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A new method is described that combines the Shockley-Haynes experiment with the time-
of-flight technique. This technique allows absolute measurement of the velocity-field charac-
teristic in materials too impure to be measured by the latter method. Measurements have
been made with this technique on Ge, InSb, and Si, but only the Ge measurements will be re-
ported here. It is demonstrated that negative differential mobility (NDM) occurs in the elec-
tron velocity characteristic for the {100)direction, at s, temperature as high as 200'K. At
77'K, the NDM is as large as 275 cm /V sec. By applying uniaxial pressure, it is possible
to enhance the NDM. A value of 1000 cm /V sec is obtained at 110 K, for a pressure of
9 kbar, with electron motion in the [112]direction, and pressure applied along the [111]direc-
tion.

I. INTRODUCTION

The time-of-flight technique, first introduced by
Spear' to measure carrier mobilities in Se, has
since been successfully used to measure high-field
properties of some other materials. Using this
technique, Buch and Kino have measured the elec-
tron velocity, diffusion, and trapping coefficient of
electrons in Gahs as a function of the electronic
field. Several other authors3-8 have employed the
technique to measure the transport properties of
electrons and holes in silicon and in CdTe. Chang
and &uehso have applied the method to the measure
ment of the electron velocity in Ge at low tempera-
ture.

Typically, this method uses a fully depleted back-
biased p'vga' structure, and carriers are created
by very-fast-electron-beam injection. From the
current duration, the electron (or hole) velocity
can be determined, and the diffusion coefficient
and trapping time can also be derived from the
waveshape. (The sample length w is known. )

Meaningful measurements require a substantially
uniform field in the depleted v region. The dif-
ference in field between the anode and cathode, due
to space charge in the region, is given by ~E
= N„etc/», where N„is the net donor density, e
the electron charge, and & the dielectric constant.
For maximum field uniformity, both N~ and zv

should be as small as possible to make ~E @mall
compared with the applied fields. N~ is limited by
purity of the available materials, and zg cannot be
made arbitrarily small, since this reduces the
pulse duration and reduces the measurement accu-
racy by decreasing the ratio of the pulse length to
the rise time. A reasonable minimum for gg is
about 300 JILm.

The present minimum donor concentration oQ-

ts.inable with Qe is of the order of Sx 10 /cms;
therefore, with go=300 p.m and N„as above we find
that 4E= 1000 V/cm. Thus, the time-of-flight
method is only marginally useful for Ge, especially
with uniaxial applied pressure, since the field in-
homogeneity is about as large as the threshold field
for negative differential mobility (NDM). In addi-
tion, as very few other semiconductors can be ob-
tained in such a pure condition, the applicability
of the method is severely limited.

In this paper we describe a modification of the
tj.me-of-flight experiment, which uses the principle
of minority-carrier injection, as in the Shockley-
Haynes experiment. ' By using the electron-beam-
injection technique, the time of measurement is de-
creased by almost three orders of magnitude; thus
the method is far more versatile. In the classical
Shockley-Haynes technique, an extrinsic semicon-
ductor with Ohmic contacts at each end is used.
A drift field is applied between these contacts. Mi-
nority carriers are injected through a separate
emitting electrode at a time t& into the semiconduc-
tor. They move under the influence of the drift
field, and at time ta their arrival at a separate col-
lector electrode is observed. From the distance
between the emitter and collector and the time
lapse ts —tt, the velocity of the minority carriers
is obtained. In its classical configuration, this
method is awkward to apply at high fields because
of the large bias voltage required, and the pickup
problems due to the use of a pulsed voltage supplied,
and to the small time delays involved; at least one
high-field adaption has been used in the past.

In the experiment to be described in this paper,
a sample of p-type material is used. An electron
pulse is injected in the diode by passing a pulsed
electron beam through a thin p' contact, much as
in the original time-of-Qight method. No separate
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collector is used, but the same contact to which the
drift pulse is applied is used to detect the induced-
current pulse. An excess current is produced from
the carriers created by the electron bombardment,
and the duration of this current is again taken as
the transit time. As the samples are now extrinsic,
rather than semi-insulating, there is not a severe
restriction on the donor density, and so a wide
range of materials can be measured by this tech-
nique. In contrast to the original time-of-flight
method, there is also a large Ohmic current passed
through the sample when the drift field is applied.
It is therefore necessary to provide suitable filter-
ing to separate the current induced by the electron
beam from the bias current. Suitable circuits for
this purpose have been devised to separate out in-
jected signals corresponding to a few millivolts am-
plitude from the drift pulse, corresponding to volt-
ages of the order of several hundred volts.

