma, ll.

This last fact indicates that more eollectiveness
is needed vrhieh mould be accomplished by the in-
clusion of 2h-1p seniority-three states. Our basic
assumption is that the two holes in the Z = 50
closed shell together vrith the tin core bring about
an average vibrational field. This hypothesis is
supported by the quasivibrational pattern ex-
hibited by the even-mass cadmium isotopes. In
the zeroth-order approximation, the lowest states
are seniority-zero states Due to t.he particle-
phonon interaction these states receive significant
contributions of the seniority-two states which
make them more collective. Consequently, an
approximate vray to take into account the effects
of the 2h-1p seniority-three modes of excitation
is to suppose that some low-lying states of odd-
mass indium isotopes are originated from the
coupling of a proton —which has available the

orbits above the g, I, shell —to the cadmium vi-
brational field.

Therefore me developed a version of the SMM
vrhich is suitably generalized so as to include the
degrees of freedom associated with the 2h-1p
modes of excitation and which mill be hereafter
referred to as the generalized semimicroseopic
model (GSMM). A brief report on the present
mork mas presented at the International Conference
on Nuclear Physics held in Munich. "

2. FORMULATION AND ASSUMPTIONS

In our investigation the usual space of the hole-
phonon coupling model is enlarged by the inclusion
of the degxees of freedom associated vrith the in-
coherent two hol-e on-e par-ticle (2h-1p) modes of
excitation. To avoid counting the same states
twice, the underlying random-phase-approxima-
tion structure of the vibrating tin core is assumed
to be exclusively due to a pure neutron character. "

A. Model Hamiltonian and matrix elements

%e present here an approximate may to include
the 2h-lp seniority-three modes of excitation
taking up with the available computational facili-
ties. Our total Hamiltonian is

H = H(core, h) +H(P) + H( p, h),

whel e

H(core, h) =H, +H~(h) —P @2~„(A)u~t„+H~

Here we labeled Q»~(p), Q»'(h), and Q2„'(p, h),
the particle scattering, the hole scattering, and
the pair creation plus pair annihilation terms, re-
spectively, for the one-body operator Q,"„~(Ref.
18).

The Hamiltoman (2) represents the energy of the
system formed by the tin core coupled to one or
two valence hole protons. In the first ease it
describes the properties of the indium isotopes'
and in the second case those of the doubly even
cadmium nuclei' '9 in the standard semimicro-
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with strength y.
Taking into account that the cadmium nuclei ex-

hibit a quasivibrational pattern, we approximate
the Hamiltonian (2) for this special case by a
vibrational Hamiltonian taken to be of the form

H(core)= h&o g b~„b» + E,(Cd), (5)

where Ru and b~„(b») are the energy and the cre-
ation (annihilation) operators of the cadmium vi-
brational field and E,(Cd) stands for the energy of
the cadmium vacuum.

The Hamiltonian (3) represents the total energy
of the valence proton. The first term is a single-
particle Hamiltonian associated with the motion
of the extra core proton in an average spherical
potential. The second and the third terms give the
interaction energy of the valence proton with the
tin core and with the valence proton holes, respec-
tively. Since the sum of the latter gives the inter-
action energy of the cadmium vibrational field
with the particle, the Hamiltonian (3) can be writ-
ten as

H(p) =H~(p) —Q @2) (p)o'2), (6&

where n» is the amplitude of the cadmium vibra-
tional field.

