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In noncentral heavy-ion collisions, the quark-gluon plasma (QGP) encounters the most intense magnetic field
ever produced in nature, with a strength of approximately ∼1019−20 gauss. Recent lattice QCD calculations reveal
that the QGP exhibits paramagnetic properties at high temperatures. When an external strong magnetic field
is applied, it generates an anisotropic squeezing force density that competes with pressure gradients resulting
from the purely QGP geometric expansion. In this study, we employ (3+1)-dimensional ideal hydrodynamics
simulations to estimate the paramagnetic squeezing effect of this force density on the anisotropic expansion
of QGP in noncentral Pb+Pb collisions at the Large Hadron Collider. We consider both up-to-date magnetic
susceptibility and various magnetic field profiles in this work. We find that the impact of rapidly decaying
magnetic fields is insignificant, while enduring magnetic fields produce a strong force density that diminishes
the momentum anisotropy of the QGP by up to 10% at the intial stage, leaving a visible imprint on the elliptic
flow v2 of final charged particles. Our results provide insights into the interplay between magnetic fields and the
dynamics of QGP expansion in noncentral heavy-ion collisions.
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I. INTRODUCTION

One of the most-studied phenomena in heavy-ion physics
at relativistic energies is the strong collective flow of the
quark-gluon plasma (QGP), which originates from the rel-
ativistic hydrodynamic expansion driven by local pressure
gradients. For noncentral collisions, the anisotropy of the
QGP fireball enhances this collective flow, ultimately leading
to a nonzero elliptic flow v2 of charged hadrons observed at
the Relativistic Heavy Ion Collider (RHIC) and the Large
Hadron Collider (LHC). Additionally, a extremely strong
magnetic field is generated as a result of the colliding charged
beams traveling at velocities nearing the speed of light [1–5].
The effect of magnetic field in heavy-ion collisions was ini-
tially explored in relation to the chiral magnetic effect [6,7].
Later studies also discussed the role of magnetic fields on chi-
ral magnetic wave [8–10], magnetohydro dynamics [11–15],
jet quenching [16], heavy flavor transport and the splitting of
the directed flow [17–21], the global polarization of �/�̄ hy-
perons [22–24], and the spin alignment of vector mesons [25].

In this study, building on previous studies by Bali et al. [26]
and Pang et al. [27], we focused on exploring the response of
the QGP to external magnetic fields, also known as induced
magnetization (M), at the LHC energies. It is well known that
when materials are exposed to an inhomogeneous magnetic
field, paramagnetic materials align along the gradient of the
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magnetic field intensity |B| while diamagnetic materials align
in the opposite direction [28]. The paramagnetic response in
high-energy systems has been predicted through perturbation
theory [29] and the hadron resonance gas model in prior
research [30,31]. Lattice QCD calculations have revealed that
at high temperatures, the QGP also exhibits paramagnetic
properties [32–39]. In noncentral nucleus-nucleus collisions,
a strong inhomogeneous magnetic field with a strong spatial
anisotropy is expected to generated [3,4,40,41]. Induced the
QGP encounters a nonuniform magnetic field and is driven
towards regions of maximum B due to the positive M, then
it will attempt to minimize its free energy to doing so, lead-
ing to a net force [26,38]. This force density, referred to
as “paramagnetic squeezing” arises as the system strives to
minimizes its free energy. The net squeezing force density can
be expressed as

F ≡ −∇ f = (∇B) · M. (1)

It was recognized that this force extends the distribution of
QGP along the direction of the beam induced by the magnetic
field, see Fig. 1. In addition to the pressure gradient caused by
the initial geometry, this squeezing force density elongation
also affects the azimuthal structure of the system’s expansion.
Recently, by comparing the magnitudes of the squeezing force
density with those of the pressure gradients at initial time for
RHIC and LHC energies, several estimations of this effect
have been made [26,27]. The results suggest that this effect
may be relatively small for RHIC collisions but could be quite
significant for LHC collisions.
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FIG. 1. A sketch of paramagnetic compression in heavy-ion col-
lisions. The length of the arrow represents the magnitude of the
force. The magnetic-field-induced squeezing effects cause QGP to
be stretched in the y direction.

In this study, we detailed the estimate of the paramagnetic
squeezing effect in various aspects at the LHC and high lumi-
nosity (HL) LHC energy regions [42]. We employ the (3+1)-
dimensional CCNU-LBNL-Viscous hydrodynamic model
(CLVisc) [43,44] to simulate the time evolution of the energy
density and the fluid velocity in the presence of a strong exter-
nal magnetic field. The magnetic field is assumed to be given
in terms of a few parameters that control the magnitude, the
spatial distribution, the time evolution and the center-of-mass
energy (

√
sNN ). By adjusting these parameters, we explore

the impact of paramagnetic squeezing across diverse energy
ranges at the LHC. The squeezing force density’s impact is
considered throughout the hydrodynamic expansion to inves-
tigate its influence on momentum anisotropy and to estimate
its time-integrated effect on the v2 of final charged hadrons.

