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Isotopic dependence of nuclear temperatures

Jun Su1,2 and Feng-Shou Zhang1,2,3,*

1The Key Laboratory of Beam Technology and Material Modification of Ministry of Education, College of Nuclear Science and Technology,
Beijing Normal University, Beijing 100875, China
2Beijing Radiation Center, Beijing 100875, China

3Center of Theoretical Nuclear Physics, National Laboratory of Heavy Ion Accelerator of Lanzhou, Lanzhou 730000, China
(Received 28 June 2011; published 1 September 2011)

A systematic study of isotope temperatures has been presented for heavy-ion collisions at 600 MeV/nucleon
via the isospin-dependent quantum molecular dynamics model in the company of the statistical decay model
(GEMINI). We find that the isospin dependence of the isotope temperatures in multifragmentation is weak;
however, this effect is still visible over a wide isotopic range. The isotope temperatures for the neutron-rich
projectiles are larger than those for the neutron-poor projectiles. We also find that the isotope temperatures
calculated by the model decrease with increasing nuclear mass.
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The concept of a nuclear temperature has been introduced
some seventy years ago [1,2]. During the past two decades,
many experiments were committed to measuring the nuclear
temperatures in multifragmentation [3–7]. The early work
was that Pochodzalla et al. [8], which gave the caloric curve
employing the isotopic thermometer suggested by Albergo [9].
For the slope thermometer, the temperature was obtained
from Maxwell-Boltzmann fits to the kinetic energy spectra
of the light fragments [10,11]. It was discussed that the
slope temperature not only reflects the thermal properties of
the multifragmenting system, but also reflects the collective
energies coming from the dynamics of the nuclear collision
[12,13]. Another method that extracts the temperature from
the population of excited states was also adopted [14,15].
For the systems already studied, the limiting temperatures
represented by the plateaus of the caloric curve decrease with
increasing nuclear mass [16]. One expected that a significant
isotopic dependence of the caloric curve or the nuclear
temperatures could be measured with radioactive beams
[3,5,6].

On the other hand, a large number of theoretical methods
have been used to investigate the thermodynamic properties of
hot nuclei. The early theoretical work explored the thermal
properties of finite nuclei by the temperature-dependent
Hartree-Fock model [17]. After that, some microscopic meth-
ods [18–23] were developed to investigate the upper limiting
temperatures of the nuclear stability and Coulomb instability.
The statistical models were found to be very useful for predict-
ing the caloric curve [24]. At the same time, many attempts
had already been made to explore the isotopic dependence of
the nuclear temperatures [18,21–24]. The early work with the
hot liquid-drop model predicted the existence of the limiting
temperatures, which showed size effects, Coulomb effects, and
significant isospin asymmetry effects [18]. Starting from the
temperature-dependent Thomas-Fermi approximation with the
effective SkM force, Kolomietz et al. found that the plateau
temperatures on the caloric curve are almost insensitive to
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a change in the asymmetry parameter [21]. Within the same
theoretical framework, but for the SBM effective interaction,
the caloric curves for isobaric 150Sm and 150Cs were found to be
similar [22]. However, the plateau temperature resulting from
the multifragmentation of the neutron-poor source (124La)
was, by the statistical multifragmentation model, found to be
slightly lower by about 0.4 MeV than that for 124Sn and 197Au
[24]. The weak asymmetry dependence of the caloric curve
for mononuclear configurations was also found [23]. Recently,
the isotope temperatures of 124Sn fragmentation were found to
exceed those for the neutron-poor systems from the ALADIN
experimental data [5–7]. However, the isotopic dependence of
the nuclear temperatures is not yet fully understood due to a
lack of experimental data and systematic analysis.

In this paper, we attempt to study the isospin effects of
the temperatures within a dynamic model. We perform a
systematic study for multifragmentation in the mass range
of A = 36 to 224. Several global fragmentation observables,
including the charge distributions, the Zbound distributions, and
the charge correlations, are calculated. The isospin effect and
the mass effect of the isotope temperatures are discussed.

The isospin-dependent quantum molecular dynamics
(IQMD) model [25,26] has been applied successfully in ana-
lyzing a large number of observables in heavy-ion collisions
at intermediate energies. In a recent publication [27] we
performed a study for multifragmentation via the IQMD model
incorporating the statistical decay model GEMINI. We will
focus on the isotopic dependence of nuclear temperatures in
the present work.

The N/Z dependence of the projectile fragmentation of
107Sn, 124Sn, and 124La on natSn at 600 MeV/nucleon has been
studied by the ALADIN Collaboration [7]. Here, we adopt
120Sn as targets. The fragment cross sections are shown in
Fig. 1. Figure 1(a) shows the charge distributions. From the
figure we can see that the main features of the experimental
charge distributions are as follows:

(i) An exponentially decreasing yield of the fragments with
increasing charge appears in the region Zf < 20.

