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The interaction of vacancies and hydrogen in an fcc iron bulk crystal was studied combining thermodynamic
concepts with ab initio calculations and considering various magnetic structures. We show that up to six H
atoms can be trapped by a monovacancy. All of the studied point defects �single vacancy, H in interstitial
positions, and H-vacancy complexes� cause an anisotropic elastic field in antiferromagnetic fcc iron and
significantly change the local and total magnetization of the system. The proposed thermodynamical model
allows the determination of the equilibrium vacancy concentration and the concentration of dissolved hydrogen
for a given temperature and H chemical potential in the reservoir. For H-rich conditions a dramatic increase in
the vacancy concentration in the crystal is found.

DOI: 10.1103/PhysRevB.82.224104 PACS number�s�: 61.72.J�, 05.70.�a, 81.05.Bx, 62.20.mm

I. INTRODUCTION

Hydrogen embrittlement of metals is one of the most fun-
damental problems in modern materials physics and directly
relevant to the large number of structural materials that are
adversely affected by hydrogen,1,2 including novel high-
strength steels and aluminum alloys. Despite being under
investigation already for centuries, a full understanding of
the responsible mechanisms in many metals is still lacking.
In particular the underlying physics of hydrogen embrittle-
ment is not known in modern high-strength austenitic steels,
where the fcc structure of Fe is, e.g., stabilized by the addi-
tion of Mn. Several mechanisms of hydrogen embrittlement
have been proposed in the past:1,3 �1� hydrogen-enhanced
decohesion, �2� formation of other, usually brittle phases �hy-
drides, martensite in steels�, �3� hydrogen-enhanced local-
ized plasticity, and �4� hydrogen trapping in voids �bubbles,
blisters�. None of these mechanisms alone can explain the
complex physics related to hydrogen embrittlement in vari-
ous material systems. Instead, a combination of them is sup-
posed to be responsible for hydrogen degradation of metals.

The activation of each of these mechanisms is related to
the interaction of dissolved H with defects of the crystal
structure. The concept of hydrogen-enhanced localized plas-
ticity, for example, assumes that H in the vicinity of a dislo-
cation reduces the energetic barrier for dislocation motion,
thus increasing its mobility and locally decreasing the yield
stress.4

The interaction of H with vacancies could potentially be
the reason for several hydrogen-related processes since va-
cancies serve as trapping centers for dissolved H and can
locally yield a critical H concentration sufficient for initiat-
ing several mechanisms of hydrogen embrittlement. Previous
ab initio calculations revealed that up to 12 H atoms can be
trapped by a monovacancy in Al,5 up to 6 in Pd,6 up to 5 in
bcc Fe.7 The formation energy of such vacancy-hydrogen
complexes is lower than the sum of the energies for incorpo-
rating a pure vacancy and isolated interstitial H atoms into
the bulk material. Therefore, the formation of H-vacancy
complexes simultaneously increases both the concentration
of vacancies and the total hydrogen content in the metal.
That such a phenomenon can have a very significant effect,

becomes apparent, e.g., in the case of Pd, where it leads to
the formation of up to 23% of vacancies in a hydrogen-rich
atmosphere.8 These high concentrations even result in the
formation of vacancy-ordered structures.9,10 After its first
discovery in Pd �Refs. 11–13� and also in Ni �Refs. 14 and
15� this effect is now known in many more material systems
such as in Ti,16 Pd-Rh alloys,17 Al,18 Mn,19 Fe,19,20 Cr,21 and
Co.19 The special case of supercritical vacancy concentration
is generally referred to as superabundant vacancy �SAV� for-
mation.

A reliable theoretical simulation of SAV formation can be
achieved when combining thermodynamic principles with ab
initio results for formation energies of vacancies, vacancy-
solute complexes and solution enthalpies of hydrogen in bulk
metals. Such an approach was proposed previously, e.g., by
Monasterio et al.22 for the interaction between vacancies and
solute hydrogen and carbon in bcc Fe. In their model, ab
initio formation energies of different point-defect clusters
were used for a minimization of a free energy functional. The
total concentration of vacancies and of carbon and hydrogen
atoms was kept constant during the simulation. Whereas this
assumption yields a reliable description at low temperatures,
where diffusion prevents equilibration, a thermodynamically
open model is needed for higher temperatures. Only in this
way can the dependence on hydrogen chemical potentials,
the high diffusivity of H, and the accelerated self-diffusion of
Fe �and vacancies formation� at sufficiently high tempera-
tures be considered. The work of Gavriljuk et al.23 is an
important step in this direction since it considers a
temperature-dependent concentration of equilibrium vacan-
cies based on a mean-field approximation.24,25 The total
amount of hydrogen in the Fe crystal however is assumed to
be constant. Maroevic and McLellan26 used Dirac statistics
to describe the distribution of hydrogen-vacancy complexes.
Their simulations were based on experimental information
for formation energies.14 However, the agreement with ex-
periment was unsatisfactory.13 A semiempirical model of va-
cancy concentration was also proposed by Fukai27 based on
Maxwell-Boltzmann statistics, which is expected to be a re-
liable approach at small concentration. Similar to the previ-
ous work, experimental input parameters and only an aver-
age number of H atoms trapped by vacancies were
considered. Using this scheme, a much better agreement with
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experiment could be achieved. A very promising approach
has been recently suggested by Ji et al.28 They have de-
scribed SAV formation in Al using a grand canonical en-
semble, and treating the chemical potentials of each compo-
nent and the numbers of different point defects as variables.
Despite the finding of Lu et al.5 that up to 12 H atoms can be
trapped by a monovacancy in Al, the complexity of the ap-
proach restricted Ji et al.28 to H-vacancy complexes with a
maximum occupation of 2 H atoms.

