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Infrared spectrum of single-walled boron nitride nanotubes
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Using the spectral moment’s method, the infrared spectra of single-walled boron nitride nanotubes are
calculated. The dependence of these modes has been calculated as a function of the nanotube chirality, diameter
(from 0.7 to 5 nm), and length. These predictions are useful for understanding the experimental infrared spectra
of boron nitride nanotubes.
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I. INTRODUCTION

Since their discovery, carbon nanotubes (CNTs)1 and
boron nitride nanotubes (BNNTs)2 have been receiving an
ever-increasing interest due to their particular properties and
potential application in nanodevices.3–5 In contrast to CNTs,
which can be either semiconducting or metallic, depending on
the chirality of the tube and diameter,6,7 BNNTs are always
semiconducting. The band gap of a BNNT was theoretically
predicted to be approximately equal to that of h-BN (around
5 eV) independent of their diameter, chirality, and wall
numbers.8,9 However, recent experiments have shown that this
band gap was higher than 5.5 eV.10 The stability of BNNTs
was first predicted based on tight-binding8 and first-principles9

calculations.
A variety of growing methods, such as arc discharge,2,11,12

laser ablation,13,14 ball milling,15,16 chemical vapor deposition
(CVD),17–20 and substitution reaction,21 were developed to
synthesize multiwalled boron nitride nanotubes (MBNNTs).
Recently, Lee et al.22 have prepared MBNNTs by thermal
chemical vapor deposition. The diameters of the MBNNTs
prepared by this route were evaluated by scanning electron
microscopy. They range from 10 to 100 nm, depending on the
growing parameters, and their length is estimated to be longer
than 10 μm. More recently, Guo et al.23 showed that MBNNTs
appear in bundles with a width close to 50–70 nm or as a single
tube with a diameter around 5–20 nm.

By contrast to CNTs for which Raman resonance conditions
are achieved in the visible and IR range, Raman spectroscopy
is not an easy tool to characterize BNNTs because their
resonance conditions occurs in the UV range. Due to the
existence of a dipolar moment between N and B atoms, IR
spectroscopy can be used to characterize BNNTs. In MBNNT
samples, the IR spectrum shows two main absorption bands
located around 805–815 and 1369–1390 cm−1. The position
of the IR modes in each range is sample dependent (see
Table I). The mode in the 1369–1390 cm−1 band originates
from the in-plane stretching modes of h-BN networks. The
weak absorption in the 805–815 cm−1 range is associated with
the out-of-plane radial buckling (R) mode where boron and
nitrogen atoms are moving radially inward or outward. Up to
now, no experimental evidence of infrared-active modes has
been reported in the far-IR region.

In this paper we focus on the infrared-active modes
of single-walled boron nitride nanotubes (SBNNTs). The
structures of the armchair, zigzag, and chiral nanotubes are
described by the symmetry groups C2nh, C2nv , and CN ,
respectively.27 Group-theoretical analysis27,28 reveals that four
A and five E1 modes for a chiral SBNNT (�chi

ir = 4A ⊕ 5E1),
three A1 and five E1 modes for a zigzag SBNNT (�zig

ir =
3A1 ⊕ 5E1), and one Au and three E1u modes for an armchair
SBNNT (�arm

ir = Au ⊕ 3E1u) are infrared active.
The phonons of individual SBNNTs have been calcu-

lated with different approaches: valence-shell model,28 tight-
binding approach,29 force-constant model,30 and ab initio
calculations.31–33 It must be emphasized that these approaches
do not permit us to calculate the phonons in SBNNT with a
large diameter or finite length due to the significant number of
atoms, which is necessary to take into account. The spectral
moments method (SMM) is an alternative way to solve this
latter problem. The moments method was initially developed
by different authors studying electronic properties in solid-
state physics.34,35 A few years ago, the SMM was shown to
be a powerful tool for determining infrared absorption, Raman
scattering, and inelastic neutron-scattering spectra of harmonic
systems.36–40 This method can be applied to large systems,
whatever the type of atomic forces, the spatial dimension, and
structure of the material. This method was previously used to
study the dynamical properties of different disordered systems
having more than 106 degrees of freedom, as is the case with
Sierpinski gaskets,37 silica aerogels,38 and diffusion-limited
cluster-cluster aggregates.39,40 The SMM was recently used
to calculate IR and Raman spectra of carbon nanotubes41–45

and peapods.46–48 The nonresonant Raman spectra of SBNNTs
have been calculated49 using the force-constant model of Xiao
et al.30 and the spectral moments method36 in the framework
of the bond-polarization theory. A good agreement with group
theory prediction was found. Particularly, in good agreement
with the theoretical results,28,30,31 it was shown that the radial
breathing-mode wave number is inversely proportional to the
nanotube diameters, and no chirality effect is evidenced.

