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The application of inhomogeneous stress, used to trap polaritons in a microcavity, results in a splitting
between different polarization states of the polaritons. The splitting of the polariton states arises primarily from
the splitting of the exciton states in the quantum wells embedded inside the microcavity due to the electron-
hole exchange interaction and the mixing of the light- and heavy-hole excitons with stress. The new mixed
exciton states have different oscillator strengths, thereby enhancing the splitting of the lower polaritons by a
factor of four more than previously reported exciton spin splittings. We observe splittings between the different
polarizations, at normal incidence, of almost 1 meV. The physical explanation and a corresponding simulation
for the fine structure splitting of the polaritons observed in stressed microcavities are presented.
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Microcavities with embedded quantum wells, which pro-
duce exciton-polariton states in the strong coupling limit, are
an active topic of experimental and theoretical research,1–7 in
particular, in regard to the recent demonstrations of nonequi-
librium Bose condensation.8–18 In our recent experiments
with GaAs-based structures, inhomogeneous stress was used
to create a harmonic potential to confine the polaritons.9,19

One extra effect of the stress is that it leads to a splitting of
the two polarization states of the polaritons. For moderate
stresses, this splitting can be huge compared to typical exci-
ton splittings in GaAs quantum wells. In this paper, we ex-
plore in detail the mechanisms which lead to this splitting.

For the experiments, three sets of four identical 70-Å
GaAs quantum wells were placed at the three antinodes of
the confined optical mode in a microcavity. The design,
which uses two GaAs/AlGaAs-distributed Bragg reflectors to
create the cavity, is essentially the same one as used in pre-
vious experiments.9,16,20 The coupling between the exciton
states and the photon states gives rise to polariton states
which are superpositions of excitons and photons. Initially,
there are four nearly-degenerate exciton states, with two
bright �J= �1� states and two dark �J= �2� states split by
about 150 �eV.21,22 When the bright excitons couple to the
two photon states, two polariton states are shifted down rela-
tive to the original exciton states and two are shifted upward,
while the dark exciton states are left nearly unaffected. The
Q factor of the cavity in our samples is around 4000 and the
Rabi splitting between the upper and lower polariton states is
about 15 meV, compared to typical line widths of the lower
polaritons of 0.25 meV. Stress was applied by a sharp pin to
the backside of the substrate of a freely suspended sample, as
in previous experiments.9,19 A minimum in the band gap is
created in the quantum wells at a point in the plane just
below the pin stressor. This energy minimum corresponds to
the center of the trap and can be approximated as a harmonic
potential for the polaritons in the plane of their motion.

A state splitting of up to 700 �eV is observed in the

lower and upper polariton branches of a stressed semicon-
ductor microcavity polariton. The split states are linearly po-
larized and orthogonal to each other. In addition, one of the
states couples to light better than the other as seen by the
difference in the Rabi splitting of the upper and lower polari-
tons. Typical spectra are shown in Fig. 1.

An example of the splitting of the lower polariton state in
a line across the stress trap is shown in Fig. 2. The difference
in energy between two bright states is extracted from photo-
luminescence measurements taken normal to the sample and
is plotted in Fig. 3�b�. The range of stress for the data of Fig.
3�b� are taken from close to zero detuning to positive detun-
ing ��=Eph−Eex�. Normal to the sample, the transverse elec-
tric and transverse magnetic modes in the cavity are
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FIG. 1. �Color online� An example of the refectivity spectra of
the polariton through a 90° and a 180° polarizer orientation. The
spectra are taken 150 �m away from the center of the stress well.
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equivalent. Hence, the longitudinal-transverse splitting of
polaritons does not contribute to the splitting. The splitting
could arise from two possibilities. One is that it could be a
direct effect of an energy splitting of the degenerate bright
exciton states �spin �1� into two orthogonally-polarized ra-
diative states. Another possibility is that it could be due to a
stress-induced birefringence in the microcavity, resulting in a
splitting of the bare photon mode into two polarized states.
However, the photonic character is not enhanced in our case
since the polariton becomes more excitonlike with increasing
stress.16,24 It is safe to assume that the splitting caused by a
small birefringence in the mirrors and cavity is not the domi-
nant cause.

Exciton splitting due to exchange anisotropy is well
studied in GaAs quantum wells and microcavities.22,25–30 The
energy splittings between the bright states in quantum wells
are typically at most a few tens of �eV.22 In unstressed
samples, the mixing between heavy-hole and light-hole ex-
citons is negligible since they are far apart in energy
��30 meV difference for 7-nm quantum wells�. In our
experiments,23 the stress shifts the light-hole energy close to
the heavy-hole energy, making the mixing between the two
states an important parameter to consider.