A further challenge in describing this system is that an ab
initio description of defect formation in �-Fe is complicated
by the magnetic properties of this phase. Previous density-
functional-theory �DFT� calculations with collinear spin
orientations29 found the ground state of �-Fe to be an anti-
ferromagnetic double layer �AFMD� structure. A transition to
a ferromagnetic �FM� high-spin state at volumes above the
equilibrium value and to another antiferromagnetic structure
at high pressures is reported. Recent DFT calculations30 even
showed that the ground state of �-Fe is a spin-spiral state
having a wave vector varying with atomic volume. However,
the energy difference to the AFMD order is only a few meV/
atom at 0K. Further, the lattice constant between these two
structures differs by only 0.01 Å. Therefore, the AFMD
structure can be considered as a good representative of the
magnetic ground state of �-Fe. A direct comparison of the
obtained theoretical predictions with experiments is difficult,
since the fcc phase of pure Fe exists only at high tempera-
tures �between 1185 and 1667 K�, unless it is artificially
stabilized, e.g., in the form of nanosized precipitates in bulk
fcc Cu,31 as ultrathin films on Cu�100� or Cu�111�
substrates32–34 and more recently on Ir�100� substrates.35

Nevertheless, the fcc phase is of utmost importance in mod-
ern austenitic steels, where the stabilization is due to the
presence of alloying elements such as Mn, Ni, and C. In
many cases, the effect of these alloying elements on the mag-
netization is unknown.

An accurate description of point defects in such complex
magnetic structures is challenging. State-of-the-art ab initio
calculations of defect structures in Fe include the carbon im-
purity in the octahedral site in AFMD fcc Fe �Ref. 36�
whereas ab initio results for vacancies in Fe are known for
the FM bcc phase.37 In the present study we have performed
defect calculations �in particular, vacancies, interstitial H,
and H-vacancy complexes� in fcc Fe. To estimate the impor-
tance of magnetism a collinear AFMD structure as well as
nonmagnetic �NM� fcc Fe are considered. The calculated for-
mation energies of different defects are then used to obtain
equilibrium concentrations of hydrogen, Fe vacancies, and
their complexes in �-Fe.

The paper is organized as follows: in Sec. II we present
the technical aspects of the ab initio calculations and intro-
duce our thermodynamic model. In Sec. III we discuss the
DFT results on the monovacancies, single hydrogen impuri-
ties, and vacancy-hydrogen complexes. Particular attention is
paid in this section to the influence of a vacancy or H atoms
on the magnetic moments of the host Fe atoms. Based on our
thermodynamic model we present in the next section equi-
librium concentrations and solubility limits of H, vacancies
and their complexes in fcc Fe. Conclusions are given in
Sec. V.

II. METHODOLOGY

A. DFT calculations

The energetics and equilibrium structure of the defects
have been calculated employing DFT �Refs. 38 and 39� cal-
culations within the generalized gradient approximation of
the Perdew-Burke-Ernzerhof �PBE� form40 for electron ex-
change and correlation, using the Vienna Ab Initio Simula-
tion Package.41–43 Our convergence tests showed that a ki-
netic energy cutoff of 300 eV and a 6912 k-points·atoms
mesh are sufficient to achieve an accuracy in the electronic
energy below 2 meV/atom. Structural relaxations were per-
formed until the forces on each atom were below
0.01 eV /Å.

The first-order Methfessel-Paxton method44 is used for the
Fermi-surface smearing in order to obtain accurate forces,
and a smearing width of 0.1 eV is chosen such that the error
in the 0 K extrapolated energy is less than 1 meV/atom. Both
cell-shape and atomic positions are fully relaxed in all cal-
culations, unless specified otherwise.

Using these parameters, we obtain for the fcc Fe lattice
constant a value of 3.45 Å in the nonmagnetic state and of
a=3.46 Å, c=3.74 Å in the antiferromagnetic double-layer
state, where the magnitude of the local magnetic moment of
each atom is 2.05 �B ��B is the Bohr magneton�. The results
are in good agreement with previous DFT-generalized gradi-
ent approximation �GGA� calculations.30

Point defects in the crystal structure induce local relax-
ations and may thus change the bulk lattice constant. For
sufficiently high defect concentrations this effect becomes
sizeable and can be used, e.g., to measure defect concentra-
tions using standard x-ray techniques. In order to relate the
change in the crystal lattice constant to the defect concentra-
tion, we determine the defect formation volume

�f
def = Nsites� − �Nsites − �nFe��0. �1�

Here, Nsites is the number of lattice sites in the supercell, � is
the volume per site in the supercell with a defect, �0 is the
atomic volume in the undisturbed bulk material, and �nFe is
the change in the number of Fe atoms in the supercell due to
the presence of a defect.

The equilibrium concentration of defects is thermody-
namically related to their formation energies

Ef
def = �def − �Fe

0 �nFe − �H
0 �nH, �2�

�def = Etot
def − Etot

bulk, �3�

where Etot
def and Etot

bulk are the total energies of the considered
fcc Fe supercells, respectively, with and without a defect, �X

0

is the chemical potential of X and �nH is the change in the
number of H atoms in these two supercells. A pure bulk fcc
Fe structure has been taken as the reference for the chemical
potential of Fe ��Fe

0 =Etot
bulk /nFe, where nFe is the number of Fe

atoms in the bulk reference cell�. The H2 molecule, simu-
lated in a cubic box with 10 Å length, was taken as the
reference for the chemical potential of hydrogen. We ob-
tained for H2 a bond length of 0.75 Å, and a binding energy
of 4.47 eV, almost identical to previous GGA results45 and in
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fair agreement with experimental values46 of 0.74 Å and
4.75 eV.

