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Both radiative and nonradiative relaxation rates for a series of rare-earth ions doped 20Ge-5Ga-10Sb-65S
�GeGaSbS� sulfide �chalcogenide� glasses have been determined. Temperature-dependent lifetimes were car-
ried out for various excited levels of the sample. Radiative decay rates were derived by using the Judd-Ofelt
approach. Nonradiative decay rates are evaluated by comparing the inversion of measured lifetimes with the
calculated radiative decay rates. We have found that the multiphonon relaxation rates should be a predominant
decay mechanism among the excited states if the energy gap to the next lower level is smaller than 2500 cm−1,
and the decay mechanism can be determined using the semiempirical “energy-gap law.” For an energy gap
larger than 2500 cm−1, additional nonradiative decay processes become dominant over the multiphonon decay.
Additional nonradiative decay processes have been quantitatively identified with the diffusion-limited relax-
ation calculations.
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I. INTRODUCTION

Erbium-doped fiber amplifiers �EDFAs� have been widely
used in fiber-optic communications networks because they
provide the capabilities of amplification in the third telecom-
munication window around 1.55 �m. Particularly, Er3+

doped aluminosilicate glasses have attracted more attention
due to large gain in bandwidth and better performances com-
pared with other types of inorganic materials in terms of
stability and connectivity to single-mode optical fibers. To
increase the data transmission capacity in telecommunica-
tions networks for different wavelengths outside of silica’s
low-loss window, different rare-earth dopants in several host
materials have been proposed in literature. Recently, Tm3+

emitting at 1.48 �m fluorescence line by utilizing 3H4
→ 3F4 transition1,2 has received attention for the S and S+

amplification bands. Pr3+ doped fluoride glasses3,4 emitting at
1.31 �m for 1G4→ 3H5 transition have been demonstrated
for an optical gain of up to 30 dB. The transitions of
�6F11/2+ 6H9/2�→ 6H15/2 in Dy3+ also provides a 1.31 �m
emission line with a large emission cross section.5 However,
these transitions suffer from large multiphonon relaxation
that degrades the efficiency of the radiative emission. The
studies of lower phonon energy glass hosts, therefore, are
becoming of prime importance for these optical amplifier
applications.

Within this aim, sulfide glasses are considered as a poten-
tial host material for rare-earth ions due to their lower pho-
non energy �350 cm−1�, which results in lower multiphonon
relaxation rates. Owing to these features, optical properties
of rare-earth ions doped in the sulfide glasses have been stud-
ied for over the past decade.6–10 However, in sulfide glasses,
both radiative and nonradiative relaxation rates have not
been well studied. The experimental data of quantum effi-
ciency for many radiative transitions is less than that of the
theoretical calculations. This may be because the nonradia-

tive relaxation rate is much larger than the predicted one
based on quenching effects.

In this paper, we present both radiative and nonradiative
relaxation rates investigated through a series of rare-earth
ions doped in GeGaSbS chalcogenide glasses. The work in
this paper is divided into two main parts: �i� low concentra-
tion of rare-earths dopant is used to reduce the quenching
effects, total nonradiative rate attributes to the multiphonon
relaxation rate if the energy gap �E�2500 cm−1; �ii� for the
energy gap �E�2500 cm−1, some other nonradiative decay
processes, which are not consistent with the exponential
energy-gap law, become dominant over multiphonon decay.
This mechanism is characterized by the diffusion-limited re-
laxation process. These results are compared with other re-
cent works and reach a new conclusion in the energy-gap law
for GeGaSbS chalcogenide glass.

II. MULTIPHONON ENERGY-GAP LAW

For the first main part, the multiphonon relaxation rates
for various rare-earth doped GeGaSbS glasses are evaluated
with an energy gap varying from 1400 cm−1 to 2500 cm−1,
which is relevant for four to eight phonons. One signature to
distinguish the multiphonon process from the total nonradi-
ative rate is the characteristic temperature dependence of the
glasses. Although phonons with different energies can be in-
volved in the transitions, in general the process requires the
fewest number of phonons. Thus, it usually depends only on
the maximum phonon energy of the host.11 The multiphonon
rate in this case is a predominant decay mechanism and
much larger than some other nonradiative rates. Thereby, it
might be considered as the total nonradiative decay rate for
transitions.
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A. Principle

1. Radiative relaxation

The Judd-Ofelt approaches12,13 are used for the radiative
relaxation rate determinations. These empirical approxima-
tions are widely applied to calculate 4f transition intensities
of rare-earth ions doped in various hosts. Its application re-
quires the computation of three Judd-Ofelt parameters �i �i
=2,4 ,6� by a fitting procedure of experimental data nor-
mally obtained from ground state absorption. These three
parameters are then used to calculate the line strengths of
electric and magnetic dipoles transitions �Sed ,Smd�, oscillator
strength f between two states leading to the values of spon-
taneous emission probabilities, radiative lifetimes, branching
ratios, and quantum efficiency of levels.