We also note that in this study, we follow Refs. [26,27]
and treat the magnetic field as an external degree of free-
dom, neglecting the QGP fluid’s back reaction on the
magnetic field. A consistent description of the coupled evo-
lution of hydrodynamic and electromagnetic field would
require (3+1)-dimensional relativistic magnetohydrodynam-
ics, which is still under development [45–51], and we leave
this aspect in our future work.

The rest of this paper is organized as follows. In Sec. II
we present the (3+1)-dimensional ideal hydrodynamic model,
the magnetic field profile, and the initial state of collisions. In
Sec. III, the numerical results on the elliptic flow v2 at the
LHC energies are presented. A brief summary is present in
Sec. IV.

II. THEORY FRAMEWORK

To simulate the QGP evolution, we employ the (3+1)-
dimension viscous hydrodynamic model CLVisc [43,44]. For

simplicity, no viscous corrections and net baryon current are
included in the current study [26,27].

A. Hydrodynamics

In the presence of the squeezing force Eq. (1), the hydro-
dynamic conservation equations can be written as [52]

∂μT μν = F ν, (2)

where T μν is the energy momentum tensor. For ideal fluid, it
reads

T μν = (ε + P)uμuν − Pgμν, (3)

where ε is the energy density, P is the pressure, and uμ =
γ (1, v) represents the fluid velocity field. We note that since
we only interested in the effect of the interaction of the mag-
netic field with the QGP medium through the magnetization
in the current study, we treat the magnetic field as an external
field and do not consider the energy-momentum tensor of
the magnetic field. Therefore, terms such as B2/2 and BμBν

are not included in the present work [27,49]. Hydrodynamic
equations are solved using a lattice QCD-based equa-
tion of state provided by the Wuppertal-Budapest group [53].
As the system evolves below the switching temperature
(Tfrz = 137 MeV), we use the Cooper-Frye formalism to ob-
tain the hardon momentum distribution. The resonance decay
contributions, as performed in Ref. [43], are included in cur-
rent work when calculating the yields and anisotropic flow
for final charged hadrons. The space-time coordinate axes are
defined as follow: proper time τ , transverse plane coordinate
x (in the impact parameter direction), transverse plane coordi-
nate y (in direction perpendicular to the reaction plane), and
longitudinal coordinate ηs (the space-time rapidity).

The relationship between magnetization M and magnetic
field B can be expressed as M = χB. Lattice QCD calcu-
lations [26,38] have shown that the magnetic susceptibility
χ varies with both the magnetic field and temperature. Fol-
lowing the Refs. [26], the squeezing force density F ν on the
right-hand side of Eq. (2) can be expressed as

F x = χ

2
∂x|B|2, F y = χ

2
∂y|B|2, F τ = F ηs = 0. (4)

Because the dynamics responsible for anisotropic flow are pri-
marily determined by forces operating in the transverse plane,
one may assume that the longitudinal force is negligible [26].
This assumption aligns with the expectation that the magnetic
field remains constant in the longitudinal direction within the
QGP [27].

The most recent lattice QCD results for the magnetic sus-
ceptibility χ for QCD matter can be found in Ref. [38]. The
parametrization of χ that in agreement with perturbation the-
ory at high temperatures reads

χ (T ) = 2e2β1 log

(
t

q0

)

× 1 + g0/t + g1/t2 + g2/t3

1 + g3/t + g4/t2 + g5/t3
exp

(−h3

t

)
, (5)

where t parameter is defined as T/(1 GeV), T is the tem-
perature, and e represents the elementary charge. It will be
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TABLE I. The parameters of χ (T ) in Eq. (5) [38].

β1 q0 g0 g1 g2 g3 g4 g5 h3

1/(6π 2) 0.1497 23.99 −2.085 0.1290 21.35 −6.201 0.5766 0.1544

convenient to express the magnetic field in terms of e because
the combination eB has units of GeV2. The parameters β1, q0,
gi, and h3 are summarized in Table I.

In Fig. 2, we present the magnetic susceptibility χ as
a function of temperature. The χ obtained from the lattice
QCD calculations in 2014 and 2020 are presented for com-
parison. Notably, the parametrization of χ in 2020 reveals
that below a temperature of 150 MeV, the QGP behaves as
a diamagnetic material. To simplify our analysis, following
previous work [43], we apply a cutoff at T = 150 MeV for
χ to spec focus on the paramagnetic squeezing effect. The
magnetic susceptibility χ in 2014 is described by χ (T ) =

e2

3π2 log T
1 10 MeV, here T � 110 MeV [43]. One can find that

the χ (T ) exhibits a nearly similar distribution for temper-
atures above 200 MeV. This suggests a certain degree of
consistency between the two datasets at high temperatures and
indicates a similar impact on the anisotropic force density
within the QGP under same external magnetic conditions
(see below). However, further investigation is required to
understand the effect of external magnetic on the QGP at
temperatures below 150 MeV, which will be investigated in
future work.