To identify the most preferable positions for H within and
around a vacancy we have mapped the full three-dimensional
potential energy surface of interstitial H �see Fig. 1�. For the
calculation of this energy surface the host Fe atoms �except
corner atoms of the supercell to prevent a motion or rotation
of the structure� have been allowed to relax. The potential
energy surface reveals three inequivalent local minima cor-
responding to �meta� stable sites that can be occupied by H:
the tetrahedral �TS� and octahedral sites �OS� and vacancies.
As also shown in Fig. 1, there are several pronounced ener-
getic minima within a single vacancy.

The tendency to add/remove an H atom to an existing
vacancy-hydrogen complex is determined by a positive/
negative reaction enthalpy

�Hi = Ef
iH-vac − Ef

�i−1�H-vac − �H
0 , �4�

where Ef
iH-vac and Ef

�i−1�H-vac are the formation energies of
hydrogen-vacancy complexes with i and i−1 H atoms, re-
spectively.

The formation energy of defects in fcc Fe is strongly in-
fluenced by the magnetic structure and the magnitude of the
magnetic moments in their neighborhood. Since our calcula-
tions also show that vacancies modify the surrounding mag-
netic structure we have performed a systematic search to
identify the stable ones for each magnetic configuration. The
search was performed by using random initial magnetiza-
tions for all nonequivalent atoms in the considered supercell
�see Fig. 2�a��. Repeating this procedure several times, we
obtained the identical magnetic structure that is also lowest
in energy �in more than 90% of the calculations�. The local
magnetic moments found for the H-free vacancy were used
as initial guesses for the magnetic moments when calculating
the H-vacancy complexes.

The local magnetic moments of all symmetry inequivalent
Fe atoms were obtained from a Bader analysis.47,48 This
analysis uses as sole input the charge density and considers
the zero-flux surfaces as the borders between different atoms.

Using these borders to define the volume related to each
atom, the local magnetization and charge of each atom are
obtained by integrating the spin density over this volume.

B. Thermodynamic model

In thermodynamic equilibrium the vacancy concentration
in an H-containing Fe crystal is determined by the tempera-
ture as well as the hydrogen chemical potential. In order to
express this correspondence analytically, we start from the
model proposed by Ji et al.28 and extend the original formu-
lation that was restricted to an occupancy of two to an arbi-
trary number of H atoms in a vacancy. To derive our model,
we consider a vacancy-containing crystal, which is in ther-
modynamic equilibrium with a hydrogen reservoir. All rel-
evant point defects are considered including empty vacan-
cies, vacancies with a certain number of incorporated
hydrogen atoms and hydrogen atoms in interstitial �i.e., oc-
tahedral and tetrahedral� sites. Complexes consisting of sev-
eral vacancies turned out to be energetically not relevant.

Assuming that H is able to freely move in and out of the
bulk system in the relevant time scales, the system is ther-
modynamically open and we use the grand canonical poten-
tial

J = U − TS + pV − NFe�Fe − NH�H. �5�

Here U, S, and V are extensive parameters representing the
internal energy, the entropy, and the volume of the crystal,
and T and p are intensive parameters representing the tem-
perature and the pressure in the system. The Fe chemical
potential �Fe is determined by the equilibrium with fcc Fe
bulk and its temperature and pressure dependence is negli-
gible on the energy scale relevant for defect formation, i.e.,
�Fe=�Fe

0 . This is not the case for the H chemical potential
�H, which is determined by the reservoir �atmosphere, elec-
trolyte� in which the Fe crystal is embedded.

Equation �5� incorporates via NFe and NH the numbers of
Fe and H atoms in the crystal, which depend on the defects
in the crystal. Each of the point-defect complexes considered

FIG. 1. �Color online� Potential energy surface of interstitial H
in the �001� plane in nonmagnetic fcc Fe. The vacancy is in the
center. The energetically preferred places for H are situated in the
�100� directions from the vacancy center. The local minima in the
bulk like regions correspond to the octahedral site.

(a) (b)

FIG. 2. �Color online� Different atomic shells around �a� a va-
cancy and �b� an H atom in an octahedral site in an AFMD mag-
netic structure. The supercell is a 2�2�2 repetition of the conven-
tional fcc unit cell. The labeling of planes includes the
differentiation between the first and the second plane with the same
spin direction, and the direction of the individual spins. Possible
positions of H in a vacancy are shown by the red �lightest� balls.
The position of H in octahedral interstitial site �marked by dashed
octahedron� is displaced from its center. Two variants of tetrahedral
sites are marked by dashed tetrahedrons.
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in this work �labeled with index “i”� is characterized by the
number of involved vacancies ni

vac �in this work limited to
ni

vac=0 or 1�, the number of involved hydrogen atoms ni
H

�the total number of distinguishable configurations for a
single cluster is Ni

conf� and the number of occurrences Ni of
the specific defect complex i in the crystal. Based on these
definitions the following equations hold:

NH = �
i

ni
HNi, �6�

Nvac = �
i

ni
vacNi, �7�

NFe = Nsites − Nvac. �8�

Considering a defect-free crystal as reference and neglect-
ing vibrational contributions, the internal energy in Eq. �5� is
directly related to the presence of these defects

U = �
i

Ni�i, �9�

each of which has an energy �i defined by Eq. �3�. We apply
here the independent point defect approximation, which im-
plies that the formation energies of different point defects are
independent of their concentrations.

The configurational entropy can be written in the follow-
ing way:

S = kB ln�WvacWH
intWH

vac� . �10�

Here Wvac denotes the number of configurations related to
the removal of host Fe atoms and the creation of vacancies
�or H-vacancy complexes�, WH

int represents the configuration
space for the distribution of H in interstitial sites, WH

vac gives
the number of configurations of H within H-vacancy com-
plexes.

