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Calculation of (K,m ) hypernuclear yields for stopped kaons in '2C
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Yields of the ' C(K, m )'AC and '
Cc,'K, m+ )'qBe stopped-kaon reactions to 1s and 1p hypernu-

clear states are studied in detail within the distorted wave impulse approximation, employing realis-

tic K atomic wave functions and pion distorted waves. The calculated A-hypernuclear yields are
~eaker than the X-hypernuclear yields by more than an order of magnitude, particularly because the
outgoing pion wave is strongly damped in the A production region due to the proximity to the 3,3
resonance, and are sensitive to within factors of 1.5—3 to the choice of pion optical potentia1. The
largest uncertainty, by as much as a factor of 3.5, is that for the ratio of 2+ to 0+ excitations. The
calculated X-hypernuclear yields„on the other hand, are generally stable, to within 20%, to varia-
tions in the input parameters. The results of the calculation are compared with old and new data of
stopped-kaon reactions on ' C, and with previous theoretical reports. Yields are also calculated for
production of 1pA states in 'qo which decay only by proton emission.

I. INTRODUCTION

12C(K— —
) 12C (2)

reaction. The prospects of establishing A- and X-
hypernuclear spectroscopy in K capture from rest have
been pointed out by Yamazaki et al. and by Tamura
et al. , and the corresponding issues for 'XBe, the extrac-
tion of the X-nuclear spin-orbit coupling in particular,
have been discussed in detail by Zofka and by Dover
et al. 7 The last comprehensive summary of the experi-
mental situation in this field has just appeared, during
writing this work.

Hiifner et al. formulated the distorted wave impulse
approximation (DWIA) for (K,m. ) reactions both for
stopped kaons and kaons in fiight, and applied it to the
formation of 'AC. The present formulation of stopped-
kaon reactions in Sec. II, although following the physics
principles inherent in these original papers, parallels
closely in technique and appearance the spectroscopic
study by Auerbach et al. ' of (K,m. ) in flight to the
A-hypernuclear region and that of the forthcoming spec-
troscopic analysis of Dover, Gal, and Millener" of
(K,m) to the X-hypernuclear region. It is therefore quite

The recent observation' of X-hypernuclear peaks in the
reaction

i2C(K —,~+ )",Be

with stopped kaons has stimulated a renewed interest in
the seemingly outdated technique of capture from rest.
The formation rates for these peaks total about 1% per
stopped kaon, substantially higher —by more than an or-
der of magnitude —than the rates previously measuredi
for peaks in the

K +' C~m +p+'pB,
K —+"a-~-+p+",N .

(3a)

(3b)

Due to the fine resolution, as small as 50 keV for reaction
(3a), the reconstructed n spectrum of these reactions
shows evidence for several well resolved '~C' levels and

possible 'AO levels, respectively. A reliable calculation of
these hypernuclear yields, clearly, is a prerequisite for
deriving spectroscopic information from these interesting
spectra. Our calculated rates for 'AC are smaller by about
a factor of 2 from those reported in Refs. 9 and 14;
we comment on these discrepancies.

Our calculations for 'zBe extend those reported in Refs.

natural to inject the hypernuclear yields calculated here to
these spectroscopic studies, as was recently done in Ref. 7.
Furthermore, since the formalism presented in this work
offers a correct treatment of charge degrees of freedom in
the (K,sr ) reaction to the X-hypernuclear region, via a
consistent usage of the isospin basis in both structure and
reaction parts of the analysis, we are able to comment on
some subtle issues arising in the interpretation of the 'zC
spectrum.

In Secs. III, IV, and V we report an updated calculation
and detailed study of hypernuclear formation rates in ' C,
reactions (1) and (2), and record some results for 'AO. The
calculation employs realistic K atomic wave functions
and pion distorted waves, thereby allowing a study of
several sensitivities that have gone unnoticed, particularly
for A hypernuclei, where the distortion of the outgoing
pion [with momentum q(sr )-260 M Ve/ cclose to the
3,3 resonance] is substantial. Such a study becomes par-
ticularly iinportant when evaluating the very recent reap-
praisal'2 of older emulsion data'3 for the exclusive
stopped-kaon reactions
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4 and 14 by considering p~X transitions from the pro-
ton lp shell to the X ldj subshells. This may become
relevant in smking an explanation for the appearance of a
relatively narrow peak about 11 MeV in the X continu-
um for stopped kaons ' and, perhaps, also in flight. '

%here comparison is possible, our calculated yields agree
with the data' but disagree by factors of 2—3 with those
reported in the calculation by Matsuyama and Yazaki. '

%e comment on these discrepancies. Preliminary, partial
results of the present calculation were reported in Ref. 16.

II. FORMALISM

The capture rate for the reaction

K +A (i)~n ' '~ +H{f)
ai rest, ~here —r——,

' is the pion charge, A is the target
nucleus in initial state i, and H is the (A or X) hypernu-
cleus in the final state f, is given by (in units fi=c =1)

I f——2+ E +EH —E —Eg Tf q
d q

K (2n )3

=(2') qfcof f {
~

Tf(qf) ~ )dQqf

Here the ( ) mean that the square of the T matrix for
this process is averaged on the initial M states and
summed over the final ones. The momentum qf of the
outgoing pion is determined by the energy-conserving 5
function, and cof is the reduced energy in the final state,

~f —+ (qf )+&H (qf ); ref ~E (qf ) for A ~ 00

A. Formulation of the D%IA

In the DWIA, the (K,m) reaction (4) is driven by the
one-baryon reaction

K +N-n ' '"-+-Y (Y=A,X)

on nucleon N, with the in-medium T matrix denoted by t,
assumed here to be of the s-wave type:

T'f{qf)= X &f I rj(qf) I
i &Dw=r(qf)p'f"(qy) (7)

The charge indices were omitted in {7) for simplicity (the
appropriate generalization is deferred to subsection C
below). The superscript DW stands for integrating the
transition density

pf(r (aIJ fIMT I&fgfg& (r)g(r)az(P)aN(a) +AM;;Tit)
a,P

over the kaon initial wave function and the pion distorted
wave:

and singling out the combination appropriate to the in-
medium two-body capture rate,

p f(gf ) = f Xq
' '(r)pf (r)p~~(r)d'r (9) y=v;o'=4m'(qf/co;)

( f ~

2, (12)

The subscripts a and P in the nuclcen wave function f
and the hyperon wave function f, respectively, run over
complete sets of single-particle states, and a)(P),oN(a)
are creation and annihilation operators, respectively, for
these states. The K atomic wave function O'„L~ is ob-
tained by solving the Klein-Gordon equation for the nega-
tively charged kaon in the Coulomb orbit ( n, L) due to the
nuclear charge distribution with a full consideration of
the K -nuclear strong-interaction optical potential; the
latter is assumed to be proportional to the nuclear density
with a (complex) depth required to fit the measured ener-

gy shifts and widths of the K atomic levels. The pion
distorted wave Xq

' in the final state is given in terms of
the partial-wave expansion

The radial wave function jI, reducing to the spherical
Bessel function ji(qr) for a free pion, solves the Klein-
Gordon equation with the pion-nuclear strong-interaction
optical potential plus the appropriate Coulomb field of
the nucleus.

Using the relationship between t and the in-medium
two-body scattering amplitude f,

where U;=q;/co;, o is the cross section for reaction (6),
and co ' Bf gf are appropriately averaged in-medium
quantities, we finally reach the DWIA expression for the
capture rate (5):

I f=(qf f/qf f)y f {Ip/"(q/) I')dn, /4 (13)

A sensible choice of qf would be the pion momentum at
the peak of the quasifree spectrum; the kinematical factor
( qf cof lqf clif ) can then be approximated by unity when
summing over all final states.

(14)

where pN(r) is the nuclear density of nucleon type N„

f pN(r)d r =X .

8. Sum rule and rate per stopped K

Neglecting the qf dependence of the pion distorted
wave, replacing it by qf, and recalling Eq. (9) for

p;f (qf ), the summation over all final hypernuclear states
in (13) is accomplished by applying closure:
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%e thus obtain

g'I, f——y f pw(r)px (r) (
X- (r)

~

I;
R;f/K = =(qfcof/qf~f)R(~ ' ' 'Y)

I

f ( ~pP(qf) ~
)dQ» /4m

(20)

p„-«)= g I
q'.~M(r) I'= IR.L(r) I

'/4~
+ M

(16)

where the fractions

y(K N +rr —' '
Y)pN

R(»r ' ' Y)=
all)P, +y(K-n all)p„

(21)

p r r=l,

~X»(r)
~

= f ~Xq '(r) ~'dQ»/4~

= g(21+1)
~ j,(r) ~

(17)

I"=QI,f——y f pN(r)pK (r)d r,
f

(18)

in agreement with the semiclassical expression

I'=U;cr(K N~»rF)pN,

provided definition (11) is recalled and pN—the effective
nuclear density available to the capture proces -- is de-
fined as

PN= f pN(r)p„( )d'

Expression (18) is readily generalized to account for K
capture on both protons and neutrons. The nuclear cap-
ture rate through the mode (6) per stopped K, R /K, is
then given by

and the prime on the summation symbol denotes a restric-
tion to the pion elastic scattering mode. To obtain an
overall capture rate, regardless of the history of the final
pion, whether it was elastically or inelastically scattered
(with or without charge exchange), or genuinely absorbed,
we relax this restriction rooted in the very formulation of
the DWIA, replacing the distorted wave Xq

' (r) by the
free wave exp( i q r)—There. fore,

are the primary branching ratios for mononucleonic K
absorptions at rest in the nucleus considered. These frac-
tions were determined in carbon nuclei of a heavy-liquid
bubble chamber by Vander Velde-Wilquet et ol. , ' and
tabulated in Table II there. We reproduce these values for
charged pions in Table I, after adjusting them to account
also for the 19% multinucltxinic captures at rest. Values
appropriate to heavy freon are included in the table in or-
der to indicate the trend in going from light nuclei to
heavy nuclei. One observes that (i) X production in

(K,n+) is rather stable, (ii) X production in (K,n )

remains suppressed throughout the Periodic Table, and
(iii) X+ and direct A production roughly trade off intensi-
ties. The values in Table I are quite different from those
measured in hydrogen and extended via charge indepen-
dence to give the branching rates for reactions (6) at rest
on a free nucleon. This difference originates most likely
from the increasing dominance of the I =0 A(1405) reso-
nance below threshold due to nuclear binding and, in
heavy nuclei, perhaps also from the difference between
proton and neutron densities in the tail region of the nu-
cleus. We note that the primary branching ratios (21), to
be used in the DWIA expression (20), correspond to the
production stage, not to the emission stage in which many
of the observed A hyperons are known to have resulted
from X conversion. Indeed, the emission fraction of A
following K absorptions in carbon nuclei was deter-
mined' in the same heavy-liquid bubble chamber to be as
high as 0.68, with only 23% due to direct rr A produc-
tion, as much as 64% due to conversion following m X+
production, and 13% following rr X production.