B. Magnetic field profile

To calculate the squeezing force density F ν , it is neces-
sary to understand the spatial profile of the magnetic field at
each point in time. However, the time evolution of the mag-
netic field is still subject to significant uncertainty [27]. Since
the magnetic field generated by spectators drops rapidly in

FIG. 2. The magnetic susceptibility χ of QCD matter as a func-
tion of temperature. Results from lattice QCD calculations in 2014
(labeled as Lattice QCD-2014 [37,53]) and 2020 (labeled as Lattice
QCD-2020 [38]).

vacuum [7], it has been suggested that the field could survive
much longer in the presence of the QGP’s nonzero electrical
conductivity σel [54–56]. This could be further prolonged by
the charged quark-antiquark pairs formed via the gluon split-
ting and the Schwinger mechanism during the pre-equilibrium
stage; see Refs. [54,57].

The medium’s influence on the magnetic field’s evolu-
tion is significant, but one can still explore its relationship
with collision parameters using the Lienard-Wiechert po-
tential for nucleon collisions in vacuum [3]. Experimental
results show weak correlation between the magnetic field
B and the electric charge number Z but strong correlation
with the impact parameter b and the collision beam en-
ergy

√
sNN [2,3,7,56]. People have also studied the magnetic

field’s spatial distribution within the reaction plane, finding
anisotropic characteristics with rapid decrease along impact
and slower change perpendicular to the plane [3].

Taking into account the above factors, the transverse distri-
bution of the magnetic field, which exhibits longitudinal boost
invariance, can be parametrized as [3]

eB(x, y, τ ) = eB0ρ(τ ) exp

(
− x2

2σx
2

− y2

2σy
2

)
, (6)

where eB0 represents the magnitude of the magnetic field at
initial proper time τ0, it can be obtained as follows:

eB0 = γ vzZα

R2
, (7)

where γ is the Lorentz boost factor, vz is the beam velocity,
α = 1/137 is the fine-structure constant, Z is the electric
charge number, and R is the nuclear radius. For Pb nucleus,
Z = 82 and R = 6.62 fm. Since the time evolution of the
magnetic field ρ(τ ) is still unknown, we adopt three decays
widely used in previous studies [3,19–21,27] in this paper.
The Gaussian distribution widths along the x and y direc-
tions are set to σx and σy [3]. According to Refs. [3,27],
we adopt σx = 1.3 fm and σy = 2.6 fm in centrality 20–50%
(〈b〉 ≈ 10 fm) Pb+Pb collisions at the LHC, respectively. We
adopt three decay models from previous studies [3,19–21,27]
with a constant pre-equilibrium stage lifetime τB (also dubbed
QGP formation time [3]) to describe the magnetic field’s time
evolution. The parameters of magnetic field profile utilized in
this paper are summarized in Table II.

In the upper panel of Fig. 3, we present the time evolution
of magnetic fields in centrality 20–50% Pb+Pb collisions at√

sNN = 5.02 TeV, assuming three magnetic field configura-
tions in Table II. One may clearly observe that eBy exhibits
the slowest decay in Setup-3, followed by Setup-2, while it
decays the most rapidly in Setup-1.

In the middle panel of Fig. 3, we present the squeezing
force density F x at τ0 = 0.2 fm, utilizing the χ values ob-
tained from lattice QCD calculations conducted in 2020. One
finds that the magnetic field Setup-2 exhibits the highest value,
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FIG. 3. Upper panel: Time evolution of the magnetic field eBy in
Pb+Pb collisions at

√
sNN = 5.02 TeV (b = 10 fm) under magnetic

field Setups-1, -2, and -3. Middle and lower panel: Squeezing force
density F x (F y) along the x axis (y axis) in Pb+Pb collisions at√

sNN = 5.02 TeV with τ0 = 0.2 fm and b = 10 fm, obtained from
Lattice QCD-2020 under magnetic field Setups-1, -2, and -3.

TABLE II. The configurations for the space-time profile of the
magnetic field.

Setup ρ(τ ) τB (fm) σx (fm) σy (fm)

Setup-1 [27] exp
(
− τ

τB

)
0.4 1.3 2.6

Setup-2 [3] 1(
1+ τ2

τB
2

) 0.4 1.3 2.6

Setup-3 [19] 1(
1+ τ

τB

) 0.4 1.3 2.6

followed by Setup-3, with Setup-1 having the lowest. The
same analysis can be applied to F y (lower panel).

C. Initial state

Using the optical Glauber model, we construct the initial
energy density distribution as follows:

ε(τ0, x, y, ηs) = K (0.95Nwn + 0.05Nbc)H (ηs), (8)

where K is a overall factor which constrained by the multi-
plicity distribution (dNch/dη or dNch/dy), Nwn represents the
number of wounded nucleons, and Nbc represents the number
of binary collisions [27,58]. Following Refs. [27,59], we use
a empirical H (ηs) function to describe the plateau structure of
dN/dη for charged hadrons in the most central region. This
function reads

H (ηs) = exp

[
− (|ηs| − ηω )2

2σ 2
η

θ (|ηs| − ηω )

]
, (9)

where ηω = 2.2 is the width of the platform at the middle
rapidity and ση = 1.8 is the width of the Gaussian decay
outside the platform region [59]. We assume ηω and ση remain
the same across different collision systems. In calculating Nwn

and Nbc, the inelastic scattering cross section σ0 is set to
62, 67, and 75 mb for Pb+Pb at 2.76-, 5.02-, and 10.6-TeV
collisions [60].