The number of ways to distribute Nvac vacancies over the
Nsites host sites is

Wvac =
Nsites!

�Nsites − Nvac�!
�

i

	ni
vac=1


1

Ni!
, �11�

where the upper bound on the product indicates that only
defects i which involve a vacancy �ni

vac=1� are considered
here. The numerator of Eq. �11� is the number of possible
sites on which vacancies can be distributed and the denomi-
nator accounts for the fact that all nonvacancy sites as well
as all vacancies of the same type are identical. The general-
ized expression for the number of configurations of
H-vacancy complexes is

WH
vac = �

i

	ni
vac=1


�Ni
conf�Ni. �12�

The configurational space for a H distribution in intersti-
tial positions �defects with the constraint ni

vac=0� is deter-
mined by

WH
int = �

i

	ni
vac=0


Ni
int!

�Ni
int − Ni�!Ni!

, �13�

where in the numerator the total number
Ni

int=zi
sitesNsites−zi

vacNvac of interstitial sites appears, taking
their reduction due to the presence of vacancies into account.
zi

sites gives the ratio between interstitial sites and lattice sites
in bulk whereas zi

vac represents the number of interstitial sites
of type i removed by a single vacancy. The denominator
takes into account that all distributed H atoms in the specific
interstitial sites i are identical and all nonoccupied interstitial
sites of the same type are also identical.

Assuming constant pressure, the volume of the crystal
varies with the number of included defects as

V = �
i

Ni��f
i − �0� . �14�

Here �f
i is the formation volume of a defect i defined by Eq.

�1�. The formation enthalpy of hydrogen-containing defects
is a function of the H chemical potential

Hf
i = �i + p��f

i − �0� − ni
vac�Fe

0 + ni
H�H. �15�

In thermodynamic equilibrium the grand canonical poten-
tial of the system is minimal with respect to the number of
any point defect or complex i

�J

�Ni
= 0. �16�

After straightforward transformations we obtain a set of
equations for all interstitials �ni

vac=0�

Ni =
Ni

int

1 + exp� Hf
i

kBT
� �17�

and a coupled set of equations for all H-vacancy complexes
�ni

vac=1�

Ni = Ni
conf�Nsites − Nvac�C exp�−

Hf
i

kBT
� . �18�

The latter contains a correction term

C = �
i

	ni
vac=0
 �1 −

Ni

Ni
int�zi

vac

, �19�

= �
i

	ni
vac=0
 �1 + exp�−

Hf
i

kBT
��−zi

vac

, �20�

which takes into account that a vacancy can only be formed
if all zi

vac involved interstitial sites of type i are not already
occupied by a H atom. The probability of such an occupation
is given by the fraction

Ni

Ni
int , including self-consistently the

number of vacancies Nvac as part of Ni
int.

By inserting Eq. �18� into Eq. �7� we get an analytical
solution for the total vacancy concentration
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Nvac =
Nsites

1 + C�
i

ni
vacNi

conf exp�−
Hf

i

kBT
��−1 . �21�

The above equations are general and allow, by application
of well-defined approximations, the derivation of all
previously applied/proposed formalisms. Neglecting that the
creation of vacancies removes bulk interstitial sites �i.e.,
assuming zi

vac=0� results in a Fermi-Dirac statistics as used
by Monasterio et al.22 In the low-concentration limit
�Hf

i �kBT� the Fermi-Dirac statistics approaches Boltzmann
statistics49 with a prefactor equal to the number of energeti-
cally degenerate configurations in which the complex can be
formed with respect to single lattice site: i.e., for a
H-vacancy complex it is Ni

conf, for an interstitial site zi
sites per

host atom.

III. RESULTS OF AB INITIO CALCULATIONS

A. Single vacancy

The formalism derived in Sec. II B requires as input for-
mation energies of all relevant defect structures at 0 K. As a
first step, we have therefore carried out calculations with an
isolated vacancy. In order to determine the formation energy
of this defect in the dilute limit without interactions with
image defects, the convergence with respect to the supercell
size has to be checked.

We therefore consider 2�2�2, 3�3�2, and 4�4�4
supercells, and provide the respective results in Table I. The
obtained vacancy formation energies deviate by less than
0.12 eV. In the extrapolated limit of zero-vacancy
concentration50 values of 2.23 eV for the NM and 1.84 eV
for the AFMD magnetic structure of fcc Fe are obtained. The
results indicate that a 3�3�2 supercell is large enough to
yield formation energies accurate to better than 0.1 eV.

An analysis of the atomic structure shows that due to the
close packed ordering of fcc Fe the presence of a vacancy
has only minor effects on the overall crystal volume. Even
for the small 2�2�2 supercell the equilibrium volume is
reduced by only 1%. For even smaller vacancy concentra-
tions �corresponding to larger supercells� the volume change
becomes negligible. Thus external pressure or internal strain
has little effect on the vacancy-formation energy. Even at
very high pressures of 10 GPa an increase in only 40 meV is
found. We further note that the tetragonal distortion induced
by the vacancies in the AFMD crystal structure is negligible.

In the NM structure Fe atoms move toward the center of
the vacancy �see Fig. 3�, leading to a relative vacancy vol-
ume ��f

vac /�0� equal to 0.66 �for 3�3�2 supercell�. The
atomic displacements decay almost exponentially with the
distance from the defect and are practically restricted to the
first four neighbor shells around the vacancy. The situation is
qualitatively different for AFMD Fe where a larger vacancy
volume of �f

vac /�0=0.75 is observed. These results are in
good agreement with previous LDA calculations of paramag-
netic fcc Fe,37 where the relaxed volume was 0.70. The vol-
ume reduction around the vacancy is realized not only by the
displacement in the first shell �being in AFMD Fe even
higher than in NM Fe� but also by atomic relaxations further

away from the vacancy. The resulting elastic field shows a
noticeable and oscillating behavior up to the fifth nearest-
neighbor shell �see Fig. 3�.

