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We have investigated theoretically the hydrostatic pressure effect on the electronic and magnetic properties
of the doped bilayer manganites La2−2xSr1+2xMn2O7 �0.30�x�0.48�. The key observation is the anisotropic
variations of lattice parameters of the separate bilayers under the hydrostatic pressure, which in turn leads to
the different changes between the intra- and interlayer hopping amplitudes of electrons and an additional
energy level splitting of the two eg orbits x2−y2 and 3z2−r2 of Mn ions. It was found that these two factors
from pressure have opposite effects on the orbital occupation properties of the system and the competition
between them can cause very different behaviors depending on the doping concentrations. Our results of
magnetic and orbital order variations at different doping levels are consistent with recent experiments.
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I. INTRODUCTION

In manganites, the coupling of several degrees of freedom
�including spin, charge, orbital, and lattice� can result in
many possible ground states which are near in energy1–5 and
thus the system is extremely sensitive to the tuning of the
external parameters,1–3,6 such as magnetic field and pressure.
The interplay among these different degrees of freedom can
also result in rich electronic and magnetic properties, among
which colossal magnetoresistance1,7 is of particular impor-
tance since it has numerous promising applications in mag-
netic sensor and memory related devices. As another ex-
ample, we will investigate here the hydrostatic pressure
effect8–11 on the bilayer manganites.

Bilayer manganites7,12–16 are characterized by their intrin-
sic double-layered structures and these manganite bilayers
are weakly coupled through insulating rocksalt-type rare-
earth and alkaline-earth ion oxide layers,14–16 which makes
the motion of their carriers highly anisotropic and nearly two
dimensional �2D�. As is known,12–14,16,17 the separate bilay-
ers are the essential units of the bilayer manganites and are
decisive to the system properties. Recently, the properties of
the prototypical bilayer manganites La2−2xSr1+2xMn2O7
�LSMO-327�7,12,14 have been intensively studied in experi-
ments. At the doping concentration x=0.48, it was reported
in Ref. 8 that under the application of a hydrostatic pressure,
the orbital state changed from planarlike to a three-
dimensional �3D� fluctuating state, and at the same time, the
magnetic order changed from antiferromagnetic �AF� to fer-
romagnetic �F� between the two layers of a single bilayer; on
the other hand, at a lower doping x=0.30, earlier study9

showed that the hydrostatic pressure made the sample more
2D like.

In this paper, we will extend our previous model on the
LaMnO3 �Ref. 18� to study the hydrostatic pressure effect on
the LSMO-327 systems in order to provide a mechanism
which can explain the two experiments consistently. The ex-
change interaction between two neighboring bilayers is much
weaker than the intrabilayer one;16,19 thus, we can solve the
system properties in a single bilayer. Due to the intrinsic

anisotropy in the layered structures of LSMO-327,14,15 the
application of an isotropic hydrostatic pressure8,9,20,21 on the
system can lead to anisotropic lattice parameter variations,
i.e., the planar �layer plane� lattice size changes little,
whereas in the perpendicular direction �z axis� the lattice
parameter has a considerable variation. This, in turn, gives
rise to two competing consequences with regard to the elec-
tron occupation among the two eg orbits of Mn ions. The first
is the relative change between the intralayer and interlayer
hopping energies of electrons within the single bilayer.8 The
second is an additional energy level splitting between the
two eg orbits20 like the Jahn-Teller effect due to the decrease
of octahedra symmetry. Taking these two ingredients into
account on the same foot, our self-consistent mean field cal-
culations show that for the x=0.48 system, the magnetic cou-
pling between the two layers changes from AF to F with the
increase of the pressure. Meanwhile, the occupation number
of the 3z2−r2 orbit increases, while that of the x2−y2 orbit
decreases with the pressure increasing. These are both in
agreement with the recent experiment.8 As is known, the
transport properties of manganites are closely related to their
orbital occupations8,9,15,20 and magnetic structures.1,22 The
x2−y2 orbit facilitates planar transport, while the 3z2−r2 or-
bit favors transport along the z axis. The transport is either
facilitated or blocked depending on F or AF type of magnetic
coupling along a certain direction. In this sense, we can re-
late our calculated orbital and magnetic state changes to the
observed transport property changes. The result for x=0.48 is
then also in agreement with the experimentally observed
more 3D behavior8 after pressure is applied. Under the same
parameters, the result of the orbital occupation variation for
x=0.30 is contrary to the case of x=0.48: the interlayer mag-
netic coupling remains F, which also agrees with the experi-
mental measurement, more 2D behavior of the sample upon
the application of pressure.9

