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Topological massive Dirac fermions in β-tungsten
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Ultrathin films of β-tungsten (β-W) is attracting extensive attentions because of its promising application in
spintronics due to giant spin Hall effect and its fundamental interest in superconductivity. By means of first-
principles calculations, we have elucidated its nontrivial topological nature with multiple Dirac nodal lines in
the β-W metal when spin-orbit coupling (SOC) is ignored. The analysis of electronic structures reveal that its
topology is associated with the band inversion between the dxz + dyz and dz2 orbitals at the M point in its Brillouin
zone. By switching on the SOC, these Dirac nodal lines become gapped, as accompanied with the occurrence of
24 massive Dirac fermions at the energy of 87 meV below the Fermi level. Different from the exact gapless Dirac
fermions with the linear band crossings, we have identified that these massive Dirac fermions all open a tiny gap
of 7 meV. In addition, we have observed the topologically protected nontrivial surface arc states connecting these
massive Dirac fermions. The existence of these massive Dirac fermions in the β-W phase would be important to
understand its giant spin Hall effect according to a recent study [Nature 555, 638 (2018)] where massive Dirac
fermions were identified to generate Berry-curvature-induced Hall conductivity.
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I. INTRODUCTION

Tungsten usually crystalizes in the ground-state α A2
(body-centered cubic) crystal structure (bcc, space group
Im3m) [1–4] or in the metastable β (A15 usually in thin films)
[3,4] structure with the versatile and intriguing properties of
high thermal conductivity, low sputtering erosion, very high
melting point (3695 K), strong mechanical resistance and
high hardness, and excellent thermal/chemical stabilities, as
well as distinctive electrical and optical properties. Beside its
important applications in structured materials and potential
candidates for plasma-facing components for future fusion
reactors [5], recently tungsten has attracted great attention
for applications in both microelectronics and spintronics. For
instance, α-W films are highly desirable for interconnects or
diffusion barriers in integrated circuits, whereas β-W films
generally have superior catalytic activity and high spin-orbit
coupling for magnetic memory applications [6]. Typically, W
films or nanowires with preferred orientations are utilized as
interconnects in microelectronics. Tungsten has severed as
a potential replacement for Cu in semiconductor metalliza-
tion because its shorter electron mean free path of 19.1 nm
can offer the possibility of a lower resistance than Cu at
reduced line dimensions [3,7]. Photonic crystals consisting of
tungsten nanoparticle stacks or W/HfO2 alternative structures
were applied to harvest solar energy [8]. W films could
also be served as functional layers in thermionic energy
converters. The resistivity of α-W films (∼20 μ� cm) is
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significantly lower than that of the β-W counterparts
(∼150 μ� cm) [9–11].

In particular, it needs to be emphasized that the ultrathin
film of β-tungsten has its promising potentials for spintronic
applications [12], which usually make use of both spin and
charge degrees of freedom to control the transport properties
of materials and devices. One of the key aspects of spintronics
is to explore how to efficiently manipulate the magnetization
of a ferromagnet. There are two ways to realize the magneti-
zation manipulation. One is to control the magnetic field and
the other one is to use the spin transfer torque generated by
the spin-polarized current, which is originated from the spin
Hall effect (SHE). Due to the large spin-orbit coupling in
heavy elemental solids, Pt [13,14], Ta [15], and W [10,11,16]
are materials among the nonmagnetic transition metals with
large SHE. Importantly, the highly resistive metastable β-W
phase (ρβ-W ∼ 100–300 μ� cm) was reported to exhibit a
giant spin Hall effect with a spin Hall angle, θSH ∼ −0.3 to
−0.4 [10,11,16], defined by the ratio of the spin Hall conduc-
tivity to the diagonal charge conductivity due to the strong
spin-orbit coupling (SOC) effect. To date, the β-W has been
known to exhibit the largest spin Hall angle among all known
elemental transition metal solids. Hence, β-W potentially
provides an efficient way of manipulating the magnetization,
because of its large spin Hall angle for the current-driven
spin-orbit torques in heavy metal/ferromagnetic heterostruc-
tures. Recently, the underlying mechanism of the intrinsic spin
Hall conductivity of β-W was theoretically revealed to be
the cooperative behavior of the giant spin Hall conductivity
and a much smaller longitudinal conductivity in its bulk
phase [11]. Surprisingly, the topological insulator Bi2Se3 was
most recently proposed and experimentally exhibit the large
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spin-orbit torques and the extremely large θSH as high as
2.0–3.5 [17] because of its helical spin-polarized nontrivial
topological surface states. These unique facts mentioned here
have inspired us to check back the electronic structures of
β-tungsten.