Kith this technique, easily detectable signals
can be obtained at injection levels such that the
ambipolar correction required is still well within
the experimental limit. Even in a material like
IQSb which exhibits proQounced amblpolar effects
it turns out that the correction is not unreasonable
(10-15/p). Only the results obtained in Ge will be
described here. The results obtained in InSb are
described in the following paper. i3

II. QUALITATIVE ANALYSIS

Consider the device shown in Fig. 1. Neglecting
diffusion the coQductlon cUrl eQt density in equillb-
iuQl is

jo= -enov +ePovp

Here v„and v& are the electron and hole drift veloc-
ities and no and po are the electron and hole con-
centrations (usually pp» np). When an excess of
electrons and holes, 4n. and ~p, respectively, are
introduced, there will be a change in the field in
the region where the excess carriers are present,
so that the velocities of the carriers will bechanged
by ~v„and &v~, respectively. The current density
is therefore

Edx+ jom+ ego &v dx
Bt p

0 4O

—enp nv„dx+e (aPv~ —&nv„)dx . (3)
"0

The second integral on the right-hand side of Eq.
(3) can be written as

ePo AE dg ePo
40

7/Pg

n+hn

p

(o)
700',

I

and similarly for the term involving v„. If we as-
sume that the voltage across the device remains
constant, then each of the first three integrals
are zero. Taking 4~ = 4p, we find that only the
last iel'111 ill EII. (3) gives a colltl'lblltioI1 so 'tilat

by putting I= 10+~1, where Io is the conduction cur-
rent through the sample, and putting AQ = fp e&p dx,
we find that

&I= & Q(vt, —v„)/IP

As v„and v, are of opposite sign, it follows that

I&II =&@(Iv. l+ I;I)/~,
where 4Q is the excess charge introduced per cm .
lt is seen that there exists a contribution both from

j= —e(np+ &n) (v„+&v„)+ e(p, + &p) (v~+ av~).

To first order, the current density through the
sample ls

j=j,+e(p, &v, n, ~v„)+e(npv, --~nv„) . (2)

The total current density i= &(BE/sf)+ j must be
uniform through the sample, since from Maxwell's
equations, in one-dimensional form,

q —+j =0

Integrating over the length of the sample, we ob-
tain the result

FIG. 1. Schematic illustration of the combined
Shockley —Haynes and time-of-flight methods: (a) typical
sample configuration; (b) excess carrier distributions;
(c) space-charge distribution; (d) electric field variation.
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the holes and the electrons and that the basic for-
mula for the induced current is the same as that
for the semiinsulating material. The velocity with
which the electrons move is of course determined
by the local field they experience, as in indicated
in Fig. 1(d). This is seen to be somewhat less
than the average applied field because of the in-
creased carrier density. The electric field and

hence the velocity of the excess electrons is de-
pendent upon the concentration of the injected mi-
nority carriers. The solution to this problem has,
in general, been derived by Herring, ~4 but we will
follow an approach first given by Van Roosbroek, ~'

and commonly called the ambipolar solution
The derivation is carried out in the Appendix.

A wave equation is derived for ~n, the excess mi-
nority carrier concentration. One finds an ambipo-
lar group velocity

~vp ~ v& ~ vp ~v„
aQl tl P gE P gE ~ BE gE y

and an ambipolar diffusion coefficient given by
(5)

P+n
P/D„+n/D,

(6)

A similar expression has been derived by Kino, 6

on the basis of a carrier-wave approach; the re-
striction ~n=~p is not required in his treatment,
but it follows from his derivation that the result
is a very accurate approximation provide it is as-
sumed that 4n«n and &p «p. Equation (5) can
also be derived by using a carrier-wave analysis
with Fourier-transform techniques. As the re-
sults obtained are based on a small-signal theory,
~n must be small compared to n, which provides
certain restrictions on such experiments.

The difference between the true drift velocity of
the electrons (the minority carriers) and the am-
bipolar velocity is

v„—v = n " (v„—v~) -p +n-
ag

(9)
It will be noted that the ambipolar velocity can be

smaller than, equal to, or l.arger than the true el.ec-
tron drift velocity, depending on whether the dif-