A closer inspection of the relaxation shells showed that
the larger interaction range of vacancies in the AFMD case is
not only caused by strain. Rather, the presence of a vacancy
influences the magnetic moments even for atoms that are
more than 5 shells away from the defect. Despite the long-
range magnetic interaction, the largest effect is on the nearest
neighbors and the changes in the magnetic moment show a
damped oscillating behavior as function of distance from a
vacancy. We note that this effect is strongly anisotropic with
the largest oscillation in the �001� plane through a vacancy
�plane f↑ in Fig. 2�a��.

Introducing a vacancy in the supercell induces a change in
the total magnetization by 2.26 �B and results in a net mag-
netic moment. Due to atomic and electronic relaxations, the
observed change is even larger then a single magnetic mo-
ment of 2.05 �B of an Fe atom in the ideal AFMD crystal.

The magnetic structure of the host system has not only a
strong impact on the vacancy formation energy but also on
vacancy-vacancy interaction. As can be seen in Table I for
the NM case the formation energy decreases with increasing
supercell size and thus defect-defect spacing, i.e., vacancies
repel each other. In contrast, for the AFMD case vacancies
show a net attractive interaction.

The calculated vacancy formation energy in the AFMD is
fairly close to the experimental value of 1.7	0.2 eV ob-
tained from positron annihilation.51 In contrast, a previous
DFT-LDA calculation37 assuming paramagnetic fcc Fe re-
ported a significantly larger formation energy of
Ef

vac=2.65 eV. We therefore use in the following the AFMD
structure to describe vacancy complexes in fcc Fe. As men-
tioned earlier, complexes with more than one vacancy are
energetically highly unfavorable and will not, therefore, be
taken into account, i.e., ni

vac=1 or ni
vac=0 �this corresponds to

H in interstitial sites� will be assumed in our thermodynamic
model.

B. H in interstitial positions

We investigate now the properties of a single interstitial
hydrogen atom in an otherwise defect free fcc Fe supercell.
The H solution enthalpies for the high-symmetry interstitial
sites in bulk fcc Fe, the octahedral site and the two inequiva-
lent tetrahedral sites, are listed in Table I. As can be seen,
independent of the magnetic state the OS is energetically
always preferred. This observation agrees with previous the-
oretical investigations52,53 and neutron spectroscopy experi-
mental studies.54 The behavior is different for H in bcc Fe for
which indirect measurements1 and several calculations52,55,56

indicate that the TS is the preferential position.
The hydrogen solution enthalpies as defined in Eq. �4� are

virtually identical for NM and AFMD Fe �see Table I�. As
shown in a previous study, the weak dependence on the mag-
netic structure is a consequence of a compensation of elec-
tronic and volume effects.53 Nevertheless, the interstitial H
atom still shows significant interactions with the Fe magnetic
moments.
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The importance of the magnetic configuration on the hy-
drogen reaction enthalpy becomes apparent when comparing
the two inequivalent tetrahedral sites that are present in an
AFMD calculation �see Fig. 2�b��. The different ratio of spin-
up/spin-down nearest-neighbor atoms �respectively, 4:0 and
2:2� leads to an energy difference of more than 0.2 eV. We
consistently find that the preferential positions for an H atom
are interstitial configurations where the H is embedded in a
large number of like spin atoms �i.e., locally FM-like re-
gions�. For H in the OS configuration magnetic relaxations

are particularly strong and give rise to a symmetry break:
whereas H in NM Fe prefers an on-center configuration, in
an AFMD crystal the minimum is off-center. The reason is
that the corresponding configuration has five spin-up and one
spin-down nearest neighbor for the AFMD case, explaining
the shift toward the FM-like configuration, i.e., away from
the single spin-down atom �also indicated in Fig. 2�b��.

In an off-center configuration the induced magnetic mo-
ment at the H site is small �−0.01 �B�. However, it changes
the magnetization of the surrounding Fe atoms by up to

TABLE I. Reaction enthalpies of solution for H atoms and total formation energies for the ith complex at 0 K. Calculations performed
in supercells different from 3�3�2 consisting of 72 �71� Fe atoms are marked in the second column. The numbers in the first column
correspond to the AFMD structures and label only the structures which are actually used in the thermodynamical evaluation. For these
complexes the number of configurations Ni

conf is also given.