(ii) There is a plateau of rather constant cross sections in
the region 20 < Zf < 40.
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FIG. 1. (Color online) Charge (a) and Zbound (b) distributions for
reactions of 107Sn + 120Sn and 124Sn + 120Sn at 600 MeV/nucleon.
Experimental data are taken from Ogul et al. [7].

(iii) The rather different trends for the two projectiles are
seen in the region Zf > 40. The cross sections for the
124Sn projectile increase with increasing Zf . For the
107Sn projectile, the cross sections decrease slowly with
increasing Zf .

The behavior of the calculated cross sections is gener-
ally in agreement with the data. The main discrepancies
of the calculations compared with the experimental data
are an underestimation of the charge yields in the region
Z < 20.

The quantity Zbound, which is defined as the sum of the
fragment charge of all fragments with Zi � 2, is chosen as
the principal variable for event sorting. The cross sections as
a function of Zbound are shown in Fig. 1(b). For small Zbound

(below Zbound = 10), the cross sections strongly stagger. This
Zbound range corresponds to the vaporization events, in which
several αs are produced. For the middle values of Zbound, the
cross sections vary rather smoothly with Zbound. For Zbound

toward the projectile charge Zp, the dropping of the cross
sections in the 107Sn case is noticed, while it rises for 124Sn.
A good agreement is observed between the experimental data
and the calculations.

We show the 〈MIMF〉-Zbound scaling with normalization
by Zp in Fig. 2(a). We can see that the multiplicities
exhibit the universal rise and fall of the fragment production.
Experimentally, the peak positions of MIMF are Zbound/Zp =
0.42, 0.42, 0.39 for the projectiles of 107Sn, 124Sn, and 124La,
respectively, while the peak positions of the calculations are
Zbound/Zp = 0.42, 0.36, 0.38, respectively. The peak posi-
tions are well reproduced by the simulations, but deviations
occur at the peak values. The mean multiplicities of the
intermediate mass fragments (IMFs) calculated by the model
are smaller than those in the experiment. However, for the

〈

〈

〈

〈

FIG. 2. (Color online) Mean multiplicity of intermediate-mass
fragments (a) and mean maximum charge with normalization with
Zp (b) as a function of Zbound/Zp for reactions of 107Sn + 120Sn,
124La + 120Sn, and 124Sn + 120Sn at 600 MeV/nucleon. Experimental
data are taken from Ogul et al. [7].

following discussion of the isospin effect, the peak positions
of the 〈MIMF〉-Zbound scaling and the relationship between the
〈MIMF〉 values for different reactions are more significant than
the 〈MIMF〉 values.

In Fig. 2(b) we show the 〈Zmax〉/Zp − Zbound/Zp cor-
relation. With increasing Zbound/Zp, the average charge of
the heaviest fragment first slowly rises and then strongly
increases, closing to the line of 〈Zmax〉/Zp = Zbound/Zp at the
end. The transition from predominantly residue production to
multifragmentation appears as a reduction of 〈Zmax〉/Zp with
respect to Zbound/Zp, which occurs between Zbound/Zp = 0.6
to 0.8. The agreement between theory and experiment is very
satisfactory overall and sufficient for performing the following
analysis in individual intervals of Zbound/Zp.

In order to give a systematic analysis of the isospin effect
and the mass effect of the isotope temperatures, we perform
a systematic study for the multifragmentation in a wide mass
range and a wide isotopic range. The THeLi thermometer that
based on the 3He/4He and 6Li/7Li yield ratios is adopted in
the present work.

THeLi = (13.3 MeV)/ ln

(
2.2

Y6Li/Y7Li

Y3He/Y4He

)
. (1)

In Fig. 3, the isotope temperatures are displayed as a
function of the normalized Zbound by Zp for the reactions
107,124Sn, 124La + 120Sn, 176,192,208,224Pb + 40Ca, 78,94,110Zr +
40Ca, and 36,44,52Ca + 40Ca at 600 MeV/nucleon. The experi-
mental data for 107,124Sn, 124La + natSn at 600 MeV/nucleon
from Ref. [6] are also shown in Fig. 3(a). For the experimental
data, the temperatures of 124Sn fragmentation are slightly
larger than those of the neutron-poor systems (107Sn and
124La). The temperatures for the bin of Zbound/Zp = 0.1 are
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FIG. 3. (Color online) THeLi as a function of Zbound/Zp for reac-
tions of 107,124Sn, 124La + 120Sn, 176,192,208,224Pb + 40Ca, 78,94,110Zr +
40Ca, and 36,44,52Ca + 40Ca at 600 MeV/nucleon. Experimental data
are taken from Sfienti et al. [6].

