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We have investigated the multiple-scattering efect of surface-plasmon polaritons in the light-emission
process from metal-insulator-metal tunnel junctions. The theory developed by Arya and Zeyher [Phys.
Rev. 8 24, 4048 (1983)] is extended to take into account the roughness at all interfaces of the junction.
The light intensity due to multiple scattering from roughness at the metal-oxide interfaces first increases
steeply, takes a maximum value, and then decreases slowly with the increase in the root-mean-squared
amplitude of roughness 5. This behavior is very diferent from that due to roughness at the top surface
of the junction investigated by Arya and Zeyher. In their case the predicted intensity due to multiple
scattering increases monotonically with increasing 5. The origin of this di6'erence is discussed.

I. INTR(3DUCTIGN

Visible light emission from the metal-insulator-metal
(M I-M) tun-nel junction was first observed by Lambe and
McCarthy in 1975. They conjectured that the light is ra-
diated by surface-plasmon polaritons (SPP's) that are ex-
cited by tunneling electrons. ' Since SPP's are nonradia-
tive at a perfectly Qat surface, they assumed that the sur-
face roughness of the junction plays the role of scattering
SPP's into external radiation. After their original
discovery, light-emitting tunnel junctions (LETJ s) were
investigated by many researchers, and the conjecture of
Lambe and McCarthy has been confirmed experimental-

2—6

A theoretical study of LETJ's was started by Davis,
and a theory that quantitatively takes into account the
effect of surface roughness was first presented by Laks
and Mills. They formulated light emission as a dipole
radiation process from a current source embedded in a
multilayered structure. The surface roughness was treat-
ed as a perturbative term in the electromagnetic wave
equation. They placed roughness only at the top surface
of the tunnel junction, and solved the electromagnetic
wave equation to the lowest-order term (first-order per-
turbation theory).

Takeuchi et al. extended the theory of Laks and Mills
to include the effect of roughness at all interfaces in the
tunnel junction. They found that the roughness at the
metal-oxide interfaces is more effective in inducing light
emission than the roughness at the top surface (the case
treated by Laks and Mills).

Physically, the first-order perturbation theories men-
tioned above take into account only the single scattering
process of SPP's by roughness. Then the theories predict
an emission intensity proportional to 5, where 5 is the
root-mean-squared amplitude of the roughness. %'hen
the amplitude 5 is over some critical value, it is clear that
multiple scattering of SPP's from roughness becomes
significant. To study the light-emission properties of
junctions with roughness beyond the critical level, we
need to develop a theory that includes not only the
lowest-order term but also higher-order terms.

Arya and Zeyher developed a theory that takes into ac-
count the higher-order terms, and discussed the
multiple-scattering effect due to roughness at the surface
of the top metal layer. They found that the emission in-
tensity due to roughness increases faster than 5z with in-
creasing 5. ' Since the roughness at the metal-oxide in-
terfaces are now known to be more important than the
roughness at the top surface as a result of the work by
Takeuchi et al. , it is desirable to extend the multiple-
scattering theory of Arya and Zeyher' to include the
effect of roughness at other interfaces than the top sur-
face of the junction.

The purpose of the present paper is to investigate the
multiple-scattering effect due to individual interface
roughness in the junction. The content of this paper is as
follows. A brief description of the theoretical framework
is presented in Sec. II. The results of numerical calcula-
tions are given in Sec. III. The multiple-scattering effect
on light emission is discussed in Sec. IV, and Sec. V is the
conclusion.

II. THEGRY

A LETJ is modeled as a multilayered structure, and
light emission is formulated as a dipole radiation process
from a fl.uctuating current source embedded in the struc-
ture. %"e calculate the radiation intensity from a current
source embedded in an n-layered structure with n —1 in-
terfaces, as illustrated in Fig. 1. Roughness is placed only
at the mth interface (m =1-n —1). rn is always used to
denote the interface with roughness throughout the
present paper. In Fig. 1, z; (i = 1-n —1) is the z position
of the ith (averaged z position for i =m) interface plane
and g (xi) is the profile function of roughness at the mth
interface. Then ( g (xl ) ) =0, where ( ) means a statisti-
cal average over the interface plane. The directions of
the electric field for p- and s-polarized light are defined as
shown in Fig. 1. The present theory gives the radiation
intensity emitted into the nth layer. Thus the (n —1)th
interface is the top surface of the junction.