Within this context, through first-principles calculations
we have revisited the electronic structures of β-tungsten. We
have identified that β-tungsten is a topological massive Dirac
metal. When the SOC is neglected, DNLs exist in its BZ and
their existences are indeed associated with the band inversion
between dxz + dyz and dz2 orbitals at the high-symmetry M
point. Once the SOC is switched on, there only exist 24
massive Dirac fermions (MDFs) [18,19]. Furthermore, the
nontrivial topologically protected surface states and Fermi
arcs also have been obtained. Our work proposes a pure
topological massive Dirac metal of β-tungsten and paves
the way for more experimental studies on its electronic and
transport properties.

II. METHODS

The first-principles calculations within the framework of
density functional theory (DFT) [20,21] have been performed
to investigate the electronic and phonon structures by em-
ploying the Vienna ab initio simulation package (VASP)
[22,23]. We employed the projector-augmented-wave (PAW)
[24] pseudopotentials and Perdew-Burke-Ernzerhof (PBE)
exchange and correlation functionals [25]. A self-consistent
field method (tolerance 10−6 eV/atom) is employed in con-
junction with plane-wave basis sets of a cutoff energy of
500 eV, while a M center Monkhorst-Pack grid of 15 × 15 ×
15 is used for the BZ integrals. For the lattice constants
optimization, the remanent Hellmann-Feynman forces are less
than 0.0001 eV/Å. The force constants are obtained by using
the density functional perturbation theory method [26] imple-
mented in the Phonopy [27] within a Born-Karman boundary
condition in a supercell containing 3 × 3 × 3 primitive cells.
The maximally localized Wannier functions from the first-
principles calculations have been constructed for the tight-
binding model. The projected surface states are obtained from
the surface Green’s function [28] of the semi-infinite system
to check its nontrivial surface states.

III. RESULTS AND DISCUSSIONS

A. Structure

β-W crystalizes in a closed-packed A15 structure with a
space group of Pm3n (No. 223), as shown in Fig. 1(a). Its unit
cell structure is composed of four atomic layers paralleling
to the (100) plane, in which two W atoms locate at the 2b
Wyckoff site and six W atoms occupy the 6a Wyckoff sites.
Our first-principles calculations yielded that the optimized lat-
tice constant a = 5.06 Å is in good agreement with previous
experimental [29,30] and calculated results [4]. The derived
phonon dispersion [Fig. 1(c)] does not show any imaginary
part of the frequency and it is dynamically stable. Figure 1(b)
shows the first Brillouin zone (BZ), in which the gray plane
is a mirror plane and the projected (001) surface BZ zone has
been sketched.

FIG. 1. (a) Crystal structure of β-W. (b) Its first Brillouin (BZ)
zone and its (001) surface BZ. In the bulk BZ the shadowed kz = 0
plane is a mirror plane and the P-M direction shows a special
BZ direction in order to illustrate Dirac cones [here the point P is
defined to locate at (0.00, 0.22, 0.00)× 2π

a ]. (c) DFT-derived phonon
dispersion at the equilibrium state of the β-W.

B. Electronic structure and its topology

We have studied the electronic structure of β-W without
and with the SOC. As shown in Fig. 2(a) for the case without
the SOC effect, it can be seen that d-like orbits dominate the
Fermi level. In particular, due to the occurrence of the band
inversion between dxz + dyz and dz2 at the M point at the BZ
boundary there exist four linearly band crossing points around
the Fermi level. These four quasilinear band crossing points
locate along the X -M and �-M directions near the Fermi level.
Interestingly, these four crossing points are not isolated and
they compose into two circlelike closed loops to form the so-
called Dirac nodal lines (DNLs) around the centered M point
exactly locating in the kz = 0 plane. As shown in Fig. 4(a),
these two DNLs (as marked by red) are indeed centered at the
M point, with a wavelike shape in energies very close to the
Fermi level. To confirm the topological properties of these two
DNLs, we have calculated their Berry phases. In a 3D BZ, the
berry phase can be defined as