Since the Judd-Ofelt parameters are experimentally deter-
mined, the emission oscillator strength f��J ;��J�� for a tran-
sition from an excited level �J to a lower level ��J� could be
expressed by the equation using line strengths of electric and
magnetic dipole transitions, Sed ��J;��J�� and Smd ��J;
��J��, respectively,

f��J,��J�� =
8�2mc

3h��2J + 1�n2

4�	0

e2 �
edSed��J,��J��

+ 
mdSmd��J,��J��� . �1�

The spontaneous emission probability A���J� ;�J� between
�J and ��J�, can be identified:

A���J�,�J� =
8�2�2e2n2

�4�	0�mc3 f��J,��J�� , �2�

where m and e are the mass and electron charge, respec-
tively, c is the vacuum velocity of light, n is the refractive
index, � is the optical frequency, 
 is a local field correction
factor that is given by 
ed=n�n2+2�2 /9 and 
md=n3 repre-
senting the electric and magnetic dipole transitions, respec-
tively. The radiative relaxation rates can finally be shown as

WR�J� =
1

�R�J�
= �

J�

A��J,��J�� . �3�

2. Multiphonon processes

The analysis of the multiphonon decay process in rare-
earth ions, in theory, is obtained by the time-dependent per-
turbation theory. However, under certain approximations,
some parameters can be estimated by using the limit theory
to lower order-of-magnitude. This model of multiphonon-
based perturbation theory has been developed by Risenberg
and Moos14 and is currently being applied by several inves-
tigators. The expression for the energy-gap law15 of the mul-
tiphonon emission rate at 0 K is

W�0K� = C exp�− ��E� , �4�

where both C and � are positive constants involved in the
matrix but not dependent on rare-earth species. The � gives
the slope of the ln�WMR��E�� dependence. If p is the number
of phonons simultaneously emitted in the transition, the in-

teger number of phonons p required to conserve energy in a
multiphonon decay between two levels is given by p
=�E /h.

The perturbation theory shows that the nonradiative rate
corresponding to the p phonon decays is terminated by using
the factor �n+1�p, where n=n�T� is the Bose-Einstein occu-
pation number and n is written as n�T�= �e�/kT−1�−1. We
can then show the multiphonon emission rate WMR of an
excited state by the following equation:

WMR��E,T� = WMR��E,0K��n�T� + 1�p, �5�

where the first part of the right-hand side determines the
multiphonon rate at 0 K, while the second determines the
strength of stimulation of the nonradiative transition by the
vibration of lattice ions at temperatures higher than 0 K. At
higher temperatures, the second term of Eq. �5� is also a
function of the energy gap. Thus, Eq. �5� can be described by
the following equation:16

WMR�T� = C exp�− ���E� , �6�

where

�� � � −
ln�1 + n�

�
. �7�

According to Eqs. �6� and �7�, the multiphonon rate is still
an exponential function with energy gap at higher tempera-
tures, but with the reduced logarithmic slope ��.

3. Total decay rate

The total decay rate WTot is given by the sum of radiative
Wrad and nonradiative rate WNrad. The inversion of the mea-
sured lifetime and the radiative one represent respectively the
total and the radiative emission rates of the level. Theoreti-
cally, for low concentration and low excited pump power, the
energy transfer among rare-earth ions in a host and the up-
conversion phenomenon might be negligible. Thus it is pos-
sible to assume that the nonradiative emission should at-
tribute only to the multiphonon relaxation rate and can be
described as

1/�mes = WTot = Wrad + WNrad = Wrad + WMP. �8�

B. Experiment

1. Sample preparation

The glass samples were composed of 20Ge-5Ga-10Sb-
65S, and containing 0.1 at % of Dy3+, Pr3+, Ho3+, Tm3+, and
Er3+. The samples were prepared by weighing pure elements
in a dry glove box. High purity starting powders were pre-
pared. The mixture needs to be purified, distilled, then
melted to ensure the minimum requirement of impurities.
The mixture was then placed in a fused silica ampoule and
pumped under vacuum at 10−4 Torr for a few hours. At this
stage, the tube is sealed and placed in a rocking furnace,
heated to 800 °C at a rate of 1 °C/min. The mixture is
cooled down in the air or in the water to room temperature,
then annealed at the glass transition temperature for six
hours.
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2. Absorption and lifetime measurements

Absorption spectra was carried out with a Perkin 950
spectrophotometer on bulk samples for the 0.5 at % of Dy3+,
Pr3+, Ho3+, Tm3+, and Er3+ doped GeGaSbS glass.

