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were interpreted within the framework of this model, and acceptor-impurity induced effects in the photolumi-
nescence line shapes from multiple quantum wells of different widths were demonstrated.
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I. INTRODUCTION

The properties of quantum well �QW� structures are
strongly influenced by the presence of doping impurities.
The investigation of these impurity effects has both a funda-
mental interest and is of major importance in device appli-
cations such as high electron mobility transistors and QW
infrared photodetectors and/or emitters.

Previous works have mainly been focused on barrier-
doped �selectively or modulation-doped� structures, whereas
the properties of doped QWs, and, in particular, the case for
acceptor doping, are less understood. Variations in the prop-
erties can be caused by changing the concentration of the
dopant from uniform distributions within the QW to concen-
trated sheet layers resulting in a so-called �-doped profile.
The energetic spectrum of an impurity depends on the width,
barrier height, impurity position, and impurity concentration
of the QW. Hence, by changing the design of the structure
and the doping profile, it is possible to tune in a controlled
way the energetic levels. As a general rule, the impurity
spectrum lies in the range of several meV. In terms of fre-
quencies, these energies fall into the THz range where the
development of compact infrared emitters and small-size de-
tectors is an important issue.1–3 Semiconductor QWs are al-
ready of great interest for these purposes,4–10 and under-
standing the effect of impurities on the optical properties
near the QW intrinsic transitions �such as excitonic transi-
tions� is of particular concern in order to optimize the design
of these devices. This is in addition to predicting the infrared
emission or absorption spectrum.

The fractional dimensional space �FDS� approach,11–13 to
our knowledge, was first applied by He �Refs. 14 and 15� to

study optical properties of anisotropic materials. The FDS
was found to be a powerful tool in examining the line shape
of the interband optical transitions and to elucidate the physi-
cal mechanisms defining the anisotropy of the system. The
application of this method to the excitonic problem in aniso-
tropic solids enables the calculation of both exciton wave
functions and binding energies, as well as the associated op-
tical spectra.16 The FDS approach can also be used to ana-
lyze excitonic features in semiconductor QWs.17,18 Further, it
can be adapted for magnetic-field-induced effects on
shallow-donor states in multiple quantum wells �MQWs�19–21

and polaron phenomena in confined systems.22,23 However,
to our knowledge, it has not been extended to investigate
acceptor-impurity-related transitions in semiconductor QWs.

Impurities can be considered as hydrogenlike atoms, and
thus the FDS approach can be extended to describe these
systems. In that case the discrete bound-state energies and
orbital radii for excitons and impurities can be given in Ref.
16:

En =
Ry

�n +
� − 3

2
�2

, �1�

an = a0�n +
� − 3

2
�2

, �2�

where n=1,2 , . . . is the principal quantum number, Ry and a0
denote the Rydberg energy and Bohr radius for exciton or
hydrogenlike impurity in the three-dimensional �3D� case,
and � labels the dimensionality parameter which changes

PHYSICAL REVIEW B 72, 235322 �2005�

1098-0121/2005/72�23�/235322�11�/$23.00 ©2005 The American Physical Society235322-1

http://dx.doi.org/10.1103/PhysRevB.72.235322


from 2 to 3 for idealized QWs. For the 2D case, when �
=2, the binding energy of the 1s exciton or impurity is a
factor of 4 greater than for the 3D case, i.e., E1=4 Ry. A
more detailed description of the binding energies of the QWs
within the FDS approach can be found in Refs. 17–21.

In this work, we have applied the FDS technique for Be
acceptor states in GaAs/AlAs MQWs. We have shown that
we can describe the excitonic spectra, interband, and Be ac-
ceptor related transitions, by the FDS approach and deduce
the influence of p-doping effects onto optical properties of
QWs having different widths and doping levels.

II. SAMPLES AND EXPERIMENTAL DETAILS

The samples were grown by molecular beam epitaxy on
semi-insulating GaAs substrates. The Be �-doped MQWs
contained a different number of wells, N=200, 50, 40 with
varying well widths LW of 10, 15, and 20 nm. The AlAs
barriers were 5 nm thick in all of the investigated structures.
Each of the QW’s was �-doped �2 nm width� with Be accep-
tors at the center of the well. The doping level for LW
=10 nm MQWs was 5�1010 cm−2, LW=15 nm was 2.5
�1012 cm−2, while for the MQWs LW=20 nm two sample
doped with 5�1010 and 2.5�1012 cm−2 were grown.

An argon-ion laser operating in the continuous wave
mode was used to excite the photoluminescence �PL�. The
PL excitation intensity was kept within the range
0.1–10 W cm−2. The PL signal was dispersed by a mono-
chromator and detected by a cooled photomultiplier operat-
ing in a photon counting regime. The PL spectra of the struc-
tures were measured at liquid nitrogen �77 K� and room
temperatures �300 K�.

