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Electrical spin injection through dual ferromagnetic electrodes in nonlocal spin valves
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Spin injection efficiency has been a key factor for designing spintronic devices based on the lateral nonlocal
spin valve. Here, we suggest a type of nonlocal spin valve in which the spin is injected electrically via dual
ferromagnetic electrodes similar to a vertical spin valve and the spin detection is done by another ferromagnetic
electrode. Using spin drift-diffusion theory, we study the spin injection, transport, and detection analytically
and numerically. The results show that the spin injection efficiency can be enhanced significantly compared
to the usual single ferromagnetic electrode injection, and thus the detected spin signal is increased greatly.
Besides, by controlling the magnetization orientations of the two injecting ferromagnetic electrodes as well
as the magnetization direction of the detection electrode, one can switch on and off the spin injection and thus
form three or four output spin states. This feature is used for designing all spin-based three-state logic devices.
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I. INTRODUCTION

Spin transport in magnetic nanostructures has been a key
factor for designing spintronic devices [1–4]. Various types
of spin transport phenomena have been reported, including
spin pumping [5–7], spin Hall effect [8–13], spin Seebeck
effect [14–16], and nonlocal spin injection (Refs. [11,17,18]
and others). Also, in semiconductor heterostructures with
spin-orbit interaction (such as the heterostructure grown from
III-V semiconductor compounds), the spin-dependent tunnel-
ing was applied for pure electric injection and detection of
spin-polarized currents [19–22]. Each phenomenon provides
a unique insight into the spin manipulation, and related ap-
plications (for example, magnetic sensors, spin logic devices,
and storage devices) have been proposed [2,4,23,24], among
which the nonlocal lateral spin valves (NLSVs), with the
abilities of separating charge and spin currents, have attracted
a great amount of attention [11,17,18,25]. Comparing with
“local” spin valves consisting of vertical stacks (two ferro-
magnetic metal layers, and nonmagnetic metal spacer in the
middle), the NLSV is more propitious to design semiconduc-
tor spin devices, such as the spin field-effect transistor [26].

A typical NLSV structure consists of a nonmagnetic (NM)
channel connected with two ferromagnetic (FM) electrodes.
As shown in Fig. 1(a), spin is injected into the NM (N) from
the first FM (F1), and the induced spin accumulation at the
interface diffuses in the NM channel, forming a pure spin cur-
rent. The second FM (F2) electrode is used to detect the spin
current via an electric voltage. The spin injection efficiency
and the voltage signal are two key indicators for NLSV. Usu-
ally, for the NLSV with FM/NM interface (i.e., transparent
interface), the nonlocal resistance is only several milliohms,
far smaller than the output of local vertical spin valves [27–
31]. To increase the output voltage, the FM/insulator(I)/NM
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interface (i.e., tunnel junction) is suggested, and several
hundred milliohms are achieved [32–35]. Further increasing
the spin injection efficiency and effectively manipulating the
spin transport are still goals for designing the NLSV and
related devices [36,37].

In this work, we propose a type of NLSV structure as
shown in Fig. 1(b). The spin is injected into NM channel via
a vertical spin valve structure with two FM electrodes (F1
and F3) and detected by F2 electrode. We analytically study
the spin injection, transport, and detection based on the spin
drift-diffusion equations. We show that the spin injection effi-
ciency and the nonlocal resistance are increased by two times
compared with the usual NLSV structure with a single FM
injecting electrode. Numerical simulations confirm the analyt-
ical results. Moreover, by manipulating the relative directions
of the magnetizations of two injecting FM as well as the de-
tecting FM electrodes, we can get three or four output states.
This feature is exploited to design three-state logical gates.