In the optical Glauber model, the nucleon density of the Pb
nucleus is described by the Woods-Saxon distribution,

ρ(r) = n0

exp
(

r−R
d

) + 1
, (10)

where n0 = 0.17 fm−3 denotes the average nucleon density,
r =

√
x2 + y2 + z2 is the radial position with x, y, z being the

space coordinates, R is the nuclear radius, and d = 0.546 fm
stands for the diffusion rate for Pb nucleus.

In Table III, we have listed the value of K parameter
at the initial thermalization time τ0 = 0.2 fm. The value of
K parameters for

√
sNN = 2.76 TeV and

√
sNN = 5.02 TeV

are constrained by the experimental multiplicity distribution
(dNch/dη) at the most central collisions. To calibrate the

TABLE III. The K parameter for the most central Pb+Pb colli-
sions at the LHC.

√
sNN 2.76 TeV 5.02 TeV 10.6 TeV

K (CeV/fm3) 490.1 590.1 765.6
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FIG. 4. The pressure gradients (top left) along the x direction and (top right) along the y direction, as well as the squeezing force density
(bottom left) along the x direction and (bottom right) along the y direction for Pb+Pb collisions at

√
sNN = 5.02 TeV with impact parameter

b = 10 fm under magnetic field Setup-2.

K parameter for
√

sNN = 10.6 TeV at the HL-LHC energy
region, we use the empirical formula from ALICE Collabra-
tion [61],

2

〈Npart〉
dNch

dη

∣∣∣∣
|ηs|<0.5

= A(
√

sNN )2p/2, (11)

for the most central 0–5% Pb+Pb collisions. Here 〈Npart〉 is
the averaged number of participant nucleons [60]. The

√
sNN

is the collision energy of a pair of nucleons in their center-
of-mass frame. The parameter A = 0.745 and p = 0.152 are
utilized in this study [42,62]. For Pb+Pb collisions at

√
sNN =

10.6 TeV, the dNch/dη at the midrapidity region |ηs| < 0.5
is approximately 2408, which is consistent with the CERN
Yellow Report result [42]. Specifically, we assume the impact
parameter b = 2.6 fm for centrality 0–5% Pb+Pb collisions
in this work [60].

With above initial state settings, Fig. 4 shows a comparison
of pressure gradients and magnetic-field-induced squeezing
force density at initial thermalization time τ0 = 0.2 fm. The
initial pressure gradients (−∂xP and −∂yP) in the transverse
plane for Pb+Pb collisions at

√
sNN = 5.02 TeV with impact

parameter b = 10 fm are shown in Fig. 4 (upper panel). One
may clearly find that the pressure gradient is higher along the x
direction than along the y direction, peaking at approximately
48 GeV/fm4.

In the lower panel of Fig. 4, we present the squeezing
force densities (F x and F y) in the transverse plane for Pb+Pb

collisions at
√

sNN = 5.02 TeV (b = 10 fm). Here we em-
ployed magnetic field Setup-2, which provides the highest
initial magnetic field at τ0 = 0.2 fm. The squeezing force den-
sity was computed using the local temperature obtained from
hydrodynamic simulations, based on Eq. (5) (Lattice QCD-
2020). We find that the squeezing force densities and pressure
gradients have similar shapes, with the former accounting for
about 10% of the latter.

Through a comparison of the pressure gradient (upper)
and squeezing force density (lower) in Fig. 4, it is evident
that, as expected, the squeezing force density and pressure
gradient along the x direction are greater than those along
the y direction. The maximum values of these quantities are
approximately 5.6 and 48 GeV/fm4 along the x direction,
respectively. A further comparison of the top and bottom plane
in Fig. 4 reveals that the squeezing force densities exhibit an
opposite trend to that of the pressure gradients in both the
x and y directions, thus leading to a paramagnetic squeezing
effect at the initial stage.

Moreover, in magnetic field Setup-2 (as detailed in
Table II), where 2σx = σy = 2.6 fm, Fig. 4 shows that the
maximum squeezing force density is observed at x = ±1 fm,
whereas the maximum pressure gradient is located at x =
±2.5 fm. Notably, the region of the high-pressure gradient
extends further than the region where the squeezing force
density is significant. Consequently, it is necessary to adjust
the values of σx and σy to modify the squeezing force density
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distribution (see Sec. III C) and study its impact on elliptic
flow v2.

D. Anisotropy flow

In noncentral collisions, the pressure gradients cause faster
expansion of QGP along x than y direction, leading to higher
transverse momentum of final charged hadrons. The squeez-
ing force density from external magnetic fields also affects
this anisotropic expansion. Therefore, the elliptic flow v2 as
a function of transverse momentum of final charged hadrons
is a key observable to study the momentum anisotropy and
squeezing force density [27,37,53].

