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The formation of space charge in the barrier region is discussed. This region extends to xo 200 A+2K (P

is the mean free path of majority carriers). The conventional transport equation can be used only for x & xo,
and the carrier density at xo represents a boundary condition for the bulk. Its change as a function of
applied voltage, temperature, and light intensity in photoconducting CdS is discussed. The time dependence
of the space-charge formation in the region 0 & x & x 0 is analyzed. It is shown under which conditions the
individuality of the metal contact is observable.

I. INTRODUCTION

and Poisson equation

dJ e
p(n, F)

dx f/0
(2)

are valid. This maximum field &&& is too low and

xo is too small to accommodate enough space charge
in a slab 0 &x &xo in lightly doped photoconductors
(X~ & 10"cm ') to reach critical fields necessary
for sufficient tunneling. We therefore had to as-
sume that additional donors of -10' cm are al-
ways present in CdS at an energy not accessible to

In the preceding paper' we have shown that at
higher current densities, a model using a simple
carrier transport and Poisson equation to explain
the behavior in the barrier near a blocking" cath-
ode breaks down. This situation can be reached
with photoconducting CdS and with current densi-
ties greater than -10 ' A/cm . It was suggested'
that tunneling through the barrier is the major ef-
fect to provide current continuity. This is in
agreement with the suggestions made earlier by
several authors (for a summary, see Ref. 2) and

by itself does not seem to necessitate a careful
new study. However, the recently developed meth-
od of high-field domains made it possible to deter-
mine unambiguously the maximum field E» starting
at a distance xo from the electrode interface. The
distance xo is that distance from the interface be-
yond which the simple transport equation

j = e p (F) n(F) F pk T—-dn
dx

conventional detection methods, since no other
known process but tunneling could account for the
observed current densities. We have investigated'
the stationary and kinetic behavior of the current
across a barrier caused by different metal-CdS
combinations, and in this paper will give a more
detailed analysis of the process taking place in the
thin (of the order of a few mean free paths of ma-
jority carriers) barrier layer (0&x&xo).

II. IMAGE FORCE REGION

The potential distribution in the barrier region
is determined by four factors: (i) the image
forces, (ii) the difference of work functions between
the metal and the photoconductor, (iii) the space-
charge distribution determined by the carrier ki-
netics, and (iv) the external field. The image
force of a carrier is attractive toward the metal
and its potential is given by

V(x) =
1.6 m'goy„x

where g„is the optical dielectric constant and go is
the permittivity of free space. This potential dis-
tribution is shown in Fig. 1 for electrons and
holes. It should be pointed out that close to the
photoconductor-metal interface there is no change
in the band gap, as it appears from Fig. 1, be-
cause an image force is experienced by either an
electron (both bands bend downward) or by a hole
(both bands bend upward) if they are located close
to the electrode. However, when an electron and
a hole are closer together than their separation
from the electrode, a dipole-dipole interaction re-
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places the monopole image potential I Etl. (1)] with
considerably less effect on the bands. In moving
parallel to the photoconductor-electrode interface,
a valence-band electron sees a potential which is
obviously highly perturbed, alternating between
small areas in which the band bends upward or
downward.

The region in which the image force has a
marked influence on the electrical properties is
very close to the photoconductor-electrode inter-
fa,ee and extends not beyond a distance xoD at which
the image force influence is of the order of AI,
i. e. , beyond

FIG. 1. Potential distribution in a photoconductor un-
der illumination near a blocking contact (zero external
field). E& and EJ; are the quasi-Fermi levels for elec-

tf P
trons and holes, respectively. The solid curves are the
relevant bands for electrons and holes (in the image force
region).

Therefore, the height of the barrier is given by

(=go —ehV, where $0, the work function between
the metal and photoconductor, can be determined by
a number of methods in the zero-current limit (for
a summary, see Ref. 5).

The experimental results given in Ref. 1 cannot
be explained by a reduction in barrier height caused
by the image force ' since it would need a field I"
far in excess of 10~ V/cm. Long before this field
is reached, tunneling through the barrier would
take over.

A marked lowering of the critical field for tun-
neling can occur when Coulomb attractive centers
of sufficient density are available, as was recently
shown by Parker and Mead. ' This seems to be
the case in CdS and we will therefore assume that
this mechanism is responsible for tunneling through
the barrier. (Conventional tunneling or thermally-
assisted tunneling would require higher fields at
the barrier, and therefore higher space-charge
density. ) In Fig. 2 a schematic comparison is
shown for tunneling through a "clean" barrier (sol-
id arrow) and through a barrier with a Coulomb-
attractive trap (dashed arrow) with about the same
total tunneling probability. For the typical current
densities observed in Ref. 1, the tunneling field is
of the order of 3 x10 V/cm. This value will be
used for the following analysis.

III. SPACE CHARGE IN THE BARRIER LAYER

A "blocking" contact on an n-type semiconductor
is characterized by a positive space- charge region
close to the cathode. The field increases toward
the cathode following the Poisson equation [Etl.
(2)]. This field must reach values of the tunneling
field strength (3 x10 V/cm) in order to produce the

xoo —e /16wsos kT (4)

which is about 30 A for CdS at room temperature.
This model is valid for carrier densities below
x», i. e. , below 3x10' cm '. At higher carrier
densities, carrier compensation is usually re-
quired and the monopole image force region dis-
appears. In the ease investigated here, the car-
rier density is far below this critical value.

The fact that the image force is always attractive
does not allow it to be helpful for storage of minor-
ity carriers necessary for lowering a barrier. To
the contrary, it enhances the extraction of minority
carriers from the entire barrier region.