For the luminescence decay measurements, it is well
known that in a bulk sample, photons emitted by an ion can
be reabsorbed by other ions, and the energy transfer may
increase the observed lifetime. This effect is sometimes re-
ferred to as the reabsorption phenomenon. The reabsorption
phenomenon can be alleviated when the sample is geometri-
cally as small as a fine plate or in a powder form. In our
experiments, the samples chosen were in a powder form.
Low concentration of 0.1 at % rare-earth doped samples and
low pump power of excited laser were used in order to re-
duce the quenching effects. A selective OPO pulsed laser of
Nd3+:YAG was used for the lifetime measurements. The fre-
quency of the pulsed laser ranges from visible to infrared.
Spectral decays were detected by photomultiplier R5509, in-
termedium and high-speed germanium photodiode, cooled
by liquid nitrogen. Signals from detectors are recorded with
a Lecroy 9410 digital oscilloscope.

Temperature dependence on the emission lifetimes was
measured for various temperatures of a cryostat in the range
5–300 K. Emission lifetime measurements for several levels
of Dy3+, Ho3+, Pr3+, Tm3+, and Er3+ in GeGaSbS glass,
where the energy gap is varied from 1400 cm−1 to
6500 cm−1, were carried out at various temperatures. Phonon
energy of GeGaSbS glass17 is derived from Raman scattering
spectrum, and the main band’s peak appeared at around
350 cm−1.

C. Experimental results

1. Judd-Ofelt analyses

Absorption spectra of Dy3+, Pr3+, Ho3+, Tm3+, and Er3+

doped GeGaSbS were used for radiative lifetime determina-
tions. Figure 1 shows an example of absorption spectra of
Dy3+ dopant for the wavelength region from 550 nm to
3440 nm.

In a chalcogenide system, all levels of rare-earth ions with
energy values higher than 15 000 cm−1 �around 665 nm�

were obscured due to the fundamental absorption edge of the
host. The losses in this higher spectral region were attributed
to the transitions between electronic states of the valence and
conduction bands. The measured oscillator strengths of the
absorption transitions were derived by integrating each ab-
sorption band area. Then, using the calculated matrix ele-
ments and at least three or more oscillator strengths, which
were calculated from absorption transitions, one can deter-
mine the intensity parameters �i �i=2,4 ,6�. The spontane-
ous emission probabilities and radiative lifetimes of each
transition can be finally identified. Table I shows the Judd-
Ofelt radiative lifetimes and the energy gap to the next lower
level, which was determined from the absorption spectra of
Dy3+ and Ho3+ doped GeGaSbS glass for the energy gap
�E�2500 cm−1.

2. Multiphonon rate determination

The radiative transition rate Wrad was derived from the
inversion of the calculated radiative lifetimes of Table I.
Therefore, using Eq. �8�, the multiphonon transition rates
were calculated by the following:

WMP�T� = WTot − Wrad = 1/�mes�T� − 1/�rad. �9�

From Eq. �9�, it is possible to plot the multiphonon rate
WMP versus the energy gap �E at a given temperature T. The
empirical energy-gap law of Eq. �4� was then applied to fit
the multiphonon relaxation rate Wmp versus the energy gap:
Both parameters C and � were used to describe the charac-
teristic multiphonon of the hosts that should be determined.

Figures 2–4 show three examples of the temperature-
dependent fluorescence decay lifetime �squares� and their
best fit curves �solid line� for the 6F5/2, 6F11/2�+6H9/2�, and
6H11/2 levels of Dy3+ in GeGaSbS glass. Knowing the mea-
sured lifetime at very low temperatures and the radiative one
�rad, the first term WMR ��E ,0 K� of Eq. �5� can be derived
by applying Eq. �9�. Taking n�T�= �e�/kT−1�−1 and number
of phonons p=�E /h for Eq. �5�, the measured
temperature-dependent lifetimes are then fitted �Figs. 2–4�
when combining Eqs. �5� and �8�. These fitting curves may
be used to account for the phonon energy � and energy gap
�E �see the inset of Figs. 2–4�. Results were compared to the
phonon energy values which were obtained from Raman
scattering spectra in Ref. 17.

The best fit curve in Fig. 2 is obtained for 4-phonon pro-
cess with the phonon energy �=350 cm−1. Figure 3 shows
the best fit curve for 5-phonon process with �=370 cm−1.
Figure 4 shows the best fit curve for the observed lifetime

FIG. 1. Absorption cross section of Dy3+ in GeGaSbS glass.

TABLE I. Energy gap and Judd-Ofelt radiative lifetime of ex-
cited levels for Dy3+ and Ho3+ in GeGaSbS.