The breaking of the degeneracy of the two bright exci-
tonic states is the result of a lowering of the symmetry that
can be induced by external strain, inherent and induced pi-
ezoelectric fields, and/or interface roughness possibly linked
to the growth procedures.27,30,31 This would mean a reduction
in the symmetry of the QW from D2d to C2v.30 Therefore, the

�110� and �11̄0� axes are no longer equivalent, splitting the
exciton states into orthogonal, linearly polarized states. In
the D2d symmetry group, both the conduction spin-1/2 states
and valence j=3 /2 states are represented by �6. The product
gives

�6 � �6 = �1 � �2 � �5.

The representations �1 and �2 correspond to the dipole-
inactive J= �2 states and the �5 corresponds to the dipole-

active J= �1 states. When the symmetry is lowered to C2v,
the �5 doublet becomes �2 � �4, which are optically-active x
and y singlet states.

When the symmetry is lowered, it is natural to expect the
exciton oscillator strength to also be different along the two
crystal axis orientations.30 Each polarization will then have a
different Rabi splitting. In fact, the change in oscillator
strength is a big factor in creating these huge polariton split-
tings, up to 700 �eV as seen in our experiments, since the
polariton splitting amplifies the spin splitting. The polariton
energies for a given exciton state are found by diagonalizing
the matrix

H = �Ei �i

�i Ephoton
� , �1�

where �i is the radiative coupling for exciton eigenstate i,
which depends on the relative fraction of light-hole and
heavy-hole excitons in the eigenstate.

FIG. 2. An example of the lower polariton luminescence show-
ing the splitting of the two bright states across a stressed microcav-
ity sample �4.3 N force on the pin stressor; see Refs. 9 and 23 for
the stressor geometry�.
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FIG. 3. �Color online� �a� Solid black lines: the peak position of
the data of Fig. 2. Colored dashed lines: fit to the data using the full
Pikus-Bir and exchange Hamiltonian discussed in the text. �b� Mea-
sured splitting between the lower polariton states with increasing
force on the pin stressor �0, 0.2, 1.0, 2.1, 3.2, and 4.3 N�. The
highest stress splitting corresponds to the difference in the curves in
Fig. 2. The solid curves are fits of the theory discussed in the text.
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The Hamiltonian that can split the degeneracy of the two
bright states is the short-range electron-hole exchange inter-
action between a hole with spin Sh and an electron with spin
Se.

32

Hexch = − �
i=x,y,z

aiSh,iSe,i, �2�

where the a’s are the coupling constants. Anisotropy in the
exchange interaction is enough to split the degeneracy of the
exciton states but anisotropy is not a necessary condition if
there is a strong mixing between the light- and heavy-hole
excitons, which is the case of our stressed microcavity
sample. Adding the Pikus-Bir deformation Hamiltonian,
which determines the shift of the bands with stress, to the
exchange term and diagonalizing the resulting Hamiltonian
matrix leads to a splitting of the exciton energy and a differ-
ence in the coupling strength of the new states. �Details are
given in Appendix A; Bayer et al.33 used a slightly different
form of the short-range exchange interaction; the form used
here is justified in Appendix B.� From the resulting exciton
eigenstates and their corresponding coupling strengths to the
cavity photon, we can solve for the energy of new lower
polariton states. For our fits to the data, we assume that the
oscillator strength of the pure J=1 heavy-hole exciton and
the pure J=1 light-hole exciton remain constant, but as the
stress changes the relative fraction of heavy-hole and light-
hole states in each of the two new exciton eigenstates, the
oscillator strength of each exciton state must be recomputed.

The splitting in energies of the bright states using the
Pikus-Bir plus exchange Hamiltonian for the exciton eigen-
states and then the polariton energy splitting using the calcu-
lated light-hole and heavy-hole fractions, is compared to the
data in Fig. 3�b�. The data is well fit using strain values, �xx,
�yy, etc., for a line across the sample 25 �m off the center of
the pin stressor and in the direction of the �100� axis. The
relevant parameters used are listed in Table I. The Rabi split-
ting � is proportional to the square root of the calculated
oscillator strength 	
f 	M	i�	2, where the final states are the �1
spin photons and the inital states are the new eigenstates.