The rest of the paper is organized as follows. In Sec. II,
we introduce the lattice model and adopt a mean field
method to reduce the Hamiltonian. In Sec. III, we present
numerical results and discuss the pressure effect on orbital
occupation and magnetic structure of LSMO-327. A brief
summary is given in Sec. IV.
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II. MODEL

The layer plane of LSMO-327 is labeled as the xy plane
and the direction perpendicular to the layer is set as the z
axis. We adopt the following Hamiltonian to describe the
system:

H = − �
i,��

�
n=±x,y

tn
�� cos��i,xy

2
��ai�

† ai+n,� + bi�
† bi+n,��
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i,��
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�b� + � �
i;�=a,b

�ni2
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ai�
† �ai�� and bi�

† �bi�� denote the creation �annihilation� op-
erators of electrons of each layer of the bilayer system, re-
spectively, i is the site index, and � represents one of the two
eg orbits of Mn ions, i.e., �1�= �x2−y2� or �2�= �3z2−r2�
adopted in the paper. The first and second terms of the
Hamiltonian describe the intralayer and interlayer double-
exchange hopping of eg electrons, respectively. The third and
fourth terms are the static electron-phonon interaction and
the lattice distortion energy, respectively. 
 is the ratio be-
tween the spring constants of the breathing mode and the
Jahn-Teller modes and will be taken as 2 in all calculations.
The fifth term accounts for the interlayer AF couplings be-
tween local t2g spins. The intralayer AF couplings of local t2g
spins are neglected because they are of no consequences to
our calculations involving only in-plane ferromagnetic cou-
plings between the t2g spins. The last term denotes the energy
level splitting between the two eg orbits induced by the hy-
drostatic pressure, which could be absorbed into the electron-
phonon interaction part; in other words, the pressure can also
give rise to a similar Jahn-Teller effect by changing the sym-
metry of octahedra. The magnitude of � varies with
pressure.20

In the Hamiltonian above, the spin index has been sup-
pressed by assuming the infinite Hund coupling
approximation,1,18 JH / t→�, and the itinerant electron spins
keep parallel to the local t2g spins that are reflected in the
hopping term by �i,xy�z�. The hopping amplitudes are written
in matrix form as1,18,23

�t±x
��	 = t1
 1 − 1/�3

− 1/�3 1/3
�, �t±y

��	 = t2
 1 1/�3

1/�3 1/3
� ,

�t±z
��	 = t3
0 0

0 4/3
� . �2�

In the bilayer manganites with tetragonal lattice structure,
t1= t2� t3 is generally assumed in the calculation. When the
external hydrostatic pressure is applied on the system, the
in-plane and out-of-plane lattice parameters change
differently.8–11,20,21 According to the experimental measure-
ments, the out-of-plane lattice parameter �c� varies more ap-

parently than that of the in-plane ones �a and b�,8,9 so we can
make an approximation by assuming that only the out-of-
plane lattice parameter varies with the external pressure
while the in-plane variation is neglected in our consideration,
i.e., the hydrostatic pressure is nearly equivalent to a uniaxial
pressure applied along the z axis in bilayer manganites.20 t1
= t2 is taken as the energy unit. The anisotropic lattice param-
eter variations will lead to two consequences. One is the
change of t3 / t1 and the other is the change of �. �t=�t3
−�t1=�t3= t3− t3

0 is introduced to denote the first change, the
hopping energy variation, where �t1 is zero as regards above
arguments and t3

0 denotes the hopping constant in the absence
of the pressure. The relationship between the bare hopping
amplitudes and the lattice parameters in transition metal
compounds is known as24 ti1/ai

3.5, where ai is the lattice
parameter along the hopping direction associated with ti.
When the hydrostatic pressure is applied to make the lattice
parameter along the z axis more shorter, the variation �t
0, � accounts for the additional energy level splitting be-
tween the two eg orbits arising from the local MnO6 octahe-
dra deformations, the orbit x2−y2 is more favorable than the
orbit 3z2−r2 for electron occupancy,24 and then �0.20 It is
assumed that �=��t ��0�, which can be regarded as keep-
ing only the leading lowest order term of an polynomial
expansion of � in terms of the small parameter �t. This term
can also be rewritten as �=��t3− t1�+��t1− t3

0�, where the
second term ��t1− t3

0� depending on the specific material15,25

corresponds to a constant shift between the two orbits. It
only slightly influences the initial orbital occupation numbers
and has little effect on the pressure behavior of the materials,
so we can neglect it and take ����t3− t1� in our following
calculations.