Dy3+ Ho3+

Level 6F5/2
6F11/2�+6H9/2� 6H11/2

5F5

Energy gap �cm−1� 1380 1835 2335 2120

Calculated radiative
lifetime ��s�

265 380 3350 100
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measurements, when the number of stimulated phonons is
p=5 and the phonon energy is �=475 cm−1. The calculated
phonon energy values at �=350 cm−1 and 375 cm−1 ob-
tained from Figs. 2 and 3 are rather in agreement with the
maximum peak of Raman spectra and correspond to the
breathing mode of the GeS4 and GaS4 groups. For the �
=475 cm−1 vibration, this might be structured at S3Ga-S-
GaS3 vibration modes, which are due to the presence of
some -S-S- bonds.17 The agreement between the measured
temperature-dependent lifetimes and their multiphonon theo-
retical fit curves leads to a conclusion that the multiphonon
relaxation process is the main dominant decay mechanism
for range of energy gap restricted to �E�2500 cm−1. The
energy-gap law of Eqs. �4� and �6� can be applied now to
account for the total nonradiative rate versus energy gap �E
for transitions at a given temperature T.

Figure 5 reports the variation of multiphonon relaxation
rates WMR for low temperature as a function of the energy
gap �E to the next lowest level. The best fit curve �solid line�
by the empirical “energy-gap law” describes the characteris-
tic multiphonon relaxation rates in chalcogenides glasses
over the region of energy gap from 1400 cm−1 to 2500 cm−1.
The parameters C=3.8�109 s−1 and �=6.9�10−3 cm are

derived from the least-square curve fit of Eq. �4� from the
observed data.

III. ADDITION OF OTHER NONRADIATIVE MECHANISM

The addition of other nonradiative transition rates other
than the multiphonon relaxation rates for Er3+, Pr3+, and
Tm3+ doped GeGaSbS glass is described in this section. This
is the case which usually occurs at the range of energy gap
�E�2500 cm−1 �number of phonons emitted in transitions
is larger than eight phonons� in a sulfide system. The behav-
ior of the measured lifetime is theoretically related to phonon
relaxation processes and characterized by a smooth change
with temperature. On the contrary, the results of lifetime
measurements present here show an abrupt decrease of life-
time at low temperatures and a slight change at higher tem-
peratures. Similar results were also obtained in our recent
work in Ref. 18 for Tm3+ doped GeGaSbS glass. These be-
haviors are interpreted by the diffusion-limited relaxation
phenomenon in Ref. 19 and rather similar to that of
Eu�PO3�3 with Cr impurities20 and of Tb:Y3Al5O12 crystals
with Si and Ca impurities.21 The energy migration and the
direct energy transfer to acceptor ions were investigated in

FIG. 4. Experimental temperature dependence of the 6H11/2
emission lifetimes of Dy3+ doped GeGaSbS and its fitting curve.

FIG. 5. Multiphonon emission rates of 0.05% Dy3+ and Ho3+ in
GeGaSbS at 10 K as a function of the energy gap.

FIG. 2. Experimental temperature dependence of the 6F5/2 emis-
sion lifetimes of Dy3+ doped GeGaSbS and its fitting curve.

FIG. 3. Experimental temperature dependence of the 6F11/2
�+6H9/2� emission lifetimes of Dy3+ doped GeGaSbS and its fitting
curve.
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these references, where the excited Tb3+, Eu3+ ions form the
donor system and the Si, Ca, and Cr impurities act as energy
acceptors. This type of study was continued for theoretical
development in the random distribution of acceptor ions in
Refs. 22–24 which acted in the host as traps for the optical
excitation of Nd3+ doped PrF3 crystals. The donor-acceptor
energy transfers here were studied over a wide range of ac-
ceptor concentrations for low and high temperature. The the-
oretical developments of donor fluorescence in the diffusion
limit of Ref. 22 have been experimentally improved in Refs.
25 and 26. In this given paper, theoretical best fit curve of the
temperature-dependent lifetime using the diffusion limit
theory will be displayed and carefully discussed.