II. THEORETICAL MODEL

The spin transport in FM electrodes and NM channel is
studied based on the spin drift-diffusion equations which are
given by the following equations [18]:

∇2(σ↑μ↑ + σ↓μ↓) = 0, (1)

∇2(μ↑ − μ↓) = (μ↑ − μ↓)

λ2
. (2)

Here, μs is the electrochemical potential for spin channel
s = ↑ or ↓, σs is the electrical conductivity, and λ is the
spin diffusion length. The electrical conductivities in NM
are spin independent, i.e., σN↑ = σN↓ = 1/(2ρN ), and ρN is
resistivity. Those in ferromagnetic layers are spin dependent:
σF↑(↓) = 1/{2ρF [1 − (+)β]} for the FM with local magne-
tization along ↑, and σF↑(↓) = 1/{2ρF [1 + (−)β]} when the
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FIG. 1. (a) Sketch of the typical NLSV. Electric current I0

flowing from F1 to the left side of NM channel generates a spin
accumulation at F1/N interface. The spin current is detected by
measuring the spin-dependent voltage V2 between F2 and NM. (b)
Sketch of the new NLSV with adding F3. Electric current I0 flowing
from F1 to the F3 generates a spin accumulation at the F1/N/F3
interface. The coordinates xF1, xF2, and xF3 represent the locations
of F1, F2, and F3, respectively.

magnetization is along ↓. ρF is resistivity and β is the electric
current polarization.

Inside each layer, the electrical current density js is
determined by the gradient of the spin electrochemical
potential,

j↑(↓) = σ↑(↓)

e
∇μ↑(↓). (3)

Here, e = |e| represents the electron charge. Across the
FM/NM (or FM/I/NM) interface, the interfacial current
density j i

s is determined by

μ↑(↓)(y
i
+) − μ↑(↓)(y

i
−) = r↑(↓)e[j i

↑(↓)], (4)

where yi is the coordinate of the interface. For the interface
with local magnetization M along ↑, the spin-dependent
boundary resistance for a unit surface is r↑(↓) = 2rb[1 −
(+)γ ], and for opposite magnetization M (along↓), r↑(↓) =
2rb[1 + (−)γ ]. Here, γ is the interfacial spin asymmetry
coefficient, and rb is the interface resistance parameter.

The spin current density jsp and spin accumulation dμ

are defined as jsp = j↑−j↓ and dμ = (μ↑ − μ↓)/2, respec-
tively. The dμ is detected electrically as a voltage drop
in the detection terminal F2/N, and the nonlocal resistance
is obtained as Rs = μdif/(|e| × I0). Here, μdif = [(μ↑ +
μ↓)/2]y=y(F2) − [(μ↑ + μ↓)/2]x=x(N ). [(μ↑ + μ↓)/2]x=x(N )

represents the total electrochemical potential at the right end
of the NM layer, and [(μ↑ + μ↓)/2]y=y(F2) is the potential at
the end of the F2.

III. ANALYTICAL SOLUTION

In the following, the above spin drift-diffusion equations
are solved analytically for the NLSV with double-FM injec-
tion electrodes as shown in Fig. 1(b). In the F1, F2, and F3
electrodes, the solutions of Eqs. (1) and (2) take the form

μF1
s = μ̄F1 − s(1 − sβ )K1

F ey/λF ,

μF2
s = μ̄F2 − s(1 − sβ )K2

F ey/λF ,

μF3
s = μ̄F3 − s(1 − sβ )K3

F e−y/λF .

(5)

Here, the spin channel s equals +(−)1 for the electron spin
parallel (antiparallel) to the local magnetizations MF1, MF2,
and MF3. The Ki

F terms represent the spin accumulation in
the Fi electrode near Fi/N interfaces (i = 1, 2, and 3).
μ̄F1 = (I0/AF1)eρF (1 − β2)y + eV1 and μ̄F3 =
(I0/AF3)eρF (1 − β2)y + eV3 are linear with y, representing
the charge current I0 in F1 and F3. The interface area
AF1 = wF1 × wN and AF3 = wF2 × wN . Here, wF1 and wF2

are the width of F1 and F2 along x, and wN is the width
of N along z. μ̄F2 = eV2 is a constant potential with no
charge current in F2. V1, V2, and V3 are the voltage drops
(μ̄F − μ̄N )/e at the FM-NM interfaces. Combining Eq. (3),
the spin current I Fi

sc = AFi × jsp is expressed as

I F1
sc = m1βI0 − m1AF1

λF eρF

K1
F ey/λF ,

I F2
sc = −m2AF2

λF eρF

K2
F ey/λF , (6)

I F3
sc = m3βI0 + m3AF3

λF eρF

K3
F e−y/λF .