On the other hand, the image force aids the ma-
jority-carrier transport across the barrier by re-
ducing its height in an external field E by an
amount
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FIG. 2. Tunneling of electrons through a clean barrier
(solid arrow) and through a barrier with a Coulomb
attractive trap (dashed arrow).
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observed current densities. This tunneling field is
considerably larger than the observed field in the
high-field domain, posing the problem of storing
positive space charge in the barrier region with a
layer density of p& x = 3 x 10'~ cm ~. ~x is the width
of the layer starting at the location x, of "emer-
gence" of tunneling electrons and ending at the
position xo, where the simple transport equation
(1) becomes valid (see Fig. 2).

The location x, can be estimated as the thickness
of the barrier at the Fermi level. For a barrier
height of 0. 6 eV and a tunneling field of 3 x10
V/cm, x, is 200 A.

The location xo was defined in Ref. 1 for a, sim-
ple model. For x &xo the parameters of the trans-
port equation do not explicitly depend on the spacial
coordinate. We will discuss this here in more de-
tail for the two main parameters of the transport
equation —the carrier density and the mobility.

The mobility is a local property if the potential
changes by more than O'I' within a mean free pa.th
X and as long as the carrier momentum distribution
is tunneling influenced. The first condition deter-
mines a critical length x, given by

e[E(x, ~) E(x, )jX—=—hT

The second condition is more difficult to estimate.
The momentum distribution of the carriers emerg-
ing after tunneling at the edge of the conduction
band is anisotropic, essentially pancake-like with
the large axis parallel to the electrode surface. ' '"
This anisotropy can amount to several O'E at higher
fields, necessitating a few scattering events for
"thermalization. "' We will therefore assume that
such thermalization is reached at x~ =x, + gA. with

The carrier density (more generally, the distri-
bution of trapped and free charges) is a loca/ prop-
erty only as long as the energy distribution of free
carriers is a local property. Otherwise, it is un-

ambiguously determined by spacially independent
parameters and the field. This is the case for
x &x2.

Therefore, the simple transport and Poisson
equations [Eqs. (1) and (2)] are valid for x &xo,
with x~ being the larger one of the distances xy or
xs. If the tunneling field and the space charge in
M are known, the boundary condition at xo for
Etis. (1) and (2) can be determined.

The positive space charge in &x must be stored
as holes trapped below, but near, the Fermi level,
since electron traps between the Fermi level and
the electron quasi-Fermi level, which could be de-
pleted by the field, are not numerous enough to
provide the necessary charge. " Hole traps in the
lower part of the band gap must be rejected as pos-
sible storage centers, since it is known that al-
ready at somewhat lower fields (E„),these centers

are depleted of holes by means of field-enhanced
ionization. 'O'" Since in photoconductive CdS, the
Fermi level is essentially pinned' near 0. 8 eV be-
low the conduction band, it is reasonable to assume
that a level is located here with a density exceeding
the density of ihe other known levels. Since this
density exceeds the density of known impurities, it
is suggested that these levels are caused by native
defects. Single native defects which could be pres-
ent in such high density are Ved, Vs, and, Cd;. The
cadmium vacancy is usually associated with sensi-
tizing centers leaving either Cd; or V& to cause the
proposed donor level at 0. 8 eV. Since no trap lev-
el of comparable density is observed in the range
0. 8 & E,- E~ & 0. 2 eV, one must assume that this
level is singly charged (the doubly ionized level
lies even deeper)a, nd that major compensation by
V«does not occur since the Fermi level is not ob-
served to drop markedly below the assumed posi-
tion of the donor level.

However, from the high-field analysis we know

that in the bulk of the crystal at fields larger than

E» (at the transition from E» to E»,—as seen with
anode-adjacent high-field domains"), instead of the
positive spa, ce-charge layer, a negative space
charge is formed. We therefoxe must assume that
the creation of the positive space charge near the
cathode is Aztxivsica/ly connected zeithz its proximi-
ty to the barrier. In the barrier layer for x&x~,
ihe recombination kinetics are indeed characteris-
tically different from the bulk. The population of
the centers assumed to be responsible for the
space charge here is determined by the balance be-
tween capture and ionization. The ionization de-
pends only on the field; hence, it should be the
same near the electrode and in the bulk for an Eq»
transition. However, capture by Coulomb-attrac-
tive centers depends markedly on the electron-
energy distribution (field-enhanced ionization )

and is considerably smaller near the electrode than

in the bulk —possibly because of the excess energy
(with h vectors parallel to the electrode surface)
that electrons retain after tunneling. This may
cause the population of the centers near the elec-
trode at -0.8 eV to decrease, "producing the posi-
tive space charge as required. ' This fact reinforces
our choice of levels near 0.8 eV for explanation of
the origin of the space charge, since a kinetic
equilibrium as required above can only be influenced
for levels with marked field- ionization probability.
This is the case for Coulomb-attractive centers not
too far below the Fermi level. '

An estimation of the space-charge distribution in
the steady state can be made by equating the cap-
ture and emission rates, i.e. ,

(j„/e}q(E) (No —no) = o.'(E) nD,

where q(E) and n(E) are the field-dependent cap-



t' and ionization probability, re-ture cross sec ion an
ats ectively, wit D eh N the total density of donors a

th d 'ty of electrons in these-0.8 eV, and nD the ensi y
donors. singU

' Poisson equation with p=ND —nD,
one obtains

dE e j q(E)
tj'j j qtj'j) ' (8)

yield' a sufficient positive ps ace charge for ND
10' and q(E) &q(Ej) where

(9)(E;)= eo (Ez)/

(E) decreases and a(E) increasees with I",Since q ecre
to be filled for I' &Ezone expects the donor levels o e i

em t for the fields above E,.and to be essentially emp y
"for =10'A cm as o-In the bulk, one obtains or j-

d
' the high-field-domain rang e, a critica,serve in e

to the ob-field &; =; =1.6x10 V/cm which is close o
d E (see Fig. inF' . 6 'n Ref. 1). Therefore,