The calculations reported in this paper were made for
the last quantity on the right-hand side (rhs) of Eq. (20),

f ( i p f (qf )
i

)1Q» /4n. 2

f dQ» f Xq
' (r)p;f(r)ql„Lst(r)d r2~+1 ~i+1 qf

i f
4n f pN(r)p (r)d r

(22)

TABLE I. K absorption fractions R (m
—Y) for charged pions, Eq. (21), in carbon and freon (Ref.

17). These fractions were adjusted to account for multinucleonic captures as mell.

Nuclear
medium

C
CF38r

0.070
0.237

0.136
0.111

0.305
0.113

0.027
0.032
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TABLE II. K N~m Y amplitudes, Eq. (25), appropriate to the nuclear (K,m
—+) reactions. The iso-

spin of the hyperon (Y) is t~, and ( t„v ) are the isospin transfer and its z projection, respectively.

Nuclear

reaction

(K,m )

x', r+

Xo, r+ 3
2

which we lo(xsely call 8;f/Y, the rate per hyperon F (with
charged pion rt ' ' ), because its derivation assumed
that this capture mode (6) was the only available one. As
noticed by previous authors, ' the rhs of Eq. (22) is not
very sensitive to the nuclear density and to the kaon orbit
considered since these appear to the same power in both
numerator and denominator. We find exceptions to this
rule when the pion distortion, in the numerator, becomes
substantial (Sec. III D below).

C. Extension to charge degrees of freedom

Equations (13}and (20} are sufficient for the evaluation
of (K,n+) yields, where —under the DWIA —capture
occurs only on protons, and of (K,2r ) yields in the A-
hypernuclear region where only neutrons are involved.
However, an extension is required in the case of (K,n )

reactions to the X-hypernuclear region, where the two ele-

mentary primary processes

K p~m X+, K n~m X

generally compete with each other. To this end we re-
place the factor fN(2vaN that, due to Eqs. (8), (9), (11),
and (12), determines the charge dependence of the amph-
tude (7) by

fNttvttN ~fpeti . +l/2' 1/2. ]/2

+fnut@, r 1/2u ]/2, 1/2— (23)

where fp and f, are the in-medium two-body amplitudes
for process (6) occurring on protons or neutrons, respec-

tively. tz is the hyperon isospin, tA ——0 and tx ——1, and ~
is the z component of isospin transfer from the nucleon to
the hyperon; by charge conservation, r= —,

' for (K,m )

and ——,
' for (K,rt+ } reactions. Using a time-reversed

construct

—(tv', —,
'

—,
'

I
tr)f„YA).

and are given in Table II in terms of the more familiar s-
channel amplitudes. The DWIA expression (13) is now
replaced by

I if —(ffcl)f Icoi QPf )I if

2—v -{t,~)DWXf ir.iri„' in (i)f) ld()rr.
t

(26)

where

1/2, 1/2 a1/2, —1/2 a1/2, —1/2 1/2, 1/2

we rewrite Eq (23) as

Y f tfNttVt2N~ g f (r, ~](&i„tt]/2)~
t =1/2, 3/2

where t acquires the meaning of isospin transfer, with ~
—f~

now becoming its z projection. The amplitudes f (, ,] con-
stitute t-channel amplitudes

f(i, ) y({,tYA, ,——, , It1-)fp vA,

p,"„']/2 (q) = f X' ' (r)p,"'I/2(r)1P (r)d'&, (27)

p',",n(r)={afJ~MITfrr Xii)i (r)i), (r)[,a, (p)()a, n(a)],' aJM, T)j . ,
a,P

The generalization of the sum rule (14) is given by

1 g g gf (i"',.]f(i.]p'i„", ]'/2«'}pi, '„ I/2«) =l:
I f, ;+]/2 I

'pp«)+
I f„;»2 I

'p.(~)16«—r'»-
M,. f

(29}

justifying a postenori the form of the denominator in Eq. (21) for R (m
' '/ Y). Equation (20) for the rate per stopped

K, for given v and tv, now becomes
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~if IK =(gfCOflgyCOf) QR(qy Y )

with

—tv -{t )DWI (
xfi",p"„", igni, axi )d&,,

t

v +i/~ I

' f pp(y) I
~.l (y)

I

'd'y+ If„; i/2 I

'-f p.(y)
I ~.l (r)

I

'd'y ' (30)

—
( K— r —I /2—Yr+ i /2) —+—(K n~~—r i /2Y—w——i /2)—

g g (
—g—i/iYi, )

1 P PP Y Pll

y(K p-+all)p~+T/(K n —+all)p„

[The denominator in Eq. (31) is the same as in Eq. (21) and should also, in practice, include multinucleonic captures at
rest as well. ] Equations (30}and (31) provide the required extension for (K,m ) reactions to the X-hypernuclear region
(tY 1, y=——-, ).

D. Partial-a&ave analysis

The partial wave analysis of the partial rate I',f, Eq. (26), for use in Eq. (30), is accomplished along the same lines of
the procedure adopted for (K,n ) reactions in flight. '0" The single-particle wave functions P~ and f~ in the definition
(28) of the isospin-labeled transition density p',"i/z(r) are taken in the spherical basis,

(r)=[u,lj(y)«][&&(r)X&/2]J~, y=I«j]
and a time-reversed representation is adopted:

aj~ =(—1) a~ ~, QJpfg ( 1} QJ

The transition density becomes

yw, yy k, m

{k,m)(t, ~) ~ t — ~kt
Py t y ]/2 ~y t &y ]/2

(32}

(33)

(34)

The summation over M; and Mf, implicit in Eq. (26), can be carried out in closed form:

1 —t~
f——

2L 1 2J g dQqf g f(,",)p~(l v, &N)(afJf, TftfIIpy„",'Y „Ni/zIIa;J;;T;t;)+ i + k, m, M yN, yv, t

where the matrix element is reduced' in J, but not in T, and the quantities p" (yv, yN) are given by

P" (yY, yN) =( —1)"+ f Xq
' (r)[it(y„(r) i}'Iy„(r)] qi„re(r)d'r,

(35)

(36)

in close similarity to the DW reduced amplitudes used by Auerbach et al. ' The angular qf integration is performed by
utilizing the partial-wave expansion, Eq. (10},of the pion distorted wave and, subsequently, the angular 9 integration fol-
lows too. The net result is

g (LO,kOI10)' g f„",g'„" „( 1)
i k, l yN'yY'

jv Iv 1/2
X(21N+1)' (lNO, kO

I lvo&[(2JN+1)(2JY+1)] / '

IIx jw

X &afJf'TfrfllPy'i 'y i/2llai Ji Ti~/&

where the amplitudes

IyvyN= f j& ""Y&vj'Y ""N&NJN(')~~(")d' (3&)

relate to the dynamics of the capture process. Expression (37) bears a striking similarity to Eq. (3.11) of Ref. 10 for
(K,m. ) in flight, the only difference being the average taken here with squares of Clebsch-Gordan coefficients
(LO, k0

I
10) over the 1 values permitted for given L and multipolarity k. When K capture from rest is considered
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from a given nNlN shell to a given nYlY shell, the following simplifications occur.
(i) Sum over afJfI'f of the hypernuclear nYIY shell in order to find the overall strength of such a capture and to

gauge the relative importance of the various operative multipolarities k. The result is

lp I~ k

r„„l,„„,l„= g (2I, +1)(INO, ko
~

tYO&'(2J, +1)(2k+1),
kslN ~J+

X[ZION& I(fp Y+t/2 I'+&(JN& If„Y. t/2 I'1- (39)

and Z(jN) and X(jN) are the number of target protons
and neutrons, respectively, in the j~ shell. The D%IA
calculation modifies, thus, the capture rate for free nu-

cleons (though with in-medium amplitudes fN) by multi-

plying it by

(21N+1)(lNO, kO
~
IYO) (2jY+1)

IY 1N k
X g(2k+1) ' . .

