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Analysis of elastic α-nucleus scattering data at 240 MeV
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Working within the framework of the Coulomb modified Glauber model we fit the elastic differential scattering
cross section of 240 MeV α particle on 58Ni using the effective N -α amplitude with one adjustable parameter. It
is found that once the effective amplitude is calibrated on 58Ni by varying the adjustable parameter, it very nicely
reproduces the available elastic α scattering data on other nuclei at the same energy.
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I. INTRODUCTION

During the past several years, the acceleration of light
ions at low and intermediate energies has been the subject of
much interest in the field of nucleus-nucleus collision which is
complementary to nucleon-nucleus scattering. The α particle,
due to its zero spin and i-spin and of relatively large binding
energy per nucleon, has naturally appeared prominently in the
list of light ion nuclear scattering experiments. As a result, an
adequate amount of α-nucleus elastic and inelastic scattering
data at several energies are available in literature [1–4].

Generally, two theoretical approaches have been used
for analyzing α-nucleus elastic scattering data. One is at
low and medium energies by using the phenomenological
optical model potential. At these energies the behavior of
α-nucleus scattering cross sections is dominated by strong
absorption in the nuclear surface region. More explicitly, the
cross section depends mainly on a small number of phase
shifts (δl), i.e., to those where l-values correspond to impact
parameters in the region of nuclear surface. Since a different
interior wave function can generate the same phase shifts,
the optical model parametrization of the interaction leads to
ambiguous information regarding the optical potential. This
has been found to give the existence of discrete and continuous
ambiguities as well as to the uncertainty in the general shapes
of the real and imaginary potentials [2,5,6].

The other approach which has frequently been used is
the Glauber model [7] using optical limit approximation
or the rigid projectile model (RPM) [1,8–12]. It is found
that the Glauber model, though based on the high energy
approximation, works reasonably well even at some lower
energies provided, it is modified to account for the deviation
of projectile trajectory due to Coulomb field [13–16].

The fact that the evaluation of the full Glauber amplitude for
a realistic description of nuclei is a computationally difficult
task, Ahmad and Alvi [17] proposed a simple semiphenomeno-
logical method of analysis for α-nucleus elastic scattering data
at medium and high energies. The method consists of using an
effective N -α amplitude with one adjustable parameter instead
of the generally used N -α elastic scattering amplitude in the
usual RPM. The small momentum transfer (q) part of the
effective amplitude is fixed from N -α scattering experiments
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while the large q part which is assumed to simulate the
nuclear medium effect as well as the use of RPM approxi-
mation, is treated phenomenologically. Using this amplitude
and the realistic ground state target densities, they found
excellent agreement with elastic α-nucleus scattering data
at 1.37 GeV.

In the recent past, the differential cross section for elastic
scattering of the α particle is measured [3] at the incident
energy of 60 MeV/nucleon for 58Ni, 116Sn, and 197Au. An
optical model analysis has also been performed that shows
energy dependence as well as ambiguities in parameters of the
optical potential.

In this paper, motivated from the success and simplicity, we
use the method of the effective N -α amplitude [17] to analyze
the α-nucleus elastic scattering data [3] at 60 MeV/nucleon
within the framework of Coulomb modified Glauber model. As
we will see shortly, a very satisfactory description of α-nucleus
elastic scattering data is achieved.

II. FORMULATION

In the rigid projectile model assuming that the effect
of correlations in the target nucleus is small [10], the
S-matrix element SN (b) for the elastic α-nucleus scattering
may approximately be written as

SN (b) ≈ [1 − �α(b)]A (1)

with

�α(b) = 1

ik

∫
qdqJ0(qb)fNα(q)FA(q), (2)

where k is the nucleon momentum corresponding to the
α particle kinetic energy per nucleon, fNα(q) is the N -α
scattering amplitude, and FA(q) is the target form factor. In all
our calculations, the nuclear form factors are parametrized as
a sum of Gaussians:

FA(q) =
∑
j=1

aj e−bj q
2
, (3)

where aj and bj are the parameters. The advantage of using
this parametrization is that the phase-shift function for the
Coulomb potential due to the finite charge distribution of the
colliding nuclei can be evaluated analytically. The parameter
values of the nuclear form factors for 58Ni, 116Sn, and 197Au are
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TABLE I. Parameter values of the sum of the
Gaussian parametrization of the nuclear form factor.