(6)
Substitution of -g„Eand PpE for v„and vp at low

fields reduces the above quantities to the more fa-
miliar expressions

P —n"- P/~. "/u. ,
and

ferential electron mobility is positive, zero, or
negative. This occurs because the actual field
that the excess carriers see is always smaller than
the average field. To see the magnitude of these
effects, consider that a 10-mV signal is desired at
the sampling oscilloscope at 1500 V/cm for a sam-
ple of Ge 0. 6 mm long, oriented along the [100j
direction. The electron and hole velocities v„and
vp at room temperature are 4.0 x10 and —2.2x106
cm/sec, respectively, and the differential mobil-
ities are 1750 and —1650 cm /V sec, respectively.
The effective load resistor is of the order of 33 0;
and therefore a 300-pA excess current is required.
The excess carrier concentration taking into ac-
count the sample dimensions is roughly 4x10~~
electrons/cms. For 15-0 cm material, p = 2. 1
xl0~4/cms, n=2. Vx10"/cms, and hence, from Eq.
(14), v„—v =6x104 cm/sec. The ambipolar ve-
locity is roughly 1.5% smaller than the true drift
velocity. This correction is well within the experi-
mental accuracy. Since the electron and hole ve-
locities are usually known to some degree, the al-
lowable signal can be estimated, and it is therefore
possible to keep the correction small, by keeping
the injection level and the observed signal small.

For this method to be accurate, it is important
that a uniform field can be obtained throughout the
p-type sample. This requi. res that the hole velocity
characteristic does not show a pronounced satura-
tion effect or NDM; otherwise there may be excess
hole charge and the field may become nonuniform.
For the maximum fields that have been used and
(about 10 kV/cm) the typical sample dimensions
(0.6-1 mm) and doping densities used, it would
also seem that the space-charge injected current
is still small compared to the Ohmic current. ~~

Probing of the samples confirmed these results,
and indicated uniform fields.

Because of the nature of the experiment, there
is increased electron-hole scattering, which has
a first-order effect on the mobility of the electrons
at least at low temperatures and low electric fields.
Paige has experimentally demonstrated that this
type of scattering can be quite important at tem-
peratures of 77 'K or below for low fields, and
his results are in good agreement with a theory of
McLean and Paige~ on electron-hole scattering at
zero fields. A theoretical analysis of the electron-
hole scattering cross section at high fields does
not yet exist, and is not an easy problem. We have
not made any corrections to our data to take this
effect into account. This would appear to be rea-
sonable when it is considered that the electron-
hole scattering, which is of a Coulomb nature,
varies at 1/v,„,where v„„is the thermal velocity
of the carrier. Therefore when electron heating
takes place, the scattering becomes negligible.
Our experimental observations are also in good
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agreement, as far as the magnitude of the velocity
is concerned, with those of Chang and Ruch, who

used the time-of-flight technique in a semiinsulat-
ing material where electron-hole scattering is vir-
tually inexistent.

The method described here may be compared to
that used in the Shockley-Haynes experiment. Our
technique uses no collector or emitter and has a
geometrically well-defined path length for the elec-
trons, the surface recombination is negligible, and

materials that have a much shorter lifetime and

trapping time can be used. Typically, the transit
time is more than three orders of magnitude small-
er than in the classical configuration, there are
few pickup problems, and it is capable of measuring
the velocity at much higher fields. On the other
hand„ it does require very good Ohmic contacts„
which are also very thin (& 1 pm). These are not

always easy to make by conventional means, al-
though the advent of ion implantation should con-
siderably ease this difficulty. Diffusion measure-
ments are much harder to make with this new tech-
nique than with the Shockley-Haynes technique.
Experimentally it is observed that the fall time of
the signal is very sensitive to the amount of injec-
tion, more than can be accounted for by ambipolar
effects. This is probably due to the fact that the
minority carriers arriving at the anode are re-
ceived at a contact that is mainly constructed to
i.nject holes. These difficulties coupled mith the
possibility of eLectron-hole scattering lead us to
conclude that, when possible, the time-of-flight
method used with the semiinsulating material should
be preferred to this technique, although with many
materials it is not possible to do this.

III. EXPERIMENTAL SETUP AND SAMPLE PREPARATION

The experimental setup consists of an electron
gun and deflection system, a vacuum system, a
bias and filter arrangement, and a sampling oscil-
loscope. The sample is biased and simultaneously
bombarded by high-energy electrons (10-12 kV)
from a cathode-ray gun. The electron beam is
swept laterally across the sample aperture at very
high speed by applying a fast ramp voltage to a
pai. r of deflection plates. These high-energy elec-
trons come into equilibrium with the lattice and
create electron-hole pairs in the process. Typi-
cally, the energy required to create an electron-
hole pair by this process is 2. 9 eV in Ge, and
penetration depth is of the order of 1 t.(,m. The
multiplication process occurs very fast (in a time
smaller than 100 psec) and this time lapse is insig-
nificant in our measurement. The excess current
is filtered out from the bias voltage and is dis-
played on a sampling oscilloscope (HP 1858).