i System �H position� Variants

NM AFMD

Ni
conf �f

def /�0

�Hi

�eV�
Ef

�eV� Ni
conf �f

def /�0

�Hi

�eV�
Ef

�eV�

0 Vac �4�4�4� 0.69 2.27 0.63 1.82

Vac �3�3�2� 1 0.66 2.30 1 0.75 1.77

Vac �2�2�2� 0.65 2.39 0.82 1.76

1H in Vac �2�2�2� 1 0.76 −0.31 2.08 0.92 −0.15 1.60

1 1H in Vac 1 6 0.78 −0.28 2.02 4 0.86 −0.16 1.61

2 5 1 0.83 −0.20 1.57

3 6 1 0.87 −0.18 1.59

4 2H in Vac 1,2 3 0.93 −0.31 1.71 2 0.96 −0.19 1.43

5 1,3 12 0.96 −0.23 1.78 4 1.04 −0.17 1.45

6 5,6 1 0.95 −0.20 1.37

7 1,5 4 0.97 −0.17 1.45

8 1,6 4 1.00 −0.17 1.44

9 3H in Vac 1,2,3 12 1.12 −0.19 1.51 4 1.02 −0.16 1.27

10 1,3,5 8 1.19 −0.25 1.53 4 1.18 −0.13 1.31

11 1,2,5 2 1.17 −0.14 1.28

12 1,2,6 2 1.18 −0.13 1.30

13 1,3,6 4 1.21 −0.15 1.29

14 1,5,6 4 1.15 −0.18 1.27

15 4H in Vac 1,2,3,4 3 1.35 −0.23 1.28 1 1.35 −0.15 1.12

16 1,2,3,5 12 1.25 −0.26 1.26 4 1.35 −0.12 1.15

17 1,2,5,6 2 1.36 −0.12 1.16

18 1,3,5,6 4 1.33 −0.16 1.15

19 1,2,3,6 4 1.35 −0.14 1.13

20 5H in Vac 1,2,3,4,5 6 1.50 −0.27 1.02 1 1.53 −0.12 1.00

21 1,3,4,5,6 4 1.51 −0.14 1.01

22 1,2,3,4,6 1 1.54 −0.15 0.97

23 6H in Vac 1 1.62 −0.27 0.75 1 1.70 −0.14 0.86

7H in Vac 1.88 1.97 2.72 1.95 0.65 1.51

24 H in OS �bulk� 1 0.19 0.04 1 0.25 0.09

H in TS �bulk� TS1 0.30 0.49 0.36 0.34

TS2 0.38 0.55

H in OS near Vac 0.84 0.07 1.04 0.08

H in TS near Vac TS1 0.96 0.50 1.16 0.34

TS2 1.19 0.49
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−0.14 �B �see Fig. 3�. The biggest change in the local mag-
netic moments is observed in the f↑ plane where an oscillat-
ing distance dependence is observed. As a result, the total
magnetization of the Fe crystal becomes nonzero resulting in
a net increase of 0.52 �B per additional H atom.

In contrast to the long-range changes in the magnetic mo-
ments, the decay of the elastic displacements is short range
�Fig. 3�. Similarly to the vacancy calculations the decay
length is shorter in the NM case. We therefore conclude that
interstitial hydrogen atoms interact more effectively, i.e.,
over longer distances by modifying the local magnetic mo-
ments than via the elastic field.

The solution enthalpy of an H atom in the bulk and near
�but not inside� a vacancy are almost identical. Thus the net
strain field around a vacancy is too small to attract/repel H
atoms. An H atom diffusing through the lattice will not be
attracted by the vacancies and will only be trapped if it ac-
cidentally passes a vacancy. We expect thus that the occupa-
tion of vacancies by H in fcc Fe will be slow.

For our thermodynamic model we conclude that only one
kind of interstitial site �defined by ni

vac=0, ni
H=1, and

Ni
conf=1� for H needs to be considered. The occupation of the

tetrahedral sites for the temperature range considered here
�
1800 K� is negligible. Also, a distinction between differ-

ent OS �dependent on the distance to a vacancy� is not nec-
essary. Finally, the incorporation of several H atoms into the
same interstitial site is energetically highly unfavorable and
so need not be considered.

C. H-vacancy complexes

Based on the insight gained for the isolated vacancy and
interstitial H we now discuss the various hydrogen-vacancy
clusters. We first consider the energetics of a single H atom
in a vacancy �see Fig. 2�. Our results show that the relaxed H
atom is neither located in the center of the vacancy, nor in
one of the original octahedral sites removed by the vacancy
but rather in between. This observation is consistent with
previous theoretical findings for H in various bulk metals
such as Pd,6 Be,57 and Al.5 More precisely, the displacement
of H from the center of a vacancy is equal to 0.35a in NM Fe
and between 0.39a and 0.26c in AFMD Fe, depending on the
local magnetic configuration. The reaction enthalpies associ-
ated with these minima are −0.28 eV for the NM, and −0.16,
−0.20, and −0.18 eV for the AFMD case. Therefore, binding
to a vacancy for a single H atom is considerably more favor-
able than occupying a regular bulk interstitial site.

The dependence on the particular magnetic configuration
in AFMD Fe is noticeable, though it is comparably small.
Consistent with our observations for octahedral sites, H pre-
fers a high coordination of Fe atoms of like spin. As a con-
sequence, H sitting in the plane parallel to the magnetic lay-
ers in the AFMD structure �sites 1–4 in Fig. 2�a�� are slightly
displaced by 0.10 Å into the magnetic double layer �upward
in Fig. 2�a��. More importantly, the energy for H at the sites
5 and 6 in Fig. 2�a�, where the neighboring Fe atoms have
the same spin, is smaller by 0.04 and 0.02 eV than for the
other sites.

Several additional configurations are possible, if more
than one H atom occurs in a vacancy. The energetics of all
these configurations is listed in Table I. The energy differ-
ences between different H arrangements can be as large as
0.11 eV in NM Fe �for a vacancy occupied with four H
atoms� and up to 0.15 eV in the AFMD Fe �three H atoms�.
These energy differences yield a preference in the atomic
arrangement, with the general trend being that the H atoms
try to stay apart from each other.

The arrangement of the H atoms in the vacancy influences
not only the reaction enthalpies. Also, the occupation number
has a significant effect on other crystal quantities that may be
accessible to experiment. One example is the tetragonality
�c /a=1.088 for pure AFMD Fe� which can increase to val-
ues up to c /a=1.100 for some of the complexes with three or
four H atoms. An even larger impact of the specific H ar-
rangement is observed for the net magnetization �Table II�. A
particularly large effect occurs if H atoms leave the octahe-
dral sites and move into the vacancies. Another macroscopic
observable affected by this process is the reduction in the
lattice constant, which should be observable by dilatometry.