N ) should be inactive inthese deep donor levels (ND s ou
the bulk unti ietil f' ld values of this order are

d Indeed below these values, nega iv
s ace charge is experimentally observe
compensating acceptors are p
quenching, w ic yh' h b the same mechanism is al-

tive at somewhat lower fields).ready active a s
ctor of 10 in the con-If (E) is decreased by a. factor o in

tac regiont t gion because of the aniso py
q i

' otro of the elec-
'n elec-tron energy is ri u

'd' t 'b tion of the recombining
trons, the critica iel f' ld for depletion of these do-

is reduced to 70 kV/cm. Hence, a positivenors is reduced to
for E &70 kV/cm as longsp ace charge is produced for

x ' tunnelinas electrons wi e'th xcessive energy from tu '
g

ailable. VYith increasing x, however, er-are availab e. i
eases thus in-mallza ion 0t' n of tunneling electrons incre

ace-chargecreasing &
an cd ausing the positive space-

tl 1region 0t terminate rather abrup y.
I'" x ) to &ll'nce the field must decrease from (x&Since e ie

(at -x, +2&), onewhen thermalization is reached, a
t' ates the density of donors as

E(x, ) —E„=E(x,) = 2(e/@co) p X . (10)
V

) ~3X10 V/cm and X =200 A we obtainWith E(x,)
it fol-=N &4&& 10 cm . Since ND &10 cm

lows that Eq. (6) is not satisfied unti
become markedly filled, hence, x& —xp —xp 00 A

IV. BOUNDARY CONDITION FOR CRYSTAL BULK

wn. Thespace charge in e rth region x& &x &xp is know

field decreases in xp -x& by

e "o eND(xo —x~)&E= E(x,) —E(xo) = p(x dx =

nt as a function of the tunneling field
E( ) calculated from the tunne ejlua ix] as

' E(x )] in-a function ot' f E(x ) is given in Fig. . j
ed for atersects e j-th '-I' characteristic calculate or

homogeneous field,

(12)

a e st th singular point II. Since je
' E(x )] is shifted

n N seefrom j x, y'LE(x )] b an amount dependent on
ends on ND asEg. (7)], the bounda, ry point II depends on

n '[E(x,)], i.e. , on the barrier height.%'ell as on j xg, i.
een the vi-I tion (solid arrow) extends betweenThe so u ion s
domaincinity o singuf ' lar points II and I and has

character.
with in-Since j[E(xj)] shifts toward higher fields wi

creasing barrier height, jcr ' ' ' ' E(x )] must also shift
towar ig erd h h r fields for the same CdS crystal
same Njj). Hence, the current must decreas e and(same Njj . Hence,

tall observed
(Figs. 8 and 9 in Ref. 1).

On the other hand, for photoconductors with
lower donor concentration, the j
3(a)] is closer to j[E(x,)] and may intersect j„at
fields above the field at its minimum. The solution

the quasisingular point II as indica e y
dashed arrow in Fig. 3.

hi ' fd-The other extreme of a very highi h density o o-
nors may e acb acheived without changing the bulk

or x xo, the Poisson and the simple transport
ine the field and carrier distribu-

o that the field of direction can advan agtion so that t e ie
The solution curvel be used used for an analysis.

unambiguously selected y n
y eu

b n(x ) and E(xo). Inis unam
the high-field domain regime, this bo yundar condi-

t ' the close proximity of thetion represents a poin in e
singular point or ' ove seeII f the case discussed above see

ef. 1). This singular point can casa yFig. 3 of R
be obtaine wbt '

d when the tunneling field (x,

Log F

calculated for homogeneousFIG. 3. Current densi g„ca
(x )] caused by tunneling as-fieMs I'; current density j x&

ed b Coulomb attractive centers; and curren en 'sisted y ou
as a function of the ie af' M at the position xo as de-

rves (a) and (b) represent currentfined in Sec. III. Curves a a
r and higherdensities j[E(xo}]for a crystal with lower an lg

donor density, respectively.
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With increasing optical excitation rate (a), the
currents j[E(x,)] and j[E(xp)] [curve pair (a) in Fig.
4) are not affected. However, j„(E)= ejj,n, (a)E is
shifted upward with increasing optical excitation as
shown in Fig. 4 for a family of curves jp(E). The
intersect of j[E(xp)] and j„(E)moves toward higher
I" with increasing a and one exp'ects, therefore, an
increase of E» and of the current density in the do-
main" regime with excitation density, as experi-
mentally observed (Fig. 7 in Ref. 1).

For metal-CdS contacts with a low work function,
the tunneling field is considerably lower, i.e. ,
j[E(x,)] and j[E(xp)] [curve pair (b) in Fig. 4] are
shifted toward lower fields. However, the critical
field given by Eq. (9) and shown as j„(E)in Fig. 4
at which the production of positive space charge in
the barrier region ceases, may be reached at x =x3
with x, &xo. Since the field cannot be reduced
markedly below E(xp), the boundary field at xp is
essentially E(xp). Since j„(E)is steeper than

3)&8)&33&8 ea(F.

properties by highly disordering a near-surface
region (e.g. , via a gas discharge ) before applying
the electrode .Here j[E(xp)) is further separated
from j[E(x&)] and, in Fig. 3, is represented by the
dashed curve (b) indicating injecting behavior. In
the domain regime the solution squeezes through
the quasisingular point I and reaches close to the
singular point III (dash-dotted arrow), repre-
senting an anode-adjacent high-field domain in
agreement with the experimental observation. '

V. DEPENDENCE ON OPTICAL EXCITATION

AND TEMPERATURE

j[E(xp)], one expects a smaller dependence of E„
on the optical excitation for less blocking contacts.
This is also observed experimentally (Fig. 7 in
Ref. 1).

