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Double differential cross sections have been measured for energetic p, d, t, and u particles emitted in reactions of

315 MeV "0 ions on '"U, In coincidence with light-particle emission, the momentum transfer to the target is

determined by measuring the folding angle between the two fission fragments resulting from the sequential decay of

the target nucleus. It is concluded that the emission of these particles occurs predominantly in fusionlike "central"

collisions and at an early stage of the reaction. The energy and angular distributions are described by thermal

emission from a source moving with approximately half of the beam velocity. Alternatively, the energy spectra can

be explained by emission from a rotating hot spot. The cross sections for d, t, and a emission can be described in

terms of a generalized form of the coalescence model which takes into account the Coulomb repulsion from the

target nucleus.

NUCLEAR REACTIONS U( O, Xf), x=p, d, t, e, E=315 MeV;measured
z(E, 8„) and fission fragment folding angle distribution. Analysis in terms

of hot spot, moving source, and coalescence models.

I. INTRODUCTION

The emission of light particles in heavy-ion-
induced reactions contains important information
about the reaction mechanism. At low energies
(E/A 6 5 MeV above the Coulomb barrier) there is
clear experimental evidence' ' that the majority of
light particles are due to thermal emission from
the compound nucleus or from fully accelerated
and equilibrated fragments. On the other hand,
nonequilibrium emission of light particles has
been obse, rved' ' for reactions induced by lighter
projectiles (A =16) and at higher energies (Z/A
& 8 MeV). Originally, the energetic light particles
that were observed in these experiments were as-
sociated with projectile breakup reactions. How-

ever, subsequent coincidence experiments have
demonstrated' ' "' "that reactions where the
major part of the projectile is absorbed by the
target nucleus make an important contribution to
the emission of light particles. These reactions
have been variously termed as incomplete fu-

ion»x8 or "massive transfer»zs, x6 reactions or
"central"'7 collisions.

Several possible mechanisms have been pro-
posed to explain the emission of noncompound
energetic light particles. In qualitative terms,
it has been suggested" " that energetic light par-
ticles are emitted in a transfer or projectile
breakup process where the larger fraction of the

projectile mass i's absorbed by the target nucleus.
On a more quantitative basis, the possible forma-
tion of a hot spot,

" i.e., a locally heated region
of the nucleus, has been suggested. '""" Such
a hot spot could attain much higher temperatures
than the compound nucleus. Immediately after its
formation, the hot spot would cool by thermal dif-
fusion into the adjacent cold nuclear matter or by
the emission of energetic light particles. The
predicted energy spectra exhibit exponential slopes
that correspond to significantly higher tempera-
tures than the compound nucleus temperature.
Bather good agreement with experimental data
has been obtained in several examples. " In addi-
tion to an interpretation in terms of the hot spot
model, several features of the single-particle in-
clusive cross sections could be explained 3 in

terms of preequilibrium" ' and intranuclear cas-
cade" calculations. Furthermore, the prompt
emission of light particles" " (PEP's), and the
enhanced alpha-particle emission' from super-
deformed nuclei have been proposed as additional
reaction mechanisms that could produce energetic
light particles in the exit channel.

Up to now, most of the experimental effort has
been devoted to coincidence studies which were
designed to elucidate certain aspects of the emis-
sion of precompound light particles. These ex-
periments are generally very phase space selec-
tive and the resulting cross sections are difficult
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to connect to the single-particle inclusive cross
sections. On the other hand, most of the theories
developed up to now have been formulated to pre-
dict single-particle inclusive cross sections. As
a consequence, these theories could not be sub-
jected to sufficiently stringent tests that could
help differentiate between the various models.

In the present paper we present a study of the
emission of energetic light particles (p, d, t, n)
detected in coincidence with two fission fragments
resulting from "0-induced reactions on a '"U
target at an incident energy of 315 MeV. It is
very likely that the simple requirement of two
coincident fis sion fragments imposes only minor
phase space restrictions, since only the most
quasielastic collisions will lead to exit channels
that do not result in fission of the target residue.
On the other hand, by employing the correlated
fission fragment technique"" -" valuable informa-
tion on the momentum transfer to the target resi-
due is obtained. This allows a discrimination be-
tween peripheral" collisions, such as inelastic
scattering, breakup or transfer reactions, and
central collisions, such as massive transfer,
complete and incomplete fusion. It should, there-
fore, be possible to use the present results as a
test case for the various theories that have been
put forward. At the same time one can arrive at
some qualitative conclusions that should yield
useful information for the improvement of the
various models.

The paper is organized as follows: The experi-
mental details are given in Sec. II. The relative
contributions of peripheral and central collisions
to the emission of energetic light particles are
discussed in Sec. III. A comparison of proton
energy spectra observed for these two classes of
reactions is given in this section. In Sec. IV we
discuss the light-particle energy spectra in terms
of a rotating hot spot model' "and in terms of a
thermal spectrum observed in a frame of refer-
ence that moves with a velocity intermediate be-
tween those of target and projectile. In Sec. V,
the connection between the cross sections for the
emission of protons, deuterons, tritons, and alpha
particles will be discussed and the validity of a
generalized coalescence relation will be demon-
strated. A summary of our conclusions will be
given in Sec. VI. Some of the present results have
been published in a, previous Letter. '~

II. EXPERIMENTAL TECHNIQUE

The experiment was performed at the 88-inch
cyclotron of the Lawrence Berkeley Laboratory.
A self-supporting metallic ' 'U target of approxi-
mately 500 ii, g/cm' areal density was bombarded

by "0"ions at 315 MeV with abeam current of
-20 nA.

A. Detection system
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FIG. 1. Experimental geometry used in present study.

A schematic drawing of the experimental layout
is shown in Fig. 1. It consisted of four ~F.-F.
light-particle telescopes mounted in the plane of
two position-sensitive fission detectors. All de-
tectors were mounted on a movable table inside
the scattering chamber. Two experimental geom-
etries were used. In geometry I, the light-parti-
cle telescopes were placed at scattering angles of
-95', -25', 70', and 140'; they subtended solid
angles of 49, 23, 24, and 59 msr, respectively.
The position-sensitive detectors were located at
8„=-60' and 613 =100', subtending an angular
range of about +20'. For geometry II, the entire
arrangement was rotated by -15' to give four addi-
tional angles (-110', -40', 55', 125') for light-
particle observation. Accordingly, the fission
detectors were then centered at 0„'=-75' and 6~
=85'. In geometry I, one telescope was moved
for a portion of the run to the forward angle of 15'
subtending a solid angle of 15 msr.

The four &E-F. telescopes each consisted of a
400 p, m surface barrier Si detector and a 7.6 cm-
thick detector. Energy signals for the NaI detec-
tors were typically taken from the fifth dynode of
the photomultiplier tube. For hydrogen isotopes
the energy calibration of the NaI detectors was
established by measuring the elastic scattering of
protons on a '"Au target at incident energies of 20
and 45 MeV. Due to long-term drifts of the NaI
detectors, the accuracy of this energy calibration
is about 3'%%uo. For the response of the Nal detectors
to alpha particles an independent energy calibra-
tion was established. This was necessary because
these detectors displayed rather large pulse height
defects and nonlinearities. The energy calibration
for alpha particles was obtained by measuring the
elastic scattering of alpha particles on a '"Au tar-
get at 80 MeV. This gave a fixed point for the cal-
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ibration. The energy deposited in the &E detector
was then used to determine the thickness of the ~E
detector. The response of the NaI detector to al-
pha particles was then established from a continu-
um spectrum by setting gates on the &E signal and
calculating" the alpha, -particle energy corres-
ponding to the measured &E signal. The overall
accuracy of this procedure is about 5'.