From the eigenvectors of the effective Hamiltonian
�Pikus-Bir plus exchange�, we can determine the direction of
polarization of the exciton. One can write a general represen-
tation of the exciton polarization as

P�x� = �A+	+ + A−	−� , �3�

where A+�A−� are the amplitudes of right �left� circularly
polarized excitons 	+�	−� corresponding to the sum of ei-

genvector elements with +1�−1� spin. If the magnitude of the
amplitudes are equal, r= 	A−	 / 	A+	=1, then the polarization is
100% linear. For circular components with equal amplitude,
it is easy to show that

tan 
 =
A−	−

A+	+ =
	−

	+ , �4�


 =
�

2
, �5�

where the circular polarization is a superposition of
linear polarizations along the �100� and �010� axes,
	�= 1

�2
��1� i�2�, � is the phase difference between the am-

plitudes, A− /A+ei�, and 
 is the direction of polarization
with respect to the �100� axis. Calculating r and 
 from our
simulations shows that the polarization is nearly 100% linear

and points effectively in the �110� and the �11̄0� directions,
for lower polaritons near the center of the trap. In our earlier
paper,9 we presented evidence of optical anisotropy in which
the emission is linearly polarized and pinned to one of the
�110� crystallographic axis above the condensation density
threshold. We believe that this effect can be attributed to the
anisotropy explained here.

These experiments provide an unusual degree of accuracy
for the electron-hole exchange parameters because the mi-
crocavity makes the spin splitting of the different eigenstates
much larger than their line widths. The sensitive dependence
of the spin splitting on stress also makes this a tool for mea-
suring stress optically that does not depend on the intensity
of the lines.

In addition, the splitting due to the stress trap removes the
degeneracy of the ground state everywhere except at the ex-
act center of the trap. This may be a crucial factor in the
reported observation of a Bose-Einstein condensate in micro-

TABLE I. Relevant parameters used for the Pikus-Bir and ex-
change Hamiltonian fit shown in Fig. 3�a�.

Hole diameter 1.25 mm

Pin diameter 25 �m

Relevant parameters for GaAs/AlGaAs: Refs. 34 and 35

Exchange coupling terms ax=ay 1.14 meV

az 0.84 meV

Bare heavy-hole radiative coupling �hh 7.55 meV

Bare light-hole radiative coupling �lh 6.0 meV
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FIG. 4. �Color online� Example of a fit using strain simulations
from ANSYS �thin line, in red� on an the single-quantum-well exci-
ton energy of a stressed double quantum well �heavy line, in blue�,
for 0.7 N force on pin stressor, for an experiment similar to a work
done previously �Ref. 19�. The following book values �e.g., Ref. 34�
for the deformation potentials for GaAs were used for these fits:
ac=−7.17 eV, av=1.16 eV, b=−1.7 eV, and d=−4.55 eV.
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cavity polaritons9,16 as compared to unstressed systems.15 If
the ground state is degenerate, the total number of particles
in the ground state is divided equally among the degenerate
states. This effectively increases the critical density threshold
for Bose condensation by a factor of two.
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APPENDIX A: HAMILTONIAN FOR THE
VALENCE-BAND STATES

The valence-band energy shifts as a function of stresses
are given by the Pikus-Bir deformation Hamiltonian:36

HPB = av��xx + �yy + �zz� + b��Jx
2 − J2/3��xx + c . p .�

+
2d
�3
1

2
�JxJy + JyJx��xy + c . p .� , �A1�

where av, b, and d are deformation potentials, �ij’s are
stress-tensor components, J’s are the angular momentum
operators acting on the spin states of the valence band
�m=3 /2, 1/2, −1 /2, and −3 /2�, and c . p.’s correspond to
cyclic permutations with respect to x , y , z. Relevant mate-
rial properties used in our simulations, e.g., deformation po-
tentials and elastic constants, are found in Refs. 34, 35, and
37. Acting on the heavy-hole and light-hole basis,
	 3
2 , 3

2 � , 	 3
2 , 1

2 � , 	 3
2 ,− 1

2 � , 	 3
2 ,− 3

2 �, Eq. �A1� gives the matrix
form34,38 of the Pikus-Bir Hamiltonian

HPB = −�
P + Q − S R 0

− S� P − Q 0 R

R� 0 P − Q S

0 R� S� P + Q
� , �A2�

where

P = − av��xx + �yy + �zz�, Q = −
b

2
��xx + �yy − 2�zz� ,

R =
�3

2
b��xx − �yy� − id�xy, S = − d��xz − i�yz� .