In a word, as far as the 2h-1p modes of excita-
tion are concerned we assume that the two proton
holes coupled to the tin core create an average
vibrational field which acts on the valence proton
lying at the next shell above the Z = 50 major shell.
Consequently, rather than to evaluate the Hamil-
tonian (1) in the subspace of 2h-1p excitation

scopic description. Hence, its terms have the
following meaning: (i) H, is the Hamiltonian as-
sociated with the harmonic quadrupole vibrations
of the tin core. (ii) H~(h) is the single-particle
Hamiltonian associated with the motion of the
extra core holes in an average effective spherical
potential. (iii) H, (h) =-g&Q»(h)a» is the inter-
action Hamiltonian associated with the coupling of
holes to the tin vibrational field with amplitude
u». The zero-point amplitude no is related to the
quadrupole phonon excitation energy S(d and to the
quadrupole deformation parameter P by means of

ao [(hu)/2C)$~2 P

(iv) The Hamiltonian associated with the residual
two-body interaction not included into the effective
average potential is a sum of the pairing force
H~ and the quadrupole-quadrupole (Q-Q) force"

and

Ih-', NR; IM& = [lh-'m. & INRM. &],. (8)

Ip, NR;IM& =[Ipm, & INRMs&]g~. (8)

Here the symbols label: (i) N and N, number of
phonons of the tin and cadmium vibrators, respec-
tively; (ii) R and R, quantum numbers of the re-
sultant angular momenta R and R from the coupling
of N and N phonons, respectively; (iii) lb 'm„& and

lpm~&, the wave functions of the fermions with h

and p being the set of quantum numbers necessary
to completely describe the proton-hole and proton-
particle states with respect to the Z = 50 major
shell; (iv) I and M, the total quantum numbers of
the indium nucleus; and (v) I NRM„& and INRM„-&,

the wave functions of the tin and cadmium cores,
respectively, assumed to be harmonic quadrupole
vibrator s.

The matrix elements of the Hamiltonian (2) be-
tween the hole states (8) were calculated in the
usual way4

&h' ' N'R';IMIHIh NR; IM&

= [ ea+NR(a)]5m'bss'bxa'

x &h'llh(r)Y2ll h&&N'R'II~, IINR &

(10)
Here the symbol ( ) is a six-j coefficient;

&h'I[h(r)Y, llh) is the reduced matrix element of
the hole coordinates and (N'R'II+, IINR& is the
reduced matrix element of the collective operator
defined by'

&N R'IIn, IINR& =n, [&NR lib, IINR&6~.„
+&NR IIb, IINR&e„.„„].

The matrix elements of the Hamiltonian H be-

coupled to tin quadrupole phonons we calculate
the approximate Hamiltonian

H =H(core) + H(p)

in the configuration space spanned by the Cadmium

vibrational states and the particle states.
The Hamiltonian (4) gives the interaction energy

between the hole state and the 2h-1p states. For
its evaluation we assume that the low-lying cad-
mium vibrational states are yielded by seniority-
zero states [see Eq. (15)].

According to the above assumptions our basic
vectors are
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tween the particle-like states (9) are of the form

&p' FAIL'II)fIIIIp,HIf II(f &

= t&ger+&o+ ss] err» 4rr

+( )rr'+r+s+t O' If' I
8 p 2

x & p'Il&(~) 1.Ilp&&&'IL'll~. IIIJIt&,

(12)

&N'&'II~. IIIfft& =~o[&IJ'If'll f. Il~&ass" r

+&Fr'If'Iif, IIX I&f(„-).„-„].(12)

Finally, the matrix elements of the Hamiltonian
(7) can be written as

&p, N%; IIIIIII(p, /) I I 'IJIf; IILI&-

Z'+I+p P

& &p'Il&(~)1;II/r&&II'If'Il~. ll»&,

where the last factor is defined by Etl. (11). They
are evaluated using the zeroth-order approxima-
tion for the low-lying cadmium vibrational states

&=I I()r)--0, ZIf IIf =If,~„=/)I„-&. (16)

of the basic vectors (6) and (9):

I'II(f& = g r)(I ', -XZ; 'I)IA-', IJIf IM&
a, zR

+ Q r)(p, Ã8; 'I)
Ip, It/If; IILf&, (16)

I,NB

where the expansion coefficients q are obtained
by diagonalizing the energy matrices and the super-
index v. distinguishes between states of same angu-
lar momentum.