The pT differential elliptic flow v2 of final charged
hadrons, which is defined as

v2(pT ) ≡
∫

dφ dN
dY d pT dφ

cos [2(φ − �2)]∫
dφ dN

dY d pT dφ

. (12)

Here, since we utilize a smooth initial condition for generating
the initial energy density in QGP simulations, resulting in �2

equals zero and minimal event-by-event fluctuations. In the
following Sec. III, we will discuss in detail the dependence of
the squeezing effect reveal by v2 on different magnetic field
setups.

III. NUMERICAL RESULTS

A. The impact of magnetic field lifetime

We focus on the squeezing effect of different magnetic
field on the final charged hadron in Pb+Pb collisions at√

sNN = 5.02 TeV in this section.
In the upper panel of Fig. 5, we show the pseudorapid-

ity distribution of final charged hadrons at centrality 0–5%
(b = 2.6 fm) in

√
sNN = 5.02 TeV Pb+Pb collisions. For

calibration, we have utilized the experimentally measured
pseudorapidity distribution dNch/dη by the ALICE collabo-
ration. Notably, all calculations with different magnetic field
setups (No B, Setup-1, Setup-2, and Setup-3) produce the
same charged multiplicity in the most central collisions.

Since the spatial distribution of squeezing force density and
pressure gradient, which vary with collision centrality, suggest
that previous comparisons of multiplicity density dNch/dη at
the most central collisions do not fully capture their impact.
To account for the interplay between squeezing force density
and pressure gradient, we calculate the elliptic flow v2 of final
charged hadrons in 20–50% centrality (b = 10 fm) Pb+Pb
collisions.

In the lower panel of Fig. 5, we present the elliptic flow v2

of final charged hadrons as a function of transverse momen-
tum pT under different magnetic field setups: No B (without
magnetic field), Setup-1, Setup-2, and Setup-3. The squeezing
force density with magnetic field Setup-2 generates a 2% sup-
pression effect, while Setup-3 has a greater suppression effect
on the elliptic flow v2, reducing it by approximately 3–4%.
This is because Setup-3 has the longest lifetime (as shown in
Fig. 3). We also note that the τB = 0.4 fm used in Setup-1 is
smaller than that employed in Ref. [27], leading to a smaller
suppression of v2 in this study for Setup-1. When comparing

FIG. 5. Upper panel: Pseudorapidity distribution dNch/dη of
final charged hadrons in

√
sNN = 5.02 TeV Pb+Pb collisions at cen-

trality 0–5% (b = 2.6 fm) under no magnetic field (No B); magnetic
field Setup-1, Setup-2, and Setup-3; and ALICE Collaboration [63].
Lower panel: Elliptic flow v2 of final charged hadrons as a function
of transverse momentum pT in

√
sNN = 5.02 TeV Pb+Pb collisions

(b = 10 fm) with no magnetic field (No B), magnetic field Setup-1,
Setup-2, and Setup-3.

the v2 results for No B, Setup-1, Setup-2, and Setup-3, we find
that the shorter the lifetime of the magnetic field, the smaller
the effect of squeezing force density on v2 suppression. Since
Setup-2 has been commonly utilized in previous study [3],
we will primarily concentrate on the squeezing force density
induced by magnetic field Setup-2 in the subsequent sections.

B. The impact of magnetic susceptibility

In this section, we explore how magnetic susceptibility
affects the squeezing effect and the elliptic flow.

In Fig. 6, we present the elliptic flow v2 as a function of
transverse momentum pT with magnetic susceptibility χ in
Lattice QCD-2014 and Lattice QCD-2020 for

√
sNN = 5.02

TeV Pb+Pb collisions under magnetic field Setup-2 and com-
pared it with the case without magnetic field (No B). One
can observe that the squeezing force density, when applied
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FIG. 6. The elliptic flow v2 as a function of pT for
√

sNN =
5.02 TeV Pb+Pb collisions at centrality 20–50% (b = 10 fm) under
no magnetic field (No B) and under magnetic field Setup-2 with mag-
netic susceptibility χ obtained from Lattice QCD-2014 and Lattice
QCD-2020 results.

to both χ Lattice QCD-2020 and χ Lattice-QCD 2020 under
magnetic field Setup-2, results in a minor reduction of the
elliptic flow v2 by only 1–2%. This is due to the fact that
the magnetic susceptibility χ exhibits minimal variation in
the high-temperature region (as seen in Fig. 2). In contrast,
in the low-temperature region, the magnetic field is almost
nonexistent, being both very weak and close to zero.

C. The impact of magnetic field spatial distribution

We further investigate the impact of magnetic field con-
figuration on the squeezing effect under Setup-2 and its
influence on the elliptic flow v2 of charged hadrons in√

sNN = 5.02 TeV Pb+Pb collisions (b = 10 fm).
In the upper panel of Fig. 7, we show the elliptic flow

v2 as a function of the transverse momentum pT for various
QGP formation times. One can clearly observe that as the
QGP formation time τB increases from 0.4 to 1.2 fm, the
elliptic flow v2 decreases. When τB = 1.2 fm, the suppression
of v2 becomes around 10%. This trend can be attributed to
the fact that a longer τB extends the lifetime of the external
magnetic field, resulting in a longer squeezing force density
for the QGP fireball. Consequently, this stronger squeezing
effect suppressed the elliptic flow v2.