In this paper, we use the spectral moments method to calcu-
late the infrared spectra of individual finite and infinite single-
walled boron nitride nanotubes. In Sec. II, we present the struc-
ture of SBNNTs, the dynamical model, and the computational
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TABLE I. Infrared experimental data in MBNNT.

Reference IWN HWN

Ref. 22 800/815 1369
Ref. 24 805 1380
Ref. 25 810 1390
Ref. 26 813 1389

technique. Calculation for SBNNTs with different diameters
(0.7–5 nm), chiralities (armchair, zigzag, and chiral), and
lengths are reported in Sec. III. In the same section, a compari-
son between experimental IR data and calculations is reported.

II. MODELS AND COMPUTATIONAL METHOD

A single-walled BN nanotube can be obtained from an h-
BN sheet by rolling it up along the straight line connecting two
equivalent lattice points into a seamless cylinder in a way that
the two points coincide. Following the usual terminology of
reference,6 the tube can be specified by integers (n,m), which
define the chiral vector between the two points. Alternatively,
the tube can be described by its diameter D and the chiral angle
θ , which is the angle between the chiral vector and the nearest
zigzag of B-N bonds. The SBNNT chirality can be classified
into two types: achiral tubes, including armchair (n,n) and
zigzag (n,0) SBNNTs, and chiral SBNNTs (n,m �= n �= 0).

To calculate the phonon modes in SBNNT, it is necessary
to start from an accurate model which reproduces the phonon
dispersion curves of the two-dimensional (2D) hexagonal
h-BN layer measured from high-resolution electron energy
loss spectroscopy.50 By using a Born–von Karman model and
by taking into account interactions up to the fourth neighbors
both for force constants in the plane and out of plane, Xiao
et al.30 provide a reasonable description of the experimental
phonon dispersion curves of the h-BN layer. In a nanotube, the
force-constant matrix between the i and j atoms is obtained
by rotating the B-N chemical bond from the two-dimensional
plane of h-BN to the three-dimensional cylindrical coordinate
system of a nanotube. Infrared absorption measurements
performed on multiwalled BN nanotubes show two strong
peaks located around 800 and 1380 cm−1 (Refs. 20, 22, 24–26).
In order to reproduce the experimental position of these IR
features, the first-nearest-neighbor force constants of the Xiao
model are slightly modified. The modified Xiao force constants
are given in Table II, where the subscripts r , ti , and to refer
to stretching, in-plane bending, and out-of-plane bending,
respectively. No significant changes have been obtained for

TABLE II. Force-constant parameters for 2D h-BN in units of
104 dyn cm−1. Here the subscripts r , ti , and to refer to radial, transverse
in plane, and transverse out of plane, respectively.

Radial Tangential

φ1
r = 40.50 φ1

t i = 9.50 φ1
to = 7.50

φB−B
r = 7.00 φB−B

ti = −3.23 φB−B
to = −0.70

φN−N
r = 8.00 φN−N

ti = −0.73 φN−N
to = −0.55

φ3
r = 1.00 φ3

t i = −3.25 φ3
to = 0.65

φ4
r = −1.90 φ4

t i = 1.29 φ4
to = −0.30

(10,10) BNNT phonon dispersion curves with the new set of
parameters in comparison with Xiao ones (Fig. 1 of Ref. 30).

The IR absorption spectrum Iα(ω) is given by51

Iα(ω) = ω

nc

∑

j

|ajα|2
2ωj

[δ(ω − ωj ) − δ(ω + ωj )], (1)

with

ajα =
∑

k

qk√
Mk

ej (kα), (2)

where n and c are, respectively, the refractive index of the
material and the speed of light. qk is the effective charge tensor,
and Mk is the mass of the kth atom. ωj and ej (kα) are the
wave number and the (kα) component of the displacement
amplitude for the kth atom (α is Cartesian coordinate) in the
j th mode. A usual method to calculate the IR spectrum consists
of injecting in the previous expressions the values of ωj and
ej (kα) obtained by direct diagonalization of the dynamical
matrix D̃ of the system by resolving

D̃|j 〉 = ω2
j |j 〉 (3)

However, when the system contains a large number of
atoms, as for long tubes of finite length, the dynamical matrix
D̃ is very large, and its diagonalization fails or requires long
computing time. In contrast, the spectral moments method
allows us to compute directly the IR spectrum of very
large harmonic systems without any diagonalization of the
dynamical matrix.36,38 Otherwise, for small samples, both
approaches lead exactly to the same position and intensity
for the different peaks.