Employing a mean field approximation1,18 to the static
electron-phonon interaction and lattice distortion parts of Eq.
�1�, we obtain
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Then, the Fourier transformation of the eg electron part is
performed and the calculation can proceed in the wave-
vector space as in Ref. 18; several mean field parameters
need to be computed in a self-consistent manner to determine
the mean field ground state of the system. Two magnetic
configurations, AF and F magnetic couplings between the
two F layers inside a single bilayer, are taken into account in
our self-consistent calculations.
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III. RESULTS AND DISCUSSION

In the same series of materials, such as LSMO-327 for
different doping concentrations, the same model parameters
are generally taken. According to the classification of man-
ganites in terms of their bandwidths,1 LSMO-327 is a typical
wide bandwidth manganite which is accounted for by a big t1
in our model. So, in terms of t1, both the electron-phonon
coupling and the antiferromagnetic coupling between t2g
spins should be small. Here, we adopt �2 / t1=1 and
JAFS2 / t1=0.112, referring to earlier works.1,18 � is tuned to
produce the correct behaviors for our systems and is taken as
0.63 for LSMO-327. From low-temperature experimental
observation d�t3 / t1� /dP0,8,9 t3 / t1 and P �pressure� have
the same trend of variation and the former parameter can
somewhat reflect qualitatively the pressure effect.

The orbital occupation variations presented in this paper
are in the case of F-type interlayer magnetic coupling be-
tween the two ferromagnetic planes of the single bilayer. It is
clear in Fig. 1�a� that for x=0.48 with the increase of t3 / t1
�increase of pressure P�, the occupation number of the x2

−y2 orbit decreases, while that of the 3z2−r2 orbit increases.
The x2−y2 orbit is lying in the xy plane, while the 3z2−r2

orbit is distributed mainly along the z axis. So, the charge
density transfers from intralayer to interlayer in the bilayer
system, which agrees with the experimental result8 from the
maximum entropy method analysis on the synchrotron radia-
tion x-ray powder data. In Fig. 1�b�, the magnetic coupling
between the two ferromagnetic layers will change from AF
type to F type at t3 / t1=1.08, which is in agreement with
the experimental observation.8,24

In perovskite manganites, the transport properties are
strongly influenced by the eg-orbital state and the magnetic
structure.15,20,22,26 Usually, the x2−y2 orbit facilitates conduc-
tion in the xy plane,20 while the 3z2−r2 orbit favors conduc-
tion along the z direction.8 The electron conduction along a
certain direction is either blocked or facilitated depending on
the AF or F type of t2g local spin arrangement in that direc-
tion, which has been taken into account by the double-
exchange mechanism.1,22 In the x=0.48 system, it is clear
from our calculations that the pressure can lead to both a
change from AF to F coupling between the two F layers and
a more 3z2−r2-like orbital character, so that the hopping of
the eg electrons along the z direction is enhanced as well as
the 3D character of system.8 In the light of this connection,
we have also calculated the orbital occupation variation for
the x=0.30 system, as shown in Fig. 1�a�. With the increase
of pressure �t3 / t1�, the orbital character of the x=0.30 sys-
tem, will become more x2−y2-like; however, the magnetic
coupling between the two layers will remain F as shown in
Fig. 1�c�. These two factors will imply a more 2D conduction
of the material while at the same time keeping the basic
characters of the conduction invariant with pressure, which
are both in qualitative agreement with the experiment.9 With
these results, it is natural to expect the existence of some
doping level between 0.48 and 0.30 at which neither 3z2

−r2 nor x2−y2 character is enhanced by the application of
pressure. The intermediate doping concentration is found to
be about 0.38, the orbital occupation variation of which is
also shown in Fig. 1�a�.