In the lower panel of Fig. 7, we present the elliptic flow
v2 versus transverse momentum pT for different Gaussian
distribution widths along the x and y directions. One finds
that as the Gaussian distribution widths σx and σy increases,
the spatial size of the magnetized region increases, then sup-
pressed the elliptic flow v2 about 3%.

This suggests that either prolonging the lifetime of the
external magnetic field (i.e., increasing τB) or extending its
spatial size (i.e., increaing σx and σy) would result in a stronger
squeezing force density, ultimately leading to the suppression
of v2. We also emphasize that the profile of the electromag-
netic field in heavy-ion collisions is a complex and ongoing
question [64]. Therefore, the analysis presented here may

FIG. 7. Upper panel: Elliptic flow v2 of final charged hadrons as
a function of transverse momentum pT in

√
sNN = 5.02 TeV Pb+Pb

collisions (b = 10 fm) with no magnetic field (No B) and differ-
ent QGP formation time τB under magnetic field Setup-2. Lower
panel:Elliptic flow v2 of final charged hadrons as a function of trans-
verse momentum pT in

√
sNN = 5.02 TeV Pb+Pb collisions (b = 10

fm) with no magnetic field (No B) and different Gaussian distribution
widths along the x and y directions under magnetic field Setup-2.

serve as a simplified case for exploration. Nevertheless, if one
employs a different magnetic field configuration from various
theoretical frameworks, then the general behavior of its impact
on the squeezing effect is expected to remain consistent with
this work.

D. The squeezing effect in different center-of-mass energy

Previous studies have shown that the magnetic field decays
more slowly in vacuum at RHIC energy due to the smaller
relative speed between colliding nuclei [66]. The ratio of
the maximum squeezing force density between RHIC and
LHC collisions follows a proportionality of (3m2

π/78m2
π )2 ≈

0.0014 at τ0 = 0.2 fm. Therefore, the paramagnetic squeezing
effect is considered to be negligible at RHIC energy. However,
for Pb+Pb noncollisions at the HL-LHC energy, where the
maximum magnetic field can reach approximately 165m2

π at
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FIG. 8. Upper panel: Pseudorapidity distribution dNch/dη of
charged hadrons in Pb+Pb collisions at centrality 0–5% (b = 2.6 fm)
with

√
sNN = 2.76, 5.02, and 10.6 TeV. The experimental data are

obtained from the ALICE collaboration at 2.76 TeV [65], ALICE col-
laboration at 5.02 TeV [63] and the HL-LHC prediction at 10.6 TeV
[42]. Lower panel: Elliptic flow v2 as a function of transverse mo-
mentum pT in Pb+Pb collisions (b = 10 fm) with magnetic field
Setup-2 in

√
sNN = 2.76, 5.02, and 10.6 TeV.

τ0 = 0.2 fm, the squeezing effect may become significant and
deserves further investigation.

In the upper panel of Fig. 8, we show the pseudorapidity
distribution dNch/dη of final charged hadrons at centrality
0–5% (b = 2.6 fm) in Pb+Pb collisionsin at

√
sNN = 2.76,

5.02, and 10.6 TeV. Our model calculation results are in good
agreement with the corresponding experimental data from
ALICE collaboration and the CERN Yellow Report result
of HL-LHC. This agreement validates the reliability of our
current theoretical framework at the LHC energy regions.

In the lower panel of Fig. 8, we present the elliptic flow
v2 as a function of the transverse momentum pT in Pb+Pb
collisions (b = 10 fm) at different center-of-mass energies
(
√

sNN = 2.76, 5.02, and 10.6 TeV) under magnetic field
Setup-2. It is observed that with increasing collision energy,
a higher initial magnetic field is generated, leading to a larger

squeezing force density and a more significant suppression
of elliptic flow. We find that the hadrons elliptic flow is sup-
pressed most (about 3–4%) in 10.6-TeV Pb+Pb collisions at
the HL-LHC energy.

IV. SUMMARY

In this paper, we study the paramagnetic squeezing ef-
fect on anisotropic expansion of QGP in noncentral Pb+Pb
collisions at the LHC by simulating (3+1)-dimensional hy-
drodynamic with external magnetic fields. Three different
external magnetic field setups and the most up-to-date mag-
netic susceptibility from lattice QCD calculations are used to
study the squeezing force density on the v2 of final hadrons in
heavy-ion collisions.

We find that the squeezing effect is influenced by the
lifetime of the magnetic field and its spatial distribution. A
significant squeezing effect is observed for long-lived and
widespread external magnetic fields at the initial stage of
heavy-ion collisions. However, we find that the commonly
used magnetic field Setup-2 generates a weak squeezing force
density on the QGP fireball, resulting in only a minor suppres-
sion of the elliptic flow v2 of final hadrons. For magnetic field
Setup-2, the momentum eccentricity averaged on the whole
bulk matter reduces by 10% at τ0 = 0.2 fm, while the elliptic
flow v2 of final charged hadrons only reduces by 2%. The
reduction of v2 due to the squeezing effect implies that the
elliptic flow measured in the experiment is somewhat smaller
than what would result from only the geometry expansion of
the plasma. The suppression of the QGP fireball also suggest
that electromagnetic probes such as thermal photons [54] and
open heavy flavor production [17] might be more sensitive to
the paramagnetic nuclear matter, since they travels the whole
QGP medium. Additionally, we also find that the squeezing
effect becomes larger at HL-LHC energy region, because the
squeezing force density increased due to the magnetic field
increase as the beam energy is increased.