III. EXPERIMENTAL PHOTOLUMINESCENCE SPECTRA

The PL spectra of the studied MQWs samples at room and
nitrogen temperatures are shown in Figs. 1 and 2. A series of
clearly resolved peaks can be seen in both figures. The most
intensive PL bands are associated with heavy- and light-hole
excitonic transitions denoted as Xe1-hh1 and Xe1-lh1, respec-
tively.

In MQWs having widths of LW=15 and 20 nm, both
heavy-hole and light-hole excitonic peaks are almost merged
together at room temperature. A closer look at the spectra
allows one to discriminate the line Ee2-hh2, related to the sec-
ond sublevel of excited electronic holes �see Fig. 1�. The
room temperature spectra in the narrowest MQWs, LW
=10 nm, consists of transitions associated with heavy- and
light-hole excitons. The arrows �Fig. 1� indicate the calcu-
lated value of the sublevel energetic differences of these tran-
sitions as described in the figure caption. The parameters
used in the calculations are as follows: the conduction-band-
energy discontinuity was Q=0.6,24 electron effective mass
me

*��� /m0=0.0665,25 valence-band Luttinger parameters �1

=6.82, �2=2.1,26 forbidden energy gap Eg�� ,300 K�
=1.4256,27 and for AlAs: me

*��� /m0=0.124 �Ref. 28� �see
comment in Refs. 29 and 30�, �1=4.04, �2=0.78 �Ref. 31�
�also in Ref. 32�, Eg�� ,300 K�=3.02.33

We observe that at nitrogen �Fig. 2� and room tempera-
tures �Fig. 1�, the difference in the energetic position Xe1-hh1
for LW=10 nm is �E=85.5 meV. This is in good agreement
with the results for GaAs of �Eg=86.8 meV given in Ref.
27. For the other MQWs of LW=15 and 20 nm, the heavy-
and light-hole excitonic peaks are merged at room tempera-
ture and comparisons can only be done after deconvolution
of the spectra.

FIG. 1. The PL spectra of the Be �-doped GaAs/AlAs samples
for three different LW=10 nm �NBe=5�1010 cm−2�, 15 nm �2.5
�1012 cm−2�, and 20 nm �2.5�1012 cm−2� MQWs at room tem-
perature. Arrows indicate Ee1-hh1 ,Ee2-hh2 ,Ee1-lh1 calculated energy
differences from first heavy-hole to first electron, the second heavy-
hole to second electron, and the first light-hole to first electron
energy levels, respectively. For the sake of clarity, the spectra are
shifted vertically.

FIG. 2. The PL spectra of Be �-doped GaAs/AlAs samples with
three different LW=10 nm �NBe=5�1010 cm−2�, 15 nm �2.5
�1012 cm−2�, and 20 nm �2.5�1012 cm−2� MQWs at liquid nitro-
gen temperature. The symbols Xe1-hh1 and Xe1-lh1 indicate heavy-
hole and light-hole excitonic transitions, �Be, X�–to Be acceptor–
bound exciton, e-Be–free-electron–neutral Be acceptor transitions.
For the sake of clarity, the spectra are shifted vertically.
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At liquid nitrogen temperatures �Fig. 2�, some additional
lines appear in the spectrum. The lower energy transitions,
labeled as e-Be, are attributed to the recombination of free
electrons and holes bound to a Be acceptor. It is also possible
to discriminate the line originating from excitons bound to
the acceptor impurity, labeled as �Be, X� in the figure.

A knowledge of the transition energies allows a determi-
nation of the acceptor binding energy, EA, using the relation
from Ref. 4: EA=E�Xe1-hh1�+E�Xhh�−E�e-Be�. Here,
E�Xe1-hh1� and E�e-Be� are the energies of the Xe1-hh1 and e
-Be transitions, whereas E�Xhh� is the binding energy of the
heavy-hole exciton which is deduced from theoretical
calculations.34 Our estimates show that the acceptor binding
energy increases with the decrease of the QW width as pre-
dicted in Ref. 8. Considering LW=10 nm, the acceptor bind-
ing energy was found to be EA�33 meV, whereas EA
�28.5 meV for a QW with LW=20 nm. It is worth noting
that the obtained values are in good agreement with the es-
timates given in Ref. 6 at liquid helium temperatures.

It can seen from Fig. 2 that the excitonic spectra consist of
a series of lines labeled on the figure as �Be, X�, Xe1-hh1, and
Xe1-lh1. The binding energy of the bound exciton �Be, X�
obtained here, E�Xe1-hh1�−E�Be,X��3.85 meV, conforms
well with other experimentally findings for GaAs/AlAs
�3.7 meV�,6 and for GaAs/Al0.33Ga0.67As �3.8 meV� �Ref.
35� the QWs, is larger than the value for bulk GaAs
E�A,X�=2.9 meV.36

Since the studied MQWs were doped with Be acceptor
impurities, it was important to identify the influence of dop-
ing in the line shape of the PL spectra. The PL spectra for
two MQWs samples at nitrogen temperature are shown in
Fig. 3. To display the effects of the doping level we have
fitted the e-Be transition in both samples multiplying the
weaker spectra by a factor of 1.93. The result is plotted in the
inset of Fig. 3. One can clearly see that the line shape is
independent of the doping level up to NBe=2.5�1012 cm−2.