γn =
∮

C
An(k) · dl, (1)

where An(k) = i〈un(k)|∇k|un(k)〉 is the Berry connection and
un(k) is the Bloch wave function of the nth band. Following
this expression, we need to define a closed circle centered
at a momentum position on the targeted DNL, as illustrated
by a black closed circle in Fig. 4(a). However, it needs to
be emphasized that the selected radius of the closed circle
going around each DNL can be arbitrarily large, as long as
it does not cover the other DNL. Importantly, we have found
that the Berry phase is −π for this defined closed circle,
indicating that these DNLs are topologically nontrivial in the
β-W phase without the SOC inclusion. In addition, at the
energy at about 0.5 eV below the Fermi level, we have indeed
observed the other two DNLs also around the centered M
point due to the similar band inversion as shown in Fig. 2(a).
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FIG. 2. Electronic band structures along high symmetry lines.
(a) Calculated electronic band structures and their components in
the absence of spin-orbit coupling (SOC). Different colors represent
different d-like orbits and the size of circles denotes the weight of the
targeted orbital states. (b) Band structure with the SOC inclusion.
The coordinate of point P is (0.00, 0.22, 0.00)× 2π

a and one of the
massive Dirac bands (MDBs) locates on the M-P line. The inset in
(b) shows the tiny band gap of the MDBs.

In particular, we would like to emphasize that the robust
stabilities of these DNLs are indeed protected by the band
inversion in combination with both time-reversal symmetry
and mirror symmetry, in the similarity with what we observed
in beryllium [31] and in TiSi [32]. In addition to these above-
mentioned DNLs constrained in the mirror planes, we have
still observed another typical DNL in the case without the
SOC inclusion. As shown in Fig. 3(a), this DNL does not
locate on any mirror plane. Due to the crystal symmetry, in
the 3D BZ there are six such DNLs. Although this DNL looks
like a flat circle as shown in the shaded plane in Fig. 3(a), it
is indeed not flat at all. In contrast, this DNL slightly waves
along the kz direction, only occurring in a very tiny kz scale
from kz = 0.3886 to kz = 0.3918 [Fig. 3(b)]. Therefore, we
have to adopt a much denser k mesh to sample this DNL. In
our current calculations we have hence used the 8 120 601 k
points in a very small part of the BZ to identify this DNL.
We have analyzed its band inversion, which occurs between
the dxz + dyz and dz2 orbitals. Its Berry phase has been also
derived to be π , evidencing its topological nontrivial nature.

It is well known that these DNLs can indeed split into
various topological insulators, Dirac semimetals and Weyl
semimetals upon different atomic masses or broken symme-
tries. Because the tungsten atom in the β-W phase has a
relatively strong SOC effect, its SOC existence definitely lifts
up the degeneracy on the DNLs or DPs. For our case β-W,
with the SOC inclusion, the inversion symmetry is still present

FIG. 3. The out-of-plane Dirac nodal line’s distribution and elec-
tronic band structures with and without SOC. (a) Without the SOC
inclusion, the 3D distribution of DNL in the BZ. (b) The band gap
distribution between those two crossing bands on the kz = 0.3891
plane as shaded in (a). Note that in (b) the band gaps are almost
zero on the kz = 0.3891 plane but at some points their values are
not strictly zero, mainly because this DNL does not strictly locate
on this plane and indeed has a wavelike shape fluctuating along kz

direction due to the lack of a mirror plane. (c) The band structures
along the defined �i -Mi paths (i = 1,..., 5, referring to different kz

values) paralleling to the high-symmetry �-M path. Upper panel:
Without the SOC inclusion; lower panel: with the SOC inclusion.
When the �3-M3 path (kz = 0.3891) exactly passes through the DNL,
there exists a crossing point at (0.0865, 0.0865, 0.3891)× 2π

a in the
case without the SOC inclusion. However, by switching on the SOC
effect, this crossing point opens into a gap in the lower panel of (c).

(P) and the time-reversal operator now satisfies T 2 = −1.
This fact, (PT )2 = −1, reveals that the two-band Kramers’
degeneracy always occurs at every k momentum in the whole
BZ. It means that each band is doubly degenerate in both
Fig. 2(b) and the lower panel of Fig. 3(c).