Here, mi = +(−)1 for the Fi with local magnetization
along ↑(↓). In the NM channel with thickness tN � λN , the
spin accumulation is almost uniform across the y axis, and
thus μs only varies with x. The spin-dependent electrochemi-
cal potential has the form

μN
s (x) = μ̄N (x) − s

(
K1

Ne−|x−xF1|/λN

+K2
Ne−|x−xF2|/λN + K3

Ne−|x−xF3|/λN
)
. (7)

Here μ̄N (x) = 0 (ground level), and the second term on
the right side describes the potential shift of spin-up (s = 1)
and spin-down (s = −1) electrons. The Ki

N terms represent
the spin accumulations near Fi/N interfaces. In general,
the spin accumulation at the interface induces spin currents
propagating in the +x and −x directions simultaneously in
the NM channel. The continuity of the total spin current
at junctions Fi/N gives I

Fi/N
sc (x) = (2AN/λNeρN )Ki

N . Here,
the cross-sectional area AN = tN × wN .

Using the continuity conditions [18] for the spin and charge
currents at the interfaces, we can determine analytically the
variables Ki

F , Ki
N , V1, V2, and V3 in Eqs. (5)–(7). Here, we

focus on the output spin-dependent voltage V2 at F2, and
obtain the nonlocal resistance for the new NLSV,

Rs[↑F1↑(↓)F2↓F3] = V2

I0
=

+(−)2RN (e1 + e2)(pγβ − cβcγ e3)
(
cγ β RF

RN
+ cβγ RI

RN

)2

p3
γβ − 4c3

γ

R3
F

R3
N

− c2
βc2

r

(
e2

1 + e2
2 + e2

3

)
pγβ + 2c3

βc3
γ e1e2e3

, (8a)
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Rs[↑F1↑(↓)F2↑F3] = V2

I0
=

−(+)2RN (e1 − e2)(pγβ + cβcγ e3)
(
cγ β RF

RN
+ cβγ RI

RN

)2

p3
γβ − 4c3

γ

R3
F

R3
N

− c2
βc2

r

(
e2

1 + e2
2 + e2

3

)
pγβ + 2c3

βc3
γ e1e2e3

. (8b)

Here, we introduce pγβ = 2cγ RF /RN + 2cβRI/RN + cγ cβ , cβ = 1 − β2, cγ = 1 − γ 2, e1 = e−|xF2−xF3|/λN , e2 =
e−|xF2−xF1|/λN , and e3 = e−|xF3−xF1|/λN . RN = ρNλN/AN , RF = ρF (1 − β2)λF /AF , and RI = rb(1 − γ 2)/AF are the NM,
FM, and interface resistances, respectively. The same interface area AF1 = AF2 = AF3 = AF is adopted to simplify the
analytical results.

For tunnel junction interface (RI � RF ), the results become

Rs[↑F1↑(↓)F2↓F3] = +(−)
(e1 + e2)

2
γ 2RN, (9a)

Rs[↑F1↑(↓)F2↑F3] = −(+)
(e1 − e2)

2
γ 2RN. (9b)

In the limit of transparent interface (RI � RF ), the nonlocal resistances are obtained as

Rs[↑F1↑(↓)F2↓F3] = +(−)

(
e1 + e2

)
β2RN

( 2R2
F

R2
N

+ cβ (1−e3 )RF

RN

)

c2
β

(
3 − e2

1 − e2
2 − e2

3

) + c3
βRN

2RF

(
1 + 2e1e2e3 − e2

1 − e2
2 − e2

3

) , (10a)

Rs[↑F1↑(↓)F2↑F3] = −(+)
(e1 − e2)β2RN

( 2R2
F

R2
N

+ cβ (1+e3 )RF

RN

)

c2
β

(
3 − e2

1 − e2
2 − e2

3

) + c3
βRN

2RF

(
1 + 2e1e2e3 − e2

1 − e2
2 − e2

3

) . (10b)

Apparently, Rs is independent of the interface Ri in the aforementioned limited cases.