Independent of the magnetic structure each vacancy can
be occupied with up to six atoms, i.e., all six octahedral sites
within a vacancy can be occupied with a single H atom.
Including more H atoms gives rise to a highly unfavorable

(a)

(b)

FIG. 3. �Color online� Change in magnetization and displace-
ments of atoms around �a� a vacancy �b� an interstitial H atom in an
octahedral site of AFMD Fe at 0 K. Relative changes in the local
magnetic moment are determined using the defect and perfect bulk
calculation by the following formula: ��def−�bulk� / ��bulk�. A
relative displacement of individual ions is determined by
�rdef−rbulk� ·rdef / �rdef�2 using the relaxed position vectors in the de-
fect and the perfect bulk calculation.

FIRST-PRINCIPLES STUDY OF THE THERMODYNAMICS… PHYSICAL REVIEW B 82, 224104 �2010�

224104-7



formation energy preventing the formation of such com-
plexes at realistic H chemical potentials. Therefore, we con-
sider in our thermodynamic model hydrogen-vacancy com-
plexes with ni

vac
6.

IV. DISCUSSION OF THE THERMODYNAMIC
EVALUATION

Based on the DFT computed solution enthalpies we now
derive temperature-dependent equilibrium defect concentra-
tions. Although the ab initio results show small but not neg-
ligible differences between NM and AFMD calculations, we
will first discuss the AFMD case and later perform a com-
parison with other magnetic configurations.

Apart from the case of empty vacancies, the formation
energies of all considered defect structures depend, accord-
ing to Eq. �15�, sensitively on the H-chemical potential.
Since this dependence is essential for the formation of the
various defect complexes, its explicit visualization in Fig. 4
is of central importance for the upcoming discussion. The

philosophy of the figure is similar to established approaches
in the field of charged defects in semiconductors, where for-
mation energies are typically plotted as a function of the
electronic Fermi energy.58 For the present problem, hydrogen
takes over the role of the electronic charge in semiconduc-
tors, and the number nH of H atoms involved in the defect
determines the slope of the lines in Fig. 4. As a consequence
defects with a high H content become, with increasing
chemical potential, energetically more and more relevant.

As can be seen for an extreme H-rich condition
��H�0.14 eV, marked by the yellow region in Fig. 4� the
6H-vacancy formation energy becomes negative indicating
that the Fe crystal will decompose. We will therefore limit
our discussion to the thermodynamically allowed range
��H�0.14 eV�. To relate the H chemical potential to real-
world situations we note that at ambient temperature
�T=300 K� and pressure �1 atm� in rain water it is about
−0.33 eV, in distilled water −0.41 eV and in sea water
−0.47 eV. However, higher values of �H are also easily
accessible if H pressures above 1 atm are present. An H
pressure of about 30 atm., e.g., is needed to attain a H chemi-
cal potential of 0.09 eV at 300 K.

Figure 4 demonstrates on the one hand that in the relevant
region for �H the energetically most preferable �and thus
most abundant� point defects are H atoms in the octahedral
interstitial positions. Only if the H chemical potential goes
below �H=−1.77 eV do empty �i.e., H-free� vacancies be-
come the dominant defect. Thus, as can be seen in Fig. 4,
even at extreme H-rich conditions the energetically preferred
configuration for H is the bulk OS, i.e., the majority of the H
atoms will sit in the OS, and will not form H-vacancy com-
plexes. At first glance this result may appear counterintuitive
since the reaction of a vacancy with interstitial H is �for
�H=0 eV� exothermic. The reason why H is nevertheless
predominantly incorporated in bulk interstitials is that the
vacancy formation energy itself is highly endothermic, giv-
ing rise to the high formation energy of these complexes.

Focusing, on the other hand, on vacancy-related defects,
Fig. 4 reveals that not all possible configurations are ener-
getically favorable at T=0 K. The formation of a complex
with a single H atom, e.g., is always unstable against the
occurrence of vacancies that are empty or doubly occupied
by hydrogen. In fact, 2H-Vac complexes have the highest
concentration at −0.2 eV��H�−0.13 eV, 5H-Vac
complexes—at −0.13 eV��H�−0.11 eV and 6H-Vac
complexes dominate at higher H chemical potential. The lack
of certain occupations is a well-known and established ob-
servation in the field of charged semiconductor defects and
related to the concept of negative U centers. These observa-
tions can be seen as the T=0 K results in Fig. 5.

At finite temperatures, however, defect structures which
do not have the lowest formation energy can also become
macroscopically occupied or even stabilized. In order to ana-
lyze this in more detail we have used the thermodynamic
model derived in Sec. II B and have calculated the total va-
cancy concentration in an AFMD Fe crystal. A temperature
range from 0 to 1800 K, and typical values of the H chemical
potential have been assumed for the visualization in Fig. 5.
The boundaries between regions with two different dominant
H-vacancy complexes “a” and “b” are straight lines and de-

TABLE II. Defect related net magnetic moment and tetragonal-
ity in an AFMD 3�3�2 supercell.

Point defect Net magnetic moment Tetragonality

Bulk 0 1.088

Only Vac 2.26 �B 1.088

1H-Vac 1.77–2.84 �B 1.086–1.089

2H-Vac 2.31–3.84 �B 1.088–1.095

3H-Vac 3.01–4.34 �B 1.088–1.097

4H-Vac 3.66–4.90 �B 1.088–1.100

5H-Vac 4.09–5.38 �B 1.080–1.088

6H-Vac 4.71 �B 1.086

H in OS 0.52 �B 1.088

FIG. 4. �Color online� Formation energies of point defects at 0
K for different H chemical potentials. Dashed line—for H in OS
and solid lines—for H-vacancy complexes with the number of H
shown. The dominant H-vacancy complexes are denoted by labels
with vertical direction. The yellow �gray� region for
�H�0.14 eV shows the thermodynamically forbidden region
where the six-H-vacancy formation energy becomes negative, i.e.,
the crystal is unstable against vacancy formation even at T=0 K.
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termined according to the following equation:

�H
a,b�T� =

�a − �b + kBT ln Rab

na
H − nb

H , �22�

where Rab represents the ratio of total configuration numbers
for nb

H with respect to na
H hydrogen atoms.