Diagonalizing this the matrix gives the shift of the valence-
band energies. The shift of the conduction band is given
simply by �Ec=ac��xx+�yy +�zz�.

To be able to diagonalize HPB throughout the sample, we
need the values for the strain at different points on the
sample as we stress it �see Refs. 19 and 23 for the stressor
geometry�. The strain terms, �xx, �yy, etc., can be computed
using programs that use finite-element analysis, e.g., ANSYS.
Finite-element analysis numerically calculates the displace-
ments of a discretized mesh representation of the sample
using the constitutive relations of GaAs.38 We begin by cal-
culating the equilibrium displacement of the mesh points by
solving Newton’s law for continuous media. Following no-
tation from Ref. 38, we have

�
j

��ij

�xj
= �üi, �A3�

where � is the density of GaAs and ui is the diplacement of
a volume element in the i direction. Combining this with
Hooke’s law, �ij =�lmCijlm�lm, we get

�üi = �
jlm

Cijlm
�2ul

�xj � xm
, �A4�

where we define

�lm =
1

2
� �ul

�xm
+

�um

�xl
� .

Equation �A4� is discretized and applied to all points of the
constructed mesh representation of the sample when doing
the actual simulation. A force on the stressor pin, for ex-
ample, corresponds to a displacement of the mesh points
under the stressor. The right-hand side of Eq. �A4� calculates
the force felt by the other mesh points due to the initial
displacement. The next iteration then is a displacement of
each mesh point in the same direction as force with magni-
tude proportional to the force felt by each point. After the
displacement, the force is again calculated. The process re-
peats until equilibrium is reached. From the equilibrium dis-
placements �ui’s�, one can calculate the strain terms, �xx, �yy,
etc., that go into HPB. Figure 4 shows a typical calculation of
the exciton energy in a quantum well using ANSYS for the
strains and book values for the deformation potentials.

The Hamiltonian that can split the degeneracy of the two
bright states is the short-range electron-hole exchange inter-
action between a hole with spin Sh and an electron with spin
Sh �Ref. 32�

Hexch = − �
i=x,y,z

aiSh,iSe,i, �A5�

where the a’s are the coupling constants �see Appendix B for
the derivation of this term�. Acting on the hole-electron ba-
sis, 	 3

2 �	↑ �, 	 3
2 �	↓ �, 	 1

2 �	↑ �, 	 1
2 �	↓ �, 	− 1

2 �	↑ �, 	− 1
2 �	↓ �, 	− 3

2 �	↑ �,
and 	− 3

2 �	↓ �, this is
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−

⎝
⎜
⎜
⎜
⎛ az

4
0 0

− �ax − ay�
�3

0 0 0 0

0 −
az

4

− �ax + ay�
�3

0 0 0 0 0

0
− �ax + ay�

�3

az

12
0 0

2�ax − ay�
3

0 0

− �ax − ay�
�3

0 0 −
az

12

2�ax + ay�
3

0 0 0

0 0 0
2�ax + ay�

3
−

az

12
0 0

− �ax − ay�
�3

0 0
2�ax − ay�

3
0 0

az

12

− �ax + ay�
�3

0

0 0 0 0 0
− �ax + ay�

�3
−

az

4
0

0 0 0 0
− �ax − ay�

�3
0 0

az

4
⎠
⎟
⎟
⎟
⎞

. �A6�

The exchange term is added to the Pikus-Bir deformation matrix to account for the shift of the bands due to both exchange
and deformation. The Pikus-Bir Hamiltonian, acting in the same basis state as the exchange, is

HPB = −�
P + Q 0 − S 0 R 0 0 0

0 P + Q 0 − S 0 R 0 0

− S� 0 P − Q 0 0 0 R 0

0 − S� 0 P − Q 0 0 0 R

R� 0 0 0 P − Q 0 S 0

0 R� 0 0 0 P − Q 0 S

0 0 R� 0 S� 0 P + Q 0

0 0 0 R� 0 S� 0 P + Q

� . �A7�

Diagonalizing HPB+Hexch at every point of a numerically
discretized mesh of GaAs gives the shifted band energies
with stress.