For numerical calculations, material parameters corre-
sponding to the Py/I/Cu system are adopted [18,31]. For
the ferromagnetic Py layer, the spin diffusion length is
λF = 5 nm, resistivity is ρF = 100 n� m, and polarization
is β = 0.7. For the Cu channel, the spin diffusion length
is λN = 700 nm and resistivity is ρN = 2 n� m. The tunnel
junction interface is described by a large enough interface
resistance rb > 1 × 10−12 � m2, and spin asymmetry coeffi-
cient γ = 0.4 is assumed.

The distributions of spin accumulation dμ are shown in
Fig. 2. The geoparameters are wF1 = wF3 = wF2 = 40 nm,

FIG. 2. Spatial variation of the spin accumulation dμ = (μ↑ −
μ↓)/2 in the F1/I/N/I/F3 injection terminal for antiparallel (a) and
parallel (b) MF1 and MF3, and in the NM channel (c). Solid squares
and open circles are numerical and analytical results, respectively.
Here, xF1 = xF3 = 0, and xF2 = 700 nm.

wN = 100 nm, and tN = 11 nm. F1 and F3 are located at the
same position, xF1 = xF3 = 0. The injected electric current
density j0 = I0/(wF1 × wN ) is set to be 1 × 1012 A/m2. One
can control the spin accumulation by manipulating the relative
directions of the magnetizations of the two injecting FM
electrodes. When MF3 is parallel to MF1 [Fig. 2(b)], the
injected spin from the F1 electrode easily transmits through
the F1/I/N and N/I/F3 interfaces, and the accumulation is
totally switched off. In the case that MF1 and MF3 are an-
tiparallel with each other, most of the injected spin-polarized
current is reflected by the N/I/F3 interface. As a result, a
large spin accumulation dμ is generated in the N channel
[Fig. 2(a)]. The obvious discontinuities at F1/I/N and N/I/F3
interfaces are caused by a very large interface resistance
parameter rb in Eq. (4). If rb = 0, dμ is expected to be
continuous at the interface. The injected spin accumulation
diffuses in the NM channel and exhibits exponential decaying
with distance as shown in Fig. 2(c). At F2/I/N, the tunnel
junction interface makes dμ discontinuous, and the spin ac-
cumulation in N is not aborted by F2. (dμ ≈ 0 in F2 is not
shown).

The dependences of nonlocal resistances on the F2 po-
sition xF2 and the NM thickness tN are shown in Figs. 3
and 4, respectively. Here, the results are calculated from
Eq. (9), and xF1 = xF3 = 0. Rs varies inversely with tN
and decays exponentially with distance L = xF2−xF1 be-
tween the injecting and detecting electrodes. For L =
700 nm (xF2 = 700 nm and xF1 = xF3 = 0) and tN = 11 nm,
Rs[↑F1↑(↓)F2↓F3] = ±77.5 m� when the magnetizations
MF1 and MF3 of two injection FM electrodes are antiparallel.
When MF1 and MF3 are parallel, the spin injection is switched
off, and Rs (↑F1↑F2↑F3) = Rs (↑F1↓F2↑F3) = 0 [e1−e2 = 0 in
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FIG. 3. Dependence of the nonlocal resistance amplitude |Rs |
on xF2 for the tunnel junction interface with (circles) and without
(squares) F3. The solid and open dots are analytical and simulated
results, respectively. Here, xF1 = xF3 = 0.

Eq. (9b)]. For comparison, the nonlocal resistances of the
typical NLSV (i.e., without F3) are also calculated in Figs. 3
and 4. In this case the expression for nonlocal resistance
is Rs[↑F1↑(↓)F2] = ±γ 2RNe2/2 according to Ref. [18]. We
see that the nonlocal resistances are enhanced by two times
if the spin injection is implemented via two FM electrodes.
The enhancement effect is reflected on the factor (e1 + e2) in
Eq. (9a).