not shown in the figure due to the large statistical uncertainties.
It can be seen from Fig. 3(a) that the isotope temperatures by
the model follow the trend of the experimental data. However,
the magnitudes of the calculated isotope temperatures for all
projectiles show discrepancies with the experimental data. For
the bins at small Zbound, the calculated isotope temperatures
overestimate the experimental data by about 2 MeV. For the
bins at Zbound/Zp = 0.7, 0.9, the calculated magnitudes are
smaller than the experimental data by about 1 MeV. It seems
that the calculations reproduce isotopic dependence of the
isotope temperatures, although the isotopic dependence is
rather weak. The temperatures of two neutron-poor systems
(107Sn and 124La) are roughly equal, which are exceeded
by those of 124Sn by about 0.5 MeV. In Table I, we show
the mean temperature differences between the neutron-rich
and neutron-poor systems both for the calculations and the
experimental data:

�T = T124Sn − T107Sn + T124La

2
. (2)

We can see from Table I that the calculated result for
Zbound/Zp = 0.5 is twice as large as the experimental result.
Apart from this, the differences between the calculations and
the experimental data are within 15%. It seems that this
model reproduces the experimental isotopic dependence of
the temperatures.

TABLE I. Mean temperature differences between neutron-rich
and neutron-poor systems.

Zbound/Zp

0.3 0.5 0.7 0.9

�Texpt (MeV)a 0.46 0.52 0.63 0.89
�Tcalc (MeV) 0.45 0.93 0.72 0.75

aRef. [11]

For Pb, Zr, and Ca projectiles, the temperatures also show
the general trend of decreasing with increasing Zbound/Zp.
The temperatures of Pb projectiles [Fig. 3(b)] increase with
decreasing Zbound from T = 3 MeV to about 7 MeV, within
the range of the earlier experimental measurement of 197Au
fragmentations [28]. The temperatures of Zr and Ca projectiles
[Figs. 3(c) and 3(d)] for the bin of Zbound/Zp = 0.3 are about
9 MeV, which are larger than those of Sn and Pb. There
are slight fluctuations in the smooth trend for Zr and Ca
projectiles. This is due to the fact that, with the same simulation
events, the intermediate-mass fragments are produced more
abundantly for heavy projectiles than for light projectiles. We
also find that the temperatures for the neutron-rich projectiles
are larger than those for the neutron-poor projectiles for Pb,
Zr, and Ca projectiles. The difference of the temperatures
for the bin of Zbound/Zp = 0.5 between the very-neutron-rich
projectiles and the very-neutron-poor projectiles are 0.70, 1.05,
and 0.59 MeV for Pb, Zr, and Ca, respectively. It seems that
the isospin effect for Zr is the strongest.

To further investigate the isotopic dependence of the isotope
temperatures and show the mass effect, we display in Fig. 4 the
THeLi temperatures that were derived from isotopic yields for
0.2 < Zbound/Zp < 0.6 as a function of the neutron-to-proton
ratio N/Z. This value of Zbound corresponds to the regime of
multifragmentation (see Fig. 2). It is clear that the isotope
temperatures increase monotonically with the neutron-to-
proton ratio N/Z. Comparing to the early works, we find that
the global behavior of the isotopic-dependent nuclear tem-
peratures is in good agreement with that of the experimental
data [6], the calculations by the statistical multifragmentation
model [24], and those for mononuclear configurations [23].
The differences of the isotope temperatures between the very-
neutron-rich projectiles and the very-neutron-poor projectiles
reach 0.65 MeV for 36Ca and 52Ca and to 0.72 MeV for 176Pb
and 224Pb.

The mass effect of the temperatures could be seen in Fig. 4.
The highest temperature is observed for Ca projectiles and
the lowest temperature for Pb projectiles, with Zr and Sn in
between. The temperatures decrease with increasing mass.
It has previously been suggested that the limiting tempera-
tures calculated from the temperature-dependent Hartree-Fock
model [18] and the plateau temperatures on the experimental
caloric curve [16] show the similar mass effect. Song et al. [20]

FIG. 4. THeLi derived from isotopic yields for 0.2 < Zbound/Zp <

0.6 as a function of neutron-to-proton ratio N/Z for reactions of Ca,
Zr, Sn, and Pb isotopes on 40Ca at 600 MeV/nucleon.
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explained that the mass effect is caused by the Coulomb
interaction because the system with larger A (and hence larger
Z) has larger Coulomb pressure, which makes the system easy
to separate.

In conclusion, via the IQMD model in the company
of the GEMINI model, we have presented a systematic
study of the isotope temperatures for heavy-ion collisions at
600 MeV/nucleon. The isotope temperatures, which are de-
rived from double ratios of helium and lithium isotopic yields,
show a smooth fall with increasing Zbound for all reactions. We
find that the temperatures for the neutron-rich projectiles are
larger than those for the neutron-poor projectiles. The isospin
dependence of the isotope temperatures in multifragmentation
is weak but can still be visible over a wide isotopic range. The
mass effect of the isotope temperatures, which decreases with

increasing projectile mass, is similar to that of the limiting
temperatures in Ref. [18] and the plateau temperatures in
Ref. [16]. A natural extension of the present study would be
to probe the isospin features in the early stage of the collision.
This exploration should be instructive for understanding the
isospin dependence of the nuclear temperatures.
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