When there is a current source J (x', co ) at x' with fre-
quency ~, the electric field E„at position I is given by
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e(x, co) in Eq. (2) is a frequency- and position-dependent
dielectric function defined by

e(x, co)=e' '(z, co)+he(xi', z, co),

where
(x )

Z fTl P
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0 otherwise .

FICx. 1. Model structure for the theoretical calculation of
LETS s. Light emission is formulated as a dipole radiation pro-
cess from a current source embedded in the n-layered structure.
Roughness is placed only at the mth interface (m =1-n —1).

E„(x,co)= i 3 g—f d x'Dp„( ,x'x, c)oJ„(x'; )c0.
C

The far-field radiation intensity per unit solid angle per
unit frequency range at distance R from the source is

, Qe„c
=lRl g(E&(x, co) E„(x,co)) .

8~

with

=4m 5&„5(x—x') . (2)

Here c is the speed of light in vacuum, and D„,(x,x';co) is
the electromagnetic Green's function that is a solution of
the wave equation:

co 8
z e(x, co)5i&— +5i&V D„„(x,x';co)

Bxi Bx@

e„—sin(eo) .

Here Qe„ is the refractive index of the nth layer and 00
is the radiation angle measured from the surface normal.
( ) represents an ensemble average over all diFerent
profile functions. By substituting Eq. (1) into Eq. (3),
one obtains

(4)
3/2 4cos2

P(k~~, co) 3 5 g g f d Qldz'dz"&D&i(kI~ '~Q~~~colz, z') D&i. (kI~ ',
Q~~, ~lz, z")&Jig(Ql~mlz', z"},

32& C

where D„„(k~~,k~~, colz, z') and Ji& (Q~~, colz', z") are the two-dimensional Fourier transforms of D„,(x, x';co) and

(Ji(x', co}'Ji (x",co) ), respectively.
A semiphenomenological form of Jii (Q~~, col z', z" ) for M-I-M tunnel junctions proposed by Laks and Mills is

eIe(1 —A'c0/e Vo )

2m A

J~~(Q~~, ~lz, z')=
0 p

h(z, z')
3 /2

5 i 5 3 f e vo )%co
(1+Q((g )

where e is the electronic charge, Io is the total current in the junction of area A, Vo is the bias voltage across the junc-
tion, and g is a phenomenological electron coherence length. Following the argument by Laks and Mills, b, (z,z'} is
taken to be unity in the tunneling barrier and zero outside. Thus the remaining task in calculating Eq. (4) is to obtain
the two-photon Green's function

The Fourier-transformed electromagnetic Cxreen s function satisfies the following integral equation which is a natural
generalization of Eq. (18) of Ref. 10:

Dp&(k((&kj[&colz&z )=(2') (kl kj( )dp (k()&co lz z )

II

+Am(co}rdpr(k][ colz zm+}I 20m(k[[ k( }Div(k[[ k)[ ~lzm —z }
(2~)'

where
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CO
A (co)= — 2(e —s + ) .4'

In this equation g ( k~~ ) is the two-dimensional Fourier transform of the roughness profile function g ( x[~ ).
d„' '(k~~, colz, z') is the electromagnetic-Green's function for the n-layered structure with fiat interfaces [g (ki)=0]. '

Following Arya and Zeyher, ' we introduce Ljk& ( k
~~, k~~, io

I
z „z'„z2, z 2 )m defined by

~Dj(k)( k(( oilzi&zz) Dii(k((&k(( &~lzi&z2)) =( ~) 5(k)( k() )Lijki(k((&k)(&'olzi zi z2 z2)m .

Then we obtain the following expression that corresponds to Eq. (30) of Ref. 10 for m = n —1:
I I

Lijkl(k((&k)(&&lzl &z 1 &z2&z2 )m

—(2~) 5(kii —
kii)d, .' '(kii&co lz„z2)'dk, '(kii&colz i &zi )

+5 1&m(~)l &d; (k((&mlzi z +) dk (k((&~lzi zm+)gmm(Ikg kgl)d~~j~(k((&rolz —,zz) d i(k((&mlz' —,z2)
aa'

+(5 A (co)l ] g d '(k~~, colz„z +)*d„' '(k~~, colz'„z +)
aa'pp'

xf, g (Ik((
—kI("I )f, L p p(2m. ) (2m. )

k((I )d p~j'(k((&i'olz &z2) d i(kp&&lz, zz ), (7)

where g (lk~~l) is defined by (g (k~~)g (k~~)) =( vr) 5(k~~+k~~)5 g (lk~~ ). L, ki(ki, k~~, ro) in Eq. (7) satisfies the
Bethe-Salpeter equation'