1~2
' &„''r, (41)

k

for the yN~yY transitions. This latter expression is tabu-
lated in Table III for transitions of interest here. For cap-
ture at rest we find the integrals contributing to N(") al-
most independent of the j quantum numbers (this depen-

dence enters through the difference in binding energies
within a spin-orbit doublet for which the radial wave
functions uni/ are generated&. Under these conditions,
the total yN~QJ yY capture rate undergoes the nu-

clear modification

g (2k + 1)( 1NO, k 0
~ lYO) Nn"'I

k

(42)

independent of jN. Thus, the lpN~ lp Y rate is propor-
tional to X'1&' i~ +2K pz'1„, the N pz'~z term gives the
strength of th'e summed 0+ product'ion and the 2N(12P)lp

term gives the strength of the summed 2+ production in
12C

(ii) If the amplitudes Iz" r are only weakly dependent

on the j quantum numbers, one may reduce Eq. (37) fur-
ther without summing over final states, by neglecting this
dependence and working in the LS coupling basis:

2(2lN+ 1)
I if = g (INO kO

~
IYO) +nvlvnNIN,2J;+1

ty (I(.,L
—k, k~ ——0)k, (t, w)

2

X pf (t t) (txfJf t~f if I Iplv 1/2tY, IN 1/2 1/2 I I+i Jt t TI (43)

where (suppressing the isospin labels) the LS density
operator is defined as

(k~, k~ )k

piv 1/2, IN1/2 l(unvlv~nNI&) (u I/2ul/2)

E. Plane-wave results

In anticipation of the DWIA results (Sec. IV) for K
capture from rest in ' C, we offer some insight to the
rates expected per hyperon, Eq. (22), by evaluating these in

the plane wave impulse approximation (PWIA) for pions
of moinentum q and assuming capture to occur from
point Coulomb d (L =2) or p (L =1) orbits. The kaon
wave functions are well approximated by r in the nu-

cleus, and the baryons are assigned harmonic oscillator
wave functions with a spring constant v=0. 37 fm 2. We
evaluate the rates for transitions from the 1p protons or
neutrons in ' C to the summed 1s (1 states) and the
summed lp (0+ and 2+ states) hyperon configurations,
assuming one type of hyperon. The relevant expression is

TABLE III. The ratios given by Eq. (41}for K -nuclear capture rates, transitions yw~y~, to cap-
ture rates on a free nucleon. The X~ '~ are linear combinations of squares of DULIA integrals, as given

in Eq. 4,'40), which are assumed here to depend on I, not on j.
Nuclear

orbit

1SI&z

1p3/z

1g lyz

1s lgz

Xoo(0)

XO I
(l)

&O, l
(I)

~(o}+~(z)

2%11

1p I/2

Y orbit

5 &Z I+ 5 &Z, l
(I) 6 (3)

3~(3)

1 d3/z

(1) 9 (3)

2X",'
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tion. The DWIA results for A-hypernuclear production
are marked in the figure by bars, the size of which is due
to the sensitivity of the calculation to the pion optical po-
tentials employed (as elaborated on in Sec. IV below). The
main reason for the strong suppression in the DWIA is
that pion-nuclear interactions in the A-production region
are dominated by the 3,3 resonance. The strongest
suppression occurs for the 0+ rate which for L =1 (Fig.
1) does not even make it into the figure. Since K cap-
ture in ' C occurs largely from d orbits, it is clear from
Fig. 2, which shows almost equal rates for producing
these A and X hypernuclear configurations in the PWIA,
that pion absorption is the driving factor in weakening the
A rates relative to the X rates by about an order of magni-
tude.

pN(r)= Q JV (j N)ur (r)!4mr

f pN(r)d r =X,
where the summation extends over all occupied orbits.

(47)

2(tt V,z, (r) = —4m(1+elm)ap(r),

J p(r)d r =A,
(48)

A. Kaon atomic wave functions and K capture

We follow the optical-model analysis of kaonic atoms
reported by Batty. The K optical potential is taken to
be of the form

III. INPUT %'AVE FUNCTIONS

This section provides a brief description of the input
wave functions required for the DWIA calculation of K
capture from rest in ' C and ' 0 to hypernuclear states.
The DWIA amplitudes were defined in Sec. II by

(3S)

where the u„~~(r) are the radial wave functions of the
baryons generated here by Woods-Saxon real potentials to
reproduce prescribed binding energies and/or rms radii,
the R~(r) are the radial wave functions of the K in
atomic orbit ( n, L), generated by a complex optical poten-
tial to reproduce given energy shifts and widths, and the

j t(r) are the partial waves of the pion distorted waves con-
structed to fit measured elastic differential cross sections
and total reaction cross sections. These DWIA ampli-
tudes are then grouped together to form the quantities

(40)

which appear in the numerator of expression (44) for the
"rates per hyperon. " The denominator of this expression
[cf. Eqs. (16) and (19)],

4~PN PN ~ ~nL

can be constructed directly from the wave functions men-
tioned above by noting that

where p is the K -nucleus reduced mass, m is the mass
of the nucleon, p(r) is the nucleon density (assuming equal
proton and neutron distributions) identical in shape to the
nuclear charge distribution, 2' and a is a complex effective
scattering length. This optical potential is inserted into
the Klein-Gordon equation together with the Coulomb
potential due to the finite charge distribution of the nu-
cleus and the first order a(Zu) vacuum-polarization po-
tential. The energy shift and width of the kaonic atom,
and the corresponding complex wave function R„L (r), are
then obtained by solving the radial equation to yield the
complex eigenvalue energy of the bound kaon-nucleus sys-
tem. The real and imaginary parts of a are adjusted to
fit the measured shifts and widths over some region of the
Periodic Table. If shapes other than those for the nuclear
charge distribution are assumed for p(r), the emergent a' s
are different. We chose in our study two of the fitted
scattering lengths, as given in Table V. Choice (i) is
natural to employ in the ' C region, which we explore
here, because it was obtained by fitting to the measured
3~2 kaonic transition. Choice (ii) represents a global
fit to all shift, width, and yield data over the Periodic
Table. We will study the sensitivity of our calculated K
capture results to the choice of V,~, in Sec. IV. Here we
wish to note that the difference between Rea for the two
choices (i) and (ii) exceeds the error bars (omitted in the
table) on each of these quantities; this is not the case for
Ima, where the difference falls within the quoted error
bars.

The calculation of Eq. (44) implicitly assumed one orbit
( n,L) of the K atom. This hypernuclear rate expression
has to be averaged over the distribution p(n, L) involved
in the K capture process. Since Eq. (44) is independent

TABLE V. K optical-potential effective scattering length [Eq. (48)] and calculated shifts (negative
for repulsion) and widths for the 3d —+2@ transition in ' C. The nuclear density (Ref. 21) used in these
calculations is of type 3pF, with parameters R =2.355 fm, a =0.5524 fm, and u = —0. 149.

K optical
potential

(i)
(ii)
Expt.

0.45+ i 0.72
0.31+i 0.79

—0.584
—0.582

—0.590+0.080

I 2p (keV)

1.652
1.489

1.730+0.150

0.66
0.62

0.98+0.19

20
20
24
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We shall neglect the s capture rate in this work (see, how-
ever, the discussion in the last paragraph of Se:.V B), ef-
fectively using 18% for capture from atomic p orbits and
82% from d orbits. Although we shall explore the 2P and
31 atomic wave functions below, we stress that the rela-
tively sizable contributions from these orbits,

P (2p) =4.6% and p (3d) =47.9%, are far from saturating
the capture process.

Previous calculations ' ' of hypernuclear production
in ' C explicitly assumed capture from d orbits; capture
from p orbits, which we find non-negligible and of intri-
guing consequences, was altogether ignored, while Ref. 9
also considered capture from s orbits, which they thought
to constitute a sizable fraction of all K captures. For
other targets in the P shell, capture from p orbits dom-
inates at the beginning (I.i), while the distribution (49)
gives a fair representation at the end of the shell. Thus,
for K -' 0, Batty ' reports

P(L =0}=(2+1)%, P(L = 1)=(17+2)%,
P(L =2)=(79+3)%, P(L =3)=(1+1)%

(50)

Here the last observed x-ray transition is 4f~3d, and
capture from the 3d orbit is still the dominant one
(25.0%) among d orbits, while the 2p orbit is found to
contribute insignificantly (1.3%); in fact, the strongest P
capture is now calculated to occur from n =18 (3.2%).
The error estimates in Eq. (50) reflect variations in the
capture rates which do not spoil the degree of fit to the x-
ray data. Our calculation for '&0 employed K atomic
wave functions generated from choice (i) of the K poten-
tial (Table V), with a 3pF nuclear density ' specified by

R =2.608 frn, a =0.513 fm, w = —0.051 .

Graphic illustrations of the 3d and 2p K -' C wave

of the normalization of R~ which appears quadratically
in both numerator and denominator, and since the various

R„L for a given L are, to an excellent approximation, pro-
portional to each other in the nucleus (note that the R~
always appear multiplied by nuclear wave functions}, the
dependence of the calculated hypernuclear rate on n be-
comes (to better than 1%) redundant. Hence, for a given
L, we may calculate expression (44) with n arbitrarily
chosen, subsequently averaging over the L distribution
P(L)= Q„P(n,L). A cascade calculation which fits
the absolute and relative x-ray intensities in K -' C
yields

P(L =0)=0.7%, P(L =1)=17.8%, P(L =2)=81.5%.

functions in the nucleus are deferred to subsections C and
0 in connection with observations made there. These
wave functions, particularly the 2p wave function, are
essentially different from the r approximations devised
earlier, and the capture rates calculated here are corre-
spondingly different.

—Vp
V(r)= R=r A'

1+exp[(r —R)la] ' (51)

The geometry was fixed by setting ra=1.25 fm and
a =0.6 fm. The depth Vo was adjusted for each partial
wave to yield binding energies 8 as prescribed in Table
VI. The Coulomb potential due to the nuclear-core
charge distribution was included. The omission of a
spin-orbit potential was compensated for by employing
correspondingly different values of Vo for spin-orbit
doublet levels. The nucleon wave functions thus obtained
were used in the construction of the DWIA integrals (38),
and also in constructing the total nuclear density (47)
which enters the "denominator" (46). Yet, for the con-
struction of the latter quantity we checked other prescrip-
tions as well, such as insisting that pN(r) reproduces in
shape the nuclear charge distribution, or be derived from
it by unfolding the proton size so as to obtain a possible
point-nucleon distribution. The sensitivity of the calculat-
ed "denominator" (46} to variations in pN(r) can be es-
timated2 to be about 15% when switching from charge
distribution to point-nucleon distribution.

As for the hyperons„ the ip wave functions are of par-
ticular interest since the corresponding levels in '~C are al-
most A unstable, and are well in the X continuum for
'zBe. We verified that the dependence of the calculated
rates on the (small) Bv assumed was very moderate. Thus
changing 8~('xC) from 0.1 to 0.5 MeV brought modifica-
tions of a few percent at most. The value 8 =0.5 MeV

used in the X-hypernuclear calculation was therefore
chosen as a representative one. We checked that, by in-

creasing it as much as to Bz ——5 MeV, as used in Refs. 4
and 14, the 0+ rate went up 5% and the 2+ rate up 18%.

