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A phase-shift analysis of recent p- He cross-section and polarization data has been per-
formed between 20 and 40 MeV proton laboratory energy. A set of single-energy results is
presented, which shows little scatter as a function of energy. The match between our results
and existing phase-shift sets below 20 and above 40 MeV is excellent. The most striking fea-
ture of the phase shifts above the inelastic threshold at 23.02 MeV is the dominance of absorp-
tion in the even partial waves. There is weak evidence in the energy dependence of the phase
shifts for levels of Li other than the well-known 2 second excited state. Tentative assign-
ments of spin and parity of such levels are discussed. An R-matrix parametrization of the

Dp)2 phase shift has been performed over the p-4He resonance corresponding to the second
excited state of 5Li, and improved level parameters are presented for this state.

I. INTRODUCTION

This paper is the second part of a report on
P-4He elastic scattering between 20 and 40 MeV.
The first paper' describes the experimental re-
sults, which provide an accurate set of polariza-
tion and cross-section data. In this second paper
we present the results of a phase-shift analysis.

Phase-shift analyses of P-'He elastic scattering
are numerous and quite reliable for the energy
region below 20 MeV (Refs. 2-4 and references
therein}. They reflect the abundance and high pre-
cision of the available data.

Above the inelastic threshold near 23 MeV, both
the quantity and quality of experimental data' ' on
P-4He scattering have until recently been inferior
to the information available in the low-energy re-
gion. This has primarily been due to the lack of
intense polarized beams. Analyses are further
hampered: (l) by the increasing importance of
higher partial waves, (2) by the need to consider
complex rather than real phase shifts above the
inelastic threshold, and (3) by the lack of detailed
knowledge of inelastic processes leading to three
or more particles in the final state.

Though considerable effort has gone into the der-
ivation of P-'He phase shifts above 20 MeV, ~'' "
these difficulties have led to inconsistent and
contradictory results. In particular, it has not
been possible to deduce reliable information about
the highly excited states of 'Li from the analyses
presented up to this time. Only the ~" second ex-
cited state near 16.7 MeV excitation has been in-
vestigated with some precision. "

The results presented in this paper show that our

p-4He polarization and cross-section data above
20 MeV proton laboratory energy allow a consis-
tent phase-shift analysis to be performed, which

permits at least a qualitative discussion of the
properties of possible states in 'Li above 18 MeV
excitation and also provides an improved parame-
trization of the 2' second excited state.

II ~ PHASE-SHIFT ANALYSIS

A. Formalism

The expressions linking the observable quanti-
ties o(8) (differential cross section}, or (total in-
elastic cross section), and P(8) (polarization) in
spin-2-spin-zero elastic scattering to the nuclear
phase shifts are well known and have been given
repeatedly in the literature (for o and P see the
work of Davies et al."and the work of Foote et
al. ,"for 0~ see the work of Weitkamp and Hae-
berli').

Apart from using relativistically correct expres-
sions for all kinematical variables, we have also
taken into account first-order relativistic correc-
tions to the Coulomb amplitude according to the
method proposed by Foote et al." in an analysis
of m'-P elastic scattering. " These corrections
are by no means negligible in our energy range,
since in some instances they amount to effects of
1-2% in the observables.

B. Search Program

In order to find single-energy phase-shift solu-
tions, a gradient search routine was used. As a
measure of the quality of fit, the usual quantity
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X' per datum point was used, ' which included con-
tributions due to the differential cross section
(&P,}, the polarization (X2~), and the total inelastic
cross section if available.

The only uncommon feature of our search pro-
gram consisted in an option to let both the polari-
zation and the differential cross section be renor-
malized after each step along the gradient of X'.
The renormalization factors f~ and f, were calcu-
lated in such a way that after renormalization the
quantity M given by

M=~2p+ P +~2 +

was a minimum. In this expression y'~ (}(',) de-
notes the quality-of-fit criterion per datum point
of the experimental polarization (cross section}
after renormalization, and the quantity r f~ (nf, )
is the normalization uncertainty of the experimen-
tal polarization (cross-section) angular distribu-
tion as given in Ref. 1.

C. Input Data

Experimental information on both differential
cross section and polarization was taken exclusive-
ly from our own recent measurements. ' The main
reason for this preference lies in the superior
quality of our polarization data over older measure-
ments obtained without the benefit of intense po-
larized proton beams. As mentioned in Ref. 1,
there are no serious discrepancies between our
data and that of other authors.

Our cross-section data are favored at this point
simply because they have been taken simultaneous-
ly with the polarization data, and thus no energy
differences exist between the two. In addition, the
previously existing cross-section data are quite
sparse and in most cases not drastically better
than our own. The absolute normalization, which
is the principal uncertainty of our data, does not
seem to be much more reliable for the older mea-
surements. ' ""

The available information on the total inelastic
cross section o~ of 'He for protons is very sparse
and partly inconsistent. Between the inelastic
threshold (d+'He} at 28.02 MeV and the first three-
body threshold (2P+ t) near 24.9 MeV, or can be
obtained from the total cross section of the reac-
tion 'He(d, P)4He using detailed balance. Unfortu-
nately, the measurements of this cross section" "
below the 2p+t threshold differ by as much as 30%.
Though arguments can be put forth which tend to
favor the data of Ref. 22, no strong constraint on
the imaginary parts of the P-4He phase shifts can
be obtained below 25 MeV. We have used the data
of Ref. 22 as an input in the phase-shift searches.
The weight of their contributions to y' was chosen

to equal that of two of our own data points.
Above the lowest three-body threshold, the ex-

perimental information on cr~ becomes even more
sparse. A lower limit can again be set via de-
tailed balance from the 'He(d, p)'He data. " At 28
MeV, above the 2P+ t and P+n+'He thresholds, a
value of 14.7+ 1.6 mb has been reported" for the
total cross section leading to these two final states.
The only other measurements'"" near our energy
range have been performed well above all inelas-
tic thresholds at 53 and 55 MeV. Values for a~ of
107.7+4.4 and 105+ 15 mb, respectively, have
been found at these energies.