The energy calibration of the &E silicon detec-
tors was done by injecting a known amount of
charge into the input stage of the detector pream-
plifiers. This calibration was verified by mea-
suring the alpha, -particle energy spectra resulting
from the decay of ' 'Am and "'Cf. At the forward
angle of 15' an aluminum absorber of 0.64 mm
thickness was placed in front of the telescope to
prevent pileup and radiation damage in the &E de-
tector by the high flux of elastically scattered "0
nuclei.

The energy calibration of the two position-sensi-
tive fission detectors was established by measur-
ing the energy spectra of the fission fragments
resulting from the spontaneous decay of '"Cf and
then using the Schmitt" calibration procedure.
The position calibration was obtained by viewing
a '"Cf source through a. mask with 15 equally
spaced slits of 0.8 mm width placed over each
detector. This calibration gave an angular reso-
lution for the detectors of +0.3. Since the
detectors were mounted close to the target, the
angular calibration of the fission detectors was
quite sensitive to uncertainties in the exact beam
and target position. To minimize systematic er-
rors we'have measured the folding-angle distribu-
tion for four different tar get positions. This al-
lows measurement of and, when necessary, cor-
rection for the effects of small misalignments of
beam and target with respect to the center of the
scattering chamber. " It is estimated that the
fission fragment folding angle 0» is measured
with an overall accuracy of &6» -1'.

B. Data acquisition and reduction

The raw data were recorded event by event on
magnetic tape using the LBL Modcomp computer
system. Sixteen parameters were recorded on
tape: the energy signals of all ten detectors, the
two position-dependent signals of the position
sensitive fission detectors, and the four timing
signals corresponding to the time separation be-
tween fission detector A and the four light-particle
telescopes. In addition the coincidence time sig-
nal between the two fission detectors was moni-
tored and used to gate the computer to ensure that
two fission fragments were detected for each
event. Since only a negligible number of random

coincidences between the two fission detectors
were observed (-10' real-to-random ratio), this
parameter was not recorded on tape.

A coincidence event" was defined as a coinci-
dence between the two fission fragments and at
least one of the light-particle telescopes. In ad-
dition to coincidence events, inclusive fission
events" were recorded on tape at a, downscaled
rate for normalization purposes. An inclusive
fission event was defined as a coincidence between
two fission fragments.

Mass and charge identification of the light parti-
cles was obtained by using a standard particle
identification function of the form"

where 4E and E denote the energies deposited in
the ~E and E detectors and y is a parameter which
varied from 1.6 to 1.8. In the analysis, a contri-
bution of approximately 10' 'He was included in

the 4He spectra.

C. Normalizations

The fission fragment folding- angle distributions
0» have been corrected for the geometrical effi-
ciency of the fission detection system. The coin-
cident light-particle spectra were also corrected
for the fission detection efficiency on an event by
event basis. The detection efficiency, shown in
Fig. 2, was determined by a computer simulation
of the fission decay of "Fm. In these simulations
we assumed that the total momentum vector of the
recoiling '"Fm nucleus was directed parallel to
the beam axis. This assumption is necessarily
fulfilled for compound nucleus reactions. For
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FIG. 2. Fission fragment detection efficiency as a
function of the fission fragment folding angle 8~ ob-
tained by simulation of the fission of 254Fm with the two
experimental geometries of the present experiment.
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more peripheral reactions, on the other hand,
the momentum components perpendicular to the
beam axis could be appreciable. In that case, the
momentum vectors of the fission fragments could
span a plane that does not contain the beam axis
and our calculations would overestimate the detec-
tion efficiency. In other words, the experimental
requirement of the detection of two fission frag-
ments that are emitted in a plane that contains the
beam axis might reduce the detection efficiency
for reactions involving appreciable transverse
momentum transfers. Since the transverse mo-
mentum distribution of the target residue is not
known, these effects could not be corrected for.
The coincident light-particle cross sections are
presented as the number of light particles nor-
malized to the number of inclusive fission events

Nf.

O.B—

R= 25 "t

R=238—

III. EXPERIMENTAL RESULTS

A. Fission fragment folding-angle distributions

The fission fragment folding angle 0» is defined
as the angle of emission between two coincident
fission fragments measured in the laboratory sys-
tem. The folding angle has been shown"" to be
mainly determined by the projection P~ of the
target recoil momentum onto the beam axis. In

Fig. 3, this relationship is shown for average
values of 9» which have been calculated by com-
puter simulation assuming fission of either ' 'U
or "'Fm nuclei moving parallel to the beam axis.
The relationship is approximately linear for the
average folding angle. In practice, there will be
a distribution of folding angles corresponding to a

1. Inclusive folding-angle distributions

The distributions of fission fragment folding
angles measured for inclusive fission events is
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given recoil momentum. This is partially due to
the distribution of fission momenta which results
from the fission fragment mass distribution. It is
also due to neutron evaporation from the fission
fragments. The dependence of the folding angle
on the mass of the fissioning nucleus is shown for
both fission detector geometries used in the pres-
ent study. The two curves for each geometry pro-
vide limiting cases of the actual relationship ex-
pected. The curve for the fission of '"Fm will be
valid for the case of complete fusion of target and

projectile (Pa P„w—here P, is the beam momen-
tum), and the '"U curve will hold in the event that
no mass is transferred to the target. Consequent-

ly, the curve for '"Fm will be more realistic for
large momentum transfers, whereas the curve for"U will be more realistic for small momentum
transfers. The simulation of the different experi-
mental geometries predicts a shift of approximate-
ly 2' in the region of full momentum transfer when

going from the more symmetric geometry II to the
less symmetric geometry I.
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FIG, 3. Dependence of the average folding angle 8&z
on P" as calculated from the simulated fission of 38U

and t 4Fm nuclei moving parallel to the beam axis. The
relationship is shown for the two experimental geo-
metries. (P~ is the beam momentum. )

FIG. 4. Folding-angle distributions of fission frag-
ments measured inclusively for the experimental geo-
metries of this experiment {8&=—60', 8~=100' and

8&
———75', 8&=85') and for a symmetric setting (8&

= —8~= —80 ).
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shown in Fig. 4. The distributions are shown for
the two fission detector geometries of the present
experiment and also for the geometry of a previous
experiment" " (|Io = —|Io~ = 80'). The inclusive dis-
tributions exhibit two clearly distinct components.
The strongest component centered in the x egion of
6)» -—&50' corresponds to large recoil momenta
(see Fig. 3). We will define these reactions (which
can be associated with fusion, incomplete fusion"
or massive transfer"" reactions) as central colli-
sions. The location of this maximum shifts with
fission detector geometry in exactly the manner
predicted by the computer simulation (see Fig. 3).
The location of the maximum corresponds to a
transfer of -92% of the beam momentum to the
fissioning system.

