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A consistent theory of two-band self-trapping of electrons (holes) in semiconductors is presented,
in which negative-U centers in the interband (mobility) gap are formed as singlet electron (hole)
pairs self-trapped in atomic soft con6gurations. Both the con6guration softness and hybridization
of the bare single-electron state with extended band states are essential for formation of the self-

trapped states and negative-U centers. The hybridization significantly changes appropriate soft
configurations, introducing additional anharmonic features in the related atomic dynamics. Ex-
amples are mobility-gap states and negative-U centers and the related atomic dynamics in glassy
semiconductors, the properties of which are discussed.

I. INTR.ODU CTION

The type of self-trapping of quasiparticles in condensed
matter, in particular of electrons (holes) in semiconduc-
tors, depends on the properties of both the quasiparti-
cle spectrum and atomic dynamics and of their inter-
actions (see, e.g. , Refs. 1—10). Whatever the origin of
the self-trapping, in most work (see, e.g. , Refs. 1—8)
the essential contributions are due largely to states of
a single energy band, the parent band (e.g. , the con-
duction band, for electrons). In this sense, single-band
self-trapping has been considered earlier, and occurs if
the characteristic total energy gain, the self-trapping en-
ergy WsT (& 0), is substantially less in magnitude than
the interband (or mobility) gap width Es, ~WsT~ && Eg.
A well-known example is polaron formation due to self-
trapping of a localized electron for which coupling to a
harmonic atomic-motion mode (x), characterized by an
effective spring constant (k), is linear in the mode. ~~ In-
creasing atomic displacement in this mode'gives rise to
an increase of the elastic energy (kx ap2/2) of the atomic
configuration and to a competing coupling-induced de-
crease [Bed = ed (x) —ed (0) —Q~x] of the bare single-
electron energy and results in a minimum total energy
of the system which corresponds to an equilibrium mode
position (xq ———Qd/kap) shifted &om the original one
xp = 0 (ap is the atomic length scale, ap 1 A). The
related self-trapping energy of n electrons is

W„= nW and —W = Qd/2kap

with x = —nQg/(kap) for n = 0, 1, or 2, in orbitally
nondegenerate bare-states, if the characteristic self-
trapping energy is small in magnitude,

~
Ws T

~
&& Es The.

energy &ST ——R'g if single-polaron states with positive
singlet-pair correlation energy U & 0 are ground states,

whereas WST ——R'q if bipolaron states with U ( 0 are
ground states. It is worth adding that the singlet-pair
correlation energy

U = W2 + TVp —2R'i + Ug, (1.2)

where Ug is the effective Mott-Hubbard repulsion energy
in the bare single-electron state gd of energy eq. let
us note also that in the semiconductors mainly implied,
typical values of the parameters mentioned are

kap = Mp~ —kpap =—Mp~p —30 —60 eV,

Qq --3—5 eV (Refs. 1 and 5),
(1.3)

Eg = 1 —3 eV and Ug &( Eg, e.g. , Ug & 0.3 eV

(Refs. 12 and 13).
Therefore the mentioned criterion of single-band self-
trapping is expected usually to be satisfied in crystalline
semiconductors.

There are, or actually may exist, however, materials
for which ~WsT~ is comparable to Es For such ma. terials,
contributions from the states of both the conduction (c)
and the valence (v) bands to electron (hole) self-trapping
are essential and hybridization of states in the gap be-
comes important. One may refer to this type of self-
trapping as two-band self-trapping. The theory of two-
band self-trapping is just what is discussed in essential
detail in the present paper (some aspects of the theory
have been noted earlier ( )' ). Apart from the parame-
ters of single-band self-trapping theories [see Eqs. (1.3)],
the theory under discussion contains two additional ba-
sic parameters: the gap width Eg and the effective hy-
bridization energy b, (« Eg). The related aspect of the
theory is introducing the hybridization of states into the
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self-trapping phenomenon, of which E~ and L are char-
acteristic.