Through these few experimental points a smooth
curve for or(E) was drawn by hand. The values
thus obtained were then used with 10%%u& error bars
as an input for the phase-shift searches. The
weight of their contributions to y' was chosen to
equal that of two of our own data points up to 30
MeV, and that of eight above that energy.

D. Procedure

Single-energy phase-shift analyses were carried
out starting at 20 MeV. As a starting set of phase
shifts, values extrapolated from the energy-depen-
dent set of Ref. 3 were used. After a solution was
found at one energy, the corresponding best-fit
phase shifts were taken as starting values for a
search on the data at the next higher energy.

This procedure yielded satisfactory fits with
seven parameters (real S-, P-, D , and F wav-e-
phase shifts) at the first four energies up to the
inelastic threshold near 23 MeV. Above this
threshold, 14 parameters (complex S-, P , D-, -
and F wave phase s-hifts) were used. In this man-
ner, a smoothly energy-dependent set of phase
shifts was obtained over the —,"resonance corre-
sponding to the second excited state of 'Li. Above
24.5 MeV, the quality of the fits deteriorated grad-
ually, until the continuous solution was lost at 30
MeV.

Since G waves are expected to become important
above 30 MeV, the search was extended to include
18 parameters (complex S-, P , D-, F , and G---
wave phase shifts), starting at 26 MeV. The
quality of the fits was immediately improved and
no problems were encountered in proceeding to
40 MeV. For the purpose of indentification, the
set of single-energy phase-shift solutions found in
this manner will be called Set I.

At this stage, smooth curves were drawn by
hand through the Set I phase shifts as a function of
energy, and a second string of single-energy
searches (now including G waves at all energies)
was undertaken from 20 to 40 MeV with the
smoothed Set I phase shifts as starting points.
This resulted in the Set II single-energy solutions,
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which not only were more smoothly dependent on

energy, but also gave a better over-all fit to the
data.

Set II was modified once more before arriving
at the final results. An R-matrix calculation was
performed to parametrize the complex 'D3/2 phase
shift between 20 and 32 MeV, in an attempt to ex-
tract level parameters for the second excited state
of 'Li. The details of this investigation are given
in Sec. GI. In the present context we need only say
that a third string of single-energy searches was
performed. Between 20 and 32 MeV we started
from Set II but with the D3 /2 phase shift fized at
the values predicted by the R-matrix calculation.
At energies above 32 MeV the 'D3/, parameters
were initially set to values extrapolated from the
R-matrix predictions at the lower energies. No

problem was encountered in finding slightly modi-
fied solutions (Set III) at all energies with little in-
crease in X'.

Set III represents the final result of our phase-
shift analysis of P-4He elastic scattering. It is
presented in Sec. IV and will be discussed in
Sec. V.

III. R-MATRIX PARAMETRIZATION
OF THE D3/2 PHASE SHIFT

A. Motivation

Two R-matrix calculations concerned with the
influence of the —,

"second excited state in 'Li on
p-4He elastic scattering have been published pre-
viously. " In order to understand why we have re-
examined this effect, it is instructive to anticipate
the final result of our R-matrix calculation as pre-
sented in Fig. 1.

In this figure, the real phase 5= Re('D„,) and the
absorption parameter g=exp[-21m('D, ,2)] are
shown. The solid lines correspond approximately
to the empirical phase-shift parameters (i.e., to
the Set II values), whereas the dotted lines give a
fair representation of the shape of a well-behaved
isolated resonance. " The unusual feature of our
empirical 'D3/2 phase shift lies in the "cutoff" of
resonance effects in the real part on the high-en-
ergy side of the resonance. A similar corre-
sponding feature can be seen in our polarization
data' at the same energy, so that there can be
little doubt as to the existence of this effect.

In both previous investigations~ ' of this reso-
nance the authors have oversimplified their R-
matrix analysis by completely neglecting reso-
nance-background interference. As we will show,
it is just this contribution which produces the pe-
culiar resonance shape, so that a more sophis-
ticated R-matrix analysis of the 'D3/g phase shift
is required.

8. Method

Our analysis is based strictly on the formalism
as presented by Lane and Thomas" and we will
use their notation in this section. We will not at-
tempt to list all the pertinent formulas, but will
only try to explain simplifying assumptions. For
the details of the theory the reader is referred to
Ref. 33.