L;jki(k((&kg~&~)m Xd j '(k()&colz —z + ) dki. (k(( ~lz

( kill ) =~a'exp(

Here 5 and a are the root-mean-squared amplitude and the autocorrelation distance of the roughness, respectively.
By substituting the solution of Eq. (8) into Eq. (7), we obtain the two-photon Green s function, and then obtain the ra-

diation intensity from Eq. (4). The final form of the radiated power from Eq. (4) is

A E,p co cos Op
2

P(k' ', co)=
16~'c'

4m

W(k'„', )

d'k~'~
kt()5ji,5ii. +5 I& (~)l f

The Bethe-Salpeter equation can be solved in the same way that is described in Ref. 10 under the assumption that the
roughness has a Gaussian profile:

X +le„(kI~ ', colz)

X f dgiigiidz'dz"J„(Qadi, colz', z")

(o) 5(k([ g(()+ (g(( iolz')"E (g(( iolz")+~a 5 IA

X y(a„a„,)' f„(k~( I2)( [1 P(co)]—
nn'

«~~ ~I4)E, (Q(~ lz')*&. (Q~~ ~lz")8(z ——z')8(z

+g„', (Q~~, l3)E,'«„, Iz')*&,'(g„,~lz")8(z —z')8(z" —z

+g„(g~),arl2)E, (Q~~, colz')'E, (Qi, colz")8(z' —z )8(z —z")

+g„'. (Q~~, col 1)E,'(Q~, , colz')'E, '(g~~, colz")8(z' —z )8(z"—z ) I (10)
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where a„ is defined in the same way as in Ref. 10, and P„„.(ro) is

P„„(ro)=ma 5 IA (ro)I Qa„a„ f k„g„(k, , roI )Id(k,
,
, ro)I f„(k„,roI ) .

II n~ II&

d(k~~, ro) is given by

4m
d(ki, co)—

II II
~

—1+5'I& (oi)l' -tn' . ™.tn(2~)' %II(kll, ~) wll(k il, ~)
4m 4'

e (kj~, ro I
z + )

8'ii(k ii, ro)

4m

e (k(), ro Iz )
uz g ( Ikp kI I }

4m

(12)

(10)—(12) have diS'erent forms for p- and s-polarized light.
Their explicit forms are shown with the definition of
E, (Q~~, coIz) and E, (Q~~, roIz) in the Appendix.

The first term of Eq. (10) corresponds to direct emis-
sion that is independent of the interface roughness, and
its properties are not discussed here. The remaining
terms of Eq. (10) correspond to light intensity radiated
due to roughness. We express the roughness induced in-
tensity as I„,h, where the subscript nth indicates that the
intensity includes the higher-order terms. If we substi-
tute P„„(co)=0 into I«h, we obtain I», that coincides
with the first-order perturbation result. The radiation in-
tensity due to the higher-order terms are given by

nth 11st'

for m =1, 2, and 3. For 5=1 nm the emission intensity
due to the roughness at the Ag-vacuum interface ( rn =3 )
is appreciably smaller than that due to the roughness at
other two interfaces. In contrast, the emissions due to
the roughness at the interfaces have similar intensities
when 5=7 nm. This difference is due to the higher-order
terms that become significant for large 5. The emission
intensities due to the first-order perturbation term are
proportional to 5 . Thus the change of the relative
strengths with increasing 5 from 1 to 7 nm, as seen in
Fig. 2, does not arise for the first-order perturbation
term.

In order to evaluate the fraction of emission intensity
due to the higher-order terms, we calculate the ratio R
between the p-polarized emission intensity due to the

IH. RESULTS

To understand the properties of the multiple-scattering
effect that arises from the roughness at the metal-oxide
interfaces not included in the work by Arya and Zeyher,
we calculate the light-emission properties of the Al-Ox-
Ag junction with identical geometrical parameters to
those used by Arya and Zeyher. ' The junction is
modeled by a four-layered structure: an AI layer with
semi-infinite thickness extending downward, a 3-nm-
thick, oxide layer, a 20-nm thick Ag layer, and a vacuum
layer that extends upward as illustrated in Fig. 1. The
dielectric functions of Al and Ag are obtained from Ordal
et al. ' and Johnson and Christy, ' respectively. The
dielectric function of the oxide was taken to be constant
at 3.1 in the relevant photon energy range (from 1.5 to
2.5 eV). The electron coherence length g is assumed to be
10 nm. The autocorrelation distance of roughness a is
fixed at 30 nm. All numerical results presented here were
obtained for V0=4 V and Io =55 mA. '