A. Diffusion-limited relaxation principle

For the diffusion-limited analysis, the acceptor concentra-
tion is considered much lower than the donors and only a
small fraction of donor-acceptor transfer probability is being
treated as compared to a donor-donor one. Consequently, the
donor decay is mainly driven by the intrinsic relaxation and
by diffusion-limited relaxation to acceptors. Note that the
rates of energy migration of the donors systems and the dif-
fusion by donor-acceptor energy transfer are slow for low
donor concentration condition, but still comparable to the
intrinsic decay rate. The effective lifetime � is described by
the following:27,28

1

�
=

1

�R
+

1

�D
, �10�

where 1/�D is the decay rate due to diffusion relaxation.
In sulfide glasses, energy transfers to a vibrational impu-

rity of OH and SH is one of the main reasons that lead to the
quenching of fluorescence lifetime of the excited states. Pre-
vious studies have shown, for example, that Pr: 1G4 lifetime
in a Ge-based sulfide glass is decreased with increasing the
concentration of either OH �Refs. 29 and 30� or SH.31 Some
other higher energy vibrations such as a metal-oxide bond
Ge-O may be presented, but they do not seem to correlate
with a decreased value in the Pr: 1G4 lifetime.31 In this paper,
to investigate the diffusion-limited relaxation process under
the influence of impurities, we assume that the presence of a
likely small level of OH or SH impurities are the acceptors
and the rare-earth doped GeGaSbS glasses are the donors.
Schematic diagrams of Fig. 6 present detailed examples of
energy transfer from Er3+ : 4I13/2 level to the impurity of OH
and SH.

The behavior of the diffusion-limited relaxation process
versus temperature is related to the diffusion coefficient D.
In this condition, D is taken into account by Ref. 19 and
written by

D �
1 + Be−E1/kBT

1 +
g1

g0
e−E1/kBT

, �11�

where gi �i=0,1� is the rare-earth ion’s Stark sublevel degen-
eracy and E1 is the energy of the sublevel 1 of the ground
manifolds.

Figure 6 describes two processes of the energy migration
between Er3+ ion and Er3+ ion and their diffusion-limited
procedures to a vibrational impurity. The energy migrations
of the Er3+ : 4I11/2 and 4I13/2 levels is assumed to migrate from
ion to ion until they arrive in a neighborhood of an impurity
�OH, SH� that absorbs them and then decays in a nonradia-
tive way. It needs to be mentioned that, when the temperature
increases, the available resonant transition is not only be-
tween �2→0,0→2� but also �2→1,1→2� transitions. Con-
sidering Eqs. �10� and �11� and under some approximations
in Ref. 19 the decay time � becomes

� = ��A
1 + Be−E1/kBT

1 +
g1

g0
e−E1/kBT	

3/4

+
1

�R

−1

, �12�

where B is the square of the ratio of the two oscillator
strengths between two sublevels and their degeneracies. A is
a suitable dimension constant taking into account the diffu-
sion coefficient D.

B. Radiative rate determination

Similarly, the Judd-Ofelt model is applied for the radiative
rate calculations of Er3+, Pr3+, and Tm3+ in GeGaSbS glass.
Note that, both Er3+ and Tm3+ ions possess several levels
with the energy gap to the next lower level �E
�2500 cm−1. Table II presents the energy gap values of each
level, measured lifetimes of 0.1 at % of Er3+, Tm3+ doped
GeGaSbS glass for low temperature �10 K� and their Judd-
Ofelt calculated ones.

Normally, the lifetime of an excited state is totally radia-
tive if there are ten or more phonons which are required to
make the transition to the next lower level. The measured
lifetime �m should be equal to radiative lifetimes �R without
any uncertainty of experiments and calculations. On the con-

FIG. 6. �Color online� Er3+ :
4I13/2 energy transfer diagram us-
ing diffusion-limited relaxation
process.
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trary, Table II presents an inconsistency between the experi-
mental results and their theoretical calculations. The low
temperature measured lifetimes of the excited states are
much larger than the calculated ones using Judd-Ofelt analy-
sis.

Previous experiments indicate that this mentioned dis-
crepancy is real for several rare-earth doped sulfide glasses.
It has been observed in many cases that the Judd-Ofelt ap-
proach could not be applied for the radiative relaxation cal-
culation. A similar phenomenon also occurred in the Er3+,
Tm3+, Ho3+, and Yb3+ ions doped Ge-Ga-S glasses with the
addition of alkali halides in the matrix host.32 In addition, the
negative �2 parameters sometimes appeared in the Pr3+ or
Ho3+ ion-doped chalcogenides glasses.33,34 The quantum ef-
ficiency for the Pr3+ : 1G4 level is measured independently
using a technique that does not rely simply on Judd-Ofelt
calculations. In the case of the Dy3+: 6H13/2, the calculated
radiative rate does not rely directly on a Judd-Ofelt calcula-
tion, but is rather derived from the reciprocity between
ground state absorption and emission to the ground state.34

To understand the physical origin of the above mentioned
discrepancies, some hypotheses were proposed in the litera-
ture to explain. A hypothesis about the existence of a “local”
refractive index given by Refs. 32, 33, and 35 suggests that
there might be a different “local” refractive index of local
environments around rare-earth ions compared to the refrac-
tive index which is experimentally measured from the over-
all of the hosts. The uncertainty of refractive index determi-
nation processes may lead to the difference in spontaneous
emission probability calculations that result in the inaccuracy
in calculating the radiative rates.