Because the baryon radial wave functions employed in
the present work are real and nodeless, the calculated rates
change smoothly and relatively slightly when these wave
functions are varied within reasonable limits.

B. Baryon wave functions

The radial wave functions u„ i ~
(r) for nucleons and

hyperons in a nucleus or hypernucleus, respectively, of
atomic number A were generated by solving the
Schrodinger equation with a real %'oods-Saxon potential

TABLE VI. Baryon binding energies 8, in MeV, used to construct nucleon and hyperon wave func-
tions in '2C and ' O.

8{3=12) 8(A =16)

1s
lp3n
1+in

34.1

16.0
37.2
18.7

11.4
0.1

0.1

5

0.5
0.5

38.0
21.7
15.7

2.5
2.5
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FIG. 3. The 1 =2 m+ distorted wave u (r) =qrj&(r), generated
from parameter set A (Table VII), appropriate to the production
of 'ZBe (0+) in K capture from atomic d orbits in '2C. The
free wave qrj2(qr) is shown for comparison by the dashed curve.
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FIG. 4. (a) The K atomic 3d wave function g (r) generat-

ed by the optical potential (i) (Table V), and (b) the 1 =2 m dis-
torted wave u (r) =qrj2(r) generated from parameter sets (a) and
(b) (Table VII) in ' C. Curves A and 8 stand for Reu (r) corre-
sponding to sets (a) and (b), and curves C and D stand for
Imu (r), respectively. These K wave functions and m distort-
ed waves are appropriate to the 0%IA calculation of '~C (0+)
production in K capture from atomic d orbits in ' C.
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C Pion distortion

The pion optical potential for scattering off isoscalar targets is taken to be of the form

2p Vo~, (r) = —4m'[(I+@/m)bop(r)+(1+p/2m)Bop (r)]

4'[(1+IJ./m) 'cop(r)+(1+@/2m) 'Cop (r)]+V.
1+(4ir/3)g[(l+iM/m) cop(r)+(1+p/2m) Cop (r)]—1

familiar from pionic-atom analyses and low-energy pion
scattering ( T„&50 MeV). This form has been recently
studied by Friedman for medium-energy pion-nuclear
scattering by fitting the energy-dependent coefficients bo,
cp Bp Co and g to elastic scattering differential cross
sections. Although pions produced in K capture from
rest scatter off the final hypernucleus, not in the isoscalar
target nucleus, we have ignored the necessary correction
terms simply because of ignorance. The pion optical po-
tential (52) is inserted into the Klein-Gordon equation,
with the appropriate m-hypernucleus kinematics, together
with the Coulomb potential due to the finite charge distri-
bution of the target nucleus to yield the partial-wave
scatterin~ solutions ji(r). For X hypernuclear produc-
tion in ' C, we used a fractional charge —', for the outgo-

ing m+ in order to approximate the Coulomb potential
due to the hypernucleus. Yet, the overall effect of the
Coulomb potential on the pion partial waves, and subse-
quently on the calculated K capture rates, was found to
be negligible for the low partial waves of interest here.
The nuclear density is assumed to follow the shape of the
point-nucleon distribution.

The parameters of the pion optical potentials used in
this work, as fitted to n +scattering data, -is are given
in Table VII together with the values of X per degree of
freedom marking the quality of the fit.

In the X hypernuclear region, although the optical-
potential parameters at the corresponding energies
TL ——65 and 80 MeV are required to evolve smoothly
from those at lower energies 2 (e.g. , by holding fixed
some of the parameters: Imbo, Im8o, ImCo, and g), the
fit to the data is by no means unique, as shown by the ex-
istence of two solutions for TL (n ) =65 MeV. Parameter
set A, in spite of the higher g value, fits the total reaction
cross section better and, therefore, may as well be con-
sidered the favorable one. A globa/ measure of pion dis-
tortion is given by the ratio

pwr R«r g& r r
Di, (q) = I pN(r)

~
R„L(r)

~

d r

tabulated in Table VIII, which gives the damping of the
outgoing pion wave weighted by the process of K cap-
ture from rest. One naively expects DI to be smaller than
unity, but this need not be the case. The values calculated
for fit A at TL (rr) =72 MeV (q = 156 MeV/c) and shown
in the table are about 1.1, and the sensitivity to the fit is
rather small: Dz changes from 1.099 to 1.114 in replacing
fit A by C. For specific DWIA amplitudes, the situation
is more involved. For example if we study the 0+ excita-
tion rate in 'xBe for K capture from d orbits [cf. Eq.
(49)], the only amplitude effective is Iiz'iz, ' considering
for simplicity a point-Coulomb K wave function, the
square of this amplitude N', ~',~= ~I(~',~ ~, is actually
1arger in the DWIA by about 30% than that for the
PWIA at q =156 MeV/c, and this enhancement persists
upon introducing a realistic K wave function into the
calculation. The pion distorted wave jz(r) corresponding
to this situation is shown in Fig. 3. Its real part is similar
to the free wave ji(qr) both in shape and inagnitude. The
real part of I',~'i~, therefore, is about the same as for free
pions, while the smaller imaginary part adds incoherently.
The DWIA result for 1 =2 is enhancement, but for the
analogous case of capture from p orbits the 0+ DWIA
amplitude squared N i~'iz ——

~

I iz',z ~

is somewhat
suppressed, by 10%%uo for a K point-Coulomb wave func-
tion and by 22%%uo for a realistic wave function, relative to
that for free pions. Here one recovers the naively expect-
ed notion that pion distortion causes a suppression of the
calculated rates Altog. ether, pion distortion effects do not
play a significant role in K capture from rest to the X
hypernuclear region.

The situation regarding pion distortion effects in K
capture from rest to the A hypernuclear region is radically
different. Looking at the entries in Table VII correspond-
ing to this region [ TL (rr) = 162 MeV for ' C], one notices
that the p-wave parameters obtained are largely imagi-
nary, which refiects the proximity to the 3,3 resonance.
All three fits for this energy reproduce the measured '

-' C reaction cross section, 442+26 mb. The associat-
ed damping factors Dl in Table VIII are well below uni-

ty, as expected. For 'AO, although only one genuine fit

TABLE VIII. Values of DL(q) [Eq. (53)] for K capture from atomic orbit I. io 'qBe* states (set A),
'zC* states [sets (a), (b), and (c}],and '&0* states [sets (c') and (d)]. The lab kinetic energies of the pion
are given in parentheses in MeV.

1.140
1.099

0.449
0.541

{b)
(162.7)

0.499
0.574

(c)

0.302
0.414

(c')

0.286
0.376

(167.9)

0.360
0.455
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ji(r) — t [Jt(qr) in'(qr)—], 1(qR .
r&R

(54)

[(d)] to the ~ '-0 elastic scattering data is shown in
Table VII, we generated other ' 0 optical potentials by re-
scaling the density p(r) in the fits (a), (b), and (c) for ' C,
calling these modified sets (a'), (b'), and (c'), respectively.

The 1=2 n distorted wave in ' C at Tl(m)=162. 7
MeV, corresponding to q =261.1 MeV/c, where AC 0+
and 2+ states are produced in K capture from rest, ' '
is shown in Fig. 4(b) for optical-potential parameter sets
(a) and (b) of Table VII. In contrast to Fig. 3, appropriate
to the X-hypernuclear excitation region, the imaginary
part ofj2(r) is appreciable, clearly indicating a strong ab-

sorption. The difference between sets (a) and (b) for Imji
is small (curves C and D, respectively). However, this
difference for Rejig (A and 8, respectively) is appreciable
in the nucleus (r & 3 fm) and gives rise to a sensitivity of
the calculated rates (particularly for the 0+ excitation) to
the pion-distortion parameter set employed. This sensi-
tivity is likely to be enhanced when K realistic wave
functions are used, such as the one depicted in Fig. 4(a),
because of interference induced by the imaginary parts of
the wave functions. For the L =2 kaon and 1=2 pion
wave functions shown in Fig. 4, this is a pronounced but
not dramatic effect, because although the imaginary parts
are about the same size as the real parts in the surface re-

gion (2&r (3 fm), the kaon wave function is dominated

by its real part at large distances (4&r &5 fm), which
contribute significantly to the capture process. At such
distances, the pion waves are fairly well reproduced [cf.
Fig. 4(b)] by the strong-absorption limit

AJ

PO

E

I

O.S

0.4

0».
-0.4- im j~.

torted waves do not interfere as destructively with the K
L =1 wave function.

The vanishing of RQ within the nucleus (r=2.2 fm)
signals the existence of a K -' C bound state due to the
corresponding optical potential. The node of Ref is re-
quired by the orthogonality of all L =1 K atomic wave
functions to the wave function of the K -nuclear state
(which is too wide to be observed). All L =1 atomic wave
functions, therefore, are very far from displaying the per-
turbative centrifugal behavior r sometimes assumed
within the nucleus. The origin of the suppression calcu-
lated for the 0+ transition rate is now traced to the
behavior of the product u1( in the region r & 5 fm. As for
Re(uf), it is remarkably small because Re1( vanishes
where Re(u) peaks, just on the ' C surface, and Imu van-
ishes where Imp peaks there. As for Im(u f),
(Re/) )& (Imu) p 0 both inside and just outside the nucleus,
while (Imp}X(Reu) &0 at the surface where both com-
ponents are maximal; this forms a strong pattern of can-
cellations for Im(ul(). Therefore, the contribution to up
from within the nucleus, only slightly important other-
wise, becomes relatively significant —a feature that magni-

A consequence of this approximation is that the pion
damping factor Dt, Eq. (53), appropriate to the global
description of K capture from rest, assumes values
about 0.5 or less. This is confirmed by the values com-
piled in Table VIII. Of course, the DWIA suppression of
specific rates could be much larger than the factor of 2—3
implied by the table and, indeed, this is the case for K
capture from rest to the A hypernuclear region (Sec.
IV 8).