Figures 2(a) and 2(b) show the p-polarized spectra emit-
ted at 60' from the surface normal for 5=1.0 and 7.0 nm,
respectively. m in Fig. 2 represents the interface with
roughness (m =1, 2, and 3 correspond to the interfaces
of A.l-oxide, oxide-Ag, and Ag-vacuum, respectively}.
The spectral shapes are similar for all three cases.

An interesting property is seen in the relative strengths
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FIG. 2. p-polarized light-emission spectra from the Al-Ox-

Ag junction. The bias voltage is 4 V and the tunneling current
is 55 mA. The autocorrelation distance a is 30 nm and the
root-mean-squared amplitude 5 is 1 nm for (a) and 7 nm for (b).
m represents the interface where the roughness is placed.
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higher-order terms and the intensity due to the first-order
perturbation terms:

I.th
—Ii.tR—=

40
(a) m=1

30—
0

20- ~ ~

Figures 3(a), 3(b), and 3(c) show the 5 dependence of R at
the photon energy of 2 eV for the three different locations
of interface roughness (m =1, 2, and 3), respectively.
For m =1 and 2, where the roughness is placed at the
metal-oxide interfaces, R first increases steeply, takes a
maximum value of -0.5, and then decreases slowly with
increasing 5. That is to say, the emission intensities due
to the higher-order terms are at most half of the first-
order perturbation contribution for the roughness at the
metal-oxide interfaces. However, for m =3 it increases
monotonically with the increase in 5, in agreement with
the result reported by Arya and Zeyher. ' The change in
the relative strengths for m =1, 2, and 3 between Figs.
2(a) and 2(b) arises from the diff'erence in the 5 depen-
dence for m = 1 and 2, and m =3.

Figures 4(a), 4(b), and 4(c) show the 5 dependence of
the intensity ratios of the p-polarized light to the s-
polarized light (p/s ratio) at the photon energy of 2 eV
for m =1, 2, and 3, respectively. The emission angle is
60' from the surface normal. The dashed lines represent
the p/s ratios calculated by the first-order perturbation
theory. Since the emission intensities due to the first-
order perturbation term are proportional to 5 for both p-
and s-polarized light, the p/s ratio is independent of 5.

For m =1 and 2 in Fig. 4 the p/s ratio increases first,
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FIG. 4. 5 dependence of the ratio of the p-polarized light in-
tensity to the s-polarized intensity at the photon energy of 2 eV.
m denotes the interface where roughness is placed.

takes a maximum value, and then decreases to approach
the asymptotic value determined by the first-order per-
turbation term. For m =3 it increases monotonically
with increasing 5. By comparing Fig. 4 with Fig. 3 we
see a strong correlation between the 5 dependence of the
p/s ratio and that of the p-polarized emission intensity
due to the higher-order terms.
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IV. DISCUSSION

As we have remarked earlier, first-order perturbation
theory shows that the light-emission intensity due to the
roughness at the metal-oxide interfaces (m =1 and 2) is
stronger than that due to the roughness at the top surface
of the junction (m =3); Arya and Zeyher' found that
the light-emission intensity due to higher-order terms for
m =3 increases faster with increasing 5 than the first-
order result which is proportional to 5 . Thus one might
expect that the light-emission intensity due to the
higher-order terms for m = 1 and 2 could increase faster
than that for m =3 with increasing 5. However, the re-
sult we have seen above contradicts this expectation. In
what follows we will see why we obtained the unexpected
result.

Let us consider the 5 dependence of the light-emission
intensity I„,h. As seen from Eq. (10), it has the following
form:

FIG. 3. 5 dependence of the emission intensities due to the
higher-order terms at the photon energy of 2 eV. m represents
the interface where the roughness is placed.

I„,h=(a5) QF„[1 P(co)]„„'G„—
nn'

(14)
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where F„and G„are independent of 5. Equation (14)
can be expanded into a series of the matrix P (co):

I„,h=(a5) QE„[1+P (co)+P (co)
nn'

+P (co) + . ]„„G„. (15)

d(kii, co)= [ —1+8(kii,z )52] (16)

The first term (unity) and the remaining terms in the
square bracket correspond to the first- and higher-order
contributions, respectively.