Because of the use of an electron beam, the sam-
ple must be placed in vacuum. External cooling

baths are provided to bring the sample to the de-
sired temperature. By the use of a Vacion pump
and a getter pump, a pressure of 1&&10 Torr was
routinely achieved in the system. It mas found
that operation at these pressures significantly im-
proved the lifetime of the oxide-coated cathode.
Since the vacuum is broken every time a new sam-
ple is loaded, the cathode is somewhat contaminated
by exposure to air. These effects were minimized

by letting the system up to an over pressure of ni-
trogen, and by keeping the 6. 3-V filament of the
cathode heated with about 2 V. This way it was
found that the system could be opened well over
30 times before cathode failure.

A cathode-ray tube from an HP 195 oscilloscope
was used as an electron gun, and a 210-V 12-nsec-
rise-time pulse from an HP 214 pulse generator
was applied to the first set of deflection plates.
A lateral-beam velocity of 5. 15&&108 cm/sec was
obtained giving an injection time of 195 psec across
a 1-mm aperture. The rise time of the pulse ap-
plied to the deflection pulse was decreased by a
factor of 4 from that obtained directly with the use
of of an HP 214 pulser, by using a snap varactor.
With this technique it was possible to obtain an ef-
fective electron injection time of about 50 psec.

The deflection pulse is triggered by the bias
generator which supplies the drift field across the
sample. Repetition rates from 20 to 60 cycles/sec
were used, depending upon the amount of bias volt-
age applied and the resistivity of the samples. Be-
cause of the low repetition rate and because the
samples are rather thin and flat, and in immediate
contact mith metal in the back and the front, the
temperature rise is not a severe problem.

The major experimental difficulty that arises
with this technique is the separation between the
large bias voltage, which can be as much as 800
V, and the induced signals mhich are of the order
of 10 to 20 mV. Since the sampling oscilloscope
can only tolerate a few volts, a filter must be de-
signed so as to reduce the bias voltage to a tran-
sient of a few volts at the scope, while not disturb-
ing the desired signal. Various schemes mere
tried; however, by far the best results were ob-
tained with the system illustrated in Fig. 2. The
filter consists in essence of two coaxial shorted
lines and a coaxial capacitor. The length of the
lines is variable, and their length is chosen such
that the round-trip time of a signal on the line is
slightly in excess of the duration of the excess cur-
rent that is created by the electron bombardment.
Thus for the induced pulse, these lines present an
impedance of 50 Q. The line in front of the filter
serves to delay the reflection that occurs at the
first shorted line. The second line is terminated
by a 10-0 load to increase the decay of the bias
transients. The equivalent circuit at low frequen-
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FIG. 2. Filter and bias
schematic. At high bias voltages,
all cable lengths are reduced to
6 ft. Various values of C~ are
chosen depending on the sample
resistivity.

R, /(R, + Z, ) n.i
is sent down the 50-0 line. Since at the end of the
line the impedance is roughly 25 0, the reflection
coefficient is

1 = (zi —z,)/(zi+ zo) = —-',

The observed voltage on the scope is

(1O)

&V=-,'[R, /(R, +Z,)] &I .

cies is illustrated in Fig. 3(a) and is in effect a
high-pass filter. At low frequencies the shorted
lines merely act as small inductances. For short
time intervals, shorter than the round-trip time
of an electromagnetic signal on the shorted lines,
a different equivalent circuit applies, as illustrated
in Fig. 3(b). The excess current is represented by
a current generator and is loaded by the sample
and the line. R, is to be considered the dynamic
resistance of the sample at the time when the in-
jection occurs and at high fields is typically 4-5
times higher than at low fields. A voltage pulse of
magnitude

Due to the capacitance C„there will of course be
a slight drop in voltage with time, but the resul-
tant time constant is of the order of 75 nsec, and
the voltage drop is small since the pulse duration
is 10-15 nsec at most. A typical signal observed
on the sampling scope is illustrated in Fig. 4.
The transit time is taken to be t'he pulse width at
half -height.

The samples were all made from high-purity
p-type germanium, with resistivities of 15 and 25
0 cm at room temperature. Appropriately oriented
crystals were lapped and etched to the desired
thickness. Contacts were made to the samples
by diffusing 0. 5-0.7 I(Lm of Ga or In in a closed
evacuated quartz tube. After diffusion, 500 A of
In is evaporated on one side, and about 7000 A on

the other sides. As In does not wet the surface
of Ge it is important to keep the alloying tempera-
ture close to the eutectic temperature of In-Ge
(156 C) since otherwise balling up of the indium
tends to occur. The samples are then cut on the
wire saw to dimensions of roughly 1.5&& 1.5&& 0. 7

mm for the samples without pressure and 1&&1&&1

mm for those used in pressure experiments. The
broad sample faces were then covered with Mylar
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FIG. 3. (a) Equivalent circuit at low frequency. (b)
Equivalent circuit for disturbances shorter than the
round-trip time on the shorted lines.