—l6—
K 290-2.0—

-2.4—

0.4—

0.5—

0.2—

h

D. Maximal DULIA suppression

The combination of a realistic K atomic wave func-
tion with pion distorted waves leads to a remarkable
suppression, between 2—3 orders of magnitude, of the
PWIA rate for K capture froin p orbits to 'aC'(0+) and
'AO'(0+). In comparison, the DWIA suppression when a
point-Coulomb K wave function is used in the calcula-
tion is "only"' about 1 order of magnitude. To gain in-
sight into what happens here, we show in Fig. 5(a) the K
2p atomic radial wave function (here denoted) P(r} and in
Fig. 5(b) the m 1=1 distorted wave u(r)=qrj, (r) ap-
propriate to '~C (0+) production. Both these wave func-
tions enter the calculation of the single DWIA amphtude
I'Iz']z corresponding to 0+ excitation; other J excitations
in K capture from p orbits receive contributions from
DWIA amplitudes with higher values of 1, 1=2,3 for
J =1,2+, respectively, and the corresponding pion dis-

cu Q. )

0

-O. I

—Q4

r (tm)
FIG. 5. (a) The K atomic 2p wave function g„(r) generat-

ed by the optical potential (i) (Table V), and (b) the l =1 m. dis-

torted wave u (r) =qrj&(r) generated from parameter sets (a) and
(b) {Table VII) in ' C. Curves A and 8 stand for Reu (r) corre-
sponding to sets (a) and {b), and curves C and D stand for
Imu (r), respectively. These K wave functions and m distort-
ed waves are appropriate to the D%'IA calculation of 'AC (0+)
production in K capture from atomic p orbits in ' C.
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fies, of course, the sensitivity of the calculation to details
of the pion distortion [e.g., the difference between versions
A and 8 of Rem (r} for r (1.8 fm in Fig. 5(b)]. Further-
more, contributions from distances as large as 7 fm for
' C are vital for convergence of the calculated DWIA in-
tegral.

IV. RESULTS OF THE CALCULATION

In this section we report the results of DWIA calcula-
tions for the rates per hyperon, using Eq. (44), for K
capture from atomic p and d orbits in ' C to X and A hy-
pernuclear excitations. Some results are also given for
' O. The input K atomic wave functions, the pion dis-
torted waves, and the baryon bound-state wave functions
were taken from Sec. III.

A. 'X2Se

The calculated K capture rates in ' C per X, for the
summed lp(p)~lp(X ) 0+ and 2+ excitations and for
the summed lp(p)~ls(X ) 1 excitations in xBe, are
given in Table IX in units of 10 . The K atomic wave
functions were generated from the kaon optical potential
(i) of Table V and the "average" stands for a weighted
average of the calculated rates, 82% for capture from d
orbits and 18% from p orbits. Using the kaon optical po-
tential (ii) hardly changed the results. The dependence of
the results on the pion distortion is weak, as can be seen

by comparing the rates for q =156 MeVlc [TL,(n)=72
MeV] calculated with both parameter sets A and C of
Table VII. Below, we also compare parameter sets A and
B. The rates calculated for capture from p orbits are
similar to those calculated for capture from d orbits
which minimizes, of course, the sensitivity to the particu-
lar weighted average applied. For the wave function of
the X, a binding energy of 5 MeV was assumed for the
ls state and 0.5 MeV for the lp state. Varying these
bindings within reasonable limits led to negligible changes
in the calculated rates, of the order of several percent.
Even if the lp binding is increased to 5 MeV, as in Refs. 4
and 14, the calculated rates increase only by up to 10%.
Of course, the hngering question of which wave functions
are appropriate to the description of the observed 'xBe
peaks in the X continuum is not addressed by allowing
for these variations.

In Tables X and XI we explore the sensitivity of the
calculated 'XBe production rates to changing the pion op-
tical potential (sets A and B of Table VII) and the K op-
tical potential [(i) and (ii} of Table V]. The depicted re-
sults for q =156 MeV/c [TI (m) =72 MeV] are normal-
ized relative to those shown in Table IX for set A of
pion-distortion parameters. We recall that set 8 fits the
same pion scattering data. These tables show that switch-
ing from (i) to (ii) changes the L =2 rates by no more
than 4%%uo and the L =1 rates by no more than 10%,
whereas switching from point-Coulomb wave functions to
those due to either potential (i) or (ii) causes a decrease of
the L =2 rates by up to 20% and the I- =1 up to 40%;
varying the pion distortion changes the rates calculated
for capture from d orbits only by 1%, and rates for cap-
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TABLE X. Sensitivity of calculated K capture rates per X from atomic d orbits in '2C to the 0+
and 2+ summed excitations in 'xBe to the K atomic wave function (w.f.) and to the pion distortion
used. The calculation used q =156 MeV/c and all the rates were normalized relative to those for K
optical potential (i) and pion-distortion parameter set A in Table IX.

J ('gBe)

0+

K
w.f.

point Coulomb
(i)

(ii)

Free

0.904
0.785
0.826

1.179
1'
1.037

8

1.170
0.989
1.026

point Coulomb
(i)

(ii)

' Equivalent to a rate 4.780X 10 2 per X
Equivalent to a rate 3.480X 10 2 per X

1.015
0.984
0.980

1.205
lb

1.016

1.195
0.992
1.007

ture from p orbits by 4% or less. The overall effect of
pion distortion, by comparing rates calculated with pion
distortion included to rates with free pions, both with the
same kaon wave function, is bounded by 30% for d orbits
and by 40%%uo for p orbits. However, one marked differ-
ence between the results for L =2 and those for L =1 is
that while the rates for L =1 in the columns headed "A"
or "B" are smaller than the corresponding ones in the
column headed "free," as expected due to the loss of pion
flux to channels other than elastic scattering, this is not
the case for L =2. The L =2 rates with free pions are
smaller than those with pion distortion for both the 0+
and 2+ excitations (but not for the 1 excitation, not con-
sidered in these tables). We have already discussed this
feature, for the 0+ 'xBe' rates, in Sec. III C above.

Finally, in Table XII we give calculated production
rates per X (in 10 units) for various types of excita-
tions that are likely as well as unlikely [e.g., the (p ',s)
ground-state excitation] to explain the peak observed's at
q =152 MeV/c in the 'xBe spectrum. This table offers a
comprehensive comparative listing of K capture rates in
'2C, beyond the few transitions discussed in detail in the
preceding paragraphs. Our main interest, as discussed in
Sec. V below, is in gauging the strength of the
lp3/2(p)acids/z(X ) 1 and 3 transitions. All the
rates in Table XII are given by the generic expression

g(lj, l/ )Ni i
(55)

X f p(r)~RI(r)~ d r

where p (r) is the 'zC proton density distribution normal-
ized to 6, and g(lj, lj' ) is obtained from the appropriate
coefficient of Ni &

in Table III by multiplying by 2j+1.
Expression (44) for the 0+, 1,and 2+ rates due to transi-
tions originating from the p3/2 protons in ' C is a special
case of Eq. (55). The capture rates listixl in Table XII for
transitions to the ds/2 X shell are substantial, particular-
ly the 1 transition. We discuss the possible conse-
quences in Sec. V A below.

12C

The calculated K capture rates in "C per A, for the
summed ip(n)~lp(A) 0+ and 2+ excitations, and for
the summed lp(n)~ls(A) 1 excitations in zC, are
given in Table XIII in units of 10 s. In this DWIA cal-
culation, the K atomic wave functions for d (L =2) and

p (L =1) orbits were generated from the K optical po-
tential (i), Table V. A weighted average of 82%%uo for the
former and 18% for the latter defines the entries marked
"average. " Rates are depicted for pions distorted by opti-
cal potentials (a)—(c) of Table VII. The momentum of the
outgoing pion was set to q =261 MeV/c for the 0+,2+

TABLE XI. Same as for Table X, but for captures from atomic p orbits.

J ('XBe)

0+

K
w.f.

point Coulomb
(i)
(ii)

Free

1.783
1.290
1.408

8/2
A

1.615
1'
1.079

1.554
0.958
1.036

point Coulomb
(i)
(ii)

'Equivalent to a rate 4.071 X 10 per X
Equivalent to a rate 4.226X10 per X

1.583
1.173
1.299

1.533
1b

1.104

1.495
0.972
1.078
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TABLE XII. Calculated K capture rates per X (in units of
10 ) from d and p atomic orbits in ' C to various excitations in
'qBe. The pion momentum q =152 MeV/c corresponds to the
third peak reported in Ref. 8. The K atomic wave functions
were generated from optical potential (i), and the pion-distortion
parameter set A was used. "Average" stands for 82 fo of d and
18% of p. The 1d X wave functions correspond to assumed
binding of 0.5 MeV.

12B

(p ',s)

(p3/'»p)

(s ', s)

(p 3/2 ~ d 5/2 )

3

(p3/2, d3/2) 1

3

3.23

4.80
3.64

6.02
2.41

0.67
3.62

4.45

2.15

5.48
1.83

0.61
2.75

3.26

4.74
3.79

1.08

5.92
2.31

0.66
3.46

excitations and 273 MeV/ cfor the 1 ground state. The
DWIA rates for capture from p orbits are generally small-

er, particularly for 0+, than those for d orbits. This is
just the opposite of the trend of the PWIA and is ex-
plained by the increased pion absorption triggered by the
weaker centrifugal barrier for kaons of lower angular
momentum I.. For this reason, the "average" capture
rates to states in '~C are roughly determined by the rates
calculated for capture from d orbits.

The main feature of the DWIA rates in Table XIII is
their sensitivity to the employed pion optical potential.
This allows for as large variation as a factor of 3 in the
calculated "average" rates for the 0+ excitations and
about 50% for the other rates. The variation would have
been considerably larger, if the calculated rates were dom-
inated by K captures from p orbits, with a variation of
the calculated 0+ rate spanning, then, 2 orders of magni
tude The orig. in of this spectacular sensitivity is traced
back to the pattern of cancellations discussed in Sec.
III D.