The other component in the folding angle distri-
bution peaks in the region of 0»-—173', It is at-
tributed to peripheral colH. sions such as inelastic
scattering, breakup, and transfer reactions. In a
previous study, ' "this component was observed
in coincidence with projectile residues (Li, . . . , 0)
detected close to the grazing angle. The minimum
in the folding-angle distribution is a consequence
of the fact that, for periphexal reactions, the
lax'gest cx'oss sectlon8 ax'e obselved ' fox' nltx'o-
gen and carbon fragments. For the very asymme-
tx'lc detector arrangement this minimum 18 less
pronounced, mainly due to pileup in the forward
fission detector, which was subjected to high
count rates.
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FIG. 5, Folding-angle dlstrlbutlons of flsslon frRg-
ments measured inclusively and in coincidence with
protons for the two experimental geometries of this
experiment. The detection angles of the coincident
protons are given in the figure. The arrows are de-
scribed in Sec. IIIA2.
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The fission fragment folding-angle distributions
xneasured in coincidence with p, d, t, and a parti-
cles are shown in Figs. 5-8. For refex'ence, the
inclusive distributions for geometries I and II are
shown at the top of each figure. The folding-angle
distxibutions observed in coincidence with light
particles are shown below. They are labeled by
the detection angle of the coincident light particle.

%'hen light particles are observed at forward
angles, the coincident fission fragment folding-
angle distribution exhibits both centx'al and peri. -
pheral components. This indicates that light par-
ticles are produced not only ln massive transfer
or incomplete fusion reactions, but also in peri-
pheral reactions where a major portion of the
beam momentum is carried off by projectilelike
fragments. Protons, deuterons, and txitons are
produced px edominantly in central collisions,
whereas alpha particles have about equal contri-
butions from both central and peripheral reac-
tions. The large alpha-particle cross sections
observed for peripheral collisions at forward
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FIG, 6P Folding-Rngle dlstrlbutions of flsslon fl"Rg-
ments measured inclusively and in coincidence with
deuterons for the two experimental geometries of this
exper'lment. The detection Rngles of the coincident
deuterons are given in the figure. The arrows are
described i'll sec. IIIA2.
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FIG. 7. Folding-angle distributions of fission frag-
ments measured inclusively and in coincidence with
tritons for the two experimental geometries of this
experiment. The detection angles of the coincident
tritons are given in the figure. The arrows are described
in Sec. IIIA2.

angles may be explained as due to significant con-
tributions from o-particle breakup of the "0pro-
jectile. As the detection angle is increased, the
relative contribution from small momentum trans-
fer processes decreases to the point of being in-
significant beyond about 50'.

If we assume that the unobserved particles are
emitted isotropically (as is the case for thermal
emission at low angular momenta), then the aver-
age recoil momentum can be calculated as the
difference between the beam momentum and the
average momentum of the observed light particle.
The relationship between recoil momentum and
folding angle (see Fig. 3) can then be used to de-
termine the average folding angle which would be
expected in this case. These average folding an-
gles are marked by arrows in Figs. 5-8. They
coincide with the corresponding peak locations of
the large momentum transfer component. There-
fore this component must be associated with a low
multiplicity of precompound light particles. Since
this component dominates the light-particle distri-
butions at all angles, the emission of light parti-
cles is dominated by processes in which the target
residue absorbs the major part of the beam mo-
mentum. This is in accordance with the pictures
implied by the terms incomplete fusion or massive
transfer.
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FIG. 8. Folding-angle distributions of fission frag-
ments measured inclusively and in coincidence with
alpha particles for the two experimental geometries of
this experiment. The detection angles of the coincident
alpha particles are given in the figure. The arrows are
described in Sec. IIIA2.

B. Light-particle angular distributions

The folding angle between the two fission frag-
ments can be used to cia.ssify central and peri-
pheral collisions and study the corresponding
light-particle spectra. For this purpose a cut
corresponding to P„"/P, = 50Vo has been introduced
in the inclusive folding-angle distributions. Those
events with larger recoil momenta were defined
as central collisions and events with smaller re-
coil momenta as peripheral collisions. For the
different detector geometries of this experiment
this cut on 0» was adjusted to keep the ratio of
central to peripheral components in the inclusive
distributions constant. The light- particle angular
distributions, gated on central and peripheral col-
lisions are shown in Fig. 9. The contribution
from central collisions dominates the light-particle
coincidence cross sections at all angles with the
exception of the forward a,ngle +-particle emis-
sion. (It should be kept in mind that our experi-
mental arrangement might put a certain bias on
the detection of central collisions as compared to
peripheral collisions; see Sec. IIC. ) Comparable
alpha-particle cross sections are observed for
peripheral and central processes. For central
collisions the cross sections for the emission of
deuterons and tritons are comparable in magnitude
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to the ones for proton and alpha-particle emission.
In contrast, for compound nucleus evaporation,
deuteron and triton emission is generally con-
sidered to be of minor importance. ' The angular
distributions for light particles produced in peri-
pheral collisions exhibit a significantly steeper
falloff toward large angles than the corresponding
cross sections for central collisions.

The multiplicity of light particles per fission
event can be estimated by assuming the light-
particle angular correlations to be symmetric
about the beam axis. Rather low multiplicities of
M(p) =0.39, M(d)=0. 18, M(t)=0.15, and M(o'. )
= 0.44 are obtained consistent with the qualitative
conclusions reached by consideration of the mo-
mentum balance (see previous section). The
multiplicities of hydrogen isotopes that are ob-
served in peripheral reactions are lower by about
a factor of 2 than the ones observed in central
reactions. (The multiplicity for a given gate on
the folding angle is defined by the ratio of the in-
tegrated light particle yield and the inclusive fis-
sion yield observed for this gate. ) For our parti-
cular choice of gates we obtain M~(p)=0.21, M,(p)
=0.47; Mp(d)=0. 09, M, (d)= 0.21; M~(t)=0. 10,
M, (t) = 0.16, where the subscripts p and c denote
peripheral and central events. This observation

might be explained by the fact that the peripheral
gate includes inelastic scattering and rearrange-
ment reactions that do not involve preequilibrium
emission of light particles. The alpha-particle
multiplicity of peripheral reactions, on the other
hand, is larger than the one of central reactions:
M&(&) = 0.67 vs M, (u) = 0.33. This again indicates
the importance of breakup reactions or sequential
alpha-particle decay of the projectile residue for
peripheral reactions induced by "0 ions.
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detection angle of the coincident protons. The cross
sections are normalized to fission singles.

C. Light-particle energy spectra

The energy spectra of protons produced in cen-
tral collisions are qualitatively similar to the
spectra of protons emitted in peripheral reactions,
as is demonstrated in Fig. 10. Corresponding ob-
servations are made for the energy spectra of deu-
terons, tritons, and alpha particles. This quali-
tative similarity of light-particle spectra in the
two types of collisions indicates that the light par-
ticles are produced at an early stage of the reac-
tion before the final fate of the projectile has been
determined.

Since we find that the central contribution typi-
cally dominates the light-particle energy spectra
and since there are no characteristics unique to
either component of the light-particle energy spec-
tra, we shall henceforth make no distinction be-
tween the two components and simply sum their
contributions. These energy spectra are displayed
in Figs. 11-14. At all angles the slopes of the
energy spectra are inconsistent with evaporation
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FIG. 11. Energy spectra of protons detected in the
reaction 2 8U( 60, p f) at 315 MeV. The spectra are
labeled by the detection angle of the coincident protons.
The cross sections are normalized to fi88ion singles.
The data are fitted arith the rotating hot spot model of
Zq. (3).
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FIG. 12. Energy spectra of deuterons detected in the
reaction U( 0, df) at 315 MeV. The spectra are
labeled by the detection angle of the coincident deuter-
ons. The cross sections are norInalized to fission
singles. The data are fitted vrith the rotating hot spot
model of Eq. (3).

from the compound nucleus. At foxward angles,
p t e 'tted th g' f p to f
times the beam energy per nucleon. %'ith in-
creasi. ng detection angle, the light-particle cxoss
sections decxease and the slopes of the energy
spectra become steeper. Furthex moxe, at a given
observRtlon Rngle Rll light pRx'ticles hRve energy
spectra vrith similax' sj.opes. In the context of a
thermal model the slope can be associated with a
teDlpex'Rtux'e. Tllls Rssoclatlon lxnplies that Rt R

given angle all light particles axe exnitted with
comparaMe temperatures Rnd that these tempera-
tux'es decrease Rs the detection angle increases.