FIG. 4. Typical retrieved excess current pulse. The
velocity is determined from the half-height pulse width.
Horizontal scale: 2 nsec/cm; vertical scale: 10 mV/cm.



2698 A. NEUKEBMANS AND G. S. KINO

~ .

C

:7 ~ ~

S:'::'', "c

~ c

~ '
~

C

~ ~ ~ . ~ . ~
'' c8

' &. '.o;9 ~ ~

(b)
CROSS CONTRACTION

(lto p):(———)—2 I Pr~
2 El

p

I'IG. 5. (a) Photograph of the pressure mechanism.
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tape and the sides reetched in CP4 and H,O2 to im-
prove the breakdown voltage. Samples made this
way could withstand fields up to about 20 kV/cm
without injection. For the pressure experiments,
the [ill] faces are lapped flat and parallel to a
very high degree; since no etching could be per-
formed after the polishing operation, surface
breakdown would usually occur at 8-9 kV/cm.
Orientation of the pressure samples was correct
within 2

Pressure was applied to the samples by means
of the spring mechanism illustrated sn Fig. 5.
This design has the advantage that it can be fitted
to the end of a 50-Q line, without introducing a
major disturbance, and yet has good thermal con-
ductivity at low temperatures. Its dimensions had
to be small to fit the vacuum chamber (1.2 in.
diam x 0. 5 in. ), but it could deliver up to 200 kg of
force without exceeding the elastic limit. The
sample is placed between highly polished sapphire
jaws, and pressure is applied by means of a screw.
The transverse deflection is measured and provides
an indication of the applied pressure. Accuracy of
the pressure reading was within 2 kg. With care-
ful mounting and polishing of the germanium crys-
tals it was possible to obtain pressures of the order
of 10 kbar without fracture. This is about a factor
of 2-3 lower than can be achieved in the usual uni-

axial pressure devices, which are, however, sev-
eral orders of magnitude larger in volume. Since
the diameter of the spring is measured at room
temperature, there will be a slight increase in
pressure when the temperature is decreased. At
110 'K and 9 kbar, this correction is of the order
of 5%. Due to the radiation from the walls, and the
fairly long thermal path, the sample would not
reach the temperature of the external cooling path.
With liquid nitrogen, the equilibrium temperature
was 110 K, and with dry ice and alcohol it was
226 K.

IV. EXPERIMENTAL RESULTS IN UNSTRESSED Ge

High-purity p-type samples of 15- and 25-0 cm
resistivity were used. Although no difference was
found in the high-field properties of these materi-
als, the low-field mobility (at 100 V/cm) was found
to be different and in agreement with what would be
expected from ambipolar theory. In the 15-0 cm
material (p=2. 1x10~4/cm~, m=2. 7x10'2/cms) the
measured transit-time mobility was found to be
3900 cm'/V sec, and for the 25-Qcm material,
3420 cm2/V sec (p = 12 x 10' /c m', n = 4. 8 x 10' /
cm ). The calculated mobilities are, respectively,
3850 and 3500 cm/V sec. The results of the mea-
surements at room temperature for various crys-
tallographic directions are illustrated in Fig. 6.
The results illustrated are the average of four
samples, two of each resistivity with corrections
made for ambipolar effects. The [112]direction
has also been measured, but is not indicated; the
measured values are slightly lower than those for
the [110]direction.

It is seen that substantial anisotropy is present
at high fields. The saturation velocity in the [100]
direction exceeds that in the [ill] direction by as
much as 20%. The anisotropy i.s caused by the
many-valley band structure of Ge; a large electric
field causes differential heating and repopulation of
the various [111]valleys, and this in turn causes
the field and the current to be noncollinear, a phe-
nomenon known as the Sasaki effect. However,
in the symmetry directions of the crystal, j and E
must still be aligned (the [110]direction presents
a peculiar situation, however, since the field di-
rection is threefold degenerate2~). In Ge, with the
main valleys in the [ill] direction, the current
should be largest in the [100]direction where a.ll
valleys are symmetric with respect to the current
direction, and minimum in the [111]direction.
One would expect that the anisotropy should even-
tually decrease at very high fields since the elec-
tron temperature in all valleys is high enough so
that sufficient backscattering occurs to equalize the
population in all valleys. The qualitative aspects
of this theory have been borne out in experiments.
Early measurements by Nathan' and Barrie and
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FIG. 7. Electron velocity vs field in the [100], [110],
[112], and [ill] directions at T= 200'K.