In Tables XIV and XV we compare rates calculated
with pion DW's to those calculated with pion PW's, and
study the dependence of the calculated rates, for PW's as
well as for each of the three sets of pion distortion, on the
K atomic wave function: point Coulomb (essentially

r ) and those due to K optical potentials (i) and (ii).
The rates in these tables were normalized to those for K
wave function (i) and pion distortion (a). A value q =255
MeV/c for the pion momentum, differing somewhat from
those used in Table XIII, was uniformly chosen for
display in order to allow for as accurate comparison as
possible with the eikonal-distortion calculation of Ref. 9
for capture from d orbits. By comparing the columns
(a)—(c) for pion distortion with the column headed "free"
in Tables XIV and XV, we deduce that the suppressive ef-
fects of using pion DW's on the capture rates are stronger
for p orbits than for d orbits (already remarked above),
and become increasingly larger with decreasing transition
multipolarity, here identical with J, for capture from a
given K orbit. The most suppression due to the use of
the DWIA, therefore, occurs in the 0+ rates calculated for
capture from p orbits (1—3 orders of magnitude), but even
for capture from d orbits this suppression is sizable (about
1 order of magnitude). The least suppression, by about a
factor of 3, is found for the 2+ rates in capture from d or-
bits.

While the dependence of the calculated rates on the K
atomic wave function for PW pions is weak, their varia-
tions not exceeding 15%„ the use of realistic K wave
functions is essential for a precise evaluation of the A-

hypernuclear production rates when distorted waves are
used for the outgoing pion. For example, for 2+ produc-
tion, the least suppressed of all, the use of K wave func-
tion of type (i) or (ii) reduces the calculated rate by up to
35% for 1.=2 and by up to 60% for I. =1, relative to
the rate calculated with a point-Coulomb K wave func-
tion. This effect is particularly strong for 0+ production
in capture from L =1, which also provides for the only
case in these tables where a strong sensitivity to the type
[(i) or (ii) here] of K realistic wave function was found;
otherwise, the dependence of the calculated rates on which
of the types (i) or (ii) is employed for the K wave func-
tion is well bounded within 20% variation.

The eikonal-distortion calculation of Ref. 9, with re-
sults shown in the last column of Table XIV, assumed r
L =2 K wave functions and, therefore, can no longer be
considered as a quantitative calculation, particularly since
it misses quite badly in the suppression calculated here for
the 0+ rate. The small-angle approximation inherent in
the eikonal calculation cannot be expected to work well
for the pion low partial wave, I =I., encountered in the
evaluation of this rate. Similar, but stronger conclusions
hold for capture from L & 2 orbits.

TABLE XIII. Calculated K capture rates per A (in units of 10 ') from d and p atomic orbits in "C to the summed 1p~ ls 1

excitation {q =273 MeV/c) and the summed lp~ lp 0+ and 2+ excitations (q =261 MeV/c) in 'AC, for pion-distortion parameter
sets (a)—(c). The K wave functions were generated from optical potential (i). "Average" stands for 82% of d and 18% of p.

R/A (10 )

(b)
Average

2.38
0.92
7.46

0.74
0.01
4.17

2.08
0.76
6.87

3.41
1.97
9.03

2.27
0.10
6.11

3.21
1.64
8.51

2.06
2.55
6.30

1.34
0.82
3.70

1.93
2.24
5.83
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TABLE XIV. Sensitivity of calculated K capture rates per A from atomic d orbits in ' C to the 1

0+, and 2+ summed excitations in '~C to the K atomic ~ave function (w.f.} and to the pion distortion
used. The calculation used q =255 MeV/c and all the rates were normalized relative to those for K
optical potential (i) and pion-distortion parameter set (a). The values in square brackets for eikonal
stand for the eikonal distortion from Ref. 9.

J ('pC}

0+

point Coulomb
(i)

(ii}

point Coulomb
(i)

(ii)

point Coulomb
(i)

(ii)

4.56
5,09
4.61

17.8
18.3
17.3

3.09
2.97
2.99

1.51
la

0.98

2.25
lb

0.93

1.43
1c

1.06

8/A
(b)

1.77
1.35
1.29

3.38
2.15
1.90

1.63
1.21
1.26

1.14
0.81
0.79

3.87
2.52
2.53

1.21
0.85
0.91

[eikonal]

[1.63]

[6.05]

[1.25]

'Equivalent to a rate 3.13X10 ' per A.
Equivalent to a rate 1.14)& 10 ' per A.' Equivalent to a rate 7.81 X 10 ' per A.

g~(2)
R (2+)/A =

J p„(r)
~
RL(r)

~

d r

(56)

16O

Here we give results for the excitation of 0+ and 2+
states from the lpi/z neutron shell in ' 0 to the lpi/2 and
1p3/2 (almost degenerate) A subshells, respectively, in K
capture from atomic orbits in ' O. These excitations are
stable to A emission and may have been observed' via the
proton emission channel (3b) through the observation of a
peak in the pion spectrum for pion kinetic energy
T -163 MeV. The rates per A are given by multiply-

ing the corresponding entries in Table III by 2, the occu-
pancy of the neutron pi/2 subshell in ' O. Thus,

zx", ,
'

R (0+)/A=
Pn 7 ~I P P

where we suppressed the dependence on j. Neglecting this
dependence altogether, the rate for the other 0+ excita-
tion, due to the 1p3/2 +1p3/2 transition, is twice that
given by Eq. (56) and the rates for the other 2+ excita-
tions, due to the lp3/2~ lpj transitions, are each identical
with that given by Eq. (56). Retaining the j dependence
through the known 6 MeV binding difference between the

pi/2 and p3/2 neutrons in ' 0, we found differences about
10—15 % between the 2+ rates for all pion distortions em-
ployed and deviations as large as 25%%uo from the ratio 2 for
the 0+ rates when using pion distortion sets (a') and (b').

The results of interest are depicted in Table XVI in
units of 10 3 for kaon wave function (i) and pion distor-
tion sets (a')—(c') and (d). The latter set is listed in Table
VII and is based on actually fitting the m -' 0 scattering
data, whereas the former sets have parameters identical
to those of (a)—(c), respectively, for m

-' C, except for re-
scaling the density. The rates shown in Table XVI bear

TABLE XV. Same as for Table XIV, but for captures from p orbits.

gm( &2 C)
K
w.f.

point Coulomb
(i)

(ii)

point Coulomb
(i)

(ii}

point Coulomb
(i)
(ii}

Free

21.2
19.8
18.6

1420
1530
1340

6.97
6.11
6.24

(a)

3.86
la

1.00

99
11

4.7

2.42
1c

1.19

6.54
2.91
2.80

114
13
3.6

2.82
1.43
1.61

(c}

4.01
1.57
1.64

334
95

103

1.87
0.86
1.01

' Equivalent to a rate 1.09)& 10 3 per A.
«Equivalent to a rate 0.01X10 ' per A.
'Equivalent to a rate 4.70&& 10 ' per A.
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Pion
distortion

free

(a')

p
average

6
p

average

0+

6.76
5.18
6.48

0.107
0.008
0.089

8/A (10 )

7.84
10.24
8.27

1.57
0.590
1.39

TABLE XVI. Calculated K capture rates per A (in units of
10 ) from d and p atomic orbits in ' 0 to the lp~q2~1p 0+
and 2+ excitations (q =268 MeV/c) in '~O, for various pion-
distortion parameter sets. The K wave functions were generat-
ed from optical potential (i). "Average" stands for 82 jg of d
and 18k of p.

Hyper-
nucleus

12B

qf
(MeV/c)

Hyperon
orbit

1s
1p

(1d)

1s
1p

qf
(MeV/c)

(173)
160
152

273.2
261.1

qf COf /qf Q)f

(1.386)
1.226
1.132

1.456
1.345

TABLE XVII. Values of kinematic enhancement factor
(qfNf/qfGf) in K capture from rest in ' C. The values of qf
were estimated from the spectra in Ref. 8 and the values of qf
represent the hyperon orbits as observed (Refs. 3, 8, and 12).
Assignments or values in parentheses are uncertain.

(e')

d

p
average

p
average

p
average

0.298
0.030
0.250

0.556
0.195
0.491

0.474
0.227
0.430

2.11
1.25
1.96

1.28
0.774
1.19

1.47
0.748
1.34

qf ( g C )=225 MeV/c, sufficiently close to the value

q/ ——220 MeV/c used in the table.
In the subsections below we summarize the results of

this paper for R,~/K and discuss them in relationship to
the experimentsi »s» and calculations ' ' published to
date.

A. A =12 X hypemuclei

XBe

similar trends to those for 'zC in that pion distortion ef-
fects are large, larger for the 0+ rate (which is suppressed
by over an order of magnitude) than for the 2+ rate and
the captures from p orbits are more suppressed by the
pion distorted waves than the corresponding captures
from d orbits. The cancellation discussed in Sec. III D for
the 0+ excitation in 'zC also persists here for the same pa-
rameter sets (a') and (b'). Set (d) gives capture rates simi-
lar to those calculated with set (c'). These latter two fits
yield a moderate value for the ratio of rates 2+/0+,
2.4—3.1, in contrast with 8—16 for the former two fits.