B. Spectroscopic factors

The eigenstates (16) have been used to calculate
the spectroscopic factors S('I) for (i) proton pick-
up reactions and (ii) proton stripping reactions.
For the first case they are given by

S('I)= Iq(a, OO; I)i'
and for the second case

~('I) =
I r)( p, o o; 'I) I' (16)

when the transferred proton falls into a level above
the Z=50 major shell, while

S('I) = „ it)0), 00; 'I)i' (19)

for the reverse situation.

C. Electromagnetic transition operators

The quadrupole electric transition operators
are given by

Q»(core, Ir) = q,(core)u,"„+e,«Q;„()r), (20)

The eigenstates of the total Hamiltonian (1) with
total angular momentum I are linear combinations

for the hole-like states (21);

/sir (core, p) = g~(core)Ass+ e~rr'Qss(p), (21)
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FIG. 1. Experimental and calculated even-parity levels of ~In and ~ In. The first and fourth columns show the ex-
perimental energy levels for "~ln (Refs. 1, 2, 28-30, and V. Sergeev, J. Seeker, L. Erikson, L. Gidefelt, and L. Holm-
berg [ Noel. Phys. A202, 388 (1973)l 3 and t"In (Ref. 11), respectively. The remaining columns indicate our theoretical
results obtained with the SMM and the GSMM. The numbers at the left of the levels indicate the spectroscopic factors
(2j +1)S&(TI) for Cd(3He, d)In reactions.



for the particle-like states (9); and

Qfp(P, &) = &„,02p(P, &),

for the crossing terms. Here e,ff is the effective
charge of the proton and

q,(core) = (3/4m)ZeA, ',
q,(core) = (3/4w)ZeR0'

(33)

(34)

are the electric quadrupole moment generated by
the collective motion of the nucleon of the tin and
cadmium cores, respectively.

TABLE I. Comparison of experimental and calculated quadrupole electric and dipole mag-

netic moments and 8 (E2) and B (Ml) values for the lour-lying positive-parity states of five&.
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Then the reduced matrix elements take the form

+ P q(p'¹R'
'pgX

p%'R'

+ g «(p«'»', "s')«(»»»&(-)"""'*(2/2& )&"* .,(", „)(( Ii 'r, il«&a a „,
h NR

ptP tR t

j./2 I
~ Q «(«' «'&(" ' ~')«((«»&)' '~)(-)" "'""(mq,„( ««F ~r„](&'l,l«'« lit&~

pER
htgtR t

(25)

Similarly, the matrix elements of the dipole magnetic transition operator M, take the form

("z [,'m;)('z) =q (2/4~)"

k' 1
(«&', «'«'; "&'

&(«&, »;'&) z, rllE&II»+(-)'*"""'*'I(»+ &(»)'+ )]'"&
hNR «

ht~tRt

~(~'ll jll~)(g, -g„&5 .5„„,.(-&"' ""
«I(»+))(»' ~ &&]'"

]~ „,~p) &&'ll(&ll«&4r. -z )& 4m'

+ Q «()" «)'«' "&')«(t «« '&) z ( IIIII»«+(-)"' '" "[(» &)(»' &)]'"(r p, fpNR
ptN'R'

"(p'llj II p&(g] -Z~&5~a 5m~ + (-&'" '" "
«I&»+))&»" (&]'", „-,j(»'Il«ll»&(z."'-«» «4 ~

~/2

+ P q(p zz''s')q(x xz. 'z)(-)"''""
2y+1

p'N'R'

« I(»+ ))(»'+ &)]'"
f» ~, ~, )&p' ll

ill

a�)(g:"-g)&)„,
.&)„„

F12
+ g ~(P & ~gg&. T' yl)~(p ~~. )'y)( )j+)) +8 +1

2yt+ j

«I&»+)&&»'+))]'"
z z, z)&& ll«II(&(»" a)a, a', - (26)
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Here the symbols have the following meaning:
(i) p,„, the nuclear magneton; (ii) g„gs", gs (g„-),
are the effective gyromagnetic ratios for the or-
bital, spin, and tin (cadmium) core, respectively.
For the expressions of the reduced matrix elements
of the operators I, j, and s, see Ref. 4.