We note that the current work can be extended in many
aspects. First, due to the nonzero electric conductivity of the
QGP, it is possible that the induced local magnetic field is
large and has a long lifetime, both at RHIC and LHC energies
as well as in lower-energy collisions [46,64]. The paramag-
netic squeezing effect for those regions could be very long
lifetime and result in different anisotropic flow. Second, the
electric susceptibility ξ is recently presented by lattice QCD
calculations [39], and, thus, it becomes very interesting to
investigate how the electric field induced by the magnetic field
affect the QGP evolution and the corresponding anisotropic
flow in pA [21,67,68] and AA collisions at the LHC. Fi-
nally, the transport coefficient of the QGP is affected by the
electromagnetic field, and, thus, the relativistic magnetohy-
drodynamics with nonzero shear viscosity and bulk viscosity
needed to develop for more accurate studies [49]. Theoretical
studies with these aspects will be advanced in the near future.
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[39] G. Endrődi and G. Marko, QCD phase diagram and equation of
state in background electric fields, Phys. Rev. D 109, 034506
(2024).

[40] S. Acharya et al., Probing the effects of strong electromagnetic
fields with charge-dependent directed flow in Pb-Pb collisions
at the LHC, Phys. Rev. Lett. 125, 022301 (2020).

[41] M. Abdallah et al., Search for the chiral magnetic effect with
isobar collisions at

√
sNN = 200 GeV by the STAR Collabora-

tion at the BNL Relativistic Heavy Ion Collider, Phys. Rev. C
105, 014901 (2022).

[42] Z. Citron et al., Report from Working Group 5: Future physics
opportunities for high-density QCD at the LHC with heavy-ion
and proton beams, CERN Yellow Rep. Monogr. 7, 1159 (2019).

[43] L.-G. Pang, H. Petersen, and X.-N. Wang, Pseudorapidity
distribution and decorrelation of anisotropic flow within the
open-computing-language implementation CLVisc hydrody-
namics, Phys. Rev. C 97, 064918 (2018).

[44] X.-Y. Wu, G.-Y. Qin, L.-G. Pang, and X.-N. Wang, (3+1)-D
viscous hydrodynamics at finite net baryon density: Identified
particle spectra, anisotropic flows, and flow fluctuations across
energies relevant to the beam-energy scan at RHIC, Phys. Rev.
C 105, 034909 (2022).

[45] M. Lyutikov and S. Hadden, Relativistic magnetohydrodynam-
ics in one dimension, Phys. Rev. E 85, 026401 (2012).

[46] V. Roy, S. Pu, L. Rezzolla, and D. Rischke, Analytic Bjorken
flow in one-dimensional relativistic magnetohydrodynamics,
Phys. Lett. B 750, 45 (2015).

[47] G. Inghirami, L. Del Zanna, A. Beraudo, M. H. Moghaddam, F.
Becattini, and M. Bleicher, Numerical magneto-hydrodynamics
for relativistic nuclear collisions, Eur. Phys. J. C 76, 659 (2016).

[48] S. Pu and D.-L. Yang, Transverse flow induced by inhomoge-
neous magnetic fields in the Bjorken expansion, Phys. Rev. D
93, 054042 (2016).

[49] S. Pu, V. Roy, L. Rezzolla, and D. H. Rischke, Bjorken flow in
one-dimensional relativistic magnetohydrodynamics with mag-
netization, Phys. Rev. D 93, 074022 (2016).

[50] I. Siddique, Ren-jie Wang, S. Pu, and Q. Wang, Anomalous
magnetohydrodynamics with longitudinal boost invariance and
chiral magnetic effect, Phys. Rev. D 99, 114029 (2019).

[51] D. She, Z. F. Jiang, D. Hou, and C. B. Yang, 1+1 dimensional
relativistic magnetohydrodynamics with longitudinal accelera-
tion, Phys. Rev. D 100, 116014 (2019).

[52] B. U. Felderhof and H. J. Kroh, Hydrodynamics of magnetic
and dielectric fluids in interaction with the electromagnetic
field, J. Chem. Phys. 110, 7403 (1999).

[53] S. Borsanyi, Z. Fodor, C. Hoelbling, S. D. Katz, S. Krieg, and
K. K. Szabo, Full result for the QCD equation of state with 2+1
flavors, Phys. Lett. B 730, 99 (2014).

[54] K. Tuchin, Particle production in strong electromagnetic fields
in relativistic heavy-ion collisions, Adv. High Energy Phys.
2013, 490495 (2013).

[55] L. McLerran and V. Skokov, Comments about the electromag-
netic field in heavy-ion collisions, Nucl. Phys. A 929, 184
(2014).