V. SUMMARV AND DISCUSSION

Our calculated "rates per hyperon, " Eq. (22), were
presented in Sec. IV for K capture from rest in ' C to
excitations in '~Be and '~C, and in ' 0 to excitations in
'~O. These rates exhaust only one of the three factors
that figure in Eq. (20) for "rates per stopped K," the
other two being (i) R (n. ' '~ Y), the primary branching
ratio for the particular pion-hyperon channel studied (see
Table I), and (ii) the simple kinematic factor qlcoI/qfcof
appropriate to a specific final state in that particular
channel. Values of this latter factor are listed in Table
XVII for several excitations in 'zBe and 'zC. The values
chosen for qI were estimated from the observed spectra,
by identifying qy with the quasifree peak pion momen-
tum. %e believe that the values for the kinematic factor
arrived at in the table, which give rise to a 13—46%
enhancement of the calculated rates, provide a conserva-
tive estimate of this factor: extrapolation of the quasifree
formulation and fit given in Ref. 32 would lead to

TABLE XVIII. Measured (Refs. 1 and 8) and calculated
(present work) rates (in %) per stopped kaon in K ' C~m+
'qBe. The assignment I d5/2 in the bottom line is tentative (Ref.
7).

q(~+)
(MeV/c)

( 8 /K )gxpt

(%)
'"

lj(X ) J ('gBe)
(8/K-) ),

(%)

164.0+0.5
158.2+0.5

0.81+0.07
0.37+0.07 1p 1.36

152.5+0.5 0.38+0.07 ( 1 d5/2 )
0.65
0.42

The excitation spectrum' of this X hypernucleus
shows a striking evidence for three peaks in the energy
range 2—12 MeV in the X continuum, with widths of
about 5 MeV each. The latest determination of the peak
positions and their excitation rates per stopped K in
' C(K,n+) is due to Ref. 8 (Table 2). In Table XVIII
here we list the pion moments and capture rates corre-
sponding to these peaks, together with our calculated
rates. In transforming the reported "intensity per
K ~m. + all" and the calculated "rates per X " from
Table IX here, we multiplied by 0.136 for the primary
branching ratio tabulated in Table I here to obtain "rates
per K;" for the calculated rates, we also applied the
kinematic enhancement factors from Table XVII.

The first two peaks, in descending order of q(m+), are
generally believed' ' ' to be due to the transition
1p (p)~ lp (X ). Therefore, the calculated rate assigned
to these peaks was worked out from the 0+ and 2+ rates
per X of Table IX, after averaging the results corre-
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sponding to q =163 and 156 MeV/c, both for set C of
pion distortion. The summed (0++2+) calculated rate of
1.36% per K compares well with the sum
(1.18+0.10)% reported for the two peaks. However, one
must bear in mind that the lp {X ) configuration may ex-
hibit a considerable fragmentation" to the extent that no
more than 60—70% of its strength could be identified
with distinct peaks in the data. Furthermore, although
the calculated X rates w'ere remarkably stable to the in-
put K and rr wave functions, as discussed in Secs. III C
and IV A, there was (Sec. III 8) about 15% uncertainty in
the calculation due to allowed variations in the X wave
function and the nuclear density. Finally, a necessary in-
put to any spectroscopic study of the lp(X ) configura-
tion in 'zBe is the ratio of 2+ to 0+ rates which we find to
be given by

2+/0+: 0.75+0.05, (57)

where the error estimate follows an educated guess.
The interpretation of the third observed peak, for

q(n+)=152. 5 MeV/c, is unsettled yet. Assuming X-
nuclear @~~2-p3/2 spin-orbit splitting between 3 and 5
MeV, it was possible to reproduce the first two peaks, but
no reasonable residual XN interaction was found able to
displace a substantial lp(p)~lp(X ) strength to the re-
gion of the third peak. While this peak could, on the
basis of energetics alone, belong to the 1d5/z(X ) config-
uration, it was acknowledged that no compelling reason
exist& why "Bld(X ) states should be narrow and
their excitation strength sufficiently unfragmented to
yield a peak at such relatively high excitation (11 MeV in
the X continuum}. On the other hand, assuming the
spin-orbit splitting to be close to 10 MeV, as favored in
Ref. 6 so that the first and third peaks are essentially due
to the lp3/2 and lpi/2 X configurations, respectively,
the spectroscopic calculations6' could not account for the
second observed peak. Of course, if the spin-orbit split-
ting were as large as that, this peak might be tentatively
assigned to the 1d5/i(X ) configuration. Because the in-
tensities reported for the six:ond and third peaks are iden-
tical to each other, the assumption that the rate observed
for the ip~lp transition is about 1.2% per K remains
intact in either case, irrespective of whether the se:ond or
third observed peak is tentatively assigned to the
115/z(X ) configuration. This argumentation requires
then a rate of about 0.4% per K to be provided by the
theoretical calculation for the excitation of the 1 d5/q(X )

state. Two possibilities are shown in the table: if the state
thus excited is 1, its lack of fragmentation would point
to a rather pure configuration, "Bs,81d5/i(X ). The
calculated rate per X given in Table XII under
(p 3/2 yd5/z ) is to be multiplied by the Cohen-Kurath"
spectroscopic factor 0.712 for "Bs, in ' Cs, , which to-
gether with the other multiplicative factors considered
above give the value 0.65% listed in the table. On the
other hand, if the excited state is 3, its observed rate of
excitation could saturate as well the strength of "B(—,

'

2.12 MeU) 1d5/i, we added this strength by multiplying
the rate per X tabulated under (p3/p d5/2) by —', , due to
the different coefficient of N z i for the transition

@~~2—+d5~2 in Table III, and then multiplying by the
"B(—,

'
) spectroscopic factor 0.188 (rather than by

0.712 for the ordinary "Bs, component). This procedure
gave the value 0.42% listed in the table. Although this
calculated 3 rate agrees very well with the measured rate
for exciting the second or third peak, we do not feel—in
view of the crudeness of such estimates —that this rules
out the 1 excitation as a candidate for this peak. Pre-
liminary calculations" show that the small-angle
(K,ir+) reaction at 720 MeV/c (see Ref. 15) is capable
of distinguishing between these two possibilities, since the
3 rate in fiight is considerably smaller than the 1 rate
which competes favorably with the dominant 0+ lp~ lp
transition rate.

An extremely interesting question is where the '~Be
ground-state transition strength is located. The calculated
ls»z(X ) 1 rate for K capture from rest in ' C, as
given in Table XVIII, is sufficiently large to allow detec-
tion if the ground state is not wider than, say, 10 MeV.
While K capture from rest provides, in principle, a
favorable reaction to produce X-hypernuclear ground
states on light targets, the present lack of experimental
evidence' for the excitation of such ground states on ' C
is consistent with the failure to observe X-hypernuclear
ground states in any of the experiments reported to date
on light nuclei.

The only other calculation of K capture rates in ' C
into states of 'zBe is due to Matsuyama and Yazaki. ' A
comparison between these results and those of the present
work was given in a preliminary report. '6 The tabulation
in Ref. 14 gives rates which are generally o factor of 2
below our calculated rates. However, we have recently
learned that the calculation of Matsuyama and Yazaki,
due to wrong consideration of the X-hypernuclear
kinematics, was done for q-200 MeV/c, not for q —160
MeV/c as it should have. A preliminary check5 into
their output assured us that the factor of 2 discrepancy
mentioned above was largely due to this oversight. We
conclude, therefore, that the state of the art in calculating
K capture rates into X-hypernuclear states is satisfacto-
ry.

Yamazaki et al. have recently presented the ir spec-
trum for K capture from rest in ' C to the X-
hypernuclear region. Again, three peaks were observed in
the '~C continuum. However, since both T = —,

' and —,
'

states are excited in the (K,m. ) reaction, whereas only
the T = —, counterparts of these are excited in the

{K,n.+) reaction discussed above, there is more room to
accommodate the observed 'zC levels within the lp(X)
configuration. The calculations of Refs. 7 and 11 find
two main T = —, peaks [directly related to the two
lp(X } excitations discussed above], but perhaps only
one distinct T = —,

'
peak, because the residual XN interac-

tion produces coherencies in the T = —,
'

hypernuclear sec-
tor which tend to keep the (K,n ) strength unfraginent-
ed. According to Eqs. (30}and (39) of Sec. II, one expects
equal "rates per X" (irrespective of which charge state) in
the (K,n—+) reactions, if the summed lp(X) configura-
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tion is considered and charge-dependent (Coulomb and
kinematic) factors are negligible in the production stage .
The intensities presented in Ref. 8, in Table 2 there for
(K,m+) and Table 3 there for (K,m ), are indeed
roughly comparable to each other, although it was unclear
to us whether these intensities were always derived from
the raw data or that different cuts were applied through
the derivation. For this reason we avoid further discus-
sion of the 'zC spectrum, except to state that if summed
rates per stopped K are ever derived, they should be
larger than the corresponding 'xBe rates by the ratio of
K absorption fractions (Table I): (0.305 + 0.027)/
0.136=2.44. This observation follows from the discus-
sion in Secs. IIC and IID above.

B 12C

The observed m spectrum ' in the reaction
' C(K,m ) with stopped kaons gives evidence for two

'AC peaks which due to their energetics, and by compar-
ison with in-flight measurements, are generally assigned
to the is& 1 ground state (q =273 MeV/c) and to i@A
0+ and 2+ states ( q =261 MeV/c). The recent
reanalysis' of the emulsion data' resolved the latter peak
into three components. In Table XIX we list the capture
rates reported for these peaks, together with our calculat-
ed rates. As discussed in Sec. III C and IV 8, the calculat-
ed A-hypernuclear rates are sensitive to the pion distor-
tion entered into the calculation and, therefore, are
presented in the table here for all three pion distortions,
(a)—(c), used there. We emphasize again that all three
give a fair fit to m -' C elastic scattering data and total
reaction cross section.

The 1 calculated rates increase by about 60% in going
from sets (a) and (c) to set (b). However, the 50% error
bars for the only reported rate easily accommodate all
these calculated values within a very reasonable agree-
ment. A lesser degree of variation is noted between the
rates calculated for the summed ip (n)~ lp (A) transition
to 0+ and 2+ states, but the reported3' '2 rates vary over
more than an order of magnitude. We feel that the rate
(0.3+0.1}X10 quoted from Ref. 3 is an underestimate;
if pion distortion effects were as large as to reduce the cal-
culated rates by yet another factor of 2—3 beyond the al-
most order of magnitude suppression already undergone,
there surely would arise higher DWIA corrections to part-
ly restore these suppressed rates. Gn the other hand, we

Expt. (Ref. 3)
Expt. (Ref. 8)
Expt. (Ref. 12)
Theor. (a)
Theor. (b)
Theor. (c)

0.2+0. 1

0.21
0.33
0.20

0.3+0. I
8 +1
& 1.2
0.72
0.96
0.76

4.3 (0.74)
9.0
5.2
2.6

TABLE XIX. Measured (Refs. 3, 8, and 12) and calculated
(present work) rates (in 10 ') per stopped K in the reaction
K.