Based on the experimental observations, the sections be-
low are devoted to a more detailed discussion of the spectral
features associated with free electrons–Be impurity related
transitions. We further extend the model of the FDS to the
acceptor states in a QW and apply it to describe the line
shape of the free electron–acceptor PL spectrum.

IV. EXCITONIC-RELATED TRANSITIONS

Low-dimensional systems are highly anisotropic. Experi-
mental data obtained, for instance, in semiconductor QWs,
are analyzed using isotropic coordinate systems possessing
anisotropic Hamiltonians. The excitonic models in these
structures usually employ numerical calculations using varia-
tional or perturbational approaches. In the idealized case for
infinite QWs, the system is presumed to be exactly 2D. How-
ever, in real structures �not infinite QWs� excitons or impu-
rities are not 2D anymore. They are in a medium intermedi-
ate between 2D and 3D systems since the electron—or hole-
wave function penetrates the barrier in the confining
dimension. We can therefore consider the structures in an-
other manner, i.e., by applying the approach of fractional
dimensions11 and assuming that an anisotropic system in 3D
space can be treated as isotropic or unconfined in the effec-
tive fractional dimensional space.14,15 In this case the single
parameter—dimensionality—contains all the information
about the anisotropy or confinement of a low-dimensional
system. Using this model, He �Ref. 16� has calculated exci-
ton bound-state energies and wave functions of a low-
dimensional system by solving the hydrogenic Schrödinger
equation in a �D space.

To analyze the excitonic photoluminescence spectra we
have used a dimensionless absorption coefficient �optical
density�, which was theoretically deduced in �D space in
Refs. 37 and 38.

O�	
� = O0�	n=1

�
4 Ryex��n + � − 2�

�n − 1�!
n +
� − 3

2
��+1��	
 − En�

+ ��
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2
+ i���2

e���2−�

�

�	
�
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�	
� represents the Heaviside step function, �
=�Ryex /	
, 	
 is the photon energy, � designates dimen-
sionality, and

O0 =
22�−3e2�dcv�2Lc

�−2

���−3�/2nBcm0
2


��
�

2
��2

�
� − 1

2
�

a0ex
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where 
 is the angular frequency of the incident light, nB
shows the refractive index of the medium, m0 denotes the
free electron mass, e is electronic charge, c stands for the
velocity of light, Lc labels the effective length of the active
medium, �dcv�2 is the conduction-to-valence squared matrix
element of the electron dipole moment, and ��x� denotes
Euler’s gamma function.

FIG. 3. The PL spectra of the Be �-doped GaAs/AlAs LW

=20 nm samples for two different NBe=5�1010 cm−2 �open
circles� and 2.5�1012 cm−2 �closed circles� MQWs at liquid nitro-
gen temperature. Xe1-hh1 and Xe1-lh1 indicate heavy-hole and light-
hole excitonic transitions, �Be, X�–to Be acceptor–bound exciton,
e-Be–free-electron-neutral Be acceptor transitions. The inset depicts
an enlarged region of the e-Be emission spectra; the weakly doped
MQWs PL intensity has been multiplied by a factor of 1.93.
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The absorption coefficient for �D, Eq. �3�, is in agree-
ment with well-known results from the literature for 2D and
3D cases.39–41 The measurable dimensionless absorption co-
efficient including Lorentzian line shapes with full width at
half maximum w can be calculated from

Kex = �
0

�

O�	
 − E�
2w

��4E2 + w2�
dE . �5�

The luminescence intensity IPL�E� is related to the absorption
coefficient K�E� through the energy balance relation

IPL�E� � K�E�f�E� , �6�

where f�E� is a suitable thermal function. In the limit of
nondegenerate carrier density, the f�E� can be approximated
by a Boltzmann distribution function.

In order to describe the shape of the spectrum it is of
particular importance to evaluate the dimensionality param-
eter � of the confined exciton in the QW. There are several
ways to proceed with this problem. For example, in Ref. 17
a simple definition of � on the well width for excitons is
proposed:

�ex = 3 − exp
−
LW

2aex
� , �7�

where LW represents the well width and aex is the exciton
effective Bohr radius. This equation is valid for infinite QWs.
For real QWs, with finite potential barriers, it can only be
used for large QWs comparable to the infinite barrier theo-
retical device. The microscopic approach for � is proposed
in Ref. 18, where one takes into account the penetration of
the carriers into the barriers and incorporates the continuous
interpolation of the material parameters from their values in
the well region to their values in the barrier regions. The
second option is to directly calculate the approximate values
of � by solving the Schrödinger equation in �D space, as
was suggested in Refs. 19–21. However, this method is
rather complicated when it comes to interpreting the experi-
mental results, since it requires additional theoretical calcu-
lations for all the particular QWs. Therefore, a more conve-
nient way to obtain a dimensionality parameter is to use
experimental data or other theoretical methods to calculate
values of the exciton binding energies as a function of the
well width. The dimensionality can then be determined di-
rectly by using Eq. �1�.