Burgess 5 did not show appreciable anisotropy at
room temperature. More recent microwave mea-
surements by Dienys and Pozehlaas indicate that the
conductivity in the [100]direction exceeds the con-
ductivity in the [111]direction at fields of about 3
kV/cm by about 15%. This anisotropy is also
borne out by the more recent measurements of
Smith; some data points from Smith are indicated
in Fig. 6. However, in contrast to his measure-
ment, we do observe a complete saturation of the
electron velocity characteri. stic in the [100]direc-
tion for fields from 5-10 kV/cm. Almost complete
saturation is obtained for the [110]direction and a
positive differential mobility of the order of 50 cm/
V sec is maintained at the highest field in the [111]
direction. The measured anisotropy is of the order
of 20/o in the region 3-4 kV/cm.

The experimental results at 200 K are given in
Fig. 7. The anisotropy is seen to be substantially
enhanced and reaches values of the order of 30/0.
In the [ill] and [112]directions, a slight positive
mobility exists, whereas in the [110]direction com-
plete saturation occurs. %e have also observed
for the first time that NDM occurs in the [100]di-
rection at 200 'K. An early calculation by Fawcett
and Paige28 for the [100] direction gives an NDM at
150 'K of 100 cm~/V sec, with a threshold of about
5 kV/cm. Our experimentally observed values are
80 cm~/V sec and 6 kV/cm at 200 'K.

The data taken at 80 'K are given in Fig. 8. The
velocity difference at high fields between the [100]
and [ill] directions is now approximately 50% at
fields of the order of 2 kV/cm. Bather pronounced
NDM (2V5 cm /V sec) is observed in the [100]di-
rection, a very slight NDM (40-50 cm /V sec) exists
in the [110]direction, and almost complete satura, -
tion exists for the [112]and [ill] directions. The
time-of-flight measurements of Chang a,nd Ruch 0

in comparison do not demonstrate such a large
NDM; for the [100] direction, they quote a value of
80 cm /Vsse extending in a region from 2. 2 to
4. 3 kV/cm. However, as already pointed out, be-

cause the field in the purest material obtainable is
nonuniform, the time-of-flight technique is not an
optimum one for germanium. As far as the magni-
tude of the velocities is concerned, the agreement
of both methods is rather good, at least in the [100]
and [110]directions. The maximum velocities i.n

the [100] and [110]directions obtained by Chang~9

are l. 18x 107 and 1.15x107 cm/sec vs 1.12x107 and
l. 10x10~ cm/sec observed with our technique.
Both measurements have in common that they
yield velocities that are 20% lower than those that
are measured by microwave or very fast measure-
ments of conduction current. They are in better
agreement with earlier reported saturation values,
but still incapable of detecting NDM.

Quite good agreement, but probably fortuitous,
can be obtained with the calculations of Fawcett
and Paige'8 for the [100]direction already discussed
if a scale factor of 0.76 is applied to their calcu-
lations. The latter is introduced to make the cal-
culated saturation velocity at room-temperature
velocity agree with the observed value. In a latter
and more rigorous calculation, they used the
Monte Carlo technique, so that no assumptions con-
cerning the distribution function have to be made.
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FIG. 8. Electron velocity vs field in the [100], [110],
[112] and [111]directions at T = 80 K
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V. EXPERIMENTAL RESULTS IN STRESSED Ge
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taken with yressure ayyliedaxial yressure, were

(Ioo)
MIN IMA

ZlomV (III)(I I IP m- I 3m (I I I)
m = l.3m m=6. 4rntt

(II I)
MIN I M A

0 kbar

I

75mV

10 kbar

(I I !) VA LLEY

m=m&

$HIFT)

aration as a function ofFK". 9. Energy-minima separa '

the t.111]direct:ion. The equivalentuniaxial pressure in the 1
masses are for current in the .il12] direction,

a smallerhis model gives saturation at 150 K and

ld be more accurate, the discrepancy at
between the calculated saturation velo '

y
(~100& direction a.nd the observed ve-cm/sec in the [ ] ir

locity of 6 1 10 cm/sec is still substan ia. .
~ 31a morere recent an as yed t unpublished calculation,

tt r fit between the Montethey have obtained a be er i
d the room-temperature saturationCarlo method and e room-

to brin theeit . The modif ication was done to bring eveloei y.
cent observationsmo e ind l ' better agreement with recen

e measure-from smal -. ieall-field hydrostatic-pressure me
As a general result, the maximum ve-ments. s

is increasedit' are lowered, and the NDM is iloci ies
t 150 'K. In addition,Rn Cd ontinues to exist even at

mi ' echni uesBaynham, using mimicrowave-absorption 'q
2NDM as large as 300 cm V sec

[100] direction. Thus it now seems possi ein the, ir
that the NDM may have been previous y
timated.