—"C m-- '„'C.

8/K (10 )
1s (/p(1 ) 1p (0++2+ )

also feel that the rate (8+1)X 10 deduced from Table 4
of Ref. 8 (by multiplying either of the intensities given
there by the appropriate primary branching ratio from
Table 1 there, or Table I here) is an overestimate; it is im-
plausible that the lp(n)~ lp(A) transition could exhaust
as much as 10% of the overall direct A-hypernuclear pro-
duction when the relatively large baryonic momentum
transfer (here equal to qf -220 MeV/c} allows for abun-
dant continuum excitation.

However, we could be wrong in our interpretation of
the rates reported by Yamazaki et al. , in case these actu-
ally refer to intensities per the obserued m spectrum.
This could result in a reduction of the value deduced in
Table XIX for the rate per stopped K by, at most, a fac-
tor of 2, a resultant rate which still appears on the high
side. Finally, the rate 1.2&(10 3 reported in Ref. 12
should be corrected for loss of '„'8 tracks in the emulsion
work. The corrected rate is estimated to be about
1.8)& 10,which would leave our calculated rate short of
reproducing the observed lp~lp rate by a factor of 2.
The uncertainty in the theoretical calculation for this
summed rate is estimated as 30% due to sensitivity to the
treatment of pion distortion and another 30% due to a
possible systematic error in the determination of the pri-
mary branching ratio' for K n~m A.

The uncertainty arising from pion distortion is maximal
in our calculations for the ratio 2+/0+ shown in the last
column of Table XIX. Optical potential sets (a) and (c),
which gave practically identical results for the summed
is~ and the summed lpA transition rates, differ by as
much as a factor of 4 for this ratio, while set (b) gives a
value intermediate to both. In spite of this wide variation,
all the calculations (including those in Refs. 9 and 14
mentioned below) gave values larger than unity, and this
consensus is one of the main reasons for identifying' the
narrower of the two overlapping peaks at q(n )=261.1

MeV/c with the main 0+ state. If the broader of the two
is assigned 0+, the ratio 2+/0+ derived from the observed
spectrum becomes 0.74, as given in parentheses in the
table.

A comparison between our calculated rates for 'AC and
those due to Hiifner et al. and Matsuyama and Ya-
zaki ' was given in a preliminary report. ' To briefly re-
peat it, we mention that the calculation of Ref. 9 assumed
essentially point Coulomb K wave functions and
described pion distortion in the eikonal approximation.
As shown in Table XIV, in Sec. IV 8 above and discussed
there, these approximations tend to produce somewhat
larger rates, particularly for the 0+ excitation, for K
capture from d orbits. Furthermore, Hufner et al. did
not consider captures from p orbits, which give intrinsi-
cally smaller A-hypernuclear rates because pion distortion
is more effective in these captures. The result of these ap-
proximations is that the 'AC rates calculated in Ref. 9, for
captures from d orbits, are about a factor of 2 higher than
Ours.

The calculation of Refs. 4 and 14 also gives rates about
a factor of 2 higher than ours, which we believe is mainly
due to the extra factor Dr (q) [Eq. (53)] in their formula-
tion, by which they divided the calculated "rates per hype-
ron. " ~ile this factor is close to unity for X-
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hypernuclear production, it is about 0.5 for A-
hypernuclear production in K capture from d orbits
(Table VIII here). As argued in Sec. II above, it is unjusti-
fied to keep track of the pion damping

~
X~(r)

~

in sum-
ming up the K capture events to obtain the right nor-
malization for a specific rate per stopped K; al1 kaons
get captured when brought to rest, irrespective of whether
the produced pion escaped from the final hypernucleus
elastically, inelastically, or got absorbed. If, on the other
hand, one sums up the m emission spectrum alone, not
normalizing with respect to the total number of captures
per stopped K, pions due to both elastic as well as in-
elastic scattering should be included. But the pion damp-
ing

~
Xz(r)

~

in the factor DI (q) leaves pion true absorp-
tion and inelastic scattering out of the corresponding sum-
mation, because it accounts for damping of anything but
elastic scattering. For the pion energies met in the A-
hypernuclear production region, pion inelastic and pion
true-absorption cross sections are roughly comparable to
each other. 3' Therefore, the procedure ' of using DL (q)
in relating calculated rates to experimentally reported
rates is unjustified. Note that summing over the pion
emission spectrum requires in first approximation to
switch off the Imbo, Imco terms of V,~„Eq. (52), which
give the quasielastic part of its reactive content. Finally,
we comment that the A-hypernuclear rates published in
Refs. 4 and 14 apparently~4 were calculated for
q(m )-290 MeV/c, a substantially higher momentum
than those corresponding to the 'AC excitations of interest
here.

Hiifner et al. considered the possibility that a signifi-
cant fraction of K captures in ' C occur from s(L =0)
orbits, and found, by usin~ the eikonal approximation for
pion distortion, rates to AC states comparable to those
calculated for capture from d orbits. Although the cas-
cade calculation based on the K -' C x-ray transition
intensities reported since rules out a non-negligible frac-
tion for captures from s orbits [see Eq. (49)], we would
like to comment briefly on this possibility, because mesic
s orbits are fairly easy to reach once the standard assump-
tions behind a normal cascade process cease to hold. Us-
ing the K atomic wave function generated by the optical
potential (i) and pion distortion parameter sets (b) and (c),
we find 1 rates smaller than in Table XIX by a factor of
2 and smaller than that given in Ref. 9 by a factor of 8.
The summed (0++2+) rates are a factor of 2.5—3 smaller
than in Table XIX and a factor of 5 smaller than in Ref.
9. Set (a) gives IsA and i@A rates several times smaller
than (b) and (c) give. This suppression of the calculated
A-hypernuclear rates occurs due to the combination of a
realistic K atomic wave function and of pion distorted
waves fitted to m' -' C scattering, an effect overlooked in
Ref. 9. %e have explained in Sec. IIID the mechanism
for the similar suppression of 'AC'(0+) production in cap-
ture from p orbits (see the discussion of Table XV in Sec.
IV B). Here we find an even stronger suppression effect in
capture from s orbits, embracing now also the 1 and 2+
rates. The general conclusion to be dragon from this trend
is that captures from d orbits offer in ' C the strongest
rates for producing 'AC states. To further escape the
consequences of pion damping in the calculation of A-

hypernuclear production rates, one would have to invoke
captures from L )2 K -' C atomic orbits. However,
captures from f (L =3) orbits can already be safely
neglected because the normal dipole x-ray transitions
f +d w—ill always win in ' C over strong-interaction cap-
ture, and higher values of L (L )3) are certainly incap-
able of reversing these systematics.

16O

The 'AO spectrum in the reaction (3b) gives evidence'
for some structure involving one or two peaks for
T —163 MeV. The rates of production for the most

obvious 'AO* excitations expected in this energy range,
(pi/'z, pi/z)0+ and (p i/z p3/z)2+, were calculated and re-
ported (per A) in Sec. IVC, Table XVI. To convert to
rates per stopped K, we follow the same procedure ap-
plied to '~C excitations in the preceding subsection and
multiply the rates per A by 0.070 from Table I and by
1.35 from Table XVII, disregarding the moderate changes
expected for these quantities in going from capture in ' C
to capture in ' O. The resulting calculated rates per
stopped K for pion parameter set (d) are then given by

R (0+)/K =0.41)& 10

& (2+)/K =1.27X10-', (58)

with a substantial uncertainty that is best estimated by
studying the sensitivity of the calculated rates in Table
XVI to the pion-distortion parameter set used. The rates
(58) are weaker than the rates calculated in ' C for the
1p ~ 1p transitions However, the data' are too incon-
clusive to allow a direct comparison with at this stage.

VI. CONCLUSIONS

We presented DWIA calculations of (K,m-+) yields,
mostly on ' C, for K captured from atomic orbits. The
DWIA method was shown'o to work well for (K,m )

reactions in flight to the A-hypernuclear region and one
expects a similar degree of success in the capture calcula-
tions. Accepting the validity of the DWIA, we found,
however, substantial sensitivity of the calculated capture
rates to the A-hypernuclear region to the pion distortion
entering these calculations. This sensitivity would seem to
detract from the prospects of exploring A-hypernuclear
spectroscopy in capture from rest, short of merely estab-
lishing new states (e.g. , isA ground states) hitherto un-
known.

The validity of the DWIA for A-hypernuclear produc-
tion was questioned by Hufner et al. , who argued that
two-step processes in which a X is first produced and sub-
sequently converts into a A are as strong as the direct
one-step A production. Ho~ever, these strong two-step
processes are known to be almost exclusively accompanied
by a m. of energy typical to the X-hypernuclear region
(Fig. 1 of Ref. 18). By focusing on the faster pions, with

q (vr ) ) 220 MeV/c in ' C, one ensures the dominance of
the one-step direct A production and thereby the validity
of the D%IA.

Regarding X-hypernuclear production, the DULIA
seems in place and we believe that the calculations are not
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particularly sensitive to numerous details such as pion dis-
tortion, K cascade history, and binding effects. Yet, the
state of the art in understanding why the observed X-
hypernuclear levels are relatively narrow is not satisfacto-
ry, and doubts may be cast on the use we made of real
bound-state X wave functions in the calculations reported
here. We checked that by using complex unstable-bound-
state wave functions for the lp(X ) state, the 0+ and
2+ calculated rates in 'zBe increase each by about 70% if
the decaying-state normalization I u (r)dr =1 is adopt-
ed. However, one encounters then difficulties in figuring
out the normalizing "denominator" in expressions such as
Eq. (22). This problem deserves further studies.
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