Another possible mechanism for this uncertainty of the
radiative rate evaluations was recently presented in Refs. 18
and 36, that a part of rare-earth dopant is treated in a second
site with a local environment different from that of the main
chalcogenide sites. This means only a “small number” of
ions are treated in a chalcogenide site �no extrinsic impuri-
ties�. Therefore, the absorption cross-section values using the
Judd-Ofelt calculation in a chalcogenide site might be
smaller than the ones which were determined from the ab-
sorption measurements. Experiments in Ref. 36 reveal that
the excitation and absorption spectra present different forms
due to the influence of small levels of impurities such as
oxide, which provides a second site of rare-earth dopants.
The rare-earth ions in this second oxide site can constitute up
to approximately one third of the total number of ions dop-

ing, experience a higher-phonon-energy environment than
chalcogenides glasses and cannot provide a gain for transi-
tion used in an optical-fiber amplifier. This indicates that the
existence of a second site with a local environment different
from that of the chalcogenide host can make it inaccurate for
the “local” refractive index and/ or the “real” absorption
cross-section determinations, and leads to the uncertainty in
the radiative rate calculations. Nevertheless, to reevaluate
these “local” refractive indexes or the “real” cross sections of
transitions, the hypotheses mentioned above indicate that,
using a common approximation of low concentration of rare-
earth ions with the large energy gap values of excited levels
in sulfide glasses, radiative lifetimes of excited states can be
directly derived from the lifetime values at very low mea-
sured temperature as the energy transfer and migration of
ions between levels are ignored. Taken together, this leads to
a conclusion that for a rare earth such as Er3+ and Tm3+

doped GeGaSbS glass that possesses several levels with the
energy gap �E�2500 cm−1, the radiative rates would be
directly derived from the measurements at low temperatures
rather than from the theoretical calculations.

C. Experimental results and their theoretical simulations

Equation �12� applies Tm3+ and Er3+ doped GeGaSbS
glass to fit the experimental lifetimes. Radiative lifetimes �R
in Eq. �12� are taken from the lifetime measurement at low
temperatures �see Table II�. For theoretical simulations of the
diffusion-limited relaxation process, it is necessary to iden-
tify the two parameters B and E1 of Eq. �12�. A detailed
example for the interpretation of Eq. �12� is presented in the
case of the Er3+ : 4I13/2 level. The sublevel 0 and 1 positions
of the 4I15/2 manifolds in Fig. 6 are deduced from the emis-
sion measurements at low temperatures for the 4I13/2
→ 4I15/2 transitions. Figure 7 shows the emission spectra for
4I13/2→ 4I15/2 transition of Er3+ in GeGaSbS glass at low tem-
peratures.

The systematic determination of Stark splitting was de-
rived by using the resonant fluorescence line narrowing
�RFLN� data in Ref. 37. Table III presents the 4I15/2 Stark
positions. Then, from Fig. 7 and Table III, the ratio B and

TABLE II. Calculated and measured lifetimes and the energy
gap of the excited levels for rare-earth ions in GeGaSbS glass.

Tm3+ Er3+

Level 3H4
3H5

3F4
4I11/2

4I13/2

Energy gap �cm−1� 4230 2410 5845 3665 6500

Calculated radiative
lifetime �ms�

0.120 0.65 0.85 1.50 1.85

Low temperature
measured lifetime �ms�

0.155 0.76 1.30 1.60 2.90

FIG. 7. Emission spectra at 1.5 K permitted to obtain the Stark
levels of the Er3+ : 4I15/2 manifold in sulfide glasses.
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energy E1 of the sublevel 1 can be determined.
Figures 8 and 9 show two examples of the experimental

lifetime results of the Er3+ : 4I13/2 and 4I11/2 levels �squares�
and their best fits �solid line� using the calculated B and E1
parameters obtained from the RFLN experiments.

IV. DISCUSSION

In sulfide glasses, the parameters for the multiphonon
rates originally obtained in Ref. 38, where Reisfeld presents
a review of radiative and nonradiative properties of rare earth
in amorphous media. The multiphonon relaxation parameters
for LaGaS glass were evaluated in that paper and were
widely quoted. However, the energy-gap law presented
seems to be anomalous compared to other glasses. Recently,
new derived parameters for the multiphonon rates have been
inferred by Quimby16 in GeGaAsS sulfide glasses with an
electron-phonon coupling parameter 	=0.058, which is more
in line with other glasses than the accepted value of 	
=0.36 in Ref. 38. The existence of some other nonradiative
processes, which reduces the fluorescence lifetime, has been
assumed in the GeGaAsS sulfide glass. However, this addi-
tional quenching mechanism is still able to account for an
exponential function with energy gap of Eq. �6� at tempera-
tures higher than 0 K. The fit of the curve using this function
corresponds to a very different set of multiphonon param-
eters C and �. To account for this quenching process, the

higher phonon energy of vibration modes than the value of
the maximum peak of Raman spectra might be involved in
the transitions. Several possibilities have been proposed to
explain this observation. The nature of this additional decay
process is not known for certain, but it is likely due to
quenching by vibrational impurities of OH and SH in this
sulfide glass.