The change of E&z and j with increasing tempera-
ture is less transparent since a number of effects
compete here: (i) The current density j& changes
because of n(T) and p, (T). (ii) The mean free path,
hence xp, decreases with increasing T. (iii) The
critical field given by Eq. (9) decreases with in-
creasing E.

Since g and E& given by Eq. (9) increases with
decreasing &, one expects Eq. (9) to control the
boundary condition for higher barriers at lower
temperatures. In this case, the field E» should
increase with decreasing temperatures (see Fig.
5) as jq shifts toward higher fields. A slight de-
crease in saturation current with decreasing tem-
perature is expected (Fig. 5) in spite of an increase
of j„(causedbyanincrease in p andnat lowertem-
peratures because of reduction in scattering and of
thermal quenching). This behavior agrees qualita-
tively with the experimental results [Figs. 7 and

8(c) of Ref. 1]. At temperatures below 200 K
however, the model used for field-enhanced ioniza-
tion must be refined, and a simple evaluation as
given above is not sufficient.

VI. TIME-DEPENDENT BEHAVIOR

The transient behavior of the current after the
applied voltage is switched [Figs. 9(a) and 9(b),
Ref. 1] can be explained by an analysis of the field-
aided redistribution of trapped and free carriers
near the cathode. Ne will show this by discussing
the particle current of the photoconductor near the
cathode.

Before an external voltage is applied, the distri-
bution of carriers is homogeneous in the bulk, and

for a given optical excitation is sufficiently de-
scribed by the two quasi-Fermi levels EJ; and E& .

n

This homogeneous region extends to a distance of
a few Debye screening lengths XD from the cathode,
where

XD= (8vaepkT/eN ) (13)

Log F

FIG. 4. jr, (F) for different optical excitation densities
&, »d jlEbq)l, jlE(xo)] for larger [curve pair (a)j and

smaller t(curve pair (b)j barrier heights for the same
photoconductor, j„is the limiting current density due to
space-charge s aturation via field-enhanced ionization
l:Eq. (9)].

This length is of the order of 10 cm for an as-
sumed density of positively charged defects N' of
about 10' cm P (zero external field).

VYhen an external voltage V, is applied, initially
a homogeneous external field E,= VJ& is superim-
posed to the local field at each point of the crystal
and a current starts to flow. However, since the
density of electrons in the barrier region is
smaller than- in the bulk, the current in this region
cannot be carried completely by drift in the exter-
nal field. As a consequence, the field there must
increase, yielding a displacement-current contri-
bution a&p(&E/&f) in the barrier region. This
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analyzing the space-charge creation caused by
electron redistribution in traps. This mechanism
is probably the one observed in the kinetic analysis
of Ref. 1. Assuming a trap distribution N&(E}, of
which n, (E) are f illed, one approximates the space
charge development as

sp(x, t) en, (E,x, t)
t

(neglecting changes in the distribution of free car-
riers). From kinetic arguments one obtains

p(x, t) = f,
'

dt ' f,"&o.'(E) n, (E,x, t) —P(E) n(x, t)

&& [Ng(E) —n, (E,x, t)] ]dE, (17a}

with o.(E) the ionization probability and P(E) = p~(E)
the capture coefficient of traps (being a product of
the velocity of electrons and the capture cross sec-
tion). From detailed balance,

p(x, t) = f,
' dt'

i j,""t}(E)N, (E)

xe" '~.""'
[no n(x, t)]dE-

+ fe + P(E) Nq(E) [no —n(x, t)]
i
dE, (17b)

with no=N, exp[- (E, —Ez }/kT] and traps below the
quasi-Fermi level assumed to be filled before volt-
age was applied.

The change in field distribution in the barrier
region is given by

F(x, t)=F(0, t)-(e/cEo) f p(x', t)dx'. (18a)

Using the fact that fo F(x, t) dx = V, and that the ap-
plied voltage is time independent, and introducing
x,(t), where for x )x, all parameters are space in-
dependent and p=O, one obtains

L

F(0, t) =—+ ii p(x't) dx' dx. (18b)~ -LJ
Since in the space-charge region n(x) is much
smaller than no, one may approximate the integral
in Eq. (18b) by p(t) x,(t) (1 —xJ'2L), and using Eq,
(18a), one obtains

F(x„t) = —— p(t)
V e [x,(t)]'

89

This is the field in the crystal bulk which gives the
time-dependent current

Fo(x„t) + K(t) [F(x„t ) —V/L ) = 0,
with

2ce oL sP(t} '
e p, 'no' p(t) at

(21a)

The distance x,(t) can be obtained from Eq. (20a),
yielding

K(t) P, oooo SP(t) x,(t) V I

[sp(t)/&t] ~t @no
(21c)

For very short times after the voltage is applied,
K(t) is very large (» V/L, ) and one obtains from Eq.
(21a)

F(x„t) = V/L,

and from Eq. (21c)

x,(t) = p, no
sp(t) .

at

(22a)

(22b)

&p(t) 2 aFo V8') =
t ('t) (23)

then decreases, and the external field at the
boundary

2e S/2

F(o, t) = —+ p(t) V
'7 J (24)

increases monotonically in time, since p(t) in-
creases and &p/St decreases in time ' as it be-
comes more difficult to ionize deeper and deeper
traps with progressing depletion. It should be
noted that with continuing depletion of deeper traps,
the space-charge region contracts (see Fig. 7),
since under these conditions

i.e. , the field in the bulk, and therefore the cur-
rent, remain essentially constant and the depleted
region x,(t) grows [as Sp(t)/St decreases ], in or-
der to provide the current [see Eq. (20b)]. As the
time increases, the growth of p(t) and the decrease
of sp(t)/~t force the decrease of K(t). When K(t)
has decreased far below V/L, which seemes to be
fulfilled experimentally for the cases discussed
in Ref. 1, one obtains from Eq. (21a)