Nucleus aj bj (fm2)

58Ni −9.69 0.785
0.744 0.2519

−4.58 0.3877
−76.48 0.469

5.438 1.23
85.573 0.475

116Sn −16.15 1.37
4.417 2.31

−4.653 3.158
−67.6 1.708

14.924 2.44
70.06 1.558

197Au −8.02 1.6477
4.852 1.94

35.025 1.9866
−65.316 2.373
−15.94 3.54

50.399 2.982

given in Table I. They have been obtained by fitting the form
factors as given by the realistic ground state charge densities
[18] of 58Ni, 116Sn, and 197Au after correcting for the finite
proton charge density. We also assume that the proton and
neutron densities are the same.

We take the N -α scattering amplitude to be of the form [17]

fNα(q) = ikσα(1 − iρα)

4π
e−β2

αq2/2 [1 + λq4], (4)

where σα is the N -α total cross section, ρα the ratio of the real to
the imaginary parts of the forward angle scattering amplitude,
β2

α is the slope parameter, and λ is a free parameter. The values
of the parameters of fNα(q), namely, σα, ρα , and β2

α which
determine the small q behavior of the N -α amplitude should
be the same as for the free N -α scattering at one-fourth of the
kinetic energy of the incident α particle. In the present case we
need their values at 60 MeV (incident nucleon kinetic energy).
The values of σα are obtained using the parametrization of the
N -α total cross section [19] which is well represented by the
formula

σNα = 15.84

TL + 0.74
+ 0.133

e
TL−390

159[
1 + e

TL−390
159

] , (5)

where TL(=Elab) is in MeV/nucleon. The required value of ρα

is taken from the graph/table given in the paper of Schwaller
et al. [20] at the energy of our interest. The values are

σα = 275 mb; ρα = 1.35. (6)

Regarding the parameterβ2
α , it may be determined with a

fair degree of certainty at high energies where the scattering
is mostly diffractive and peaked in the forward direction. At
lower energies where the scattering is nondiffractive, a cursory
survey of the literature shows that it has a large uncertainty
[19–21]. We, therefore, treat it as an adjustable parameter.

The elastic scattering amplitude for the scattering of a
charged nuclear particle from target nucleus of mass number
A and charge number Z may be written as

Fel(θ ) = Fc(θ ) + i

2K

∞∑
l=0

(2l + 1) e2iσl [1 − Sl]Pl(cos θ ), (7)

where Fc(θ ) is the point Coulomb scattering amplitude, σl is
the point Coulomb phase shift, K is the c.m. momentum of
the system, Pl(cos θ ) is the Legendre polynomial, and Sl is the
elastic S-matrix element. Following [22–24], we evaluate Sl

approximately from the relation

Sl ≈ SN (b) eiχc(b)|Kb=l+1/2, (8)

where b is the impact parameter, SN (b) is the nuclear part of the
S-matrix element in the impact parameter space. The quantity
χc(b) is the difference between the phase-shift functions of the
Coulomb potential due to the extended charge distributions
of the interacting nuclei and the corresponding point charges.
Both SN (b) and χc(b) are obtained by invoking the Glauber
high energy approximation. Here, it may be mentioned that
the χc(b) has been neglected in most of the elastic scattering
studies.

One of the basic assumptions of the Glauber model is
that the projectile follows a straight line trajectory during
a collision with the target nucleus. This is not a good
approximation at lower energies. However, for charged particle
scattering some improvements over this approximation can be
affected following the method Faldt and Pilkuhn [25] proposed
in connection with the charged pion-nucleus scattering and
latter applied by others [14–16,23]. The essential point of the
method [25] is to replace the straight line trajectory of
the Glauber model by the Rutherford trajectory and evaluate
the Glauber S-matrix at a distance of closest approach b′
instead of b. The quantity b′ is related to b as

b′ = η

K
+

√( η

K

)2
+ b2; η = 2ZAe2

h̄v
.