The absorption coefficients of the interband optical tran-
sitions were calculated using the complex dielectric function
from Ref. 15:

Kb−b =
23−��2−�/2e2�dcv�2Lc

�−2

�
�

2
�nBcm0

2



2�cv

	2 ��/2

�	
�

�	
 − EQW
�� ��/2−1
�	
 − EQW

�� � , �8�

where �cv=mc
*mv

* / �mc
*+mv

*� is the reduced effective mass of
the electron and hole. Here EQW

�� is the energy gap between
the �th subband of the conduction, and the �th subband of
the valence band. Equation �8� is in agreement with 2D and

3D cases41,42 and the band-band transitions of the Lorentzian
convolution �see Eq. �5�� was also included for clarity.

The calculations for LW=15 nm �NBe=2.5�1012 cm−2� of
each transition observed in the PL spectrum together with the
experimental data at liquid nitrogen temperature is presented
in Fig. 4. The excitonic PL spectra and interband transitions
were calculated by the FDS approach including Lorentzian
convolution, whereas the line shape of bound excitons �Be,
X� was approximated by a Gaussian. The dimensionality was
extracted using Eq. �1� from the exciton binding energy cal-
culated in Ref. 34 and Ryex=4.2 meV.43 For the interband
transitions, only the transitions of e1-hh1 from the first elec-
tron to heavy-hole sublevel were included. It is clear that the
chosen model provides a good description of the overall PL
spectrum at liquid nitrogen temperature. It can be inferred
that at liquid nitrogen temperatures, the near edge PL region
is dominated by excitonic related optical transitions. The in-
terband transitions are negligible and amount to a only a few
percent of the total PL intensity. More details about the e
-Be transitions will be presented in Sec. V.

The calculated results at room temperature for LW
=10 nm and LW=15 nm are shown in Figs. 5 and 6. For the
analysis of the spectrum of the QW with width LW=10 nm,
we have included heavy-hole, light-hole excitonic, and inter-
band e1-hh1 transitions. For the QW with LW=15 nm, we
have also taken into account the second sublevel system. The
peak observed in Fig. 6 for LW=15 nm at a photon energy of
	
=1.51 eV, is attributed to the transitions from e2 to hh2
according to the selection rules. In this transition, the exci-
tonic effects were also taken into account. More specifically,
in the infinite-rectangular-well approximation, due to the or-
thogonality of the envelope wave function, only transitions
between confined valence and conduction states with the

FIG. 4. The PL spectra of the �-doped GaAs/AlAs MQWs with
LW=15 nm �NBe=2.5�1012 cm−2� at liquid nitrogen temperature.
Xe1-hh1 and Xe1-lh1 indicate heavy-hole and light-hole excitonic tran-
sitions, �Be, X� labels exciton bound-to-Be acceptor, e-Be desig-
nates electron-neutral Be acceptor transitions, and e1-hh1 indicate
electron-hole transitions. Dashed lines depict theoretical calcula-
tions; solid lines represent the sum of all recombination mecha-
nisms. The dimensionality, full width at half maximum of the
Lorentzian or Gaussian convolution �given in parentheses� and rela-
tive weightings in the integrated PL spectra for various transitions
are as follows: e-Be ��=2.87,wG=6.4 meV�−0.23; �Be, X� �wG

=4.7 meV�−0.15; Xe1-hh1 ��=2.3,wL=3.5 meV�−0.5; Xe1-lh1 ��
=2.2,wL=3.5 meV�−0.1; e1-hh1 ��=2.3,wL=3.5 meV�−0.02.
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same quantum number are allowed.44,45 These transitions are
strongest in the absorption, PL, and PL excitation spectra46,47

of QW systems. The exciton binding energies for higher lev-
els are lower compared to the first sublevels, but the differ-
ence is small.48,49 It should be noted that the higher electron
states correspond to wave functions which penetrate more
into the barriers, and thus the overlap with the hole wave
function is smaller. However, this effect is compensated if
conduction-band nonparabolicity is included.50 In the follow-
ing calculations we take the exciton binding energy associ-

ated with the excited levels to be equal to E�Xe2-hh2�
=7.5 meV which corresponds to the dimensionality of �
=2.5.