F(x., t) =[K(t)(V/L)l'" . (22c)

Hence [using Eqs. (20a), (20b), (21b), and (22c)]
one sees that the current

g(t)=epno F(x„t). (20a)
x,(t) = [2 e&o V/e p(t)] i (28)

e x,(t) = epno F(x„t),Bp(t)
Bt

yielding [from Eq. (19)]

(20b)

The time-dependence of the space-charge region
can be obtained from current continuity by compar-
ing the current generated in the space-charge re-
gion with that in the bulk:

This is because as more space charge is created in
the barrier region with the field there increasing,
the field in the bulk must decrease as the applied
voltage is kept constant (Fig. 8). Although the
thickness of the space-charge layer decreases, the
space-chargedensity increases more rapidly caus-
ing the product p(t) x,(t), and thus the field at the
boundary, to increase [see Eq. (24) and Fig. 8].
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(ip

dt

t (t) =q„(x„t)+e, x,'(t),ep(t)
(28)

with j„(x„t}= e(~p, (t)/&t) x, (t). Hence replacing
x,'(t) in Eq. (27) from Eqs. (20a) and (28}, one ob-
tains

Qn the other hand, the current is determined in
the transient region by the sum of the two particle
currents stemming from the regions 0 &x &x& and

1 ~

Xg &X &X)+X~:

(d)

(e)

j (t ) = e p,n, F(x,', t )

F, + (I/ca, ) p(t)j „(x„t)[ep(t}/&t] '
1+ (e/ce, ) pn, p(t) [sp(t)/et]-'

and, for the distance x,'(t), it follows that

,
( )

F, j„(x„t)—/e pn, .

[&p(t)/st]/pno+ (e/&co) p(t)
'

(29a)

(29b}

F(0)

FIG. 7. Space charge p(t), change of space charge
dp/dI;, current density j, space-charge region thickness
x~, and external field at the metal-photoconductor boundary
F(0), as a function of elapsed time after switching on the
applied voltage.

This implies that at this time, F(x,', t) ha, s de-
creased to a va.lue which is small compared to V/L
(the current has decreased considerably from its
initial value); hence [from Eqs. (27) and (26)] one
obtains —instead of Eq. (26)—

V =(e/~e, ) {p(t)-'. [x,'(t)]'+ p(t) x,'(t) x, (t)

+ p&(t)~2[x&(t)1' j, (26a)

which implies that as x,'(t) decreases, x, (t), and
therefore j„(x„t) [see Eq. (29b)], must increase.

The increase of j„(x„t) and of p(t) [Sp(t)/&t] ' with

t, forces p(t) x,'(t) to decrease, and hence, F(x,', t)

F(x„t) = F, (e/ee, ) p(t) x,'(t) . — (27)

B. Space-Charge Creation Near the Cathode

(Field-Enhanced Depletion of Traps)

When the field at the bounda. ry [Eq. (24)] exceeds
the critical field for field-enhanced ionization, a
very rapid ionization of deep traps sets in, causing
the space charge and the field to increase in this
region, and resulting in further acceleration of the
trap ionization. It therefore seems justified to ap-
proximate this process by a, step-mechanism, as-
suming that below a threshold field (F &F,) no field
ionization takes place, and that above I"„ioniza-
tion of the Coulomb-attractive deep trap level oc-
curs. If x, is the position at which F(x„t) = F, and

p, (t) is the ( saturation") space-charge density in
the region 0 &x &x„oneobtains by proper replace-
ments in Eq. (18a) and integrations:

V = [F,—(e/ee, ) p(t) x,'(t}]L+ (e/ee, )(p(t)-,'[x,'(t)]'

+ p(t) x!(t) x (t)+ p (t)-'[x (t)l'$, (26)

where now x,'(t) is the width of the low-field (F &F,)
space-charge region. For the field in the bulk
[hence for the current —see Eq. (20a)] one conse-
quently obtains

V(x)

METAL PHOTOCONDUCTOR

j j

t j (b)
j j 1jjj

j I

j j
j

j

j
j

3~t2 t i] 1(
E

METAL PHOTOCONDUCTOR

D I STANCE, x

METAL

METAL

FIG. 8. (a) Simplified potential distribution and (b)
space-charge distribution at different times Ii. . .ts after
switching on the applied voltage (at to).
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(a)

METAL PHOTOCOND UCTOR METAL

(b)

t& t3 t4

METAL PHOTOCOND U CTOR

D I STANCE, x

METAL

FIG. 9. (a) Potential and (b) field distribution at suc-
cessive times t~. . .t5 after the critical field E~ for field-
enhanced ionization is reached. See text.

and therefore j(t) to increase, during this time
interval. " The increase in j(t) will be maintained
as long as xq(t) increases, i.e. , as long as Eq.
(26a) holds.

This process will terminate when total depletion
of the field ionized centers is achieved. Then a
new region of constant charge density p, is cre-
ated and will spread from the cathode N. ow x, (t),
the width of the region from which the current is
generated, hence the current, will start to de-
crease again. The kinetic of these processes is
pictured in Fig. 9. The field reaches its critical
value at" the cathode at tj and increases while
the width x,'(t) decreases as x, (t) increases (t2 to
t4). Finally, a totally depleted region is created
and x, (t) also decreases (ts). The field at" the
cathode continues to increase monotonically while
the current (see field in the bulk in Fig. 9) has de-
creased through a minimum (t2, t, ), increased (t4),
and decreased again (t&).