The energy spectra of protons observed in this
experiment Rx'8 quRlltRtlvely similar to tI16 inclu-
sive energy spectra observed for the similar
reaction '97Au("0, p) at 315 MeV. This corrobo-
1 Rtes oux' assumption that the flsslQn coincidence
requirement has placed little bias on the obsex ved
spectral shapes.

IV. DESCRIPTION OF ENERGY SPECTRA

A. Rotahng hot spot model

It has been px'oposed ' ' that light-particle
energy spectra hRvlng expollentlal slQpes which
axe angle dependent may be undexstood in terms
of emission from a nuclear hot spot which cools
as it x'otates. In this model, large frictional
forces rapidly convex't the xelative motion of tar-
get Rnd projectile into the excitation of internal
degx" ees of fx'eedom. This cRuses locR1 heating
in the region of contact. Simultaneously, part of
the tangential motion of the system is transformed
into collective rotational energy. Particle emis-
sion is assumed to occur fx'om the heated region
in the avex age direction of the tangential velocity
at the surface. Because the emission angle ean
be related to the rotation time, the nuclear tem-
perature deduced from the energy spectra vrill
show an increasing degx ee of enex'gy x'elaxation
Rs 'tI16 scRttex'lng Rngle is lncl 6Rsed.

Particle evaporation in the frame of the compos-
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Eq. (3).

FIG. 14. Energy spectra of alpha particles detected
in the reaction U( 0, nf) at 315 MeV. The spectra
are labeled by the detection angle of the coincident
alpha particles. The cross sections are normalized
to fission singles. The data are fitted with the rotating
hot spot model of Eq. (3).

ite system is assumed to occur from the hot spot
following the statistical formula of Ericson"

d N ~Z, .o,„,(Z, .)exp(-E, ./T),
Co mt C 0 me

(2)

where E, is the kinetic energy of the evaporated
particle, o„,the inverse cross section, and T the
nuclear temperature. Since the major energy de-
pendence of 0„„is a cutoff at the Coulomb barrier,
we have simply included the effect of Coulomb re-
pulsion from the target residue and treated 0,„,as
a normalization constant. After transforming to
the laboratory frame and including the effects of
the Coulomb barrier, we obtain

d N Ell/2(@l 2~ii/2@1/2 cos g ~ g )1/2
dQ dF 1 1

x exp[ (2' 2E "/'F. '/' cos t/+ E,)/T, ],
(3)

where ND is a. normalization constant for each
spectrum, E'=E —ZF. ~ is the energy before ac-
celeration in the Coulomb field, E~ the Coulomb
energy per unit charge, Z the charge of the

emitted particle, Te the angle-dependent nuclear
temperature, and F.,= mv'/2 is the kinetic energy
of the particle of mass yg at rest in the center of
mass frame moving at velocity p.

Using Eq. (3) with the compound nucleus velocity
p=0.013c and with E~=10 MeV, it is possible to
obtain quite satisfactory fits to the data (Figs. 11-
14). At forward angles the agreement is some-
what worse, possibly due to contributions from
nonthermal processes which are not included in
this picture. The normalizations and tempera, -
tures used for the calculations of Figs. 11-14 are
displayed in Table I. Except at forward angles,
there is little variation of normalization with
angle (in Ref. 14 the normalization was assumed
to be constant with angle). The angle dependent
temperatures Te extracted from the fits are shown
in Fig. 15.

As a simple illustration of how such a model
might be extended, we assume that the hot spot is
at a uniform temperature a.nd cools predominantly
by convection with the surrounding nuclear matter.
Classically, according to Newton's Law of Cooling,
the rate of heat loss dQ/dt is proportional to the
temperature difference &T = T —To between the
hot region and its surroundings"
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TABLE I. Normalizations and temperatures used in "rotating hot spot" calculations of
Ff.gs. 11-14.

Normalization No (MeV2 sr) ~ Temperature T& (MeV)
Angle Protons Deuterons Tritons Alphas Protons Deuterons Tritons Alphas

15'
25'
40
55
70
95

110'
125'
140'

124
92
78
86
68
67
63
82
86

40
23
19
22
20
18
13
25
25

28
16
14
12
9.0
9.6

ll
13
13

1350
268

60
42
29
13
12
19
29

8.96
8.74
8.34
6.51
6.05
4.76
4.24
4.15
3.97

12.6
12.1
11.2
8.36
6.84
5.18
4.86
4.00
3.87

14.8
13.6
12.3
9.76
8.18
5.83
4.81
4.41
4.07

10.7
11.5
11.5
8.88
7.44
5.72
4.97
4.41
4.16

(4)

Ignoring the ti.me and temperature dependence of
the proportionality constant, we find that after a
time ~t the temperature difference &T is related
to the initial temperature difference &T,. by

&T= &T, exp(-&f/7. '), (5)

where T is the characteristic decay time. The re-
laxation time 7~ is related to the decay time by
integrating Eq. (4) (Refs. 43 and 44)

all light particles. Moreover, for deuterons,
tritons, and alpha particles the slope and inter-
cept are very similar. For protons a flatter slope
and smaller intercept are obtained which might be
due to a larger compound nucleus contribution.
The observed slope corresponds to ~7'=45.5 de-
gx ees. Assuming a rotational velocity corre-
sponding to a grazing collision with the moment of
inertia of two touching spheres, we obtain a decay
time of the order of ~=3&1Q" s. This is about
an order of magnitude shorter than observed at a

Thus for practical purposes the relaxation time is
a few times the decay time.

Classically, the decay time is given by ' ~
= pcR /tcNN„where p is the density, c the heat
capacity, x the thermal conductivity, 8 a charac-
teristic length, and N„„a dimensionless number
known as Nusselt's number. Substituting the ther-
mal conductivity of nuclear matter, ~ ~- pppzA, ,
where g~ is the Fermi velocity and A. the nucleon
mean free path, we obtain"

10-

0
4

A
7 plat

R

~ II+I j
~ j j
~ j

~ j I I I I I
j j ~

j ~ j ~

\ 'j j
~ j a a j j j
~ j & j

in agreement with Ref. 44.
Substituting (o = &0/&f into Eq. (5) we find

&T= &T, exp[-&8/((o&)],

which is in accord with the experimentally ob-
served decrease in temperature with angle (Fig.
15). If the hot region is assumed to cool toward
the compound nucleus as the rest of the nucleus
warms, then T, should be taken as the compound
nucleus temperature To= T„3MeV. In Fig. 16
it is shown that if one considers only the region
where the relative contribution from periphexal
processes is insignificant (i.e., beyond about 30'),
the quantity In(T~ —T,) is linearly related to 8 for

0 30 B0 90 120 0 30 60 30 120
8„(deq)

FIG. 15. Angular dependence of the temperature 7
obtained by fitting the p, d, t, and Q. energy spectra
(Figs. 11—14) with the rotating hot spot model.
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FIG. 16. Angular dependence of ln(T&-TO), where
TO=T„=3 MeV and Tz is the temperature in MeV (Fig.
15) obtained by fitting the p, d, t, and G. energy spectra
according to the hot spot model. The curve shown has
a slope of —0.022 deg and an intercept corresponding
to T;=22 MeV.

cur, Eg. (3) would have to be modified to take the
effect of rotation into account explicitly. Similar
to Ref. 14 we have ignored this rotational velocity
of the source with the result that the local nuclear
temperature might be somewhat overestimated. ]

B. Isotropic emission from a moving source

Some qualitative insight on the overall trends of
the data may be obtained by presenting the Lorentz
invariant cross sections as a contour plot in the
velocity plane. By means of such a diagram one
can easily determine whether or not a rest frame
exists from which the emission appears isotropic.
If such a frame existed, the contours of constant
cross section would appear as circles centered on
the velocity of that frame. For emission from the
compound nucleus these circular contours would
be centered on the compound nucleus velocity p
=0.013c. For emission from the projectile the
contours would be centered on the beam velocity
p~ =0.205c. A contour diagram of the Lorentz in-
variant proton cross sections is shown in Fig. 17.