The heavy-hole excitons are those with the valence-band
3/2 states while the light-hole excitons are those with the
valence-band 1/2 states. Only the states with J=1 are bright
states, i.e., states 	 3

2 �	↓ � and 	− 3
2 �	↑ � for the heavy hole exci-

tons, and states 	 1
2 �	↑ � and 	− 1

2 �	↓ � for the light hole excitons.
The radiative oscillator strength for each eigenstate is pro-
portional to 	
vac	p	i�	2, where

	i� = �1	hh,2� + �2	hh,1� + �3	lh,1� + �4	lh,0�a��

+ �5	lh,0�b�� + �6	lh,− 1� + �7	hh,− 1� + �8	hh,− 2�

is the eigenstate found in the above electron-hole basis;

vac	p	hh , �1�=Mhh and 
vac	p	lh , �1�=Mlh are fit param-
eters, and the other matrix elements are zero.

APPENDIX B: DERIVATION OF ELECTRON-HOLE
EXCHANGE

To deduce the electron-hole exchange term from first
principles we begin by following the method of Hanamura
and Haug.39 The interaction energy is written in terms of the
electron Fermi field operators as

H = �
s,s�
� d3x� d3x�

e2

4��	x� − x��	
�s

†�x���s�
† �x����s��x����s�x�� ,

�B1�

where

�s�x�� =
1

�V
�
n,k�


unk�	x�,s�eik�·x�bnk�

in which 
unk� 	x� ,s� is the spin-s projection of the Bloch cell
function for an electron with band index n and momentum k�,
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and bnk� and bnk�
† are the fermionic annihilation and creation

operators. Substitution gives

H = �
�n,k��

bnk�
† bn�k��

† bn�k��bn�k���
s,s�
� d3x� d3x�

�e−i�k�·x�+k��·x��−k��·x��−k��·x��
x�,s	unk��
x�� ,s�	un�k���
un�k�	x�� ,s��

�
un�k��	x�,s�
e2

4��	x� − x��	
, �B2�

where the summation over �n ,k�� stands for summation over
all bands n and momenta k�. We make the long-wavelength
approximation that all k’s are small compared to the Bril-
louin zone, which means that the plane-wave terms are
nearly constant over a unit cell.38 We write x� =X� +y�, where X�
is the position of a cell and y� is the position inside a cell, and
take the lowest order of the k� · p� expansion for the Bloch cell
functions,38 to write

1

V
� d3xe−i�k�−k���·x�
x�,s	unk��
un�k��	x�,s�

�
1

N
�
X�

e−i�k�−k���·X� 1

Vcell
�

cell
d3y
y�,s	un0�
un�0	y�,s� ,

where N is the number of unit cells and Vcell is the volume of
a unit cell. This yields the approximate result

H � �
�n,k��

bnk�
† bn�k��

† bn�k��bn�k��
1

N2 �
X,X�

e−i�k�·X� +k��·X��−k��·X��−k��·X� �

� �
s,s�

1

Vcell
2 �

cell
d3y�

cell
d3y�
y�,s	un0�
y�� ,s�	un�0�

�
un�0	y�� ,s��
un�0	y�,s�
e2

4��	x� − x��	
. �B3�

The denominator 	x� −x��	 must be treated with care. We
break the sum over X� and X� � into two parts, one with X�

=X� � �short range� and one with X� �X� � �long range�. The
latter term is approximately

H � �
�n,k��

bnk�
† bn�k��

† bn�k��bn�k��
1

N2 �
X�X�

�e−i�k�·X� +k��·X��−k��·X��−k��·X� � e2

4��	X� − X� �	

� ��
s

1

Vcell
�

cell
d3y
y�,s	un0�
un�0	y�,s��

���
s�

1

Vcell
�

cell
d3y�
y�� ,s�	un�0�
un�0	y�� ,s��� .�B4�

The sum over X� and X� � can be converted to an integral and
resolved as38

1

2V

e2/�
	�k	2

�k+k�,k�+k�,

where �k=k� −k��=k��−k��. For n=n� and n�=n�, this term
gives the standard intraband Coulomb interaction, either be-
tween two carriers in the same band, or in the case of an
electron and hole, the direct Coulomb interaction between an
electron and hole that causes exciton formation. The long-
range exchange term vanishes in the long-wavelength limit
assumed here due to the orthonormality of the Bloch cell
functions; higher-order k� · p� expansion of the Bloch cell func-
tions will give a k-dependent term.