C. Onset of Tunneling Through the Barrier

As the monotonically increasing field at the cath-
ode reaches another critical value, ' tunneling
through the barrier starts, and an equation similar
to Eq. (28) with j,„„,instead of j„(x„t) determines
the current through the crystal. The current there-
fore increases again as long as Sp/St &0, until final
stationarity is reached while the region where the

n, = (I/~box, ) J,.~ i dt, (30)

current was previously generated vanishes due to
partial trapping of electrons provided by the con-
tact. (For this discussion the hole current is ne-
glected since the measured gain factor is much
larger than 1.)

Small fluctuations from this equilibrium of such
current will be counteracted by either enhanced
tunneling and recombination or by enhanced space-
charge generation (as tunneling and recombination
decrease).

In summary, it is expected that after applying a
sufficiently large voltage, the current should first
decrease from an initially very high value repre-
senting drift in an essentially homogeneous external
field F,= V/L. This decrease is determined by
thermal ionization of traps in the space-charge
region of the blocking contact. If there is no other
process generating current (except minority car-
rier currents which are neglected in this paper
since they may predominate only at gain factors less
than 1), the current should monotonically decrease
to the low limit of diffusion over the barrier (per-
fectly blocking contact). Only if a current-genera-
tingmechanismis unveiled as the field close to the
cathode increases, can a minimum occur in the
transient. In the present case it is suggested that,
as the field near the cathode starts to exceed val-
ues at which field ionization of defects becomes
marked, e. g. , via field-enhanced ionization of
electrons from Coulomb attractive traps, an in-
crease of the current may occur until these traps
are depleted. As the high-field region close to the
cathode widens, the current should decrease again
until tunneling through the barrier starts. Then
the current must again increase, as self-stabiliza-
tion occurs via recombination of some of the tun-
neling electrons with empty traps in the space-
charge region (see Sec, III). Such nonmonotonic
behavior is indeed observed. '

When stationarity is approached, the positive
space-charge region must terminate rather abrupt-
ly near xo, since with increasing distance from the
cathode the tunneling electrons become increasing-
ly thermalized, that is, the reaction kinetics de-
termining the space charge behaves increasingly
bulklike. However, as mentioned in Sec. III, the
space charge tends to turn negative for fields ex-
ceeding the field of the cathode-adjacent high-field
domain (as, e. g. , in the F»-F», transition), ex-
erting a strong compensating tendency on the posi-
tive space charge closer to the electrode (see Fig. 10).

Two current minima can be well distinguished at
low optical excitation (Figs. 9 of Ref. 1). From
the intermediate current maximum, one can esti-
mate the density of electrons released from deep
traps by field ionization:



1452 DUSSE I, BOE R, AND STIRN

cate that the proposed model may explain the elec-
tronic behavior of the space charge region near a
blocking contact on photoconducting CdS.

VII. SUMMARY

METAL P HOTO COND OCTO R

I

I

I

I

I

I

x0

Dl STANCE, x

I'IG. 10. Space-charge distribution near a blocking
cathode. The dash-dotted curve indicates the negative
space-charge fraction created near xp which aids to re-
duce the total space charge rapidly at x=xp.

with b the thickness and se the width of the crystal.
From Fig. 9(a) in Ref. 1, one obtains for the addi-
tional particle current J idt = 5&&10 ' A sec.
Hence, with a cross section of the crystal of -3
~10 ' cm, additionally released electrons cause a
space-charge layer density of - 10' cm which is
sufficient to create a field of -10 V/cm and initiate
tunneling.

With increased optical excitation, the quasi-
Fermi level is shifted closer to the conduction band
and thermal depletion of traps is increased. Thus,
a space-charge layer sufficient to create a field I",
can be formed more quickly, making the interme-
diate maximum occur at a shorter time in agree-
ment with the experimental observation. '

With further increased optical excitation, the
first current minimum is not resolved, and may
actually disappear as thermal release competes
more favorably with field ionization. However,
the second minimum can be followed over a wide
range of excitation densities and shifts nearly lin-
early towards shorter times with increasing exci-
tation. Such behavior can be expected since the
stabilizing recombination of tunneling electrons
wi1.1 occur sooner when more shallow traps are
available for carrier redistribution at higher opti-
cal excitation. The time constant for this redistri-
bution is expected to be of the order of typical re-
distribution times of electrons near the Fermi
level (traps above EI remain depleted), also in
agreement with observation.

However, the kinetics are too complex to encour-
age a detailed quantitative analysis at this time. It
may suffice in the realm of this paper to show
qualitative agreement with the experiment to indi-

In photoconductive CdS the current through the
crystal is markedly influenced by blocking contacts
and is dependent on the type of contact meta, l. At
higher current densities this behavior is indepen-
dent of typical interlayers of absorbed gases. At
sufficient applied voltages, the observed current
densities are many orders of magnitude higher than
the thermal-emission saturation current over the
barrier. (The barrier height can be easily deter-
mined in the zero-current limit. )

It seems plausible, therefore, to assume that
tunneling through the barrier is the process re-
sponsible for current continuity at high current
densities. (Since the gain factor is larger than
one, a hole current cannot be responsible. ) On the
other hand, the observed fields in the bulk of the
CdS (using a high-field domain analysis) are far
below the critical field for tunne ing. This field
cannot increase when approaching the cathode (as
evidenced by the field of directions) as long as the
Poisson and simple transport equations are valid.
This leaves only a slab of a width of a few mean
free paths (-6X10 cm) to build up a positive space
charge sufficient to increase the field to at least a
value necessary for tunneling of 3&&105 V/cm.
This requires a level density of about 10 cm for
storage of the space charge, which is at least one
order of magnitude larger than the level density
observed in the energy range accessible to conven-
tional experimental observation. Since storage
of a sufficient density of positive space charge can
only be envisaged in levels in the band gap (Sec.
II), this leaves only one possibility to explain the
observed behavior within the frame of known ef-
fects: namely, to assume that close to the (dark)
Fermi level in CdS, there exist donor levels pro-
duced by intrinsic def ects of at least 10' cm ' density.
(Cadmium interstitials or sulfur vacancies are sug-
gested as the native defect responsible for the lev-
el near 0.8 eV below the conduction band. ) This
may account for the fact that CdS is not observed
to be P type under equilibrium doping conditions.