The next important feature of spectra is the doublet struc-
ture of the e2-hh2 transition.46,47 This splitting is a result of
the heavy and light exciton mixing.47 In our experiments this
delicate effect is not observed and therefore is not included
into the calculations. The nonparabolicity of interband e2
-hh2 transitions51–54 was taken into account, but its contribu-
tion in our PL spectra is negligible. However, nonparabolic-
ity is more important in the evaluation of the actual transition
energy. The results of the calculations concerning the contri-
bution of the excited sublevels are given in Fig. 6. Symbol
Xe2-hh2 indicates heavy hole while e2-hh2 shows excited
band-to-band transitions.

The analysis shows that excitons are important at high
temperatures �up to room temperature� not only in the ab-
sorption spectra,55 but also in the PL spectra. The
GaAs/AlAs MQWs interband transitions add up to one-fifth
of the integrated PL intensity at room temperature, whereas
the rest is related to the excitonic transitions. The opposite is
generally the case in pure GaAs.56

In the modeling of the line shape, we have assumed that
the broadening of the excitonic PL linewidth consists of two
components: a homogeneous and an inhomogeneous part:57

� = �0 + aT + b/�exp�	
LO/kT� − 1� , �9�

where �0 is the temperature T independent inhomogeneous
width, while the second and third terms arise from the in-
crease of the exciton scattering by acoustic and optical
phonons with temperature, respectively. Coefficients a and b
represent corresponding scattering strengths. As a general
rule, the � value is obtained from the measured PL spectra
using Gaussian or Lorentzian convolution procedures.

It is expected that at very low temperatures when the
exciton-phonon scattering is inefficient, the exciton PL spec-
tra are inhomogenously broadened, and Gaussian convolu-
tion should be used. The line shape becomes closer to a
Lorentzian at higher temperatures.58–61

The exciton-acoustic–phonon interaction coefficient is
generally in the range a�2–10 �eV K−1,62–66 and the
exciton-LO-phonon interaction coefficient in the range b
�10–15 meV.64,66 The values obtained for our samples are
the following: �0�2.5 meV, ��T=77 K��3.5 meV, and
��T=300 K��9–11 meV. These values correspond to coef-
ficients for acoustic scattering a�12 �eV K−1 and optical
scattering, b�8.4–14.8 meV, respectively. These data con-
form well to both the results presented by the authors cited
above and the theoretical predictions. One must note, how-
ever, that in the case when the lines of heavy- and light-hole
excitons are merged at 300 K, the excitonic PL band is twice
as wide in comparison to separated bands. This can be seen
by comparing the results for LW=15 and 20 nm with that for
LW=10 nm at 300 K in Fig. 1 or by comparing the results in
Figs. 5 and 6.

V. IMPURITY-RELATED TRANSITIONS

Understanding the effect of impurities is of fundamental
importance in order to determine the electronic, optical, and

FIG. 5. The PL spectra of the Be �-doped GaAs/AlAs LW

=10 nm MQWs at room temperature. Symbols Xe1-hh1 and Xe1-lh1

indicate heavy-hole and light-hole excitonic transitions and e1
-hh1 depict electron-hole transitions. Dashed lines are the theory,
the solid line shows the sum of both excitonic and e1-hh1 transi-
tions. The dimensionality �given in parentheses� and relative
weightings in the integrated PL spectra for various transitions are as
follows: Xe1-hh1 ��=2.2�−0.66; Xe1-lh1 ��=2.06�−0.17; e1-hh1 ��
=2.2�−0.12. For all the peaks the full width at half maximum of the
Lorentzian convolution was found to be wL=11 meV.

FIG. 6. The PL spectra of the Be �-doped GaAs/AlAs LW

=15 nm MQWs at room temperature. Symbols Xe1-hh1, Xe2-hh2, and
Xe1-lh1 indicate heavy-hole and light-hole excitonic transitions.
Dashed lines are the theory, solid lines represent the sum of exci-
tonic and both e1-hh1, e2-hh2 transitions. The dimensionality
�given in parentheses� and relative weightings in the integrated PL
spectra for various transitions are as follows: Xe1-hh1 ��=2.3�
−0.49; Xe1-lh1 ��=2.2�−0.27; Xe2-hh2 ��=2.5�−0.03; e1-hh1
��=2.3�, and e2-hh2 ��=2.5�−0.21. For all curves the full width at
half maximum of the Lorentzian convolution was found to be wL

=9 meV.
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transport properties of QWs. Most of these properties depend
on the doping level of the impurity. Properties of weakly
doped QWs can be explained by a model assuming noninter-
acting impurities. However, as the impurity concentration in-
creases, one reaches a situation where the single-impurity
theory is no longer valid. This effect is caused by the overlap
of the impurity wave functions becoming significant. At this
concentration the formation of the impurity band starts caus-
ing tails to form at the edge of the first conduction or valence
subband edge which is dependent on the doping type, n type
or p type. Very high dopant concentration causes an overlap
of the impurity band with the free-carrier continuum. This
threshold corresponds to the transition from insulating to me-
tallic behavior of the carriers �the Mott transition�. In the
high-density limit of �-doped semiconductors and QWs, the
electrons �holes� are confined to the ionized sheets of the
impurities and form a two-dimensional electron �hole� gas
with a two-dimensional subband structure.