In order to calculate the 'D3/2 phase shift from
the assumed properties of the —,

" second excited
state of 'Li and of the nonresonant background,
we have constructed the symmetric 3 x3 (three-
channel) R matrix R'" with elements

R = ' +R (E)cc E E cc

The entrance- and exit-channel indices c and c'
refer to the three channels:

2kb+2k ~ 3/2
11 (3)

where co =v, -o„ the difference between the Cou-
lomb phase shifts for l = 2 and l =0. The interac-
tion radii a, were chosen as

a, = 3.0 fm (P+ 'He channel),

a, =a, =5.0 fm (d+'He channels) .
In all three channels the boundary condition B,

on the internal eigenfunctions [ Ref. 33, Sec. IV,
Eq. (2}]was chosen such that the shift factor S'
was equal to zero at the characteristic energy Ez

(1) p+'He (l=2, s= —,');
(2) d + 'He (l = 0, s = -', };
(3) d+'He (l = 2, s = —,

' and —,') .
The quantity Ez is the c.m. characteristic energy'4
of the —,

"level in the p+4He channel. The quantity

y, is the reduced-width amplitude of this level in
channel c, and E designates the c.m. kinetic ener-
gy in the P+4He channel. The nonresonant back-
ground is represented by the parameters R,', (E),
which have been chosen to depend linearly on en-
ergy

Ro, , (E) =Ro, +(dR /dE}„.(E —18.353) .

Thus R',, , (E) equals R,', . at 18.353 MeV, the c.m.
energy of the first inelastic threshold.

The matrix R'" was then inserted into Eqs. (1.6a)
and (1.5), Sec. VII of Ref. 33, and the collision ma-
trix element U»' ', corresponding to elastic scat-
tering in the 'D» p+'He channel, was calculat-
ed." Finally, the real phase 6 and the absorption
parameter g, corresponding to the complex 'D»
phase shift, were obtained from
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of the —,
"level:

&.= Sc(E~) (4)

C. Results of R-Matrix Calculation

We first tried to obtain a fit to an empirical
background phase shift as determined by drawing
a smooth curve, neglecting resonance effects,
through the empirical values for the 'D», parame-
ters 5 and g. After a satisfactory background
phase shift had been generated, a set of —,

' level
parameters was included in the calculation and a
search was performed in an attempt to reproduce
the complete 'D3/2 phase shift. A good fit could
be obtained both on and off resonance with little
need for change in the background parameters de-
termined previously. Since resonance and back-
ground interfere quite strongly, such a behavior
seems to imply that the background has reasonable
properties. This in turn constitutes a strong a
posteriori justification of the simplifying assump-
tions made.

This choice is discussed in detail in Sec. XII of
Ref. 33, and implies that the observed resonance
energy E„of the —,

"level coincides with the char-
acteristic energy E„.

The following simplifications were made as com-
pared with the most general many-channel case:

(1) Only three channels have been taken into ac-
count. We have thus made no distinction between
the two possible channel spins of the D-wave d+'He
channel and have completely neglected breakup
channels, which all have thresholds in or near the
energy range of interest. It is hoped that the in-
fluence of the neglected channels can implicitly be
absorbed into the three channels considered. l

(2) The background terms have been chosen to
depend linearly on energy. In order to reduce the
number of parameters, the following additional
assumptions were made:

R„(E) Ro, (E), R'„(E)=0, R„(E)=R'„(E),

(5)

SQ that only R~»(E}, R,', (E}, and Ro»(E) remain in-
dependent. A set of six parameters was thus tak-
en to describe the nonresonant background. The
relations (5) amount to: (1}ascribing the same in-
trinsic amplitude to nonresonant d-'He elastic scat-
tering in channels with l =0 and l = 2 and neglecting
transitions between them; and (2) ascribing the
same intrinsic nonresonant amplitude to the tran-
sitions p+'He-d+'He (l =0) and p+'He-d+'He
(l =2). Such simplifying assumptions are neces-
sary to keep the number of parameters in manage-
able proportions, but they are admittedly quite
arbitrary and at best reasonable.

On the average, the resulting energy-dependent

D3/Q phase shift agreed to better than A.5 in 6
and %.02 in q with the empirical values between
14 and 32 MeV (Ref. 3 below 20 MeV, Set II above
20 MeV). The maximum discrepancies, occurring
right on resonance at 23.3 MeV, were 2.6' in 5
and 0.06 in g. After folding in the experimental
energy resolution of our data, "this discrepancy
w'as reduced to an amount compatible with a shift
in energy of the 23.29-MeV empirical phase shift
by ~20 keV, i.e., by less than the stated uncer-
tainty of the experiment. '

Since they are part of solution Set III, the folded
R-matrix results for the 'D„, phase shift are tab-
ulated in Table I along with the empirical values
for the other partial waves. The R-matrix param-
eters used in the calculation are given in Table II.
In Fig. 1, both 5 and g are plotted as a function of
energy. The solid lines are the result of our cal-
culation for both level plus background, while the
dashed lines show the background only. The dou-
ble arrow marks the resonance energy. The dot-
ted lines demonstrate the importance of resonance-
background interference. They show the result
that one would predict from our parameters as
listed in Table II if this interference were com-
pletely neglected, i.e., if one were to use the
method" of Refs. 8 and 9. In contrast to our cal-
culation, it is probably not possible with this meth-
od to reproduce the strong "cutoff" effect that our
data require.

Figure 2 shows a comparison between the exper-
imental data for the total cross section 0~ of the
reaction 'He(d, p)'He" and the values calculated
from our R-matrix parameters. Again the dashed
line indicates the calculated background contribu-
tion. The agreement is excellent, considering that
there may be small contributions from J values
other than &, which are missing from our calcu-
lation. A slight apparent energy shift between ex-
periment and calculation is well within the com-
bined uncertainties in energy of our data' and
those of Ref. 22.