IE'P+ 238' p+f.
315 Me V

0.9— Two Sour ces

lower incident energy. ' The corresponding relax-
ation time of the hot spot is then of the order 7~
= 10 "s, which is in rough agreement with Ref.
46.

The rotating hot spot model fits the experimen-
tal data quite well and offers a physical explanation
for several features of the data. However, in
order to explain the experimental fact that the
greatest temperatures are observed in the forward
direction it was necessary to assume that the light
particles are emitted tangentially from the hot
spot. The physical justification for such an as-
sumption is not clear. If the target and projectile
are assumed to stick together as they rotate, then
due to absorption in the perpendicular directions
the light particles should be emitted primarily in
the tangential plane between the two nuclei. In
this picture, the light-particle energy spectra
should display an' angle-dependent temperature
which is symmetric about 90 . Instead, the ob-
served light-particle energy spectra display tem-
peratures which decrease continuously beyond
90'. Alternatively, the tangential emission might
be a result of the rotational motion of the hot spot.
However, in the present experiment the rotational
energy at the nuclear surface is not expected to
exceed about one MeV per nucleon and therefore
will not dominate the thermal emission. [If very
high rotational velocities of the hot spot could oc-

0.2-

g 0.0

0.'t—

16@+238'
315 Me V

One Source

0.2-

0.0 I

-0.2 0.0
V„/L-

0.2 0.'t

FIG. 17. Contour plot of the Lorentz invariant proton
cross section. The contours, read inward, are in the
ratios 1:4:16:64:128.The experimental data are given
by circles. The curves in part (a) represent the cross
sections calculated for thermal emission from two
sources, one moving with the beam velocity and the
other moving with the compound nucleus velocity (see
also solid curves in Fig. 19). The curves in part (b)
describe the emission from a single thermal source
moving with slightly less than half the beam velocity
(see solid curves in Fig. 20).



100

Levels of constant invariant cross section are in-
dicated by the solid and open points. The points
of equal cross section fall approximately on cir-
cles which are slightly flattened in the 90' region
and are centexed on a velocity of slightly less than
half of the beam velocity.

We first investigate the question of whether it is
possible that the protons are emitted from both the
projectile and the compound nucleus giving a sum
distribution which has the appearance of nearly
isotropic emission from a single source at an in-
termediate velocity. In Fig. 18 we px'esent con-
tQux's Qf the Lorentz l.nvarlant px'otQn cx'Qss sec-
tions gated on central or peripheral collisions.
One might expect that such a gate should separate
the compound nucleus contribution (central com-
ponent) and the projectile contribution (peripheral
component). It is evident from the figure that the
gated contours do not follow these expectations,
although the weaker peripheral component does
exhibit a slight enhancement of emission from the
projectile. The dominant featux'e of the Lorentz
invariant contoux's, however, indicates nearly iso-
tx opic emission from a source which moves at
slightly less than half of the beam velocity.

I I I I

18p+238Lj p+f
315 MeV

Gener al

To be moxe precise, we assume that light parti-
cles are emitted with a Maxwellian distribution in
the rest frame of a source" which is at tempera-
ture T.

N(Z) Z'" exp(-Z/T) . (9)

= N, (z —zz, )'"

x exp(- [(E —Zzc)+ E~

—2E,'"(E —Zzc)'" cosa] /Tj, (1o)

where F.,= ~ypgg' is the kinetic energy of a particle
at rest in the frame of the Inoving source, No is an
overall normalization constant, and ZEc is the
Coulomb energy of the light particle with charge
z.

The curves in Fig. 17(a) represent contours
which wex e produced assuming contributions from
two soux'ces

=N,„f(v„,T,„,zc „)+Np f(vp, Tp, zc p).
dN

(11)

(Note that we use the E'~' factor corresponding to
volume emission4' instead of the factor F. corre-
sponding to surface emission. The difference be-
tween the two expressions would hardly be dis-
cernible except at low energies. ) Transforming
into the laboratory and correcting for the Coulomb
repul, sion of the light particle from the target
residue, we obtain

d N
=Nof(g, T,zc)

18p+ 238Lj p+f
315 MeV

Per lpher oI

-0.2 0.0 0.2 0.'f

FIG. 18. Contour plot of the Lorentz invariant proton
cross section. The contours, read inward, are in the
ratios 1:4:16:64:128.The curves describe the emission
from a single thermal source moving with slightly less
than half the beam velocity. The cross sections for
central collisions are shown in part (a), the ones for
peripheral collisions are shown in part (b).

One sourc6 was assumed tQ col x'espQnd to emis-
sion from the compound nucleus; the correspond-
ing pRx'Rmetex's Rl6 g,„=0.013c Rnd g&,„——10
M8V. The other source was assumed to coxre-
spond to emission from the fully accelerated pro-
jectile fx'RgIDents which w'ex'6 assumed tQ move
with the projectile velocity pp= 0.205' Rnd have a
negligible Coulomb barx'ier F.z &

——0. At the most
backward angles, ~ =140', emission from the pro-
jectile is negligible, and the parameters for exnis-
sion from the compound nucleus can be detexmined
lather unambiguously Rs g „=4.58 M8V Rnd Q
=319 (MeV'~' sr) '. Correspondingly, emission
from the compound nucleus gives only minor con-
tributions to the most forward angles. Here the
parameters for projectile emission can be deter-
mined rather, unambiguously at T~ =3.85 M6V and

N~ =309 (MeV'~' sr) '. The resulting energy and
angle integrated relative contribution fx om the pro-
jectilelike source was found to be 75% of the compound
nucleus soux'ce contribution. The cRlculRtion x'epx'0-

duces the data very well at forward and backward an-
gles but significantly underestimates the cross sec-
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tion in the 90'region. Furthermore, the overall
shapes of the contour lines that are predicted by
this calculation are not observed experimentally.

A better description of the experimental data
may be obtained by assuming isotropic emission
in a rest frame that moves with a velocity inter-
mediate between projectile and target. The tem-
perature of such a source, as well as its velocity,
are treated as free parameters to give an optimum
description of the data. The results of such a cal-
culation, obtained with Eq. (1), are shown in Fig.
17(b) [and, for comparison, also in Figs. 18(a) and
18(b)j. The Coulomb energy was fixed at Bc=10
MeV and the source which best reproduced the pro-
ton energy spectra at all angles was determined to
have a temperature of T= 7.0 MeV and a velocity
which was slightly less than half of the beam ve-
locity (v = 0.091c). The single source calculation
gives satisfactory fits for large transverse mo-
menta but becomes slightly worse in the forward
and backward directions. The overall agreement
is seen to be surprisingly good.