Considering the symmetrical function �(ω), where a(j ) is
given by Eq. (2),

�(ω) =
∑

j

|a(j )|2
2ωj

[δ(ω − ωj ) + δ(ω + ωj )]. (4)

This function is identical (for ω > 0), apart from constants,
to a component of the IR absorption [Eq. (1)] for a given
polarization. The response of the system is given by the
function �(ω), which can be further written as

J (u) =
∑

j

|a(j )|2δ(u − λj ), (5)

where u = ω2 and λj = ω2
j .

J (u) can be directly carried out from the dynamical
matrix D̃ and from the effective charge tensor, without any
diagonalization. In fact, it is easy to show that

J (u) = − 1

π
lim

ε→0+
Im[R(z)], (6)

where z = u + iε and R(z) = 〈q|(zĨ − D̃)−1|q〉. The (δn)
component of the |q〉 vector is given by the expression

〈δn|q〉 = qn√
Mn

, (7)

which is supposed to be known for a given (δ) component of
the IR absorption.
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FIG. 1. The (bottom) IZ(ω) and (top) IX(ω) polarized infrared spectra calculated for a (10,10), (14,5), and (17,0). Spectra are displayed in
the (left) low-, (middle) intermediate-, and (right) high-wave-number regions.

The spectral moments method consists of developing R(z)
in a continued fraction:

R(z) = b0

z − a1 − b1

z−a2− b2

z−a3− b3
...

, (8)

where the coefficients an and bn are given by

an+1 = ν̄nn/νnn; bn = νnn/νn−1n−1; b0 = 1. (9)

The spectral generalized moments νn and ν̄n of J (u) are
directly obtained from the dynamical matrix D̃.

νnn = 〈qn|qn〉; ν̄nn = 〈qn|D̃|qn〉, (10)

with
|qn+1〉 = (D̃ − an+1)|qn〉 − bn|qn−1〉;

(11)
|q−1〉 = 0; |q0〉 = 1.

Iterations enable the computation of expression (8) and then
the function I (ω). Each element of the dynamical matrix D̃ is
given by

Dαβ(n,m) = 1√
MnMm

φαβ(n,m), (12)

with φαβ(n,m) being the force constants between n and m

atoms.

The wave numbers of the infrared-active modes were
directly obtained from the position of the peaks in the
calculated IR spectra. In all the following calculations, the
line shape of each peak is assumed to be Lorentzian, and
the width is fixed at 1.7 cm−1.

The IR intensity depends on the dynamic dipolar moment
variation (or effective charge ratio qB/qN ) between nitrogen
and boron atoms for BNNTs systems. In the literature and
to the best of our knowledge, there is no calculation of the
effective charge on SBNNT. In this work, in order to enhance
the IR response of nanotubes, effective charges on boron
and nitrogen atoms are fixed at qB = +1 and qN = −1 for
a given B-N bond. Consequently, the intensities obtained in
this work cannot be compared to the experimental spectra.
However, these results can be used to analyze the dependence
in intensity of a mode with diameter or chirality. Finally, the
SMM predictions concerning the number and position of IR
lines as a function of diameter, length, and chirality do not
depend on the charge ratio qB/qN , and the SMM predictions
can help to interpret the IR experimental data.

III. RESULTS AND DISCUSSION

We report the calculations of the infrared responses of
achiral and chiral SBNNTs of different diameters and lengths.
In all the calculations, the nanotube axis is along the Z axis.
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FIG. 2. (Color online) Infrared-active-mode atomic displacements and symmetries for selected normal modes in the (17,0) SBNNT.