The properties of the a second excited state of
'Li, as determined by our calculation, are in qual-
itative agreement with those deduced from a study'
of the 'He(d, p)'He total cross section and those ob-
tained in a simplified analysis' of p-'He scatter-
ing data. The reduced width of this state for de-
cay into one of the d+'He channels is approximate-
ly equal to the Wigner limit, whereas the proton
width is only about 1.5% of this limit. Consequent-
ly this state is of almost pure d+'He character,
similar to the more conventional nucleon-core sin-
gle-particle states, and has been called a cluster
state. According to our results, it seems to have
approximately equal contributions from d+'He
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TABLE I. Single-energy phase shifts and related quantities for p-4He elastic scattering between 20 and 40 MeV.

19.94 MeV
6

(deg)

21.90 MeV

(deg)

22.46 MeV 22.71 MeV 22.96 MeV
6 6

(deg) (deg) (deg)

23.16 MeV

(deg)

23.29 MeV

(deg)

23.48 MeV

(deg)

Sg/p 94.01
P 3/p 94 34
~P

&/& 56.00
D 5/p 6.20
D 3/2 4 .67
F 7/p 1.96
F ((p 1.73
Gs/p -0.20
G p/p -0.10

91.61
92.04
54.28
7.54
6.77
2.61
2.04
0.24
0.29

91.13
90.92
53.28
7.67
8.17
2.97
2.26
0.31
0.33

90.45
90.52
53.05
7.90
9.46
2.77
2.16
0.22
0.35

90.12
90.15
52.95
7.85

11.10
2.89
2.17
0.03
0.15

89.48
89.87
53.01
8.41

15.36
2.80
1.94
0.11
0.07

1.000
1.000
1.000
1.000
0.980
1.000
1.000
1.000
1.000

89.73
89.65
53.35
8.66

19.40
3.47
3.24
0.58
0.69

1.000
0.992
1.000
1.000
0.715
0.995
0.999
1.000
1.000

89.95
89.56
53.10
8.47
7.44
3.53
2.85
0.53
0.79

1.000
0.994
1.000
1.000
0.636
1.000
0.995
1.000
1.000

&~ (mb)

f,
fp

2
X (y

2
X

X a+p

1.070
0.999
0.39
0.43
0.41

1.048
0.998
0.66
0.33
0.49

1.101
0.998
0.97
1.21
1.09

1.093
1.000
0.69
0.84
0.77

1.129
1.000
1.25
0.57
0.91

3.5
1.083
1.000
0.83 ~

0.62
0.73

46.2

1.068
0.999
0.41
0.94
0.68

53.9

1.064
0.996
1.31
0.57
0.94

23.56 MeV

(deg)

23.70 MeV

deg)

23.85 MeV

Cdeg) n

23.98 MeV

(deg)

24.51 MeV

(«g)

25.82 MeV

(deg)

2

2
P3/2

2

2D 5/p
2
D3/

2

2Fs/
2
G9/

2
G7/

88.99
89.41
52.55
8.54
588
3.11
2.47
0.00
0.29

1.000
0.997
1.000
0.995
0.695
1.000
1.000
1.000
1.000

89.07
89.54
52.65
9.00
5.44
3.26
2.65
0.17
0.22

0.999
1.000
1.000
1.000
0.755
1.000
1.000
0.998
1.000

88.70
89.15
52.67
9.30
5.60
3.49
2.99
0.39
0.51

0.998
0.997
1.000
0.995
0.786
0.997
1.000
1.000
1.000

88.14
89.60
52.10
9.81
5.77
3.64
3.08
0.41
0.62

0.992
1.000
1.000
0.999
0.800
0.999
1.000
1.000
1.000

87.86
88.63
51.54
9.90
6.18
3.97
3.41
0.74
0.93

1.000
0.994
1.000
0.993
0.814
1.000
1.000
1.000
1.000

87.23
86.99
51.06
10.93
6.45
4.11
3.60
0.73
1.34

0.991
0.983
0.999
0.995
0.794
0.983
0.988
0.997
0.989

0~ (mb)

f~
fp
X ~

2
X p

2
X a+p

46.4

1.077
0.996
1.15
0.15
0.65

28.13 MeV

(deg)

37.8

1.095
1.000
0.64
0.50
0.57

30.43 MeV

(deg)

35.6

1.076
0.997
0.58
0.65
0.61

32.17 MeV

(deg)

31.7
1.037
0.997
0.29
0.80
0.54

34.30 MeV

(deg)

30.7

1.091
0.993
0.36
0.92
0.64

36.93 MeV

(deg)

46.0

1.043
0.999
0.37
0.53
0.45

39.80 MeV

(deg)