To make the discussion mope quantitative, we
compare these calculations with the measured en-
ergy spectra. In Fig. 19 the proton energy spec-
tra are shown with the cross sections calculated
using Eq. (11) for two moving sources. The solid
curves were obtained with the same parameters
as were used for the calculated contours of Fig.
17(a). The dashed curves correspond to emission
from the projectile at the distance of closest ap-
proach to the target. The projectilelike source
was assumed to move with the velocity v~= 0.18c
corresponding to the velocity of the "0nuclei after
deceleration in the Coulomb field of the target nu-
cleus. A Coulomb barrier of F. ~ ~=10 MeV was
chosen and a temperature of T = 3.94 MeV was ob-
tained by fitting the proton data at 15'. In this
case the integrated contribution from the projec-
tilelike source was only 59% of the compound nu-
cleus source contribution. With either calculation
the agreement with the data is quite good at both
forward and backward angles but disagrees by as
much as an order of magnitude in the intermediate
angle region.

In Fig. 20 the solid curves have been calculated
using Eq. (10) with the same parameters as for
the calculated contours of Fig. 17(b). The overall
agreement with the proton data is seen to be re-
markably good, assuming only a single moving
source. The agreement is certainly no worse
than for the two source calculation.

Qbviously, better reproduction of the data could
be obtained by using two sources in which both
source velocities were allowed to vary. At this
point such a procedure would lead to complica-
tions and uncertainties of interpretation. There-
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FIG. 19. Energy spectra of protons detected in the
reaction U( 0, pf) at 315 MeV. The curves have been
calculated by assuming contributions from two sources,
each given by Eq. (10). One source is associated with
a projectilelike fragment and the other with a target
residue. The details of the two curves are explained
in Sec. IVB.

fore, we proceed using the single source model
and try to assess the significance of the resulting
parameters.

In Figs. 20-23 the curves were calculated using
Eq. (10) with a single moving source. The solid
curves were obtained using a Coulomb repulsion
per unit charge which had been chosen as Z~ = 10
MeV. The dashed curves have been calculated by
neglecting the Coulomb repulsion from the target
residue. Clearly, the description of the data in
the low energy region is better when the Coulomb
effects are taken into account.

Some disagreement between calculation and the
data is observed at forward angles. Here contri-
butions from peripheral reactions are more im-
portant, especially for the case of alpha particles.
We also find some'discrepancy at backward angles
where compound nucleus contributions are expected
to be significant. We observe, however, that the
overall trends of the data are reproduced remark-
ably well.
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FIG. 20. Energy spectra of protons detected in the
reaction U( 0, pf) at 315 MeV. The curves have
been calculated with Eq. (10).

FIG. 21. Energy spectra of deuterons detected in the
reaction U( 0, df) at 315 MeV. The curves have been238 &6

calculated with Eq. (10).

The thermal sources which best describe the
light-particle spectra were found to have very
similar velocities and temperatures. The rest
frames in which the light particle emission ap-
pears isotropic were found to have velocities of
p/c=0. 091, 0.096, 0.084, and 0.097 for p, d, f,
and n particles, respectively. It is interesting
that these velocities closely coincide with the ve-
locity v = 0.089c of the nucleon-nucleon center of
mass frame if the slowing down of the "0nuclei
in the Coulomb field of the '"U target nuclei is
taken into account. The source temperatures
were found to be T = 7.0, 8.1, 8.8, and 7.7 MeV
for p, d, t, and Q. particles, respectively. These
temperatures are significantly larger than the
temperature T„=3 MeV expected for the com-
pound nucleus. If, instead one assumes the for-
mation of a hot Fermi gas consisting of an equal
number of target and projectile nucleons, then
significantly larger temperatures can be reached.
For an ideal Fermi gas, the internal energy per
nucleon U/N is given to lowest order in T by the
relation"

5 2 (T 2

U/N= '~, 1+ (12)

where e~ is the Fermi energy. For a system of
N nucleons consisting of equal contributions from
target and projectile nuclei N, =N~=N/2 the in-
ternal energy per nucleon for the system can al-
ternatively be written as

U/N=-' , e~+E*/N= —, e~+ -mon„ (13)

where E* is the excitation energy of the N nucle-
ons, mo is the nucleon mass, and 2v„ is the rela-
tive velocity between target and projectile at the
point of contact. From Eqs. (12) and (13) the
temperature of such a system is given by

T„=(2m, ~„'~ /~')'~'. (14)

Using m~=0.089c and the value of a~=38 MeV cor-
responding to nuclear matter at nor'mal density,
one obtains the value of T„=7.5 MeV in reason-
able agreement with the experimentally determined
values. However, it must be remembered that the
dominant reaction process involves the transfer of
nearly the entire beam momentum to the target
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residue (see Secs. IIIA and IIIB). As a conse-
quence any such hot gas of nucleons must ultimate-
ly be absorbed by the target nucleus. Further-
more, the similarity of the li.ght-particle enex'gy

spectra for large and small momentum transfex's
implies that particle emission occurs on a time
scale which is comparable to the time scale for
energy and momentum transfer from the hot gas
to the target nucleus. Our data are therefore
consistent with prompt emission from a hot spot
for which the thermalization of the nucleon ve-
locities occurs first in the nucleon-nucleon center
of mass frame. In fact, the pxompt proton emis-
sion might occur after only a single nucleon-nu-
cleon collision; in this event the apparent thermal-
ization of the nucleon velocities would be a result
of the intrinsic Fermi motion. 9 50

V. PRODUCTION OF COMPOSITE PARTICLES

A. Coalescence model

T = I0.2 MeV

20 VO 60 80 100 120
E:NERsv [Mev)

FIG. 22. Energy spectra of tritons detected in the
reaction U( 0, tf) at 315 MeV. The curves have been
calculated with Eq. (10).

As was pointed out in the previous section, very
similar slopes are observed for the energy spectra
of different light particles. ln the context of the
thermal model discussed in the previous section
this implied particle emission from a source of
rather well defined temperature. As a conse-
quence one expects the validity of a simple power
law relating composite particle spectra to the
proton. spectra according to
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Similar observations" "have been made for light
particles emitted in relativistic heavy ion colli-
sions, i.e., the emission of composite particles
has been related to proton emission via a coales-
cence model. " '8 The complex particles are as-
sumed to be synthesized by the coalescence of
free nucleons which happen to occupy the same
region of momentum space." Since this prescrip-
tion has had great success at x'elativistic energies,
it is interesting to investigate the validity of the
model at nonrelativistic energies. However, at
lower energies the influence of the Coulomb field
of the target residue cannot be neglected, as has
been done at relativistic energies (see also Sec.
IVB). If the effect of the Coulomb repulsion of
the charged paxticles from the target residue is
taken into account, one obtains a generalized co-
alescence relation

10-'
0 ZO 't0 60 80 100 120 1"t0

ENERbv (Mev)

FIG. 23. Energy spectra of alpha particles detected
in the reaction U( 0, ~f) at 315 MeV. The curves
have been calculated with Eq. (&0).

dE~dQ Zq+ Zq ¹!Z'. [2m (E —E,)]
d N(I, O, E) '"

dE dQ

The derivation of this relation is given in Appen-
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FIG, 24. Energy spectra of deuterons (solid points)
detected in the reaction U( 0, dP at 315 Mev. The
open squares are spectra predicted by the Coulomb-
modified coalescence model; the dashed curves are the
predictions of the coalescence model if Coulomb effects
are neglected.