Within the above mentioned respects, the nonradiative de-
cay rates for various rare-earth ions for the whole range of
energy gap �E from 1200 cm−1 to 6500 cm−1 are investi-
gated in our GeGaSbS chalcogenide glass. The parameters C
and � for the multiphonon rates are derived and compared
with other glass compositions. The total decay rate WTot from
Eq. �8� can be described now by the following:

1/�mes = WTot = Wrad + WNrad = Wrad + �WMP + Wother� ,

�13�

where the nonradiative WNrad in turn has contributions from
the multiphonon relaxation rate WMP and possibly other ad-
ditional nonradiative processes Wother. Here, we propose that
this quenching mechanism Wother is due to the temperature-
dependent diffusion-limited relaxation process.

The nonradiative transition rates at a given temperature T
can then written by

WNrad�T� = �WMP + Wother� = WTot − Wrad = 1/�mes�T� − 1/�rad.

�14�

At low temperatures, since the energy transfer to impuri-
ties Wother strongly decreases as the temperature drops down
to zero �see Figs. 8 and 9 for two examples of the abrupt
increase in 4I11/2 and 4I13/2 lifetimes at low temperatures�, the
multiphonon rates in the whole range of energy gap would be
now a predominant decay mechanism. The multiphonon re-
laxation rates versus the energy gap returns now to the re-
sults described in Fig. 5 for transition energy gap �E
�2500 cm−1. We assume that for low concentration of rare-
earth dopant and at low temperatures, the interaction be-
tween rare-earth ions and their energy transfer to vibrational
impurities may be ignored at very low temperature.

FIG. 9. Er3+ : 4I11/2 lifetimes versus temperature and its fit
curve.

TABLE III. Stark level positions of Er3+ : 4I15/2 manifold.

Sublevels Sublevel energy �cm−1�

0 0

1 11.6

2 30.5

3 45.4

4 81.8

5 139.4

6 172.9

7 220.5

FIG. 8. Er3+ : 4I13/2 lifetimes versus temperature and its fit
curve.
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For the measurements at room temperature, the nonradia-
tive decay rates WNrad of Eq. �14� are plotted in Fig. 10 as a
function of the energy gap between the investigated levels
and the next lower level. In Fig. 10, we present the gap laws
obtained using Eq. �8�, the first one for �E�2500 cm−1 and
the second one for �E�2500 cm−1. From Fig. 10, it seems
possible to fit two exponential nonradiative rate functions
with energy gap �E using Eq. �8� at high temperatures: The
fit curves correspond to the multiphonon parameters C1
=1.0�106 s−1, �1�=1.8�10−3 cm and C2=3.8�109 s−1, �2�
=6.6�10−3 cm. For �=350 cm−1 and T=300 K in Eq. �7�,
the parameters � can be identified. The multiphonon phe-
nomenological transition parameters C and � of Eq. �4� are
depicted in Table IV to compare with other glass composi-
tions.

Table IV shows that the smaller phonon energy � of the
GeGaSbS chalcogenide glass presents the smaller values of

constant C �3.8�109 s−1� with steep slope � ��=6.9
�10−3 cm� of the ln�WMR��E�� curve, which can result in
the lower nonradiative relaxation rates compared to other
glasses. However, it must be noted that, the first set of C1
=1.0�106 s−1 and �1=2.1�10−3 cm ��E�2500 cm−1� in
our GeGaSbS chalcogenide glass in Table IV are quite simi-
lar to the original values �italic values� obtained by
Reisfeld38 and others.42–44 In Ref. 16, Quimby assumes the
existence of some other unknown quenching mechanism in
addition to the multiphonon relaxation rate of GeGaAsS
glass. In the case of our GeGaSbS sulfide glass, experimental
results in Figs. 8 and 9 reveal that it is impossible to use Eqs.
�4� and �6� to examine the behavior of lifetime with tempera-
ture using the multiphonon procedure for energy gap of
�E�2500 cm−1. Therefore, the roughly fit curve with C1
=1.0�106 s−1 and �1�=1.8�10−3 cm from Fig. 10 for Eq.
�6� cannot be used to characterize the multiphonon rates even
for some other additional nonradiative rate versus energy gap
at high temperatures. To describe this additional quenching
mechanism, the diffusion-limited relaxation process is in-
cluded and fit curves of measured temperature-dependent
lifetimes show theoretically in good agreement with results
from experiments. Note that some other possibilities may be
included to account for this additional procedure at high tem-
peratures. For example, the up-conversion phenomenon from
excited level to the higher levels and/or the transfer of exci-
tation energy to the host glass may occur even at very low
concentrations of rare-earth dopant and lead to the increasing
nonradiative part of transitions. However, the detail discus-
sions for these quenching processes are beyond the scope of
the present work. Further investigation regarding the effects
in GeGaSbS glasses can be found in Ref. 33.