2Sin
2P3n
2P f/2
2D 5/p
2D3n
2

2F 5/2
2
Gsn

2

85.21
84.08
48.35
12.71
6.73
5.05
4.50
1.01
1.25

0.995
0.971
0.960
0.950
0.744
0.997
0.995
1.000
0.962

83.06
80.95
46.99
14.08
7.48
6.67
5.86
1.40
1.04

0.940
0.957
0.954
0.882
0.705
0.990
0.995
1.000
0.975

81.64
78.60
45.53
14.85
8.35
7.93
6.79
2.09
1.13

0.935
0.963
0.953
0.869
0.687
0.971
0.992
1.000
0.983

80.24
76.54
44.13
15.91
9.40
9.64
7.90
1.82
0.97

0.909
0.961
0.961
0.826
0.675
0.966
0.983
0.998
0.973

77.54
73.58
41.70
17.61
10,57
11.47
8.78
2.03
0.83

0.872
0.953
0.982
0.800
0.664
0.948
0.970
1.000
0.967

75.76 0.842
70.84 0.940
39 69 1 000
19.50 0.771
12.00 0.655
13.11 0.917
9.17 0.953
2.25 0.992
0.71 0.962

0& (mb)

f~
fp
X g

2
X p

2
X g+p

65.7

1.048
1.002
0.52
0.48
0.50

78.7

0.990
1.000
0.91
0.55
0.73

80.9

0.997
0.999
0.62
0.90
0.76

89.9

0.996
1.000
1.03
0.55
0.79

96.2

1.001
1.000
1.03
1.05
1.04

106.1

1.000
1.000
0.67
1.05
0.87

Value obtained without including forward-most angle e~ ~ =21.9'.
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TABLE II. R-matrix parameters used in the analysis of the $ second excited state of Li. The indices 1, 2, and 3

refer to the channels p+ He (l=0), d+ He (I, =0), and d+ He (l =2), respectively.

ER
(MeV)

Ex('L')
(MeV)

(yg)'
(keV)

(y2)'
(kev)

(y3)
(kev) (g )2 &e,}'/&e,&' g(e,.)'

16.68 122 1580 b 1580 0 765c 0 765c 55 1.55

0

0.468

(dR0/d E)(g

(Me V-')

0.008

R(20

0.132

(dR /d E)gp

(MeV-')

0.006

R22
0

0.187

(dR /dE)22

(MeV-')

-0.023

(fm) (fm) (fm)

~ Proton lab energy in the p+4He channel.
b The sign of this reduced width amplitude is negative.

K units of the Wigner limit 312/2Mg

structures with l = 0 and L = 2. It must be stated,
though, that our analysis is not very sensitive to
the assumed width for decay into the l =2 channel.

IV. RESULT OF THE PHASE-SHIFT

ANALYSIS

The numerical values of solution Set III are list-
ed in Table I. Also given there are the corres-
ponding calculated values for the total inelastic
cross section a~, the quantity g' per datum point
for the differential cross section (g'g, the polari-
zation (g'p), and for both observables together
h'„~). In addition, the normalization factors f,
and f~ as determined by the search routine (see
Sec. IIB) are shown. It should be remembered
that these normalization factors indicate the
amount by which the experimental data have been

corrected to give the y' values listed in Table I.
In Figs. 3 and 4, the P-'He phase shifts are

shown as a function of energy from 0-50 MeV.
The solid lines below 18 MeV represent the energy-
dependent set of phase shifts of Ref. 3. The solid
line between 18 and 32 MeV for the 'D„, phase
shift is the result of our R-matrix calculation.
Otherwise, our phase shifts are shown as open
and full circles indicating 5 and g, respectively.
The triangles at 48 MeV represent the results of
Ref. 14. To guide the eye, dashed lines have been
drawn through the single-energy values.

In Figs. 5 and 6, fits to the experimental data
are shown at four energies. The data points rep-
resent our unnormalized experimental data. ' The
calculated fits, renormalized by 1/f, and 1/f~,
are plotted as solid lines.

4He (p,p) 4He

30'—

20o—
8

10'—

Oo

1.0

0.8

2D3/2
—0.6

—0.4

16
1

20
I I I

24
EP klb( MeV )

I I I

28 32

FIG. 1. The D&~2 phase shift in the vicinity of the $ second excited state of Li. The solid lines represent the result
of an R -matrix calculation. The dashed lines show the background contribution. The dotted lines are obtained if reso-
nance-background interference is neglected. The double arrow marks the resonance energy.
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' . 7 fits to the polarization across theIn Fig. 7, 1 s o
wn. The full circles23.4-MeV resonance are shown. T e u

are our data; the so 11 ~ 1'd lines represent the values
calculated from the set of single-energy phase
shifts listed in Table I.

In Fig. 8, the experimental polarization excita-
t 6 =102.2' is compared with thetion function at 6, = . is

ues calculated from ou" phase shifts. Thevalues calcu a e
30 MeV is well re-broad anomaly centered around e

produced by the as ed hed line which has been drawn
through the calculated values. In this figure, e

f Ref. 3 the full circles andopen circles are rom e .
dsquares represent our own data and the close

and open triang est ' les are from Refs. 6 and 7, respec-
tively.