Finally, the elastic differential scattering cross sections for
the α-nucleus are calculated using the expression

dσ

d�
= |Fel(θ )|2. (9)

III. ANALYSIS

A. Elastic α-58Ni scattering data

Using the values of parameters σα and ρα of fNα(q) as
given by Eq. (6) and the Gaussian form factor for the 58Ni from
Table I we fit the α-58Ni elastic differential scattering cross-
section data [3] by varying the parameters β2

α and λ. The result
of the two-parameters fit is shown by the solid curve in the
Fig. 1. The corresponding parameters values are

Set A. σα = 275 mb; ρα = 1.35

β2
α = 44 GeV−2; λ = 100 GeV−4.

It is seen that the calculation agrees very nicely with the
experiment over the whole momentum transfer covered by the
data. It is important to note that a calculation by Ahmad [26]
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FIG. 1. Elastic differential scattering cross section for α-58Ni
scattering at 240 MeV. The solid and dashed curves show the results
with and without trajectory deviation due to the Coulomb field using
Set A, respectively. The open circles represent the experimental
data [3].

using N -α phase-shifts shows β2
α = 38.75 GeV−2 at about

20 MeV neutron lab energy. This value of the slope parameter
is very close to that achieved above in our calculation. It has
already been stated that at lower energies very many different
values for β2

α have been used in the literature. Therefore, it
is quite justified to say that the solid curve for 58Ni in Fig. 1
represents a single parameter fit to the experimental data.

The dashed curve in Fig. 1 shows the predictions of the
calculation without considering the deviation of the projectile
trajectory due to the Coulomb field between the α particle and
the target 58Ni nucleus with the same parameter values as in
Set A. There is a qualitative difference, though small between
the two calculations starting from momentum transfer q is as
low as 0.4 fm−1. This suggests the importance of accounting
the modification of the trajectory due to the Coulomb field at
low energy.

B. Elastic scattering of α-116Sn and 197Au

The fact that at the high energy effective N -α amplitude
once determined by fitting α-nucleus elastic scattering data
[17] reproduces very nicely the elastic differential cross
sections on neighboring nuclei at the same energy, it is
tempting to see if a similar situation exists at this energy too.

In Figs. 2 and 3, we compare the results of parameter
free calculations (solid curve) for the elastic α-116Sn and
α-197Au scattering at 240 MeV with the experimental data.
The calculations have been made with the parameter Set A of
the effective N -α amplitude and the form factors as given in
Table I. It is seen that calculations agree fairly well with the
experimental data. In particular the positions of cross-sections
maxima and minima are well reproduced for both nuclei.
However, there is some quantitative difference between theory

FIG. 2. Elastic differential scattering cross section for α-116Sn
scattering at 240 MeV. The descriptions of solid and dashed curves
are the same as in Fig. 1. The dotted curve shows the optical model
fitting by Clark et al. [3].

and experiment at higher q specially for the 197Au nucleus. In
the figures we also show by the dashed curve the predictions
of our calculations without considering the deviation of the
projectile trajectory due to the Coulomb field between the α

particle and respective nuclei with the same parameter values
of the effective N -α amplitude as above. As expected there
is a large qualitative difference between the calculations with
and without considering the trajectory deviation due to the
Coulomb field.

With regards to some disagreement at higher q, we, just
for comparison, in Figs. 2 and 3 show by dotted curves the
six parameters optical model fitting by Clark et al. [3]. It is
seen that even their optical model fitting shows disagreement
at higher q for the α-197Au elastic scattering data. It is also
useful to point out that Ahmad and Alvi [17] using the effective

FIG. 3. Elastic differential scattering cross section for α-197Au
scattering at 240 MeV. The descriptions of the curves are the same as
in Fig. 2.
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FIG. 4. Elastic differential scattering cross section for α-58Ni
scattering at 240 MeV. The solid curve represents the calculation
using parameter Set B.

N -α amplitude got impressive success in reproducing α-
nucleus elastic scattering data only to very neighboring mass
nuclei while far mass nucleus they too have discrepancies
between the calculated values and the experimental data.