10

dices A and B. It is different from the relation
quoted in Ref. 24, which was in exror. In Eq;
(16) Zc is the Coulomb repulsion per unit charge,
O'N(Z, N, E„)/dE„dQ is the differential multiplic-
ity of nuclei composed of Z protons and N= A —Z
neutrons, and F.„=AF.—NE~. The coalescence
radius in momentum space, Po, is the only free
parameter.

The differential multiplicity for a given event is
not a measured quantity. In practice, it is ap-
proximated by the average differential multi-
plicity. "*" For the present analysis we use the
corresponding approximation

d N(z, N) 1 de&(z, N)

dE&dn Xf dE&dn

where N&(Z, N) is the number of light particles
observed in coincidence with fission and N& is the
total number of fission events.

In Fig. 24 the energy spectra of deuterons (solid
points) are compared with the predictions of the
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FIG. 25. Energy spectra of tritons (solid points)
detected in the reaction U ( 0, tf) at 315 MeV. The
open squares are spectra predicted by the Coulomb-
modified coalescence model.

coalescence model which has not been modified to
take Coulomb effects into account (dashed lines).
%'ithout the Coulomb modifications the coalescence
model is unable to relate the composite particle
cross sections to the proton cross sections.

In Figs. 24-26 the energy spectra of deuterons,
tritons, and alphas (solid points) are compared
with the predictions of the Coulomb-modified coal-
escence reiation (open squares). For deuterons
and tritons the agreement with the data is excellent
except at the most backward angles. Here a dis-
crepancy might be anticipated because contribu-

, tions from compound nucleus evaporation are ex-
pected to be non-negligible for protons but of
minor importance for the case of deuterons and
tritons. ~' Consequently, the coalescence calcula-
tions will overestimate the cross sections at back-
ward angles, in accordance with Figs. 24 and 25.
For the alpha-particle spectra (Fig. 26) the coal-
escence predictions are also in fair agreement
with the data. Here larger discrepancies are ex-
pected to occur also at forward angles, because
of the enhanced contributions from projectile
breakup reactions due to the alpha-cluster struc-
ture of the ~'0 projectile.

To be consistent with our previous analysis, the
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ample, in the classical limit of the thermodynamic
model a temperature dependence of Po-kT is pre-
dicted. Therefore, the observed independence
of Po on the incident energy is in contrast to the
expectations of such models.

If the thermodynamic interpretation" of the co-
alescence model applies, the momentum radius
P, can be related to the volume of the thermal
system at the freeze-out density where formation
and breakup of composite particles ceases" "

Zt¹&A'
V = ' „' (2s + 1) exp(E, /T)

1 0

(18)

where Eo is the binding energy, and s is the spin
of the composite particle. Freeze-out radii of
R(d) = 5.6 fm, R(t) = 4.2 fm, and R(n) =3.7 fm re-
sult from E1I. (18). Such radii appear consistent
with emission from a locally heated region of the
nucleus.

We conclude that the coalescence relation can
be successfully applied at nonrelativistic as well
as relativistic energies. This observation makes
possible a coherent study of light-particle emis-
sion over a broad range of incident energies. Such
a study may ultimately provide a test ground for
the various models that have been used to derive
the coalescence relation formally.

Coulomb energy per unit charge Ec has been kept
fixed at the value E~ =10 MeV. ' The coalescence
radii of P,(d) =170 MeV/c, P,(t) =215 MeV/c, and

P,(n) =270 MeV/c were used for the calculations
of the deuteron, triton, and alpha-particle spectra,
respectively. These radii are very similar to
typical values measured for relativistic heavy ion
collisions. " [Some differences are to be expected
due to the different normalizations of the differ-
ential multiplicities used at relativistic energies
and for the present experiment —see the discussion
of Eqs. (17) and (A10) j. At relativistic energies,
Po has been observed to be essentially independent
of incident energy. " It is remarkable that the
coalescence radius should show so little depend-
ence on the incoming energy over such a wide
range of incident energies.

Several physical models have been proposed" "
whi:ch related the composite-particle spectra to
the proton spectra in the same manner as the
coal.escence relation. Each of these model. s pre-
dicts a different form for the radius parameter Pp
using assumptions on the production mechanism
which range from nonequilibrium final state inter-
action' to thermodynamic equilibrium. " In sever-
al of these models the coalescence radius is ex-
pected to depend on the incident energy. For ex-

B. Entropy

It has been suggested" that the relative produc-
tion of protons and deuterons may be used to cal-
culate the entropy which is produced in the early
stages of the nuclear collision. After the initial
stage of the reaction, the fireball is assumed to
expand through chemical equilibrium until it
reaches the composite-particle freeze-out density
(this is the assumption underlying the thermody-
namic model of Ref. 56}. If the system of nucleons
can be described in terms of an ideal gas and if
one assumes that neutrons and protons have iden-
tical chemical potentials, then the usual relations
for the entropy and chemical equilibrium of an
ideal gas give the entropy per nucleon to be" "

m
SININ M = &+ (&„/T + In —" " -InN„~I,

g~ V?
p

where R» is the ratio of composite particles of
3 nucleons to protons, g is the spin degeneracy,
and &„ is the binding energy of the composite
particle. If the expansion of the fireball is further
assumed to be nearly adiabatic, this entropy then
corresponds to the entropy produced in the early
stages of the reaction.
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With the observed proton and deuteron multipli-
cities, M(P) =0.39 and M(d) =0.18 (see Sec. IIB),
an entropy per nucleon of S/N= 5.0 is calculated.
This value appears to follow the same trend as the
experimental entropies deduced at relativistic
energies. The entropy calculated by assuming a
soft equation of state for nuclear matter is con-
siderably less than the experimental values. " An

attempt to amend this discrepancy was made by
postulating' that unknown degrees of freedom in

nuclear matter such as collective effects or nucleon
dissociation were being excited.

Unless further assumptions are made, the en-

tropy per nucleon should not depend on which light
particle ratio is used in Eq. (19). With our ob-
served triton and alpha particle multiplicities,
M(t) =0.15 and M(o) =0.44, one obtains S/N(t:P)
=4.3 and S/N(n: p) =4.1. If the various emitted
particles carry information of a common state of

entropy, then these discrepancies in the calculated
entropy imply (note the weak logarithmic depen-
dence on particle ratio), that the observed particle
ratios deviate significantly from the particle
ratios which would be expected for an ideal gas in

chemical equilibrium.
In order to justify a treatment in terms of an

ideal gas, the density of the system of nucleons
must be much less than the so-called critical
density n,„(Ref. 48)

mT '"
cr

where gyes is the nucleon mass, T the temperature
of the system, and g is the nucleon degeneracy
factor. In the present analysis, with T =10 MeV
we must have n«0. 09no, where no=0. 17 fm ' is
the normal nuclear density. This condition is
unlikely to be satisfied. Even at relativistic ener-
gies where T =80 MeV the strong condition
n« 2n, might not be very well fulfilled. As a con-
sequence, thermodynamic treatments which use
the ideal gas formalism such as the present mod-
el" and the thermodynamic interpretation of the
coalescence model" should be treated with care at
relativistic energies and, probably, should not be

applied in the nonrelativistic regime.

ational classification of the reaction into central
and peripheral collisions corresponding to large
and small momentum transfers to the target resi-
due.

The majority of energetic light particles has
been shown to be associated with central collisions
in which nearly the entire beam momentum is
transferred to the target residue. Consistent with
this observation are average p, d, t, and n-par-
ticle multiplicities of less than one.

Light particles emitted in peripheral reactions
have displayed angular distributions which are
more strongly forward peaked than those of central
collisions. On the other hand, the energy spectra
have been shown to be rather similar for the two
processes. This similarity of energy spectra
suggests a reaction mechanism in which the light
particles are emitted at an early stage of the reac-
tion.