3. RESULTS AND DISCUSSION

In our calculation, the single-particle wave
functions were generated from a Woods-Saxon
we11 with spin-orbit coupling. The corresponding
energies were considered to be e(d», ) —e(g», )
= 0.50 and 0.75 MeV for '"In and '"In, respectively,
and e(d„,) —e(g„,) =2.60 MeV and c(s», ) —e(g»)
=2.95 MeV. The first value was regarded as an
adjustable parameter to reproduce the spin se-
quence of the —,", —,", —,

' ', and —,
"states. The

remaining two are those of Reehal and Sorensen. "
The energy difference between the lowest unper-
turbed particle-like and hole-like states AE
=[E,(Cd)+ e(g„,)]-[E,(Sn) —e(g», )] was estimated
to be S~(Z = 51, N) —S~(Z =49, N), yielding values of
-2.40 and -2.34 MeV for '"In and '"In, respec-
tively. Here S~(Z, N) denotes the proton separation
energy of a nucleus (Z, N). Our values were ob-
tained from the mass tables of Wapstra and Gove."
The phonon energies and the amplitudes of the
vibrational motion n, =P/v'5 were taken from
experiment. "

To investigate the extent to which the GSMM
succeed in improving the agreement with experi-
ment, calculations were also performed with the
SMM. The resulting spectra and the spectroscopic
factors for the one-body stripping reactions Cd-
('He, d)In are compared in Fig. 1 with experimental
data. In Table I are listed the quadrupole electric
and dipole magnetic reduced transition prob-
abilities and moments for '"In. For the electric
case we present the results obtained with the
effective proton charge e~"= 2e; e is the proton
charge. For the magnetic case we give the values
obtained with g, =1, g, =3.911, and g„=Z/A. The
enhanced E2 transitions between the '

—,', '~, '+» '-,',
~2, and —", positive-parity states, the intensity

ratios involving crossover-to-stopover E2 tran-

sitions, as well as their large and negative quadru-
pole moments allow us to assume the existence of
a quasirotational structure within a quasivibra-
tiona1 picture.

Our approximations appear quite reasonable in
view of the assumption concerning the harmonicity
of the tin vibrating core as well as the previous
calculations of even-even cadmium nuclei. ' " The
latter have shown that the lowest five states in
cadmium are mostly a (g», ), ' pair coupled to
zero-, one- and two-phonon states and also that
the particle and collective parts of the electric
quadrupole transition operator contribute co-
herently to the stopover transitions '2-'0, 0-'2,
'2-'2, and '4-'2 whereas they add incoherently
for the crossover transition '2 - '0. Although it
is also true that there is coherence for the quadru-
pole moment of the '2 state, its most recent mea-
surement'4 gives a value similar to that observed
in even-even tin nuclei. "'" It is relevant to notice
that the introduction of anharmonic effects in
cadmium isotopes" drastically affects only the
static quadrupole moment.

The present results show that the GSMM is able
to overcome the most remarkable difficulties met
with the SMM, achieving a reasonable agreement
with experiment. However, it does not modify
seriously the description of the electromagnetic
properties of the quasivibrational states except
for the —,

"and +' states.
The comparison with experiment indicates that

this admixture would not be the most adequate.
This fact can be attributable to single-particle en-
ergies employed inthis calculation and/or to the ap-
proximation, Eq. (15). In a few words, the coupling
scheme we discuss seems to have some promising
aspects specially concerned with the coexistence
of quasirotational and quasivibrational structures.
Nevertheless, some work still remains to be done
(and it is in progress) to estimate how serious
the approximations involved are.

One of us (S. M. A. ) wishes to express her in-
debtedness to Professor H. J. Mang for fruitful
discussions and hospitality during her stay in
Munich.
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