V. DISCUSSION

th p
' e a ood

th f llowing discussion we will aill assume that
the phase s sth p hift as presented in Sec. IV ar g

o e ic " " -4approximation to the hypo e ic
efforts to inphase s 1 s.hifts. We have not made any effor

e 1 arts 5 ofother solutions, but as far as the rea p
shifts are concerned, the continuity

from 0-50 MeV is a convincing argument or
. A

' ident from the scatter of theassumption. As is evi en
values for the absorption parameters q (see F~s.

l80'
He(p, p)4He

I
'

I

d 4I they are less well determined by the3 and , ey
. While our solution reproduces e total in-

rotons as well1 stic cross section of He for peasicc
re accurate mea-as 1 ls n't '

k own (see Sec. IIC), more ac
thel .surements o is quf this quantity would be of grea p.

endever the very good match between the tren

mined RHEL phase shifts" at 48 MeV gives us ad-
a'r. '

1 confidence in our solution.1 iona co
not en-One feature of our phase shifts which is no

tirely satisfactory should be mentioned at this
26 MeV the absolute cross sections

d ted from our final solution are on the aver-pre ic e
7-8' hi her than those determined xpage 7- o ig'" " We have looked for phase-shiftift solu-tally. e a

enormal-tions whic wouh would require a less sizable ren
of the cross section, but were unsucess-ization o e c

ation andThis is indeed an unfortunate situful. is is '

there are some inconsistenci 'es in the datasince ere
onl a care-used for normalization, we feel that o y

1 t ross-section measurement spanningful abso u e cros-
the energy range from approximately — e
can clear up the discrepancies.

Discussing the implications of our phase-shift

IOOO—

~He (d, p) 4He
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of the reaction 3He(d, p)4He with the experimental data
h lid line represents the result of an

ck-g-matrix ca cu a ion.1 1 t The dashed line shows the bac-
ground contribution.

IO 20 50 40
Ep lab ( MeV)

50

FEG. 3. S- and P-wave phase shifts p-for -4He elastic
scatter g.tt in The solid lines below 18 MeV represent the

-de endent set of phase shifts o Be . . Openergy epen
real arts 5an u circ ed f ll ' les are our own results for the p

ectivel . Thed th b orption parameter g, respec ve y.
f. 14.triangles at 48 MeV indicate the results of Be .
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FIG. 4. D-, E'-, and 6-wave phase shifts for p-4He
elastic scattering. See caption to Fig. 3 for explanation
of symbols.

results for the level structure of 'Li, we should
note that the weak anomaly discovered in our po-
larization measurements around 30 MeV (see Fig.
8) is not connected with a particular feature of any
one phase-shift parameter, but rather seems to be
caused by the rapid onset of absorption above the
inelastic threshold. This result is in striking dis-
agreement with a recent analysis" of p-'He elas-
tic scattering data" between 25 and 29 MeV, where
rapid variations with energy of both the 'S», and
the 'D„, phase shifts have been found and are in-
terpreted as conclusive evidence for the existence
of two excited states around 20 MeV in 'Li with J'

and ~

We have tried to reproduce our own data' in that
energy region with phase shifts similar to those
presented in Ref. 15, but could find no acceptable
quantitative fits. On the other hand, our smoothly
energy-dependent phase shifts seem to satisfacto-
rily reproduce the data of Ref. 19 (shown there
only in figures). We therefore feel that no excited
levels of 'Li above the second excited state at 16.7
MeV have yet been unambiguously identified via a
study of the p+'He channel.

In a broader less definite way we do agree, how-
ever, that the influence of highly excited states in
'Li is probably seen in the P +'He channel. The

4He(p, p)4He

most striking feature of our phase shifts is cer-
tainly the dominance of absorption in the even par-
tial waves. Absorption of protons from the P+4He
channel is not distributed between the partial waves
in the way one would expect if simple potential
scattering were dominant. Around 30 Me V (cor-
responding to 22 MeV excitation in 'Li), absorp-
tion in the J"=-,', —,', —,', and &' scattering states
amounts to S5% of the total inelastic cross section.
This behavior can be understood qualitatively if it
is assumed that at these energies there exist in
'Li very broad, overlapping levels of positive par-
ity which decay almost exclusively via the d+'He
and/or multiparticle-breakup channels.

Recent calculations wi~A a refined cluster model
have indeed led Heiss and Hackenbroich" to pre-
dict the existence in 'Li of a quartet of T =-,' states
with J"=-,', —,', —,', and & . These states are cal-
culated to be of almost pure D-wave d+'He char-
acter and are situated several MeV above the
d+'He threshold, Their nature is very similar to
that of the —,

' second excited state of 'Li, which is
also reproduced in these calculations. ""Further
experimental support for this theoretical predic-
tion is presented by Tanifuji and Yazaki, "who re-
port that the effective potential between deuterons
and 'He, needed to describe elastic scattering, is
very much stronger in the even-parity than in the
odd-parity states at an energy corresponding to
22 MeV excitation in 'Li. Additional evidence for
positive-parity states in this energy range is
found by Seiler4' in an investigation of the reaction
'He(d, p)'He. He reports that a state with J"=

&

near 20 MeV excitation and one with J"= -"near
2

22.5 MeV dominate this process.
Our own investigation of p-4He elastic scattering

is not in contradiction with the possible existence
of a & level. In this scattering state we see an
anomaly in the energy dependence of our phase
shift ('G„,). However, to deduce the existence of
a & level solely from these very weak fluctuations
would not be justified.