On the other hand, the short-range term has a matrix ele-
ment


Un,n�,n�,n�� = �
s,s�

1

Vcell
2 �

cell
d3y�

cell
d3y�
y�,s	un0�
y�� ,s�	un�0�

�
un�0	y�� ,s��
un�0	y�,s�
e2

4��	y� − y��	
, �B5�

which can be nonzero for Bloch cell functions in different
bands. To determine the exchange energy for an exciton, we
use the Wannier exciton state, written as

	cv� = �
k�

��k��bck�
† bvk� ,

where c and v are indices that pick out specific conduction
and valence-band states, respectively, and ��k�� is the
momentum-space wave function of the relative exciton mo-
tion �we assume that the center-of-mass motion of the exci-
ton is negligible�. The exchange energy is then given by


ex	H	ex� � 
0	�
p��

���p���bvp��
† bcp���Vcell

V

Ucvcv�

� �
k�,k��,q�

bc,k�
† bv,k��

† bc,k��+q�bv,k�−q��
p�

��p��bcp�
† bvp�	0�� ,

�B6�

where the sum over X� �=X� �� has been used to give a
momentum-conserving � function. When all the creation and
annihilation operators are resolved into constraints on the
momentum vectors, this becomes,


ex	H	ex� � − ��
p��

���p����Vcell

V

Ucvcv���

p

��p���
+ ��

p

	��p��	2�Vcell

V

Ucvcv�

� − 	��0�	2Vcell
Ucvcv� , �B7�

where we have found the real-space exciton wave function
through the the Fourier transform ��r��= �1 /�V��k��k�eik�·r�;
the second term in the first line of Eq. �B7� is negligible
since the wave function is normalized so this term is of order
1 /V times the first term. The short-range exciton exchange
energy is therefore proportional to the probability of the elec-
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tron and hole in the exciton Wannier wave function being at
the same place.

The matrix element, Eq. �B5�, for interband transitions
relies on the spatial variation in the Coulomb potential to
give a nonzero integral. However, the Coulomb interaction
does not flip spin. Therefore, the exchange interaction ap-
plies only for electron and hole states with the same spin.
Since the case of same spins corresponds to the spin-triplet
case and the case of different spins corresponds to the spin-
singlet state, in the case of pure spin states, we account for
this with a factor −S�e ·S�h.38

In the case when the conduction-band eigenstates are pure
spin states but the valence-band eigenstates are not, as in
GaAs, we cannot just worry about the diagonal terms

ex	H	ex� for the exciton energy; we must also worry about
mixing terms 
ex�	H	ex�, where the exciton states can be
different, and the resulting terms Uc�v�cv. The four relevant
GaAs valence band states at zone center are

	+ 3
2� = − i	1�	↑� ,

	+ 1
2� = i

�3
	1�	↓� + i�2

�3
	0�	↑� ,

	− 1
2� = i

�3
	− 1�	↑� + i�2

�3
	0�	↓� ,

	− 3
2� = − i	− 1�	↓� , �B8�

where the states 	1� , 	0� and 	−1� are the Bloch spatial cell
functions with p symmetry. The spin-3/2 states are the
“heavy-hole” states and the spin-1/2 states are the “light-
hole” states. The requirement that we take the projection of
the valence-band state onto the same spin state as the

conduction-band state, for the eight exciton states listed in
Appendix A, gives us the set of coefficients

⎝
⎜
⎜
⎜
⎛1 0 0 0 0 0 0 0

0 0 −
4
�3

0 0 0 0 0

0 −
4
�3

2

3
0 0 0 0 0

0 0 0
1

3

4

3
0 0 0

0 0 0
4

3

1

3
0 0 0

0 0 0 0 0
2

3
−

4
�3

0

0 0 0 0 0 −
4
�3

0 0

0 0 0 0 0 0 0 1
⎠
⎟
⎟
⎟
⎞

. �B9�

This is the same result as obtained using 1
2S�e ·S�h+ 1

2 , which is
the same as the matrix in Eq. �A6� in Appendix A, except for
the additive constant, for the case ax=ay =az. This shows that
at a fundamental level, the electron-hole exchange splitting
term is proportional to S�e ·S�h, not S�e ·J�h, which does not give
an equivalent matrix.

In a quantum well and under shear stress, the p states
	1� , 	0�, and 	−1� are no longer the orbital eigenstates, as x,
y, and z are no longer equivalent. The new eigenstates be-
come 	x�= 1

�2
�	−1�− 	1�� , 	y�= i

�2
�	−1�+ 	1�� and 	z�= 	0�.

When these are used in Eq. �B5�, the values of the coeffi-
cients ax, ay, and az can be obtained.
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