A. Symmetry of the IR-active modes

Calculations are first performed on infinite SBNNTs which
are obtained by applying periodic conditions on the unit
cells of the nanotube. The symmetries of the infrared-active
modes are directly derived from the polarized IZ(ω) and IX(ω)
spectra. Indeed, it was established that the Au (E1u) IR mode
of an armchair SBNNT, the A1 (E1) IR modes of zigzag
SBNNT, and the A (E1) IR modes of chiral SBNNTs are
active in the IZ(ω) [IX(ω)] spectrum.27 The IZ(ω) and IX(ω)
spectra of (10,10), (14,5), and (17,0) SBNNTs are displayed
in Fig. 1.

In the high-wave-number (HWN) range, above 1200 cm−1,
the IX(ω) and IZ(ω) polarized spectra are dominated by strong
IR-active modes. The IX(ω) spectra show that the E1u mode is
calculated around 1392 cm−1 in (10,10) armchair SBNNT, the
two E1 modes, located around 1391 cm−1, are accidentally
degenerated in the (17,0) zigzag SBNNT, and the two E1

modes are found at 1391 and 1392 cm−1 in the spectrum

of the (14,5) SBNNT. The IZ(ω) spectra evidence that the Au

mode is located at 1393 cm−1 for the (10,10) armchair SBNNT,
and the A1 mode is found at 1394 cm−1 for the (17,0) tube.
For the (14,5) chiral nanotube, two A1 modes located around
1390 cm−1 (with a very weak intensity) and 1393 cm−1 are
predicted.

The eigenvector displacements of the modes of (17,0)
SBNNT are given in Fig. 2 (the arrows indicate the magnitude
and direction of B and N atom displacements). These vectors
allow us to identify the longitudinal or transverse character
of the optical modes. In the HWN range, all the modes are
tangential modes. With respect to the tube axis, the strong E1

mode is a transverse optical mode [Fig. 2(a)], and the E1 mode,
with a weak intensity, and the A1 mode [Fig. 2(b)] are longitu-
dinal optical modes. Also, as evidenced from their eigenvector
displacements (not shown), in the (14,5) chiral SBNNT, the
E1 mode, close to 1391 cm−1, is a longitudinal optical mode,
and the strong mode at 1392 cm−1 is a transverse one.
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FIG. 3. Dependence of the low-wave-number infrared spectrum
as a function of the chiral angle θ : IZ(ω) (dashed line) and IX(ω)
(solid line). All the spectra are displayed with the same intensity
scale.

Concerning the intermediate-wave-number (IWN) region,
from 600 to 1200 cm−1, independently of the SBNNT chirality,
the IX(ω) spectrum is dominated by a strong single mode
located around 797 cm−1 of E1u (E1) symmetry for armchair

(zigzag and chiral) SBNNTs. This mode corresponds to an
out-of-plane mode with radial displacements of B and N atoms
in the opposite directions, as illustrated in Fig. 2(c). There are
two nodes along the circumference and all boron atoms move
inward (outward), while all nitrogen atoms move outward
(inward) on both sides of the nodes. In good agreement with
theoretical results,28,29,31–33 no IR-active mode appears for the
armchair tube in the IZ(ω) spectrum. A single mode of A1

(A) symmetry, located around 801 cm−1, was found for the
(17,0) zigzag [(14,5) chiral]. As shown in Fig. 2(d), this mode
is an out-of-plane mode with radial displacements of B and N
atoms in the opposite directions: all boron atoms move inward
(outward) when all nitrogen atoms move outward (inward).

In the low-wave-number (LWN) range (<600 cm−1), the
IZ(ω) spectrum shows a single mode (A1 symmetry) centered
at 148 cm−1 for the (17,0) tube and a mode (A symmetry)
for the (14,5) tube. No mode is calculated for the (10,10)
armchair tube. This mode is assigned to the radial breathing
mode (RBM) of the tube, and all atoms in the unit cell move
in phase in the radial direction [Fig. 2(e)]. Our calculations
confirm that this RBM is only IR active for chiral and zigzag
tubes, in good agreement with tight-binding29 and ab initio31,32

calculations.
In the IX(ω) spectrum, two E1 modes located around 88

and 214 cm−1 are predicted for (14,5) and (17,0) SBNNTs,
and a single E1u mode at 210 cm−1 is calculated for the
(10,10) armchair tube. The E1 (88 cm−1) mode corresponds
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FIG. 4. Diameter dependence of the wave numbers of the main infrared-active modes of SBNNTs: modes observed in the IZ(ω) spectrum
(circles) and modes observed in the IX(ω) spectrum (crosses).
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TABLE III. The a, b, and c parameters for the a/D and a/D + b/D2 + c dependences of the modes as a function of the tube diameter D.
Units are as follows: a, nm cm−1; b, nm2 cm−1; c, cm−1.