In QWs the impurity binding energy becomes larger than
in the 3D case, whereas the effective Bohr radius decreases.
This means that critical concentrations to form the impurity
band and to create the Mott transition are higher than in the
3D case where the criterion of Mott transitions is the con-
stant value of products of the cube root of the impurity den-
sity and Bohr radius.67 For example, our estimates show that
the critical concentration for an insulator-metal transition and
the formation of subband structure with Be �-doped
GaAs/AlAs QWs LW=5 nm occurs at acceptor concentra-
tion near or greater than NBe�5�1012 cm−2.68

As shown in Fig. 3, the e-Be transitions line shape is
independent of impurity concentration up to NBe=2.5
�1012 cm−2 and this line is not merged with the excitonic PL
region. It means that no formation of an impurity band oc-
curs under these conditions. Consequently, we can analyze
impurity-related transitions for noninteracting impurities. It
is worth noting that the FDS approach may be adapted for
impurities if they are fixed in a �-doped sheet in the well,
since the impurity energy spectrum depends on the position
in the QW. If impurities are homogeneously distributed in
the QW, the task becomes more complicated as it requires
finding a dimensionality � for all the positions within the
well.20,21

In our studies we have assumed that the acceptor impuri-
ties are in the center of the QW and that their energy and
transition probabilities are independent of the location in the
QW. Also, we took into account the valence-band structure
of the acceptor presuming that the inclusion of the heavy-
hole state is completely sufficient to describe spectral
features.69 Further, in our approximations, the Bloch func-
tions for electrons and acceptor impurities in the QW are
considered to be isotropic. Since the quantum well widths
used here are large in comparison to the lattice constant of
the bulk semiconductor, it is reasonable to suppose that the
quantum confinement modifies only the plane-wave enve-
lope part of the wave functions, and does not change the
lattice-periodic part function.41 Taking these assumptions
into account, the envelope wave function for free electrons
and acceptors can be considered in the FDS space, where
only the dimension determines the degree of anisotropy or
confinement. In this case, the absorption coefficient of the

acceptor–conduction-band �first electron energy level� transi-
tions can be calculated using Eagles’70 or Dumke’s71

approach.72

In fact, to define absorption coefficients in low-
dimensional structures is complicated, and this issue is al-
ready discussed in Refs. 37, 41, 45, and 73. Following the
ideology of Lefebvre,37 we have calculated the dimension-
less absorption coefficient. Initially, the probability for pho-
ton absorption has to be considered within the dipole ap-
proximation neglecting the photon wave vector which
involves the conduction band and shallow acceptor74:

Wif =
2�

	
�dcv�2�a�k��2��k���	
 − EQW + EA� , �10�

where �dcv�2 is the conduction-to-valence squared matrix el-
ement of the electron dipole moment, ��k� is a product of
final and initial number of states, EQW is the energy differ-
ence from hole to electron levels in a QW, and EA the accep-
tor binding energy. The absorption coefficient for the accep-
tor free electron transition obeys the relation

K =
4�2e2

nBcm0
2
S

�dcv�2�a�k��2��E� , �11�

where the energy E=	
−EQW+EA, and ��E� �which, for ex-
ample, in the 3D case75� can be assumed as

��E� = gINISG��	
� , �12�

where gI is the impurity level degeneracy, NI is the impurity
concentration in �1/cm2�. The term G��E� represents the
density of states in the FDS approach and is expressed in
Ref. 14:

G��E� =
2V�

�
�

2
�


mc
*

2�	2��/2

E�/2−1
�E� , �13�

where 
�E� is the Heaviside step function, and term 2 takes
into account the spin degeneracy. The term V� is the volume
in a �D space, which is given by the Hausdorff measure:

V��r� =
��/2

�
1 +
�

2
� r�. �14�

For a hydrogenlike approximation of the acceptor impu-
rity and simple valence-band structures, shallow acceptor
wave functions can be expanded as a linear combination of
valence-band functions and the motion of free carriers. These
can be described by a plane-wave function in the FDS,11 and
leads to the result that a�k� is a Fourier transformation of an
acceptor hydrogenlike function:72

a�k� =� e−ikrF�r�dr , �15�

where F�r� is the acceptor hydrogenlike function in FDS:16
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F�r� = � 2�+1��1−��/2

�
� − 1

2
��� − 1��+1

1

aB
�


1/2

e−2/��−1� �r/aB�, �16�

where aB is the acceptor Bohr radius in the 3D case. The Fourier transformation in FDS reads11

a�k� = �2���/2�
0

�

r�−1�kr�1−�/2J�/2−1�kr�F�r�dr , �17�

where J�/2−1�kr� represents the Bessel function. The coefficient squared �a�k��2 in FDS is given by