Turning now to a, discussion of the odd partial
waves, we find that our P-wave phase shifts, which
correspond to J' =

& and &, show some fluctua-
tions again in the absorptive parts, while the I'-
wave phases with J"= ~ and ~ are completely
without structure. Empirical evidence for J' =-,'
and —,

' levels has been obtained from studies of the
reaction 'He(d, p)'He, ""of d-'He elastic scatter-
ing, '4 of its mirror process d-T elastic scatter-
ing, "and of the reactions 'He(d, 2P)T and T(d, jn)-

The cluster-model calculation by Heiss and
Hackenbroich" also generates such states and ex-
plains them as nucleon +'He (0' first excited
state) cluster structures, which would decay main-
ly into multiparticle-breakup channels. The cou-
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FIG. 5. Comparison at 24 and 26 MeV between our experimental data (Ref. 1) and the corresponding curves calculated
from the phase shifts of Table I.
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FIG. 6. Comparison at 32 and 34 MeV between our experimental data (Ref. 1) and the corresponding curves calculated
from the phase shifts of Table I.
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pling to P +'He channels should be very weak ac-
cording to this model.

If all this tentative evidence for highly excited
states in 'Li is taken at face value, then the follow-
ing qualitative picture of 'Li (and mutatis mutandis
of 'He) emerges from the existing experimental in-
formation:

Ground and first excited states are pure single-
particle states consisting of a P-wave proton in
the potential well of a closed S-shell u particle
(which gives rise to the repulsive "hardsphere"
interaction evident in the p-'He S-wave phase
shift). Proton single-particle states with orbital
angular momenta l& 1 will be situated somewhere
above 30 MeV excitation, but their influence can
be seen below that energy in the gradual rise of
the real parts of the D-, F-, and G-wave P-'He
phase shifts. Owing to their high excitation they
are extremely broad and strongly overlapping.

Ep (MeV)

FIG. 7. Comparison of measured and calculated polari-
zation excitation functions across the 23.4-MeV resonance
corresponding to the $+ second excited state of 'Li. The
solid lines have been drawn through the values calculat-
ed from our single-energy phase shifts as listed in
Table I.

FIG. 8. Comparison between measured and calculated
polarization at ec ~ =102.2' across the broad anomaly
near 30-MeV proton energy. Open circles are from
Ref. 3; full circles and squares are our own data (Ref. 1).
The full and open triangles represent data from Refs. 6
and 7, respectively. The dashed line has been drawn
through the values calculated from our single-energy
phase shifts as listed in Table I.

The sign of the spin-orbit splitting of all these
states is in accordance with the shell-model order-
ing. Above the first inelastic threshold, near 16.5
MeV, a series of broad d+'He cluster states ap-
pears. The first of these is the &' second excited
state, which has been unambiguously identified.
Its relatively small width is only a consequence of
its position close to threshold. Its inherent char-
acter is that of a cluster state with a reduced
width close to the Wigner limit. Above 18 MeV
excitation, a quartet of D-wave d+'He cluster
states with J"=-,", —", , —,", and &', and adoublet
of P+'He* cluster states with J = —,

' and —,
' are

predicted to exist." Experimental evidence for
all of these states is still inconclusive, however,
despite claims to the contrary. '~~

In our opinion, a phase-shift analysis of the ex-
isting experimental information on d- He elastic
scattering and a detailed investigation of multi-
particle-breakup reactions such as 'He(d, 2p)T are
the two most promising approaches to further study
the level structure of the five-nucleon system at
high excitation.

VI. ACKNOWLEDGMENTS

We wish to express our thanks to Professor E. Baumgartner, Professor W. Haeberli, Dr. F. Seiler,
and Dr. Th. Stammbach for many valuable discussions. We are grateful to Dr. P. Heiss, Professor M.
Tanifuji, and Dr. F. Seiler for sending us results of their work prior to publication.



1168 PLATTNE R, BACH ER, AND CONZ E TT

~Work supported in part by the Swiss National Science
Foundation and by the U. S. Atomic Energy Commission.

t Present address: Physics Department, Indiana Uni-
versity, Bloomington, Indiana 47401.

~A. D. Bacher, G. R. Plattner, H. E. Conzett, D. J.
Clark, H. Grunder, and W. F. Tivol, preceding paper,
Phys. Rev. C 5, 1147 (1972).

2G. R. Satchler, L. W. Owen, G. L. Morgan, and R. L.
Walter, Nuel. Phys. A112, 1 (1968).

3P. Schwandt, T. B. Clegg, and W. Haeberli, Nucl.
Phys. A163, 432 (1971).

4R. A. Amdt, L. D. Roper, and R. L. Shotwell, Phys.
Rev. C 3, 2100 (1971).

'C. F. Hwang, D. H. Nordby, S. Suwa, and J. H. Wil-
liams, Phys. Rev. Letters 9, 104 (1962).

BE. T. Boschitz, M. Chabre, H. E. Conzett, H. E.
Shield, and R. J. Slobodrian, Experientia Suppl. 12,
328 (1966); and Phys. Letters 15, 325 (1965).

7M. K. Craddock, R. C. Hanna, L. P. Robertson, and
B.W, Davies, Phys. Letters 5, 335 (1963}.

W. G. Weitkamp and W. Haeberli, Nucl. Phys. 83,
46 (1966).

~P. Darriulat, D. Garreta, A. Tarrats, and J. Testoni,
Nucl. Phys. A108, 316 (1968).

J. L. Gammel and R. M. Thaler, Phys. Rev. 109,
2041 (1958).

~~C. C. Giamati, V. A. Madsen, and R. M. Thaler,
Phys. Rev. Letters 11, 163 (1963).

S. Suwa and A. Yokosawa, Phys. Letters 5, 351 (1963).
C. C. Giamati and R. M. Thaler, Nucl. Phys. 59, 159

(1964) .
B.W. Davies, M. K. Craddock, R. C. Hanna, Z. J.