The presence of these high-density deep levels
with field-dependent kinetic coefficients is further
substantiated by the transient behavior of the cur-
rent. The formation of this space-charge layer is
caused by carrier depletion in an external field,
but can be maintained only by the specific recombi-
nation kinetics in the barrier region probably
caused by the highly anisotropic momentum distri-
butionso, ss of tunneling electrons, This is evidenced
by the fact that in the crystal bulk, a negative
(rather than a positive) space charge is formed
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when the field increases into the 10 V/cm range
(as observed in the transition range of anode-adja-
cent high-field domains ').

The boundary conditions for the solution of the
Poisson and the transport equations are uniquely
determined at the bulk boundary of the above men-
tioned slab (i.e. , at xp) by the interpla. y between
tunneling and carrier thermalization and recombi-
nation in this slab. Since the thickness of the slab
is nea, rly independent of doping (as long as the mean
free path is), the carrier density and the field at xp

are determined by the barrier height and the ability
to store space charge in the region x &xo. One con-
cludes that E(xp) will be smaller and n(xp) larger,
the higher the density of donors in the slab and the
lower the barrier height (work function between
metal and CdS). For a sufficiently high donor den-
sity within the slab, the individuality of the metal
will disappear with respect to the electrical prop-
erties of the entire crystal as is observed for high-
ly disordered CdS. The contact in the latter case
will have injecting characteristics. It is further
suggested that in materials where the individuality
of the metal does not show, such high density of

deep native donors is always present (e. g. ,
CdSe). On the other hand, it is expected that ma-
terials which have a much lower density of levels
useful for storage of the proper space charge
should show a thermionic-saturation current behav-
ior for majority carriers.

The proposed model is in qualitative agreement
with all observed experimental facts. However, it
is too early for a quantitative analysis of the reac-
tion kinetic behavior in the space-charge region,
since the critical parameters, as e. g. , anisotropy
of the momentum distribution of tunneling electrons,
the energy-dependent capture cross sections, the
energy and density of donor levels, and the scatter-
ing parameters in the space-charge region are
presently not sufficiently known.

ACKNOWLEDGMENTS

It is a pleasure for us to acknowledge very help-
ful discussion with Professor H. Kallmann and
Professor C. A. Mead in the early phase of this
work. Critical discussions with Dr. P. Massicot
are gratef ully acknowledged.

*This paper presents the results of one phase of research
sponsored by the National Aeronautics and Space Administration
under Contract No. NAS7-100 and the U.S. Office of Naval

Research, Washington, D.C.
~Present address: Comision Nacional de Energie Atomica,

Buenos Aires, Argentina.
'R. J. Stirn, K. W. Boer, and G. A. Dussel, preceding paper,

Phys. Rev. B 7, 1443 (1973).
'W. Ruppel, in Semiconductors and Semimetals, edited by R.

K. Willardson and A. C. Beer (Academic, New York, 1970),Vol.
6.

'K. W. Boer and P. Voss, Phys. Rev. 171, 899 (1968).
'K. W. Boer, Phys. Status Solidi A 3, 1007 (1970).
'C. A. Mead, Solid-State Electron. 9, 1023 (1966).
'K. W. Boer, G. A. Dussel, and P. Voss, in Ohmic Contacts to

Semiconductors, edited by B. Schwartz (The Electrochemical
Society, New York, 1969).

'K. W. Boer, G. A. Dussel, and P. Voss, Phys. Rev. 179, 703
(1969).

'G. H. Parker and C. A. Mead, Appl. Phys. Lett, 14, 21 (1969).
G. H. Parker and C. A. Mead, Phys, Rev. 184, 780 (1969).

' C. B. Duke, in Tunneling Phenomena in Solids, edited by E,
Burstein and S. Lundquist (Pergamon, New York, 1969), p. 31.

"R. Stratton, in Ref. 10, p. 105.
' Taking into consideration field heating of carriers.
"With Ax „p;„=3X10',it follows that p;„=10'cm, which

is at least one order of magnitude larger than
A', (0.7&E,—E, &0.3 eV) (see Ref. 1).

"G. A. Dussel and K. W. Boer, Phys. Status Solidi 39, 375
(1970).

"G. A. Dussel and K. W. Boer, Phys. Status Solidi 39, 391
(1970).

' Diffusion doping does not shift the Fermi level to lower
values.

"K. W. Boer and P. Voss, Phys. Status Solidi 28, 355 (1968).
"Other capture mechanisms depend to a much lesser extent on

the electron energy.
' In the bulk the electron capture obviously predominates,

essentially filling these centers and some traps at E,—E, &0.8
eV. These filled traps are less numerous causing a net negative

space charge with much smaller density, hence, a considerably
wider field transition range (domain wall 10 ' cm) as
experimentally observed (Ref. 17).