By staggering positions of F1 and F3, i.e., xF1 �= xF3, we
can further manipulate the spin accumulation and nonlocal
resistance. Figure 5 shows the variation of nonlocal resistance
Rs with the distance �x(=xF3 − xF1) between the two inject-
ing FM electrodes F1 and F3. When the magnetizations of
two injecting FM electrodes MF1 and MF3 are antiparallel,
Rs[↑F1↑(↓)F2↓F3] increases (or decreases) with the F3 elec-
trode approaching (or leaving) the detecting electrode F2 and
reaches maximum at xF3 = xF2. For parallel MF1 and MF3,
the injected spin accumulation dμ from F1/N and F3/N inter-
faces cannot cancel each other when xF1 �= xF3, and negative
Rs (↑F1↑F2↑F3) or positive Rs (↑F1↓F2↑F3) is detected by the

FIG. 4. Dependence of the nonlocal resistance amplitude |Rs |
on tN for the tunnel junction interface with (circles) and without
(squares) F3. The solid and open dots are analytical and simulated
results, respectively. Here, xF1 = xF3 = 0, and xF2 = 700 nm.

Transparent

FIG. 5. Nonlocal resistance Rs as a function of the position xF3

of F3 for the tunnel junction interface (a) and transparent interface
(b). Here, xF1 = 0 and xF2 = 700 nm. The solid and open dots are
simulated and analytical results, respectively.

F2 electrode. Importantly, four different output states can be
generated through controlling the magnetization directions of
F1, F2, and F3 electrodes, which is very useful for designing
spin logic devices.

It is noteworthy that for the transparent interface
(RI � RF ), Eq. 10(a) becomes Rs[↑F1↑(↓)F2↓F3] =
+(−)(2β2/c2

β )RN (R2
F /R2

N )e2/(1 − e2
2 ) when xF1 = xF3,

which is the same as the expression Rs[↑F1↑(↓)F2]
for the NLSV with single injecting FM electrode [18],
meaning the spin injection is not significantly improved
by adding F3 for the transparent interface. However, the
spin injection via two FM electrodes still plays its role if
the two electrodes are shifted from each other (xF1 �= xF3)
as shown in Fig. 5(b). Here, rb = 0.25 × 10−15 � m2 is
used for transparent interface. Four output states are still
attainable although Rs becomes much smaller. The influence
of the interface resistance rb on the nonlocal resistance is
analytically calculated and shown in Fig. 6. For a small
rb(<2 × 10−13 � m2), Rs increases rapidly with rb. When
rb is in the region of tunnel junction (rb > 2 × 10−13 � m2),
Rs is mainly determined by RN according to Eq. (9), and it
barely changes in this region.

IV. SIMULATIONS

To confirm the analytical results, we perform simulations
based on the spin drift-diffusion equations [Eqs. (1) and
(2)] with the interface condition Eq. (4). The same material
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FIG. 6. Dependence of the nonlocal resistance amplitude |Rs|
on the interface resistance parameter rb with (circles) and without
(squares) F3. The solid and open dots are analytical and simulated
results, respectively.

parameters in the analytical calculation are used here. The
finite-difference method is adopted in simulations. The fol-
lowing assumptions are adopted: the thickness (y direction) of
ferromagnetic electrodes (F1, F2, and F3) is much larger than
the spin diffusion length λF , the width wN (z direction) of
NM channel is much smaller than λN , and the spin diffusions
in the z direction are neglected. Under these assumptions,
F1, F2, F3 electrodes and NM channel are discretized as
two-dimensional (x−y plane) wires with the cell size 1 nm ×
1 nm. The electric current j0 is injected from F1 into F3
electrodes, and j0 = j↑ + j↓. The boundary condition jsp =
0 (i.e., j↑ = j↓) is adopted for the vacuum interface. At
the FM/NM interface, jsp is determined by Eq. (4). All the
simulation results are plotted in Figs. 2 –6 together with
the analytical results. It can be seen that the simulations
and analytical solutions are in full agreement, confirming the
validity of the analytical results.