Importantly, with the SOC inclusion the calculations have
revealed that (i) both the DNL crossed by dxz and dz2 orbitals
in Fig. 2 and the DNL crossed by dxz + dyz and dz2 orbitals in
Fig. 3 totally split apart now. Taking the DNL as an example in
Fig. 3, in the upper panel of Fig. 3(c) without the SOC inclu-
sion the band structures parallel to the high symmetry �-M
path with increasing kz exhibits a strict band crossing along
the the �3-M3 path at kz = 0.3891. This crossing point is exact
on this DNL. Once the SOC is switched on, this crossing point
is clearly witnessed to be open, as shown in the lower panels
of Fig. 3(c). (ii) The other DNL crossed by dyz and dz2 orbitals
is broken into two classes of new symmetry-inequivalent
massive Dirac bands (MDBs), locating at (0.3244, 0.4052,
0.0)× 2π

a and (0.4060, 0.3240, 0.0)× 2π
a , respectively.

It is well known that in Dirac semimetals (i.e., Na3Bi
[33–37] and Cd3As2 [38]) usually host massless DPs featured
by linear band crossings around the Fermi level due to the
band inversion protected by various possible symmetries. The
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FIG. 4. (a) 3D plot of the electronic band structures of the highest valence band and the lowest conduction band at the kz = 0 plane in the
β-W case without the SOC inclusion (the center is the � point). The red loops denote the DNLs and the black circle refers to the defined closed
path centering at a point of the DNL. (b) 3D plot of the electronic band structures of the highest valence band and the lowest conduction band
at the kz = 0 plane in the β-W case with the SOC inclusion (the center is the M point). The red balls denote the MDBs formed by switching
SOC on. (c) and (d) The spatial distribution of MDBs in the BZ. Red and blue balls represent two types of symmetric-inequivalent MDBs
viewed along the 〈111〉 direction and along the top of the 〈001〉 direction.

fact means that at the massless DPs the zero band gap with
linear band crossing has to exist. However, in difference from
massless DPs, in our β-W case the massive Dirac bands
(MDBs) imply the quasi-three-dimensional DPs with a tiny
mass gap opening of only 7 meV, as illustrated in Fig. 2(b).
Recently, the MDBs have been experimentally observed in a
ferromagnetic kagome metal of Fe3Sn2 [18] and in a mag-
netically doped topological insulator Bi0.99Mn0.01Se3 [19].
In order to visualize the MDBs in the SOC-containing case
of β-W, we have compiled a 3D plot for both the highest
valence and the lowest conduction bands on the kz = 0 plane,
as illustrated in Fig. 4(b) in which a MDB is clearly shown.
In terms of symmetry analysis with the SOC inclusion, each
type of MDBs can be symmetrically extended into 12 MDBs
in the whole 3D BZ and in total there exist 24 MDBs. It
needs to be emphasized that these MDBs in β-W occur
neither at any high-symmetry paths nor at any high-symmetry
points. This is mainly because the MDBs need no symmetric
protections and it is similar to Weyl nodes in Weyl semimet-
als which can occur at any position. Symmetrically, these
MDBs with the SOC inclusion indeed obeys the threefold
rotational symmetry along the 〈111〉 direction and three mirror

symmetries (Mx, My, and Mz), as illustrated in Figs. 4(c) and
4(d), respectively. The red and blue balls represent the two
types of symmetry-inequivalent MDBs. From Fig. 4(c), in the
view along the 〈111〉 direction, the MDBs are constrained
by the C3z rotational symmetry and in the top view along
the 〈001〉 direction these MDBs obey mirror symmetries of
both Mx and My [Fig. 4(d)]. In addition, these MDBs locate
at almost the same energy around 87 meV slightly below
the Fermi level in Fig. 2(b). In particular, it needs to be
emphasized that the occurrence of the MDBs would be highly
important to understand the novel large intrinsic spin Hall
conductivity found, both experimentally and theoretically, in
β-W [10,11,16], because the recent study [18] revealed that
the MDBs generate Berry-curvature-induced anomalous Hall
conductivity in Fe3Sn2.

C. Nontrivial topological surface states

As already observed in the typical 3D Dirac semimetals
(i.e., Na3Bi [33–37] and Weyl semimetals [39–41]), they will
exhibit the nontrivial surface Fermi arcs. On the surfaces of
β-W phase, many topologically nontrivial surface states can
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FIG. 5. Electronic band of the (001) surface of β-W. The yellow
solid circles represent the single MDBs and the blue solid circles are
the projected double MDBs. The zero energy refers to the Fermi level
and the MDBs locate at the energy of 87 meV below the Fermi level.

be expected due to the occurrence of 24 MDBs in its bulk
phase [see Figs. 4(c) and 4(d)]. To illustrate these features, we
have plot the (001) surface electronic band structure in Fig. 5

along the high-symmetry X → � → M → P directions. It
can be seen that those stronger intensities as marked by
brilliant yellow correspond to the localized surface states,
whereas the shadow bands in the background reflect well the
surface projection of the bulk electronic bands. To be specific,
at the energy of 87 meV below the Fermi level the quasi-
Dirac-like crossing points can be observed along both the
X → � (as marked by blue circles) and the M → P directions
(as marked by yellow circles). They are the projections of the
bulk MDBs on the (001) surface. In particular, it needs to be
emphasized that the blue circles denote the projection of two
MDBs onto the same position (double MDBs), whereas the
yellow circle is the projection of single MDB in the BZ along
the 〈001〉 direction.