We observe that some complexes �e.g., with one, three,
and four H atoms� which were absent at low temperatures
can become the dominating defect type at high temperatures.
The stabilization at higher temperatures is related to the
higher configurational entropy of H-vacancy complexes with
a medium filling. In contrast to the empty and fully occupied
complex, for these defects a large number of energetically
degenerate configurations exist �see Table I�.

The vacancy concentration depends strongly on the abso-
lute value of the external H chemical potential: for low �H
we observe only a small increase but see a rapid increase at
high �H. The total increase in vacancy related defects is dra-
matic when comparing the H-free case ��H=−� with the
H-rich case. For high temperatures �e.g., T=1000 K� this
increase can be as large as 7 orders of magnitude. For low
temperatures, where the equilibrium vacancy concentration
is very low the increase is even more dramatic. Therefore,
the presence of H can lead to the formation of superabundant
vacancies.

Due to the large deviation between NM and AFMD in the
vacancy formation energy �0.39 eV�, a pronounced effect of
a change in the magnetic structure is expected for the va-
cancy concentration in thermodynamic equilibrium. Using
the thermodynamic model derived in Sec. II B the equilib-
rium vacancy concentration has been calculated for both
cases and plotted as function of temperature in Fig. 6. As can
be seen, the two considered magnetic configurations result in
vacancy concentrations ��H=−� that differ by up to 9 or-
ders of magnitude at ambient temperature �T=300 K�. Add-
ing H to the crystal �i.e., increasing the H chemical potential�
reduces the discrepancy. However, even at very H-rich con-
ditions �occupying all vacancies with six H atoms� a sizeable
difference is still observed. The qualitative trends, however,

are independent of the considered magnetic structures. This
independence is expected to remain valid if further magnetic
structures such as single-layer AFM, orderings are assumed,
since e.g., its vacancy formation energy is close to the value
of AFMD state.

Finally, we consider how the presence of vacancies affects
the solubility of H in fcc Fe �Fig. 7�. As expected from the
discussion of Fig. 4 vacancies have little effect on the total H
concentration. Only at high temperatures and at extremely
H-rich conditions does vacancy formation have a sizeable
effect on the H concentration. At low temperatures and low
�H, where practically all H is dissolved in OS, the levels of
constant H concentration are described by straight lines
yielding direct evidence for Dirac statistics �see Eq. �17��.
All lines start from �H=0.09 eV at 0 K, which is the en-
thalpy of solution for H in OS �see Table I�.

V. CONCLUSION

Combining thermodynamic concepts with ab initio calcu-
lations we were able to study the interaction of H and vacan-
cies in fcc Fe. Our DFT results show that an empty vacancy
is a short-range defect in both magnetic and nonmagnetic
configurations. The displacement field around the vacancy is

FIG. 5. �Color online� Vacancy concentration as a function of
temperature and hydrogen chemical potential for AFMD fcc Fe.
The dominant H-vacancy complexes are separated by dashed lines.

FIG. 6. �Color online� Vacancy concentration obtained from the
thermodynamic model derived in Sec. II B assuming a NM
�dashed lines� and an AFMD �solid lines� Fe crystal. Blue �dark�
lines for �H=− and green lines for �H=0.09 eV=const.

FIG. 7. �Color online� Concentration of hydrogen dissolved in
AFMD fcc Fe. Dashed lines—levels of the ratio between H dis-
solved in vacancies and H dissolved in OS.
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more extended in an AFMD as compared to a NM structure.
This is due to a twofold effect of removing an Fe atom: it
induces a relaxation of the surrounding host atoms toward
the vacancy center but also changes the local magnetic mo-
ments of neighboring atoms. The latter causes an additional
effect due to magnetic interaction. Our spin-polarized calcu-
lations show that the presence of a vacancy changes the local
magnetization of atoms in a large area �even up to the fifth
shell� thus increasing the total magnetization of the system
by 2.26 �B.

Our results further show that hydrogen in bulk octahedral
sites has a similar effect, resulting in a long-range relaxation
in the magnetic case and a substantial net-magnetic moment
of the system of 0.52 �B. Considering an extensive set of H
and vacancy-related complexes we find that a single vacancy
in a fcc Fe matrix is a highly effective and capacious trap
being able to accommodate up to 6 H atoms. Using this DFT
data set we derived an analytic thermodynamic model that
generalizes previous approaches and that treats the various
point defects and complexes in a fully grand canonical en-
semble. Applying this model we find that the presence of H
can enhance the vacancy concentration by more than seven
orders of magnitude resulting in superabundant vacancies.

This finding has an important impact on all processes which
are related to vacancies, such as, e.g., self-diffusion, creep,
phase separation, and should, therefore, be further investi-
gated including the consideration of kinetic effects. Interest-
ingly, despite the huge effect of H on vacancies, the effect of
vacancies on the total H concentration is negligible except
for at high-temperature and extreme H-rich conditions. Both
effects could be explained by using concepts originally de-
veloped to describe the electronic charge states as function of
the electronic Fermi level. Translating these concepts to the
case of varying H occupation in a vacancy, direct and physi-
cally transparent insight into the underlying mechanisms
could be gained. The suggested concepts are general and can
be easily applied to other systems when vacancy-interstitial
interactions/complexes are important.
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