V. DESIGNING OF THREE-STATE LOGIC

We see that the spin injection via two FM electrodes not
only raises the injecting efficiency significantly, but also pro-
vides three and even four output states. The latter is important
for device design. For the typical NLSV with single injecting
electrode F1 [Fig. 7(a)], the output signal (nonlocal resistance
Rs) changes its sign when the magnetization MF1 of the input
electrode and MF2 of the output electrode reorientate from
parallel to antiparallel through external field B as shown in
Fig. 7(a). Here, only two output states are attainable, i.e.,
Rs[↑F1↑F2(↓F2)] = +(−)|R0|. If the second injecting elec-
trode is added to the NLSV, by manipulating the relative
orientation of magnetizations of two injecting electrodes (F1
and F3) and detecting electrode (F2), we can obtain three out-
put states as shown in Fig. 7(b), i.e., Rs[↑F1↑F2(↓F2)↓F3] =
+(−)|R0| and Rs[↑F1↑F2↑F3]= Rs[↓F1↓F2↓F3] = 0.

It has been well established that the dual output states of
typical NLSV can be used for logical operation [23,24]. By
defining two output states as state “0” and state “1,” one
can construct logic circuits based on this feature. Here, by
adding the second injecting electrode F3, we are able to realize

FIG. 7. Nonlocal resistance Rs as a function of magnetic field B
for the NLSV without (a) and with (b) F3. Initially, the directions of
MF1, MF2, and MF3 are all ↑. With increasing B, the magnetizations
of F3, F2, and F1 are reversed one by one due to their different
coercivities, giving three output states. Here, xF1 = xF3 < xF2.

the other well-known logical unit, called “three-state logic”
[38]. In some operations, one needs to remove the output
(0 or 1 logical level) of logic unit from the circuit, without
breaking the circuit. To achieve this purpose in the electric
circuit, the electronic three-state logic needs to provide a high
impendence state, in addition to the 0 and 1 states [38]. Here,
the all spin-based three-state logic is easily achieved based on
our design: In the case of antiparallel MF1 and MF3, the output
can be negative (defined as 0 logical level) or positive (defined
as 1 logical level), depending on the relative direction between
MF1 and MF2. Switching to the parallel MF1 and MF3, the
output voltage becomes zero independent of MF2, meaning
the logical unit is removed from the circuit. This is equivalent
to the high impendence state in the electric circuit. Besides,
by shifting the two spin injecting electrodes apart from each
other, one can achieve four output states as shown in Fig. 8.

FIG. 8. Nonlocal resistance Rs as a function of magnetic field B.
Here xF2 = xF3 > xF1 and F2 and F3 are antiferromagnetic coupled.
With decreasing magnetic field B, four output states appear sequen-
tially. Each corresponds to different alignment of magnetizations
MF1, MF2, and MF3.
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The four spin states can be exploited to designing spintronic
devices.

VI. CONCLUSION

To summarize, we proposed a NLSV structure with the
vertical FM/I/NM/I/FM configuration in the spin injection
terminal to improve the spin injection efficiency and the
output spin signal. Adopting spin drift-diffusion simulation,
we proved that the NLSV structure can enhance the output
voltage by two times comparing with the usual NLSV with a
single FM injecting electrode. Varying position of the added

FM, the output can be further improved. Besides, our pro-
posed NLSV can output three and even four different states,
which is really desirable for designing spintronic devices,
such as all spin-based three-state logic or four-state device.
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(London) 447, 573 (2007).

[25] F. J. Jedema, A. T. Filip, and B. J. van Wees, Nature (London)
410, 345 (2001).

[26] P. Chuang, S.-C. Ho, L. W. Smith, F. Sfigakis, M. Pepper, C.-H.
Chen, J.-C. Fan, J. P. Griffiths, I. Farrer, H. E. Beere, G. A. C.
Jones, D. A. Ritchie, and T.-M. Chen, Nat. Nanotechnol. 10, 35
(2014).

[27] T. Kimura and Y. Otani, Phys. Rev. Lett. 99, 196604 (2007).
[28] S. Satoshi, H. Susumu, T. Masayuki, K. Yuzo, and I. Hitoshi,

Appl. Phys. Express 8, 023103 (2015).
[29] Y. Ji, A. Hoffmann, J. E. Pearson, and S. D. Bader, Appl. Phys.

Lett. 88, 052509 (2006).
[30] S. Oki, S. Yamada, K. Tanikawa, K. Yamasaki, M. Miyao, and

K. Hamaya, Appl. Phys. Lett. 103, 212402 (2013).
[31] S. O. Valenzuela and M. Tinkham, Appl. Phys. Lett. 85, 5914

(2004).
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