Range Mode Symmetry Parameters Zigzag Armchair Chiral

LWN A 198.71 198.53
El a 116.60 116.88
Eh 287.05 286.77 287.16

a 2.03 1.94
IWN A b 11.20 11.38

c 793.22 793.22

a 9.17 7.32 5.51
E b − 1.00 0.85 2.11

c 791.30 791.81 792.37

a − 0.29
HWN Al b − 5.87

c 1393.38

a 0.75 − 0.68 0.84
Ah b 0.34 − 0.056 − 0.92

c 1393.02 1393.61 1393.20

a 7.09 5.38 − 0.63
El b − 9.21 − 6.57 − 3.93

c 1391.37 1391.94 1393.63

a − 0.11 3.84
Eh b − 2.57 − 5.41

c 1393.92 1392.26

to a longitudinal mode with B and N atoms moving upward
(downward) on both sides of the nodes [Fig. 2(f)]. The E1

mode at 214 cm−1 corresponds to a mixing of tangential and
radial displacement of B and N atoms, as shown in Fig. 2(g).
There are two nodes along the circumference, and all boron
and nitrogen atoms move inward (outward) for the radial
component and upgrade (downgrade) for the tangential one
on both sides of the two nodes.

To illustrate the chirality dependence of the infrared-active
modes in the low-wave-number range, the calculated IX(ω)
and IZ(ω) spectra are displayed for five values of the chiral
angle θ (0◦, 10◦, 15◦, 20◦, and 30◦), associated with (17,0),
(17,3), (14,5), (14,7), and (10,10) SBNNTs, respectively
(Fig. 3). We observe for both polarized infrared spectra
an oscillatory wave number behavior of the modes which
is related to the variations in the diameter of the selected
SBNNTs: 1.35 nm (17,0), 1.48 nm (17.3), 1.35 nm (14,5),
1.47 nm (14,7), and 1.37 nm (10,10). On the IZ(ω) spectrum
(dashed lines), the increase of θ from 0◦ (zigzag) to 30◦
(armchair) leads to the progressive vanishing of the mode
located around 148 cm−1, and for θ = 30◦ no mode was
observed. In the IX(ω) spectrum (solid lines) of zigzag SBNNT
a strong mode is calculated at 88 cm−1 and a small one is
calculated at 214 cm−1. The increase of θ from 0◦ to 30◦
leads to the rise of the intensity of the high-frequency mode
by contrast with the vanishing of the low-frequency mode.

B. Diameter and length dependence of the active modes

Figure 4 shows the diameter dependence of the wave
numbers of the IR-active modes (circles for A modes and
crosses for E modes) for armchair (left), zigzag (middle),

and chiral (right) SBNNTs. In the LWN and IWN ranges,
independent of the chirality, all the modes downshift with
increasing tube diameter. By contrast, in the HWN region, all
the modes upshift when the tube diameter increases, except
the A1 tangential mode of zigzag SBNNTs, which slightly
downshift when the diameter increases. One can see that
the LWN modes are strongly dependent on the diameter
in comparison with HWN and IWN modes. From these
results, and for SBNNTs in the diameter range 0.7–2.5 nm,
phenomenological relations which describe the diameter de-
pendence of the IR-active-mode wave numbers have been
derived.

In the HWN and IWN regions, we found that the diameter
dependence of the totally symmetrical A mode and degenerate
E mode wave numbers are well fitted by the phenomenological
relation:

ω = a/D + b/D2 + c, (13)

where D is the nanotube diameter. The a, b, and c parameters
are given in Table III for armchair, zigzag, and chiral
nanotubes. It must be emphasized that this previous expression
has a useful application for deriving the diameter of tubes
from the experimental infrared-active-mode wave numbers.
No physical meaning is attached to the values of the different
parameters of the fit.

For large diameters (D > 2.5 nm) and independent of
chirality, one can observe that all IWN modes overlap, and
a result is a single band with a wave number of 793 cm−1

close to the out-of-plane radial buckling mode. All HWN
tangential modes also overlap for large diameters to give a
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single band with a wave number of 1393 cm−1 close to the
in-plane stretching mode of h-BN.