oscillations atince the discovery of microwave osci
7'7 'K in Ge by MCGroddy and Na an,than 3~ various

dd't on to interband transferothe r mechanisms in a i i
such as nonparabolicity~ ~e ecsff t have been suggested, suc

catterin to&~111~ band at high energies, scatt '
gof the

&
~„"a,n

100 minimum,p t states connected with the
t that equipartition is not comp y

VRlid ox' ef the acoustic phonons involve in t
ever most ofrin of high-energy electrons. However,

t have considerablethese mechanisms only begin o
effec a ent t ergies where transfer is y

'alread impor-
BM. Intant, and usua yll give only very wea.k NBM. n

wouldsuits the intervalley transfer wouview of our resu s,
M in the I 110]seem to e eb th main factor. The NDM in e

„

nd to be much less than the NDM
'

d cio
the [100]direction, as predicted from in erva
tx'Rnsfer ~

kBAR

CPI
E
CJ

0

I

2 3 4 5 6
E (kV/cm)

I I

7 8

oci -field characteristic as a functionFIG. 10. Velocity- ie c
he [112J direc-ure at 300 'K. The current is in t eof pressure at

the 111]direction.tion and the uniaxial pressure in the

e [111]direction and electron motiomotion in thein the ir
[112]direction. p-type germanium i s
hibit instabilities at low temperatuture because of

t with the pressure and appliedhole-transfer effec s, wi
34electric fie co inld ll' ear in the [ill] direction.
t 0

No effects oof NDM or very pronounced satura ion
of the hole characteristic were observe in

field are perpendicular. The po en ia w

d t be uniform, but the probe tests
ld not be performed in this arrangemen .eou no

presence of uniaxial pressure in the 111 direction
th d eneracy of the four [ill] valleys,

as the 100] set remains degenerate.whereas t e
f' ation is Rss litt' to be expected for this con igur

9 The [ill] valley is loweredillustrated in Fig.
10 kbar withb ut 100 mV for a pressure of 10 kbar wi

hese remainres ect to the three other valleys. Thes
degenerate, as is required y yegen, ' ' b s mmetry. It is seen

'
n masses is such thatthat the ratio of the conduction

~ ~ne ative differential conductivity ean occux' Rs WRs

The s litting be-f t demonstrated by Smith. p
'irs
S, wherea. st the valleys is given by 58=71.-„p44,

+ 2) x(=,the common shift is given by —p
d = are the deformation po-

—V. 1 and 15.8 eV, respectively) and S»,S„a ' e coefficientsS», Rnd 944 are the elastic-compliance c
1 10 7 m /k S = —2. 59x10 ~ cm'/kg,

S = 1.457 x10 ~ cm~/kg).44 ~

The data taken at 300 K for various pressures
Fi . 10. The curves drawn areare illustrated in ig.

a ain the average for four samp e,es two with aagain e
istivit of 25 0 cm and tworoom-temperature resistivity o

nt butU to 4 kbar no NDM is present, uof 15Qcm. p o nt u
the veloci y a't t a given field is increased.



FIEJ D ~ ~ ~E LECTROT OF THE EASURE 2701

EASUREMENTS~ PRESENT M

SMITH, et al,

O 6—CO

E
CP

o5—

4000—

3000—
X ~

300 K

I

E {kV/cm)

I

9 IO7

E
tP

2000
oK

acteristic as a function
26 'K The curreof pressure

d the uniaxial prestion an

IO—

9 kbar
8
6~4

~8—
CO

E

O
0'

I

8 9 IO5 6 7 842
E tkV/cm)

istic as a func .
'tionci -field characteris 1IG 12. Velocity-fie

f pressure

nd the velocityM sets in an'n ressure, NDincreasing pre
'ncreasing.

at lkV cmm', Vsec, an
ect to zero pres

40 c
o t been doumos

fo SR

11 d
with p ressure.
creeases these e e

e lowere d and the ND i
d 110'K, th ND

250 d 1000reshold is, reth

t'vity mass ith ff t
low -fle

since
nl eth lower-

increased
e ressures o y

Thebstantta y p. ;.125.10 ..m VelOC1 y
value.

mRximum

up soo/ from its zero-
dom R111 velocl 1

ld fo o 11

sure at
tions, as er'The tthresho

with ourI; al. , are c
ood~ Rn

d by o ethod. Hothreshol sd are obtained y o

300'K

IOOO

IIO K

27 K CALCULATED

77oK

—27OK

II

IO2
II i I

6 S4
ar)PRESSURE {kbar

The current ~s znThreshold vs p '['"]FIG, 13.
the I112] direction an
direction.

rvation orV f domain OSCll-thres o
suRl y g

In addition, be-thhi h fields at
M here, it is po

local lg

where NDMM exists,
to obtain

ld
' laff tth h

re-
omena wil

t affect our r-b t 'll ot
1 selytoa eis more cos

ments very

neral, the r
r Paw cet,ee w' odel of Butcher,ee with the mo e

old ml

an threshold minim er
T dthseveral times k,tions sever

forme R

i uantitative ag
thr esholds

q
experimen s. t 6

ost case
o . A calculation, u

t et been applie d a
ones. c

ed to death d has not ye
lculation an coeffect of pressure.