The linear fit of Eq. �6� with C2=3.8�109 s−1 and �2
=6.9�10−3 cm in Table IV is quite in agreement with those
obtained at low temperatures �see Fig. 5� for transitions with
�E�2500 cm−1. These latter derived parameters character-
ize the “true” multiphonon rates in sulfide glasses. The val-
ues C and � are similar to those values obtained in Ref. 16 as
shown in Table IV. This leads to a conclusion that to fit the
“true” multiphonon relaxation rate in sulfide glasses can only
be obtained if the range of energy gaps is restricted to �E
�2500 cm−1. Otherwise, for the transition of energy gap
�E�2500 cm−1, another nonradiative rate has an effect on
the total nonradiative rate and this is likely due to the large
part of quenching in diffusion-limited relaxation process to
the impurities of OH and SH.

V. CONCLUSION

Judd-Ofelt analyses were used to predict the radiative
rates of Dy3+ and Ho3+ doped GeGaSbS glass. The total de-
cay rates were deduced from the inversion of measured life-
time, then the nonradiative decay rates were determined by
comparing them with radiative ones. For transition energy
gap �E�2500 cm−1, the true multiphonon relaxation rates
were evaluated using the well-known semiempirical “energy-
gap law.” The newly derived multiphonon parameters were
found, and results were compared to other glass composi-
tions. These multiphonon parameters are in agreement with
the recently obtained values in the literature.

FIG. 10. �Color online� Nonradiative rates for various rare-
earths transitions at 300 K as a function of the energy gap.

TABLE IV. The nonradiative phenomenological transition pa-
rameters for different glasses.

Host C �s−1�
� �cm�
�10−3�

�
�cm−1�

Borate �Ref. 39� 2.90�1012 3.80 1400

Phosphate �Ref. 40� 5.40�1012 4.70 1200

Silicate �Ref. 40� 1.40�1012 4.70 1100

Germanate �Ref. 38� 3.40�1010 4.90 900

Tellurite �Ref. 38� 6.30�1010 4.70 700

ZBLA �Ref. 39� 1.88�1010 5.77 500

Fluoroberyllate �Ref. 41� 9.00�1011 6.30 500

Ge-Ga-S �Ref. 42� 8.13�105 2.83 350

Ge-As-S �Ref. 42� 2.56�106 2.95 350

La-Ga�Al�-S �Ref. 38� 1.00�106 2.90 350

GeGaAsS �Ref. 16� �1.00�106� (2.90) (425)

3.80�109 6.70 425

GeGaSbS �this work� �1.00�106� (2.1) (350)

3.80�109 6.90 350
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We also found that for rare-earth dopants which possess
several levels of energy gaps �E�2500 cm−1, such as the
Er3+ and Tm3+ ions doped GeGaSbS glass, the Judd-Ofelt
approach presents a poor condition for the radiative rate cal-
culations. The behavior of the measured lifetime versus tem-
perature was not characterized by the multiphonon relaxation
processes. Thus, another nonraditive relaxation rate was in-
cluded and this quenching mechanism can be interpreted by
the diffusion-limited relaxation phenomenon to vibrational
impurities such as OH or SH. The behavior of lifetime versus
temperature was quantitatively determined using the diffu-
sion-limited relaxation calculation. The existence of these
additional diffusion-limited rates might be responsible for
the inconsistency between the Judd-Ofelt calculated radiative
lifetimes and the measured ones at low temperatures. It is
necessary to directly measure the fluorescence lifetime rather
than rely on the theoretical calculations.

The paper presents our results of the influences of impu-
rities on host materials in a GeGaSbS sulfide system. In this

paper, we assume that the vibrational impurities of OH and
SH concentrations are low enough in order to find the best fit
�theoretical� curve of the temperature dependent lifetime us-
ing the diffusion limit theory. In the future, further investi-
gation for the existence of the additional nonradiative com-
ponent to the decay, and its dependence on OH or SH
concentrations content in the glass should be included. These
present potential results in identifying the loss mechanism of
rare-earth lasers in sulfide glasses.
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