The emission of light particles is approximately
isotropic in a rest frame moving with about half of
the beam velocity, In this frame the energy spec-
tra can be described by thermal emission at the
temperature of a Fermi gas consisting of an equal
number of nucleons from target and projectile.
This observation could be an indication of the
importance of knockout processes in which the

apparent thermalization would be a result of
simple Fermi motion. Although such a mechanism
might explain proton emission, "it is not yet clear
how the emission of composite particles fits into
such a picture) We have shown, however, that
the composite-particle spectra may be understood
in terms of the proton spectra via a coalescence
relation which has been modified to include the ef-
fects of Coulomb distortion. This allows compo-
site-particle emission to be treated systematically
within a single framework throughout the relativis-
tic and nonrelativistic realms of heavy-ion reac-
tions. It will be interesting to make such a sys-
tematic study of the incident energy dependence
of the coalescence radius in order to determine
the correct physical interpretation of the coales-
cence relation.
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APPENDIX A COALESCENCE MODEL FOR POISSON
MULTIPLICITY DISmIBUTION

The basic assumption of the coalescence model
is that complex particles are formed by the coal-
escence of nucleons @which happen to share the
same volume element of momentum space. " The
critical radius P„within which coalescence oc-

t td f p t . Th p
bability P for finding one primary nucleon in the
coalescence volume centered at a momentum per
nucleon p is given by the product of this volume
vrith the single nucleon momentum density

4m, 1 d'N(p)
3 vl, dp

where [d'N(~)]/dp' represents the differential nu-
cleon multiplicity and m is the average nucleon
m ult1pllc1ty .

For a given multiplicity, m, i.e. , when w nu-
cleons are produced in an event, the pxobabil. ity
of finding n of them (n ~ m) in the coalescence vol-
ume mill be given by the binomial distr'ibution

P(+
~

m) (m)Pn(1 P)e -n

In RctuRlltyq 6Rch multlpllclty %ill hRve R px'obRb1-

llty f(m) of occurrence. Summing over this dis-
tribution of multiplicities, me obtain the average
probability for finding n nucleons in the coales-
cence v Olu Die.

(P(n)) = gym)P(n~m) =g f(m)(„)P'(1 —P)

(A3)

In the case of lour average multiplicities gag as in
the present experiment, it is reasonable to a.ssume
a Poisson distribution of multiplicities

Equation (A5) is exact for a Poisson multiplicity
distribution. At relativistic energies large multi-
pllcltles Rx'6 obsex'ved With R non-PO1sson dlstx'1-
bution. " In this case it is a,ssumed that Eq. (A3)
can be approximated by

(P(»=P(
I

)=(:)P"(I-P) ". (A6)

Then if P&&1 and m»n the binomial distribution
becomes Poisson in form, which again results in
Eq. (A5).

Typically, the exponential term in Eq. (A5) can
be ignored since mP is small. This gives the
average probability for having N neutrons and Z
protons in the coalescence sphere to be

( ( ))
(mgPg)~ (m„P~)"

Zf ¹~ (A7)

It is important to note that the differential nu-
cl.eon multiplicity per event, d'X/dp', is chosen
by normalizing the experimentally observed mo-
mentum distxibution to the class of events of in-
terest

(A10)

where me have assumed that the pxobabilities for
the observation of neutrons and protons are inde-
pendent. In the context of the eoaleseenee model,
P(N, Z) represents the probability of forming a
composite particle with momentum per nucleon p.

Since the neutron distributions typically a.re not
measured, ere assume that they have the same
shape as the proton distributions but are vreighted
by the N/Z ratio of the composite system

d'X(0, 1) N„+ N~ d'N(l, 0}
dP Z& +Z~ dp

Substituting Eqs. (Al) and (AB) into Eq. (A7) and
dividing by the coalescence volume, me obtain the
composite particle momentum distribution in the
form of the usual coalescence relation" """
used at relativistic energies

d'K(Z, N) N, +N& " 1 4m, " ' d'N(1, 0) "
dp Z~+Z~ N)Z~ 3 o dp

Substituting Eq. (A4) into Eq. (A3} we obtain an
average probability given by

(P(&)) —P } e-m Pn(1 P) m-n

m!
' n!(m-n)!

g-„[(1-P) ]"

(mP) "e "~
nl

At relativistic energies this class of events has
been chosen to consist of all possible rea, ctions. ""
Therefore, the total reaction cross section o„ is
substituted for cd. Qwing to the restriction of the
fission coincidence requirement of this experiment,
me have analogously chosen to normalize our mo-
mentum distributions to inclusive fission events
[see Eq. (17)]. It should be clear from Eqs. (A9)
and (A10) that this choice of normalization enters
directly into the interpretation of Po.



T. C. AVES et el.

APPENDIX B: MODIFICATION OF COALESCENCE
RELATION BY COUI.OMB FIELD

%e calculate the modification to the coalescence
relation of Appendix A [Eq. (A9) j which results
when the coalescence occurs in the vicinity of a
stationary Coulomb source" such as at the nuclear
surface. The energy balance for a particle of
charge g and mass number A can be written as

(Bl)

where E is the Coulomb enex'gy per unit chax'ge of
the composite particle, P„, is the momentum of the
composite particle at the nuclear surface, and P„
is the momentum of the particle in the laboratory.
Equation (Bl) can be rewltten as

2mAZE~ '"
PA PA0 PA

From Eq. (Bl) we see that

PAdPA, PA0dP&0

By using Eq. (82) we obtain

2tH AZEg
pAo dpAO pA/AdpA 1 2 PA dpA '

Analogously for a px'oton we have Z =4=1 which

gives

where

C g g ~) g) 3 P0 ~ (89)

P~dpg PEA. dE~& P dp Pl dE ~

This gives

d'N(z 8) CA ' (AE —ZAE )'" d'fr(1, 0} "
madE„dn (2m)'" "&' (E E )"& mdEdfl

(814)

Transforming the light-particle cross sections into
the laboratory frame by using Egs. (84), (85),
and (BV), we obtain the Coulomb-modified coales-
cence relation in momentum space

der(Z, fr), (1-2m~E, /p„')'~2 der(1, 0) '"
Pg'dPgdQ (1—2mEc/P')"" P'dP dO,

(810)

We now transform Eg. (810) into energy space by
first rewr iting it as

d'fr(Z, +,(P„'- 2mmE, )'" d'A(1, 0)
"

p.dp.«(p'- 2mE, )"" p dp dn

(811)

and then using

Pg' = 2m'~, P' = 2mE,

P0dp0 ~ —
2 P dp-

or

der(z At) CA-' f(E ZE }/Aj'~' der(1 o)
"

dE„dA (2m') '" "" (E —E )"~' . dEdQ

P~, =&P0 ~ (8
and also that the Coulomb field does not change
the angular directions

Finally noting that

Eg- ZEc=Eg =AEo=A(E —Ec),

(815)

(816)

The coalescence relation of Ecl. (A9) then states
that at the nuclear surface the composite-particle
cross section is x'elated to the proton cross section
accox'ding to

d'fr(z, Ã) d'fr(l, 0) "
dp0 dp0

we obtain a coalescence relation which is valid
when the coalescence occurs in the vicinity of a
Coulomb field

der(z, x,E„} A +x "a-' 3

dE~dA Z, + Z~ fr!Zr [2m'(E —Ec) ]'~'

daN{l, 0, E)
dE dQ
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