J. Fassbender, Z. Phys. 145, 310 (1953).
"Aside from the continuity-equation condition, the barrier has

to be wide enough to allow for drift near x
"In actual practice the transport and redistribution of minority

carriers cannot be neglected. We will return to this point later in

this paper.
"Assuming an exponential depletion of traps, i.e., p(t) =pa

X [1-exp(- t/v)], one obtains Bp(t)/Bt = (po/7)exp(- t/r), which
decreases with increasing time. The decrease of the rate of charge
formation with increasing time is quite general, for any assumed

trap distribution,
"The current has decreased to a small fraction of its initial

value when voltage is applied.
"The critical time when the current starts to decrease is

determined by EC(t) = V/L and, for exponential trap depletion,
can be expressed as t = r ln[(~/~„)] (V/LF*)'i' for (g/7, )
X (V/LF")' &&1 and to = vy(7l'/~) (L/V) F* for
(T/7'„)(V/L F*)" )&1,with 7 „=&co/ep, n 0 and F* =(e/a&0)poL .
Hence Tp is of the order of the dielectric relaxation time (since r is
limited by v „)and, in the investigated case, is of the order of 10 '
sec.

'This can be seen by writing p, (t) = pF(t), where pF(t)
is the field induced part of the space charge. Equation (26a) can
now be rewritten as V=(e/ceo)[p(t)(x'', +x,) /2+ pF&,'/2]. For
times shortly after F(0,t)=F„the relation p~(t)&p(t) holds and
x', +x, must decrease as p(t) increases [see also Eq. (25)]. For
times such that (e/&co)p, n Op(t)/(&p(t)/~t) & 1, one concludes from

Eq. (29a) that x', (t) must decrease since x', (t)p(t) increases

slowly while p(t) increases much faster. Therefore x,(t) must
increase.

Note that x'(t) is influenced very little by j (x, t)
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since (1/Ecp )p(t)/('Bp(t)/Bt) && 1/eptlp,
The field at the cathode increases as long as the total

space-charge density pox increases. This is assured even though
the voltage drop in the space-charge region [~p(hx)'] decreases

as long as p increases more than hx decreases (see Sec. VI 8).' To finally allow for tunneling.' The assumption of surface states for a "pinning of boundary
condition" in such materials seems to be misleading.
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Energy bands in a Ti,o, lattice are parametrized in terms of overlap matrix elements. The requirements of
"one-dimensional" energy bands as an explanation for recently observed specific-heat anomalies are
compared to this parametrization and shown to be in conflict by three orders of magnitude. Resistivity
measurements on oriented samples are also shown and also fail to support the "one-dimensional" hypothesis.

Sjostrand and Keesom' have recently observed
anomalous low-temperature specific heats in sam-
ples of Ti~03 doped with a few percent VSOs. They
tentatively ascribe the anomalous behavior to the
presence of holes introduced by the P ions into a
"one-dimensional" valence band of the host materi-
al with a single low mass direction parallel to the
axis. Briefly, the density of electronic states va-
ries in proportion to E' in a three-dimensional
structure but like E ~ in a one-dimensional ar-
ray, where E is the single-electron (or hole) en-
ergy as measured from the band edge, The singu-
larity in E near the band edge provides an en-
ormous density of states for dopant-introduced
carriers and so has been proposed to fit the anom-
alies as observed.

The purpose of this communication is to report
resistivity measurements whose interpretation ap-
pears to conflict with one dimensionality in the
electronic structure and to consider and emphasize
the unavoidable implications of one dimensiona1. ity,
which would suggest that the hypothesis should be
accepted only with reluctance.

In considering the implications of the one-di-
mensional hypothesis, we need to consider the
question of the direction of that one dimension,
that is, which of the three crystal dimensions is
the favored one. Ti~Q3, with and without vanadi-
um, crystallizes in the corundum structure of sym-
metry D3„. The structure thus includes a pre-
ferred direction, the c axis. Ta avoid breaking the
symmetry, therefore, the favored direction should
be the c axis, or there should be three degenerate
sets of electronic states with favored directions
symmetrically ar ranged. Both alternatives en-
counter difficulties when the actual lattice struc-
ture is considered, however, as will be seen.

The crystal binding in Ti~03 is strongly ionic in
character; three of the 22 electroris of a neutral Ti (2)

atom are transferred to oxygen sites, leaving a
single d electron on the Ti3' ion. In a rhombohe-
dral field, the five orbital atomic d states are split
into two pairs of doubly degenerate e, states and a
single nondegenerate a&~ state. That pure Tiz93 is
an insulator indicates that the a&, state lies low-
est, ' and it is the bands formed from this state
that we shall study for one dimensionality.

We shall work in the tight-binding approximation,
but since there are several Ti atoms in a unit cell,
the calculation is somewhat more complicated than
the usual textbook case.

When the atoms are brought together to form
molecules, the atomic wave functions overlap and
the atomic levels are split into molecular levels.
Bringing the molecules together to form a crystal
finely splits, or broadens, the molecular levels
into bands.

We can simplify somewhat by an approximation
in which we treat the individual Ti~o, molecules as
identical although in fact there are two sets of mol-
ecules related by a glide reflection. The long dis-
tance between inequivalent molecules of the same
unit cell in the actual structure makes this a slight
approximation and one which certainly does not
qualitatively change our conclusions.

Ti203 molecules are located on the vertices of a
rhombohedral lattice described by lattice vectors
as in Table I, which also relates them to the crys-
tal parameters c and a.

In zeroth order, each Ti site affords one a&~
atomic function g, (r —r, ). The one-electron Ham-
iltonian is

82
H= — v'+Qg (r —r, ), (i)2apl

where r; runs over all the Ti ions. We first con-
struct a molecular wave function,

X (r)=~iX. (r-k«)+~3X.(r+2«);