In the LWN range, the dependence of the wave number
of the A and E modes as a function of tube diameter is
described by an a/D scaling law with the a parameter
depending on the mode symmetry (see Table III). The
value of this latter parameter is close to 116, 198, and
287 nm cm−1 for the lowest E (El) mode, RBM, and highest
E (Eh) mode, respectively, independent of chirality. This
behavior is close to the one calculated for the Raman-active
breathing modes using the same approach49 and ab initio
methods.28,29,31–33 Our fitting constants for RBM are consistent
with the values of 205 and 209.8 nm cm−1 obtained by Akdim
et al.33 for the zigzag and armchair tubes, respectively. In
comparison with carbon nanotubes for which a similar a/D

trend has been obtained,33,47,52 the values of the a parameter
are greater than those found in SBNNTs.

Finally, a great advantage of our method is to allow the
calculations of the IR spectrum for SBNNTs of finite lengths.
The calculated infrared spectra of finite SBNNTs, with open
ends, have been calculated. These spectra show the same
behavior as a function of the nanotube length, independent
of chirality. To illustrate the length dependence of the IR
spectrum, results for the (17,0) SBNNT are shown in Fig. 5
in the IWN (left) and HWN (right) regions. As expected,
additional modes are observed for small tube lengths. Our
calculations also state that the IR spectra of a 90-nm-length
nanotube is very close to those calculated for an infinite
SBNNT. Because the length of the majority of BNNTs tubes is

larger than 100 nm, calculations performed for infinite BNNTS
can be used to understand the experimental results.

Most of the infrared experiments are performed on
unoriented MBNNT samples. To make the comparison
with the experimental results as realistic as possible, we
performed an average of the infrared spectra over the nanotube
orientations with regard to the laboratory frame. In Fig. 6,
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we present the IR spectra calculated for unoriented samples
of (10,10), (14,5), and (17,0) SBNNTs. As expected from
symmetry considerations,27,28 we have obtained one Au

and three E1u modes for the armchair SBNNT, three A1

and five E1 modes for the zigzag SBNNT, and four A and
five E1 modes for the chiral SBNNT. Figure 6 shows that
for the tangential modes (>1200 cm−1), the IR spectrum
profile of SBNNT is sensitive to the chirality, with broader
bands expected for chiral and zigzag SBNNTs in comparison
with the armchair SBNNT. In this range, the three spectra
are dominated by modes located at 1390–1395 cm−1. The
intermediate region (from 600 to 1200 cm−1) is dominated
by a strong peak located around 800 cm−1 for all chiralities.
Concerning the low-wave-number range (<600 cm−1), one
can observe that the IR spectra profile depends on the chirality
of the nanotubes with a narrow single peak for the armchair
nanotube and three peaks for other chiralities.

As noted in the Introduction, only a few experimental
IR spectra have been measured on MBNNTs. Assuming no
coupling between the layers, we can compare these data with
our calculations performed on SBNNTs. In agreement with
our calculations, the spectra exhibit two main bands located
around 810 and 1390 cm−1 (Refs. 25 and 26). The experimental
broadening of the band centered around 1390 cm−1 can be
related to the distribution of peaks calculated in this range
(Fig. 6); by contrast, the narrow band measured around
810 cm−1 is in agreement with the presence of a narrow single
peak around 801 cm−1 in the calculated spectra of Fig. 6.

IV. CONCLUSION

In this paper, using the spectral moments method, calcula-
tions of the infrared spectra of single-wall boron nitride nan-
otubes are reported and discussed. Particularly, the polarized
infrared spectra for achiral and chiral SBNNTs are calculated
in a large range of diameters and lengths. In agreement with
group theory, our calculations predict four, eight, and nine
IR-active modes for armchair, zigzag, and chiral SBNNTs,
respectively. The behavior of the infrared-active modes as a
function of the tube diameter has been analyzed in detail.
The diameter dependence of the positions of the modes
in the low- and intermediate-wave-number ranges are well
fitted with a phenomenological expression. Our calculations
suggest a slight dependency of far-infrared modes on the
chirality. Like in single-walled carbon nanotubes, ω ∝ D−1

dependence has been obtained for IR modes in the far-infrared
range; however, their dependence is lower. The finite-size
effects are shown to be significant only for short tubes
(L less than 80 nm), and the main effect of the length
shortening is the appearance of additional peaks in the far
and intermediate infrared domain. All these predictions are
useful for understanding the experimental infrared spectra of
boron nitride nanotubes.
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