From Eq. (12) we see that d(k~~, co) in P (co) has the fol-
lowing 5 dependence:

From the definition of 8 (k~~, z ) in Eq. (16) we see that
8(k~~„, ,d„z ) is proportional to the electric fields of
the upward and downward propagating slow modes of
SPP's,

( k
~~slow mode& ~

~ m + )

1/2
([slow mode &

~ )

4m

(k
~~

io
' 1/2

W~~ (k~~sio„,d„CO)

4~

where 8 ( k
~~,

z ) is independent of 5. Thus the nn ' ele-
ment of P (co) has the following 5 dependence:

P„'„.(di)=ma'5'f k,
~

„„,(k„)
2m. W(((k((, di)

1

—1+8(k„, (17)

where C„n. is independent of 6.
The integrand in Eq. (17) has large values on the

dispersion curves of the surface plasmon polaritons
(SPP's) in the junction. This is because the relation

W~~ (k
~~,

co) =0 (18)

determines the dispersion curves of the SPP's. There are
two modes of SPP in the Al-Ox-Ag junction with a four-
layered structure: the fast mode SPP that is localized at
the top surface, and the slow mode SPP that is localized
across the oxide layer. A numerica1 investigation shows
that the integrand in Eq. (17) has larger values on the
dispersion curve of the slow mode SPP than on the
dispersion curve of the fast mode SPP for any location of
the roughness (m =1, 2, or 3). Thus Eq. (17) is approxi-
mately written

d„,(k((, co lzm, z + )

=d(k(( di)e (kj) oilz —)e (kj( dilz + ) (20)

This expression is a generalization of Eq. (35) in Ref. 14.
By substituting Eq. (16) into Eq. (20) we obtain

d„(k~~, co ~z, z + )

ep, (kj[ dilz —)e (kj) ~lz +)

Since the slow mode SPP is localized across the oxide 1ay-
er, ~8(k~~,i, ,d„z )~ for m =1 and 2 have values larger
than that for m =3. Thus the condition

mode, zm ) I

—1 is satisfied around 5=1 nm for
m =1 and 2, and the emission intensity due to the
higher-order terms (I„,h —I», ) decreases above 5= 1 nm.
On the other hand, for m =3, l5'8(k~~. i, ,d. ,z3)l «1
in the relevant 6 region, because of the weak electric-field
strength of the slow mode SPP at the top surface of the
junction. Thus (I„,h —I„,) increases monotonically as 5
increases.

The origin of the decrease of the light intensity for
large 5 due to the higher-order terms for I =1 and 2 can
be understood in a different manner. The one-photon
Green's function for an n-layered structure with rough-
ness at the mth interface is

P„„(co)=—m.a 5 —1+8(kii,i, ,d„z )5

2
dk)( 4~

kiiC„„(kii) (19)

X . 1

1+B(kii,z )52
(21)

where k~~,i, ,z, is the absolute value of the wave vector
of the slow mode SPP at frequency co, and z is the z po-
sition of the mth averaged interface plane.

Now we can understand the 5 dependence of P„„(co)
and I„,h. When ~5 B(k~~,i, ,d„z )~ ((1 we see from
Eq. (19) that P„„(co)is proportional to 5 . Thus as seen
from Eq. (15) the contribution from the higher-order
terms to I„,h becomes significant when 5 increases. For
the opposite case of ~5 8(k~~„, ,d„z )~ &&1, P„„(co)is
proportional to 5 . Thus the higher-order terms in Eq.
(15) decrease with the increase in 5. Then I„,„ap-
proaches Ii„ for large 5.

We see that the right-hand side consists of two factors:
the electromagnetic Green's function for the n-layered
structure with fiat interfaces [the first curly bracket of the
right-hand side of Eq. (21)] and the 5-dependent factor
(the second curly bracket) which shows the same 5 depen-
dence as the root of P„„.(co). Since the one-photon
Green's function is a mathematical representation of
SPP's, the 5-dependent term in Eq. (21) represents the
dissipation of SPP's due to scattering from roughness.
The cross section of the scattering that is determined by
8(k~~, z ) takes large values for m =1 and 2. Then the
frequent scattering of the slow mode SPP from the rough-
ness at the metal-oxide interfaces results in a large dissi-
pation of SPP s, and this large dissipation causes the de-
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crease of the light-emission intensity due to the higher-
order terms (I„,h —I», ) for m = 1 and 2.