A. NZUEEHMANS AND G. S. KINO

ison with the experimental results could give sub-
stantial insight into the transfer process, since the
energy separations, scattering coefficients, and
effective masses are fairly well known for Ge.

Bg 1, Bj„B Bgnv„—D„—
e Bx Bx Bx
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Eliminating the terms in BE/Bx, and using the rela
tlon sag/st= 94@/et we tind that

APPENDIX A: AMBIPOLAR EQUATIONS MTH
FIELD-DEPENDENT MOBILITY

The derivation is similar to the one given by
Van Hoosbroel, but the field dependence of the mo-
bility will be taken into account. Vfe will consider
that space charge holds everywhere, hence 4' =4p.
The partial derivatives of g or ~yg are then equal
to these for p and ~p. The electron and hole cur-
rent densities are

B 0& Bv„
Bg ~~ BZ ~ BE

This is seen to be a weve equation for ~n, with an
ambipolar group velocity

Bp
gp

= e Pvp —Dp Bx

From continuity, neglecting recombination, and
trapping we obtain the result

. = —ep - -v~n --- -P ~ +yg

(A6)
and an ambipolar diffusion coefficient given by
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Absolute measurements of the electron velocity in InSb at low and high fields have been
made, using the combined Shockley-Haynes and time-of-flight technique. Low-field mobilities
of 7 & 10 cm /V sec are reported and negative differential mobility is observed at high fields.
By comparing the experimental results with numerical solutions of the ambipolar equations,
it is demonstrated that the ambipolar errors are of the order of 10-15%. The experimental
results are in good agreement with previous low-field measurements and agree over the
whole range with the recent Monte Carlo calculations of Fawcett and Ruch.

I. INTRODUCTION

Drift mobilities of electrons in InSb have in the
past been measured by making use of simultaneous
pulse conductivity and Hall measurements. ' The
number of carriers is determined from the Hall
measurement, and hence the mobility can be de-
termined from the conduction current. Absolute
measurements like the Shockley-Haynes experi-
ment fail because of the very fast trapping that
takes place. By making use of an electron-beam-
injection technique, which we have employed pre-
viously to measure electron mobility in P-type
Ge, we have succeeded in making absolute mea-
surements of the velocity-field characteristic& in
InSb. This method combines the Shockley-Haynes
technique with the time-of-flight method.

Transit times of the electrons in the sample @re
of the same order or less than the trapping times,
and therefore the trapping does not limit the mea-
surement as much as in other techniques. Abso-
lute measurements were obtained in high-resistivity
material; in more impure material the trapping is,
however, too pronounced, and excessive irjection
of electrons is required to obtain a waveform that
can be used for a measurement. Itis demonstrated,
however, by solving the nonlinear ambipolar equa-
tions numerically, that in general the ambipolar
correction is substantially smaller than what would
be expected from the linear theory.

Initial experiments were limited to fairly low
fields (100-200 V/cm). The observation of Gunn

oscillations by Smith et al. ' in unstressed InSb,
stimulated interest in the high-field region (E &400
V/cm). The existence of negative differential
mobility (NDM) was confirmed experimentally, as
reported earlier. 6 For both the high- and low-
fields regions, there exists good agreement be-
tween the Monte Ca,rlo calculations of Fawcett and
Ruch a,nd our results.

II. EXPERIMENTAL SETUP AND SAMPLE PREPARATION

The basic technique and experimental setup was
essentially the same as for the measurement of
germanium, described in the previous paper.
High-energy electrons bombard a biased extrinsic
(usually P-type) semiconductor and create a thin
layer of charge which drifts through the semi-
conductor. This current "pip" associated with the
drifting charge layer is filtered from the equilib-
rium current, and its duration provides a measure
of the transit time of electrons in the sample.

The material used in all experiments was com-
mercially available, high-purity P-type InSb, sup-
plied by Cominco and Monsanto. Samples with re-
sistivities ranging from 5 to 280 0 cm (at IV K)
have been used. Since the main problem encountered
in the measurement is the occurrence of very fast
trapping, care has to be taken to remove all dam-
age that can occur during handling of the samples.
InSb in particular is susceptibl. e to damage from
cold working, and therefore only the center parts
of the slices as obtained from the suppliers were
retained and the 1 est removed with fine abrasive.