[56] H. Li, X.-L. Sheng, and Q. Wang, Electromagnetic fields with
electric and chiral magnetic conductivities in heavy-ion colli-
sions, Phys. Rev. C 94, 044903 (2016).

[57] J. S. Schwinger, On gauge invariance and vacuum polarization,
Phys. Rev. 82, 664 (1951).

[58] Z.-F. Jiang, X.-Y. Wu, S. Cao, and B.-W. Zhang, Hyperon
polarization and its relation with directed flow in high-energy
nuclear collisions, Phys. Rev. C 108, 064904 (2023).

[59] Z.-F. Jiang, C. B. Yang, and Q. Peng, Directed flow of charged
particles within idealized viscous hydrodynamics at energies
available at the BNL Relativistic Heavy Ion Collider and at
the CERN Large Hadron Collider, Phys. Rev. C 104, 064903
(2021).

[60] C. Loizides, J. Kamin, and D. d’Enterria, Improved Monte
Carlo Glauber predictions at present and future nuclear col-
liders, Phys. Rev. C 97, 054910 (2018); 99, 019901(E)
(2019).

[61] ALICE Collaboration, The ALICE experiment—A journey
through QCD, arXiv:2211.04384.

[62] S. Acharya et al., Centrality and pseudorapidity dependence of
the charged-particle multiplicity density in Xe–Xe collisions at√

sNN = 5.44 TeV, Phys. Lett. B 790, 35 (2019).
[63] J. Adam et al., Centrality dependence of the pseudorapidity

density distribution for charged particles in Pb-Pb collisions at√
sNN = 5.02 TeV, Phys. Lett. B 772, 567 (2017).

[64] A. Huang, D. She, S. Shi, M. Huang, and J. Liao, Dynami-
cal magnetic fields in heavy-ion collisions, Phys. Rev. C 107,
034901 (2023).

[65] J. Adam et al., Centrality evolution of the charged–particle
pseudorapidity density over a broad pseudorapidity range in
Pb–Pb collisions at

√
sNN = 2.76 TeV, Phys. Lett. B 754, 373

(2016).
[66] L.-G. Pang, K. Zhou, N. Su, H. Petersen, H. Stöcker, and

X.-N. Wang, An equation-of-state-meter of quantum chromo-
dynamics transition from deep learning, Nat. Commun. 9, 210
(2018).

[67] W. Zhao, W. Ke, W. Chen, T. Luo, and X.-N. Wang, From
hydrodynamics to jet quenching, coalescence, and hadron cas-
cade: A coupled approach to solving the RAA⊗v2 puzzle,
Phys. Rev. Lett. 128, 022302 (2022).

[68] W. Zhao, C. M. Ko, Y.-X. Liu, G.-Y. Qin, and H. Song, Prob-
ing the partonic degrees of freedom in high-multiplicity p-Pb
collisions at

√
sNN = 5.02 TeV, Phys. Rev. Lett. 125, 072301

(2020).

014902-10

https://doi.org/10.1103/PhysRevLett.111.182001
https://doi.org/10.1103/PhysRevD.89.054506
https://doi.org/10.1103/PhysRevLett.112.012002
https://doi.org/10.1007/JHEP08(2014)177
https://doi.org/10.1007/JHEP07(2020)183
https://doi.org/10.1103/PhysRevD.109.034506
https://doi.org/10.1103/PhysRevLett.125.022301
https://doi.org/10.1103/PhysRevC.105.014901
https://doi.org/10.23731/CYRM-2019-007.1159
https://doi.org/10.1103/PhysRevC.97.064918
https://doi.org/10.1103/PhysRevC.105.034909
https://doi.org/10.1103/PhysRevE.85.026401
https://doi.org/10.1016/j.physletb.2015.08.046
https://doi.org/10.1140/epjc/s10052-016-4516-8
https://doi.org/10.1103/PhysRevD.93.054042
https://doi.org/10.1103/PhysRevD.93.074022
https://doi.org/10.1103/PhysRevD.99.114029
https://doi.org/10.1103/PhysRevD.100.116014
https://doi.org/10.1063/1.478642
https://doi.org/10.1016/j.physletb.2014.01.007
https://doi.org/10.1155/2013/490495
https://doi.org/10.1016/j.nuclphysa.2014.05.008
https://doi.org/10.1103/PhysRevC.94.044903
https://doi.org/10.1103/PhysRev.82.664
https://doi.org/10.1103/PhysRevC.108.064904
https://doi.org/10.1103/PhysRevC.104.064903
https://doi.org/10.1103/PhysRevC.97.054910
https://doi.org/10.1103/PhysRevC.99.019901
https://arxiv.org/abs/2211.04384
https://doi.org/10.1016/j.physletb.2018.12.048
https://doi.org/10.1016/j.physletb.2017.07.017
https://doi.org/10.1103/PhysRevC.107.034901
https://doi.org/10.1016/j.physletb.2015.12.082
https://doi.org/10.1038/s41467-017-02726-3
https://doi.org/10.1103/PhysRevLett.128.022302
https://doi.org/10.1103/PhysRevLett.125.072301