�a�k��2 = 2����−1�/2�� − 1���
1 + �

2
� aB

�

V��1 + aB
2k2
� − 1

2
�2�1+�

. �18�

From this approximation following some algebraic manipulations, we obtain

K = NIgI

4�2e2

cnBm0
2


�dcv�2

2�+1�
� + 1

2
�

�1/2�
�

2
� 
mc

*

mp
*
� 1

RyI
 2

� − 1
�2

�
mc

*

mp
*

E

RyI
 2

� − 1
�2


�/2−1


�E�

�1 +
mc

*

mp
*

E

RyI
 2

� − 1
�2


�+1
, �19�

where RyI is the acceptor binding energy in the 3D case. The
acceptor binding energy in �D space from Eq. �1� for n=1 is
equal:

EA = RyI
 2

� − 1
�2

. �20�

The absorption coefficient �Eq. �19�� can be adapted for
donor-to-valence-band transitions by replacing the effective
masses and acceptor binding energy instead of the donor
binding energy.71

In the 3D case, the absorption coefficient for the acceptor
free electron transition obeys

K = NI
128�gIe

2

cnBm0
2


�dcv�2
mc
*

mp
*� 1

EA

x1/2

�1 + x�4 , �21�

where

x = 
mc
*

mp
*� E

RyI
 2

� − 1
�2 = 
mc

*

mp
*� E

EA
. �22�

Taking gI=2 for donors, or gI=4 for acceptors, respectively,
NI in �1/cm3�, we obtain absorption coefficients that consists
with well-known results from literature.70,71 For the 2D case,
the expression can be written as

K = NI
16�2gIe

2

cnBm0
2


�dcv�2
mc
*

mp
*� 1

EA


�x�
�1 + x�3 . �23�

In this case EA=4 RyI and the absorption coefficients are in
agreement with the calculations from Ref. 76.

As mentioned previously, impurities in a QW can be dis-
tributed either homogeneously or being �-doped. In the case
of a homogeneous distribution, the impurity energy depends
on its location within the QW, and the analysis of free elec-
tron transitions with acceptors �or free holes with donors� is
complicated. As a general rule in this case, one can observe
an experimentally obtained double-peak structure in the free-
electron-acceptor transitions.4,77 This double peak structure
is attributed to the recombination of free electrons with ac-
ceptors at the QWs center and interface, and is of qualitative
agreement with the theoretical calculations.76,78 However, by
comparison between the experimental and calculated
electron-to-acceptor PL line shapes of nominally undoped
GaAs/AlxGa1−xAs QWs,79 the authors claimed that the ac-
ceptor distribution exhibited a maximum at the well inter-
face, extending 0.7 nm into the barrier and 1.2 to 3 nm into
the well. Similar spectra were calculated theoretically in Ref.
78. However, a similar line shape requires the assignment of
a quasi-Fermi-energy level for the electron gas. The doublet
nature of the free heavy hole-to-donor line in
GaAs/AlxGa1−xAs QWs was also observed.80 In this case,
the authors explained that this doublet corresponded to a
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monolayer variation in the well size. The experiments and
theoretical considerations from the literature show that a
complete understanding of the free carriers to impurity re-
combination in QWs remains open and requires a direct
comparison between experimental and theoretical results.

In our experimental and theoretical considerations, we
have assumed that the impurities are concentrated in the
sheet and fill only a small part of the QW. Therefore, it does
not require a weighting of the recombination process over
the well width and we can directly apply the theoretical ap-
proach given above.

We have calculated the free-electron–acceptor absorption
coefficient from Eq. �19� and the PL line shape from Eq. �6�
for the GaAs/AlAs QW with varying dimensionality param-
eters. In the calculations we used RyBe=28 meV �Ref. 81�
and mc

* /mp
* =0.17. The calculated results are presented in

Figs. 7 and 8. One can see that owing to the small ratio
mc

* /mp
*, the absorption coefficient represents a slowly de-

creasing function of energy above the threshold. However,
the PL line shape from the higher energy side is resolved by
a thermal distribution function. From the analysis of PL
curves we can conclude that the PL line shape is asymmetri-
cal and cannot be described directly, for example, as a

Gaussian-type function. It can be noted that for the valence-
band-donor transitions, the ratio of effective masses mp

* /mc
* is

sufficiently large for the absorption coefficient �in contrast to
the case for free-electron–acceptor transitions� to become a
fairly rapidly decreasing function of energy above the thresh-
old.