In view of the large mass difference between the calibrated
58Ni nucleus and the nuclei 116Sn and 197Au, we also show
in Figs. 4–6 the results of our calculation with average values
of the parameters β2

α and λ. For this, we first fit nicely the
individual α-nucleus elastic scattering data by varying β2

α

and λ of fNα(q) and then taking the average values of these
parameters. The corresponding values are

Set B. σα = 275 mb; ρα = 1.35

β2
α = 49.28 GeV−2; λ = 210 GeV−4.

It is seen that the data are very nicely reproduced especially
for 116Sn and 197Au over the whole angular range. During the

FIG. 5. Elastic differential scattering cross section for α-116Sn
scattering at 240 MeV. The description of the curve is the same as in
Fig. 4.

FIG. 6. Elastic differential scattering cross section for α-197Au
scattering at 240 MeV. The description of the curve is the same as in
Fig. 4.

course of fitting we found that it is β2
α which demands the larger

value than the free one for higher mass nuclei. At present we
do not have any explanation for the above behavior except
that more studies are needed before we come to any definite
conclusion.

Finally, in view of the above remarks, the reasonably good
account of experimental data suggests that the effective N -α
amplitude method works well even at this low energy. On the
whole it does not seem unjustified to conclude that once the
effective N -α amplitude is calibrated on a target nucleus of
known structure, it is fairly stable over a broad range of target
mass nuclei at a given energy (this statement needs more study
both theoretically and experimentally).

IV. SUMMARY AND CONCLUSION

In this work we have presented a theoretical study of α-58Ni,
α-116Sn, and α-197Au elastic scattering at 240 MeV using the
Coulomb modified Glauber multiple scattering theory. The
main feature of the present study is the use of an effective N -α
amplitude with effectively one adjustable parameter instead
of the generally used N -α elastic scattering amplitude in the
usual rigid projectile model (RPM) for the evaluation of the
Glauber amplitude.

To appreciate the usefulness of our work it should be
recalled that the optical model analysis though successful in
many respects in accounting the α-nucleus elastic scattering
data, but more important is the fact that it suffers from the
existence of discrete and continuous ambiguities as well as
uncertainty in the general shape of the real and imaginary
potentials. Whereas, the Glauber theory which is essentially
based on the high energy approximation is found to be
successful even at low energies without such ambiguities
provided that it is suitably modified to account for the deviation
of the projectile trajectory due to the Coulomb field [14–16].
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Needless to say the form of effective N -α amplitude is such
that its small q part is the same as the measured N -α amplitude
at the corresponding incident nucleon kinetic energy. It is the
large q part which is assumed to simulate the nuclear medium
effect, treated phenomenologically. By using the parameters
of the effective N -α amplitude at energy one-fourth of the
energy of α particle from N -α scattering experiments we
obtained a very good fit to the elastic α-58Ni scattering data at
240 MeV by varying effectively one adjustable parameter λ. It
is also found that the same amplitude reproduces α-116Sn and
α-197Au elastic scattering data at 240 MeV quite well. There
are some small quantitative difference between our parameter
free calculation and the experiment at higher angles especially
for the 197Au nucleus. Whatever may be the reason, the same
discrepancy is also visible in the six parameters optical model
analysis by Clark et al. [3]. As expected, we have found a large
qualitative difference between our results with and without
considering the trajectory deviation due to the Coulomb field.

Coming back to the small discrepancies for parameter free
calculations at higher q values particularly for the 197Au
nucleus, we suspect it may be due to some weak mass

dependence in λ of the effective N -α amplitude. But our results
with average parameter values of the N -α amplitude shows the
preference of higher values of parameter β2

α .
Finally, on the whole we found that the effective N -α

amplitude method of analysis of elastic α-nucleus scattering
data is quite encouraging and works reasonably well even at
low energy. In addition it would not be unjustified to conclude
that once the sole parameter λ of the effective N -α amplitude
is fixed from the elastic scattering data on a target nucleus
of known ground state density, it is fairly stable over a wide
range of target nuclei at a given energy (in order to confirm
this, one needs elastic α-nucleus data in a large domain of
incident energies and target nuclei).
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