The above different orbital occupation variation behaviors
at different doping concentrations can be understood qualita-
tively as follows. With the increase of t3 / t1 �or equivalently
the pressure�, the difference in hopping energies will favor
the 3z2−r2 orbit, while the energy level splitting term will
favor the x2−y2 orbit. In LSMO-327, with the doping con-
centration increasing, the carrier density and hence the
double-exchange hopping of eg electrons increase as well,
and the influence of the difference in hopping energies en-
hances. On the other hand, the influence of the energy level
splitting term proportional to the eg electron density de-
creases with the increase of the doping concentration. So, the
3z2−r2 orbit will be more favored by pressure as compared
to the x2−y2 orbit at higher doping concentration for the
same material series. This is what the experiments8,9,11 and
our calculations indicate.
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FIG. 1. �a� Occupation number differences of the two eg orbits
as a function of t3 / t1 �P� for doping concentrations at x=0.48, 0.38,
and 0.30 under the given parameters. The variations of the averaged
single site energies of the states with AF and F magnetic couplings
between the two F layers as a function of t3 / t1 �P� for x=0.48 and
x=0.30 are shown in �b� and �c�, respectively.
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We now turn to discuss by varying � the effect of chang-
ing the relative strength of the two factors introduced by the
anisotropic lattice parameter changes under pressure. Three
typical behaviors for x=0.48 and x=0.30 under �2 / t1=1 are
shown in Figs. 2�a� and 2�b�, respectively. As is shown, even
for the same doping concentration, widely different behav-
iors can happen depending on the different choices of �. In
Fig. 2, only when 0.55���0.7 can the opposite behaviors
in orbital occupations occur upon the application of pressure
for different doping between 0.30 and 0.48. Because � is
introduced as a material specific parameter, it should change
when substitutions of the rare-earth ions �e.g., Nd for La� or
alkaline-earth ions �e.g., Ca for Sr� are made.4,6,10,26 Because
� arises from local deformations of the MnO6 octahedrons, it
should change little with the introduction of the above sub-
stitutions. From earlier studies, the bandwidth or equiva-
lently the hopping amplitudes �e.g., t1� generally decrease

with such substitutions.1 The increase of � with substitutions
such as Nd for La or Ca for Sr is thus expected. Because the
orbital occupation variation is dominated by �, no qualitative
change occurs when incorporating changes in other param-
eters. In this sense, we can relate the results in Fig. 2 with the
changes from one material series to another. Comparing with
the discussion on LSMO-327, we could expect the increase
of the intermediate doping concentration separating different
orbital variation behaviors of a certain material series com-
pared with LSMO-327, and hence the possible existence of
one or several material series in which the application of
pressure always makes the material more 2D-like in the
whole range of x between 0.30 and 0.48. The magnetic
Compton scattering27,28 experiments which can directly mea-
sure the orbital occupancy of manganites can be used to
check our predictions. For this purpose, the earlier
experiments27,28 performed at zero pressure should be ex-
tended to measure the orbital occupation variations with
pressure.

Though our calculations are restricted to the bilayer man-
ganites, we believe that our mechanism can be extended to
apply to other similar systems. The essential point of our
mechanism is the competition of two factors arising from the
intrinsic anisotropy of the layered structure. Thus, the pres-
sure effects in other transition metal oxides with similar lay-
ered structures should also be explainable within our mecha-
nism.

IV. SUMMARY

In summary, we have established a consistent theoretical
framework for the hydrostatic pressure tuning of the orbital
character and magnetic states in the bilayer manganites. We
have shown that the anisotropic lattice parameter changes are
essential to the problem. They can induce both a difference
between intralayer and interlayer hopping amplitudes as well
as an energy level splitting of the two eg orbits. The two
factors compete with each other when pressure increases.
Different pressure induced behaviors are shown to appear
with both the change of doping concentration and the change
of relative strength of the two factors. Comparison with ex-
periments shows qualitative agreement.

ACKNOWLEDGMENTS

We thank D. Y. Xing for enlightening discussions. This
work is supported by the National Natural Science Founda-
tion of China under Grants No. 10374046, No. 90403011,
and No. 10574021. J.W. also thanks the support from NSFC
10704016.

1 Elbio Dagotto, Takashi Hotta, and Adriana Moreo, Phys. Rep.
344, 1 �2001�.

2 Elbio Dagotto, Science 309, 257 �2005�.
3 Yoshinori Tokura, Phys. Today 56�7�, 50 �2003�.
4 Y. Tokunaga, M. Tokunaga, and T. Tamegai, Phys. Rev. B 71,

012408 �2005�.
5 Maria Daghofer, Andrzej M. Oleś, Danilo R. Neuber, and Wolf-

gang von der Linden, Phys. Rev. B 73, 104451 �2006�.
6 J. Cao, J. T. Haraldsen, R. C. Rai, S. Brown, J. L. Musfeldt, Y. J.

Wang, X. Wei, M. Apostu, R. Suryanarayanan, and A. Rev-

0.8 0.9 1.0 1.1 1.2

0.03

0.06

0.09

0.12

0.15

<n
1-n

2>

t3 / t1

0.2
0.7
1.2

ξξξξ

x = 0.48

λλλλ2222 / t1 = 1

(a)

0.8 0.9 1.0 1.1 1.2
0.00

0.03

0.06

0.09

0.12

0.15

<n
1-n

2>

t3 / t1

0.20
0.55
1.20

ξξξξ

x = 0.30

λλλλ2 / t1 = 1

(b)

FIG. 2. Different possible pressure induced behaviors of the
orbital occupation difference corresponding to the same doping
concentration but for different � at �a� x=0.48 and �b� x=0.30.