To describe the spectral shape of the observed free-
electron-to-acceptor transition, we applied a Gaussian convo-
lution in order to obtain a realistic fractional-dimensionality
calculation which includes random distribution of impurities
in their sheet. The modeling results and the experimental
data for the QW of 15 and 10 nm width at 77 K are pre-
sented in Figs. 4 and 9, respectively. It is clear that the use of
a Gaussian convolution parameter with full width at half
maximum wG=6.4 meV for LW=15 nm and wG=6 meV for
LW=10 nm, provides an excellent agreement with the experi-
mental results. In contrast, without the Gaussian convolution
one can only approximate the high energy wing of the spec-
trum, while the low energy part in the simulations remains
“steplike” �see Fig. 9�, and hence does not fit into the experi-
mental data. Knowing that dopants cause band edge
fluctuations—so-called random potential or disorder—this
effect, together with the phonon interaction, affects PL spec-
tra inducing broadening in free-electron-to-acceptor PL line
shape.82,83 The dimensionality was estimated from experi-
mental acceptor binding energy, using Eq. �20�. Note that the
line shape of the transition is asymmetric. We suppose that
this PL spectral feature is defined mainly by the spectral
shape of the absorption coefficient and its product with car-
rier distribution function. The influence of energetically
higher lying �7 light-hole acceptor states on the PL spectral
shape should be negligible84 because its splitting from be-
tween heavy-hole states amounts only from 0.55 up to
0.65 meV if the QW width decreases from 15 to 10 nm.85

Finally, we will briefly comment on the influence of
electron-phonon interactions on the threshold energy of the
free-electron–acceptor transition. We believe that the thresh-
old energy and the acceptor binding energy are two different
parameters. In Fig. 8, we can conclude that the maximum of

FIG. 7. The spectral shape of the electron-acceptor transition
absorption coefficient. The quantum well dimensionality is given as
a parameter. The energetic scale is relative and shifted by the for-
bidden quantum well energy minus the acceptor binding energy for
all of the dimensionality cases.

FIG. 8. The calculated line shape of the free-electron–acceptor
photoluminescence intensity on the QW dimensionality at liquid
nitrogen temperature. The energetic scale is relative and shifted by
the forbidden QW energy minus acceptor binding energy for all the
dimensionality cases.

FIG. 9. The spectral shape of the free-electron–acceptor transi-
tion in LW=10 nm width MQWs �NBe=5�1010 cm−2� at liquid ni-
trogen temperature. Points show experimental data, lines denote
theory: the dotted line is without and solid line is with the Gaussian
convolution; the full width at half maximum is wG=6 meV. Dimen-
sionality �=2.8. The energetic scale is relatively and shifted by the
forbidden quantum well energy minus the acceptor binding energy.
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free-electron–acceptor spectra is blueshifted by a few meV
from the threshold energy. However, we have ignored the
electron-phonon interaction in our calculations which exhibit
a strong effect in polar materials such as GaAs. These inter-
actions are known to cause longitudinal optical phonon side-
bands which have been observed for the free-electron–
acceptor transitions in GaAs �Ref. 86� and GaAs/AlAs
MQWs.87 The LO-phonon interaction causes a redshift of the
threshold energy,88 whose value is a few meV, and there was
an observed discrepancy between the threshold energy and
acceptor binding energy in our experiments. This is the rea-
son why, in order to overcome this effect, the true free-
electron–acceptor transition energy should be interpreted
close to the maximum of the PL spectra.

Our experimental results and theoretical calculation are in
excellent agreement with previous studies of the 3D case.89

One can clearly see that the FDS approach can be success-
fully used to analyze free-electron–acceptor impurities lo-
cated in all positions of the QWs. The only condition that
implies the impurities should be located in a sheet, and that
their concentration should be low enough to provide no in-
teraction between them. In this case our model can success-
fully be used to analyze free holes-to-donors transitions in
QWs.

VI. CONCLUSIONS

We have examined both, experimentally and theoretically,
the photoluminescence spectra of the Be �-doped
GaAs/AlAs QWs with different widths of 10, 15, and
20 nm, combined with various doping levels ranging from
5�1010 cm−2 to 2.5�1012 cm−2. We have analyzed intrinsic

PL spectra using the fractional dimensional approach and
estimated contributions of the excitonic and interband tran-
sitions to the photoluminescence spectra at liquid nitrogen
and room temperatures. It was determined that at 77 K
excitonic-related optical transitions predominate whereas in-
terband transitions’ part is negligible and amounts only up to
a few percent. The analysis at 300 K has shown that excitons
are important at high temperatures �up to room temperature�
in the photoluminescence spectra. The interband transitions
add up to one-fifth of the integrated photoluminescence in-
tensity, whereas the remainder part is assigned to be related
to the excitonic transitions. We have extended the fractional-
dimensional approach to analyze transitions of the free-
electron–acceptor impurities located in the center of the
quantum well. By applying this theoretical model we have
explained the photoluminescence line shape for different
quantum wells. An applied approach with inclusion of the
Gaussian convolution was able to describe excellently the
obtained experimental data.
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