Based on the symmetry analysis, the (001) surface re-
mains unchanged under the C2 rotational symmetry or two
mirror symmetries [i.e., C2 : (x, y, z) → (−x,−y, z), Mx :
(x, y, z) → (−x, y, z), and My : (x, y, z) → (x,−y, z)]. The
MDBs on the kx and ky axes are the overlapped projections
of two MDBs, while the MDBs on the generic momentum
are the projection of a single MDB. Physically it can be
understandable that each DP can be treated as the overlapping
of two Weyl nodes with opposite chiral charges. The nontrivial
surface Fermi arcs can be expected to connect two Weyl nodes
with opposite topological charges. As a result, on the surface

FIG. 6. Fermi surfaces and surface states of the (001) surface of β-W. The yellow solid circles represent the single MDBs and the blue
solid circles are the projected double MDBs. (a) The Fermi arcs and MDBs on the surface at a constant energy (87 meV) below the Fermi
level. (c) The corresponding illustrations of the nontrivial Fermi arcs connecting MDBs in (a). (b) The Fermi arcs and MDBs on the surface at
the Fermi level. (d) The corresponding illustrations of the nontrivial Fermi arcs connecting MDBs in (b).
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single DP always connects two Fermi arcs and the double
overlapped DPs should connect four Fermi arcs. Interestingly,
for MDBs we have also observed the similar connections of
nontrivial Fermi arcs. To illustrate these features, we have
compiled the (001) Fermi surface at the energy of 87 meV
below the Fermi level in Fig. 6(a) and at the Fermi level
in Fig. 6(b). In agreement with above analysis, on the (001)
Fermi surface the double MDBs and single MDBs exist.
Along the defined M → P path there exists a single MDB
around the M point [Fig. 6(a)], which is the projection of the
single MDB in the bulk BZ. According to the symmetric op-
eration, in total there are eight such single MDBs on the (001)
Fermi surface. In addition, we have observed double MDBs
along the high-symmetry � → X path in the (001) surface BZ
[Fig. 6(a)], which are the overlapped projections of the two
MDBs in the bulk BZ. It can be seen that on the (001) surface
the topologically nontrivial surface electronic states heavily
overlap with the projections of the bulk electronic bands.
But, some topologically nontrivial surface arclike states can
be observed. We have thus figured out the arc connections
among these MDBs in Fig. 6(c) from which all single MDBs
connect two arcs and all double MDBs connect four arcs
can be seen. Furthermore, we have also derived the Fermi
surface at the Fermi energy in Fig. 6(b). It can be seen that
increasing the chemical potential significantly influences the
patterns of the Fermi arcs. Some topological surface nontrivial
arclike states are clearly originated from the MDBs, which can
be viewed in our sketch connections in Fig. 6(d). Besides these
nontrivial surface arc states, we also see some trivial surface
states around the M point in the corner of the BZ mainly due
to the truncation of the surface wave functions.

Finally, we would like to emphasize that in some early
studies β-W films were confirmed to exhibit superconduc-
tivity with the critical transition temperature Tc of 2–3.5 K
[42–44]. This value is two orders of magnitude higher than
that of bulk α-W. Importantly, the enhanced superconductiv-
ity of β-W films was interpreted to be Ginzburg’s surface-
state superconductivity [45]. It would be highly interesting
to investigate the effect of the nontrivial surface states of
topological Dirac metal of β-W on its superconductivity.

IV. CONCLUSION

By means of first-principles calculations, we focused on
the topological electronic structures of β-tungsten with space
group Pm3n, revealing that it is a topological massive Dirac
metal which hosts 24 robust MDBs in its bulk phase with
SOC inclusion. We investigated the band inversions and Berry
phases of the DNL, confirming the nontrivial topological
nature of β-W. The nontrivial surface states have also been
analyzed and all the MDBs are connected by fermi arcs.
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