V. CONCLUSION

We have investigated the multiple-scattering effect of
SPP's due to the roughness at the metal-oxide interfaces
in the light-emission process from the M-I-M tunnel junc-
tion. %'e found that the light-emission intensity due to
the higher-order terms (I„,h —I», ) first increases, takes a
maximum value around a half of that obtained by the
first-order perturbation theory I1„, and then decreases
with increasing 5. The large dissipation of the slow mode
SPP due to scattering from the roughness at the metal-
oxide interfaces causes this decrease.
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APPENDIX

(kg c0lz) and E& (kg colz) are two linearly indepen-
dent solutions of the homogeneous wave equation corre-
sponding to Eq. (2). They can be written

expl:i (i)(z z i}j+ -p ' (kii co li)expl: ik (i)(z

where

and

zg )z)z; 1 )

k, (i)=
1/2

Eg CO

2 II

—k

A matrix method for obtaining A&
'

(k~~, coli) and
8„' (kgco I,i ) for an arbitrary n laye-red structure is
presented in Ref. 13.

W' kg, co, e„kg, colz), e„(kg,colz}, f„, and g„are
obtained by a simple extension of the results in Ref. 10.
Thus we present only the final results here. They have
different forms for p- and s-polarized light.

For p-polarized light, we obtain

f4g+ i,

=exp( ——'a k' ' )E (kI) ', c0lz +)'
2h

XE, (kI)", lz +} —akI '

L

2

fkg+2, ~(kI~ ~~I2)

(
] 2k(0) )E ((k(0) &lz )

' 2h+1

XE„(k
I)

', co lz + ) ak
I)

'

v2

281/2M coseo
i — 8 (k( ' coin),

c sin 00

e ' (k' ' colz}=E (k' ' colz)k
II

~ x II
~

II

+iE, '
(kI~ ', colz)z,

where kII and z are the unit vectors parallel to kII and the
z axis, respectively,

fgh+3,

=i exp( 'a k' ' )E——(k' ' colz )*x II
& m+

' 2h+1

XE, (kp ', colz +) akIi
'

V2

f4) +4,

=exp( ——'a k' ' )E (k' ' colz )*
4 II x II

g' m +
2h

XE„(kll colz +) ak
2

f„~(k~),col 1 ) is given by replacing E„' ( kI~
0,)colz +) with

E'(k((, c0lz +»nf„', (kg, c012).

g4h+i, (gg c0I4}

=exp( —
—,
' a Q

~~

)E, ( Q g, co lz )

'2h

xE, (Qg c0lz } agg
2

g4&+2, nl(g)~~~l

=i exp( —
—,'a Qg E, (Qg, colz )'

2h +1

XE„(gg,colz ) —agg
2

(Qg, c014)

=i exp( —
—,'a Qg )E (Qi) c0lz —)

t 2h+1

xE. (Qg, c0lz -} -agg~2

g4. +.,.(Qg, ~14)

=exp( ——a Q)) )E (Q
'2h

xE„(gg,c0lz ) ag~~2
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g„(Q~~,A@13) and g„(Q~~,co12) are given by replacing
E„(Q ~~,

co
I
z ) with E ( Q ~~,

co
I
z ), and replacing

(Q~~ ~lz —)* with E„(Q~~,coIz )*, respectively, in
g„(Q ~~, co14). g„(Q ~~,

F11�) is given by replacing
y

E ( Q ~~,
co

I
z ) and E„(Q ~~,

co
I
z ), respectively, in

(Q)(, ~14).
For s-polarized light,

W(kI", ~)—= ~,(kI~",~)
1/2260 co cos8O=l a, (k',",

I ),
C

e '
(kI~ ', coIz) =E '

(kI~ ', coIz)(k~(Xz),

f4h+&, (kI(",~12)=f4h+z, (k'„',~12)

=f4h+3, m(kI~
' ~12)=o

f4h+4, m(

=exp( ——'a k' )E (k ~ coIz )*
4 II ~ II

& m +
2h

XE„kll '~lz +) —ak
2

g4h+1, m(Q(( ~14) g4h+2, m(Q(( ~14)

g 4h +3, m ( Q
~(

~ ~14 )

g4h+4, m(Q~~ ~14)

=exp( ——'a
Qll )E (Qli'~lz )*

XE (Qii colz ) —aQ
2

' 2h
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