Moroz, and L. P. Robertson, Nucl. Phys. A97, 241
(1967).

K. Ramavataram, D. J. Plummer, T. A. Hodges,
and D. G. Montague, Nucl. Phys. A174, 204 (1971).

J. H. Foote, Q. Chamberlain, E. H. Rogers, and
H. M. Steiner, Phys. Rev. 122, 959 (1961).

In order to adapt the formulas of Ref. 16 to p- He
elastic scattering, we have simply replaced quantities
referring to n+ by the corresponding quantities for 4He

in their Eqs. (5) and (6) and taken into account the double
charge of the 4He nucleus. In all other respects we
have used the expressions exactly as given in Ref. 16.

P. W. Allison and R. Smythe, Nucl. Phys. A121, 97
(1968).
~9D. J. Plummer, K. Ramavataram, T. A. Hodges,

D. G. Montague, A. Zueker, and ¹ K. Ganguly, Nucl.
Phys. A174, 193 (1971).

S. M. Bunch, H. H. Forster, and C. C. Kim, Nucl.
Phys. 53, 241 (1964).

M. K. Brussel and J. H. Williams, Phys. Rev. 106,
286 (1957).

J. L. Yarnell, R. H. Lovberg, and W. R. Stratton,
Phys. Rev. 90, 292 (1953).

T. W. Bonner, J. P. Conner, and A. B. Lillie, Phys.
Rev. 88, 473 (1952).

A. P. Kliucharev, B.N. Esel'son, and A. K. Val'ter,
Dokl. Akad. Nauk SSSR 109, 737 (1956) [transl. : Soviet
Phys. -Doklady 1, 475 (1956)].

W. E. Kunz, Phys. Rev. 97, 456 (1955).
D. L. Booth, R. S. Hill, F. V. Price, and D. Roaf,

Proc. Phys. Soc. (London) A70, 863 (1957).
27G. Freier and H. Holmgren, Phys. Rev. 93, 825 (1954).

L. Stewart, J. E. Brolley, Jr., and L. Rosen, Phys.
Rev. 119, 1649 (1960).

A. F. Wickersham, Jr., Phys. Rev. 107, 1050 (1957).
D. J. Cairns, T. C. Griffith, G. J. Lush, A. J. Meth-

eringham, and R. H. Thomas, Nucl. Phys. 60, 369
(1964).

3~S. Hayakawa, K. Matsuda, S. Nagata, and Y. Sumi,
J. Phys. Soc. Japan 19, 2004 (1964).
3tFor a level with an elastic width I'& & $I'~,&, the

resonating phase shift has this shape and does not pass
through ~~z [see Ref. 8; A. C. L. Barnard, J.S. Duval,
Jr., and J.B.Swint, Phys. Letters 20, 412 (1966); and
B. Hoop, Jr., and H. H. Barschall, Nucl, Phys. 83, 65
(1966)J.

A. M. Lane and R. G. Thomas, Rev. Mod. Phys. 30,
825 (1958).

~4Relativistic expressions were used to convert kine-
matical variables from the laboratory to the center-of-
mass system.

In this context we wish to thank Dr. G. Baur and Dr.
F. Roesel for letting us use their Coulomb and Whittaker
function computer codes.

The photo channel y+ Li has also been omitted. This
is of no consequence, however, since this channel has
essentially no overlap with particle channels, as shown,
eg. , by the negligibly small cross section [L. Kraus,
M. Suffert, and D. Magnac-Valette, Nucl. Phys. A109,
593 {1968)tof the process 3He(d, y)5Li.

37Since for small variations of 6 and g the observables
can be expressed approximately as linear functions of the
parameter increments, we took the experimental energy
resolution (Ref. 1) of +40 keV into account by simply
folding a triangular weight distribution of 80 keV full
width at half maximum with the calculated values for 6
and 71'

3 These authors modify the single-level no-background
R-matrix expression of Ref. 33 by replacing the hard-
sphere phase shift with a phenomenological complex
nonresonant-background parameter. This results in
complete neglect of the resonance-background interfer-
ence.
39P. Heiss and H. Hackenbroieh, Nucl. Phys. A162,

530 (1971).
P. Heiss and H. Hackenbroich, Phys. Letters 30B,

373 (1969).
~M. Tanifuji and K. Yazaki, to be published; and pri-

vate communication.
42F. Seiler, private communication.
43W. GrGebler, V. K5nig, A. Ruh, P. A. Schmelzbach,

and R. E. White, in Proceedings of the Third Internation-
al Symposium on Polarization Phenomena in Nuclear
Reactions, Madison, 5'isc. , 1970, edited by H. H.
Barschall and W. Haeberli (University of Wisconsin
Press, Madison, Wise. , 1970), p. 543.

44V. K5nig, W. GrGebler, R. E. White, P. A. Schmelz-
and P. Marmier, in Proceedings of the Third

International Symposium on Polarization Phenomena in
Nuclear Reactions, Madison, 1970 (see Ref. 43), p. 526.

45K. Kilian, H. Treiber, R. Strausz, and D. Fick, Phys.
Letters 34B, 283 {1971).

46D. Fick, H. Treiber, K. K. Kern, and H. SchrMer,
in Proceedings of the Conference on the Nuclear Three-
Body Problem, Budapest, Hungary, July 1971 (unpub-
lished); and D. Fick, private communication.