LEI HAO AND JUN WANG PHYSICAL REVIEW B 76, 134420 �2007�

134420-4



colevschi, Phys. Rev. B 74, 045113 �2006�.
7 Y. Moritomo, A. Asamitsu, H. Kuwahara, and Y. Tokura, Nature

�London� 380, 141 �1996�.
8 K. Kato, Y. Ohishi, M. Takata, E. Nishibori, M. Sakata, and Y.

Moritomo, Phys. Rev. B 71, 012404 �2005�.
9 T. Kimura, A. Asamitsu, Y. Tomioka, and Y. Tokura, Phys. Rev.

Lett. 79, 3720 �1997�.
10 K. V. Kamenev, M. R. Lees, G. Balakrishnan, D. McK. Paul, W.

G. Marshall, V. G. Tissen, and M. V. Nefedova, Phys. Rev. Lett.
84, 2710 �2000�.

11 S. Arumugam, K. Mydeen, Magda Fontes, N. Manivannan, M.
Kumaresa Vanji, K. U. RamaTulasi, S. M. Ramos, Elisa Baggio
Saitovitch, D. Prabhakaran, and A. T. Boothroyd, Solid State
Commun. 136, 292 �2005�.

12 Z. Sun et al., Phys. Rev. Lett. 97, 056401 �2006�.
13 J. F. Mitchell, D. N. Argyriou, A. Berger, K. E. Gray, R. Osborn,

and U. Welp, J. Phys. Chem. B 105, 10731 �2001�.
14 H. M. Ronnow, Ch. Renner, G. Aeppli, T. Kimura, and Y. Tokura,

Nature �London� 440, 1025 �2006�.
15 T. Kimura, Y. Tomioka, A. Asamitsu, and Y. Tokura, Phys. Rev.

Lett. 81, 5920 �1998�.
16 T. G. Perring, D. T. Adroja, G. Chaboussant, G. Aeppli, T.

Kimura, and Y. Tokura, Phys. Rev. Lett. 87, 217201 �2001�; S.
Rosenkranz, R. Osborn, J. F. Mitchell, L. Vasiliu-Doloc, J. W.
Lynn, and S. K. Sinha, J. Appl. Phys. 87, 5816 �2000�.

17 E. Badica, K. E. Gray, J. F. Mitchell, and H. Zheng, Phys. Rev. B
70, 174435 �2004�.

18 Lei Hao, Jun Wang, and D. Y. Xing, Phys. Rev. B 74, 014440
�2006�.

19 Ryo Maezono and Naoto Nagaosa, Phys. Rev. B 61, 1825 �2000�.
20 Sumio Ishihara, Satoshi Okamoto, and Sadamichi Maekawa, J.

Phys. Soc. Jpn. 66, 2965 �1997�.
21 Yi Liu, L. Sheng, D. Y. Xing, and Jinming Dong, J. Phys.: Con-

dens. Matter 10, 9747 �1998�.
22 P. W. Anderson and H. Hasegawa, Phys. Rev. 100, 675 �1955�.
23 Takashi Hotta and Elbio Dagotto, Phys. Rev. B 61, R11879

�2000�.
24 Jun Wang, Z. D. Wang, Weiyi Zhang, and D. Y. Xing, Phys. Rev.

B 66, 064406 �2002�; W. A. Harrison, Electronic Structure and
the Properties of Solids �Freeman, San Francisco, 1980�.

25 Masato Kubota, Hirofumi Fujioka, Kazuma Hirota, Kenji
Ohoyama, Yutaka Moritomo, Hideki Yoshizawa, and Yasuo En-
doh, J. Phys. Soc. Jpn. 69, 1606 �2000�.

26 Lorenzo Malavasi, Maria Cristina Mozzati, Clemens Ritter, Carlo
Bruno Azzoni, and Giorgio Flor, Solid State Commun. 137, 350
�2006�.

27 Akihisa Koizumi, Satoru Miyaki, Yukinobu Kakutani, Hiroyasu
Koizumi, Nozomu Hiraoka, Kenji Makoshi, Nobuhiko Sakai,
Kazuma Hirota, and Yoichi Murakami, Phys. Rev. Lett. 86,
5589 �2001�.

28 Yinwan Li, P. A. Montano, J. F. Mitchell, B. Barbiellini, P. E.
Mijnarends, S. Kaprzyk, and A. Bansil, Phys. Rev. Lett. 93,
207206 �2004�.

HYDROSTATIC PRESSURE EFFECT ON THE ORBITAL… PHYSICAL REVIEW B 76, 134420 �2007�

134420-5