The characteristic self-trapping energy Ws~ becomes
comparable in magnitude to E~ if the effective spring
constant k is suKciently small,

iW»i) E, for k&&k, . (1.4)

In this connection, the two-band self-trapping is actually
expected to occur in local atomic soft configurations char-
acterized by soft modes and related potentials with small
spring constants k &( ko. Moreover, the two-band self-
trapping is so strong due to con6guration softness that
it favors formation of self-trapped singlet electron pair
states with U ( 0, rather than of the more usual self-
trapped single-electron (-hole) states with U ) 0, in the
gap. Furthermore, this trend to formation of self-trapped
electron pair states is strongly enhanced by the hybridiza-
tion of states in the gap, which gives rise to double oc-
cupation of even the nominally empty (n = 0) single-
electron energy level sg(x) as it drops and approaches the
valence band (mobility) edge during self-trapping. This
is another aspect which the theory appears to add to the
earlier studies of the self-trapping phenomenon.

As noted, the two-band self-trapping is essentially re-
lated to the hybridization of a bare single-electron (site)
state @g of energy sg with states @; of energy e;, in both
the conduction (@,

'
) and the valence (@,

"
) bands. In

fact the hybridization matrix elements V,p contribute to
the true, renormalized, single-electron state 4'g in a soft
con6guration,

corresponding to the true single-electron energy level Ep
(o stands for the spin projection, cr = kl/2). An impor-
tant characteristic of this self trapping -is the contribution
of the hybridization to 4g,

(1.6)

so that p& ~ 0 as the hybridization becomes strongest,
and p& ~ 1 alternatively (e.g. , with ~C,.& ~

-+ 0 as
Vg -+ 0). Another related characteristic is the true oc-
cupation vg of the bare state @g. Both characteristics
vary with the soft-mode (x) variations during the self-
trapping, the hybridization effects becoming strongest as
sz(x) approaches the appropriate band (mobility) edge.
As noted, the self-trapped state is realized as the equilib-
rium soft-mode displacement is reached in a competition
between the soft-mode potential growth and the bare en-
ergy decrease, the equilibrium displacement being large
due to the mode softness.

The main problem of the theory is to describe the ba-
sic properties of two-band self-trapping, in particular,
the behavior of p& and vg, as the soft-mode displace-
ment increases to the equilibrium value. This problem
is eventually reduced to calculations of the related soft-
configuration adiabatic potentials 4 depending on the
soft-mode displacement, as the bare level eg is occupied

by n electrons. For the sake of simplicity, the bare state
@g is assumed to be orbitally nondegenerate, so its nomi-
nal occupation n = 0, 1, or 2. This appears to be relevant
for the amorphous (glassy) semiconductors mainly im-
plied, because of their lack of symmetry. Another prob-
lem is to calculate the self-trapping energies W' and the
singlet-pair correlation energy U and to 6nd whether the
hybridization effects actually favor formation of singlet-
pair self-trapped states with U & 0, i.e., of negative-U
centers, as noted above.

Most important examples of systems exhibiting such
two-band self-trapping are glassy semiconductors, largely
the chalcogenide glasses like g-As2S3 and g-GeS2, which
are mainly implied in what follows. In these materials,
the actual mobility-gap states are commonly considered
to be singlet electron (hole) pair states with negative
correlation energy, or negative-U centers, as assumed in
Refs. 11 and 14 and applied in a series of papers for in-
terpreting a large variety of experimental data (see Ref.
15). In the theory under discussion, the gap states in
glassy semiconductors actually are shown to be negative-
U pair states, with typically large ~U~ Es/2, in accor-
dance with earlier assumptions. ' This holds because
(W2~ ) 2~Wq~ + Ug for the characteristic values noted in
Eqs. (1.3) and (1.4), and because the related characteris-
tic value [U~ = [W2~/2, with [W2~ close to Es. The latter
is related to the hybridization-induced repulsion of the
true single-electron level oR' the valence-band edge, as
demonstrated in direct calculations (Sec. IV). Then
the spectral and thermodynamic properties of the pair
self-trapped states are found to be similar, in some re-
spects at least, to those of the negative-U centers intro-
duced in Refs. 11 and 14 as also follows &om calcula-
tions (Sec. V). The apparently con8icting models~~ ~4 in
which, respectively, discrete or continuous features of the
gap spectrum predominate, may be considered in a sense
as limiting cases of the present theory. In this respect
the theory of two-band self-trapping may also contribute
to the physical insight into the problem of electron gap
states and related properties of glassy semiconductors.

It is worth adding that the basic concept of the soft-
configuration model of glasses ' ' " is that soft con-
figurations with a relatively high atomic concentration
cg ( 10 (rather than c~ & 10 as earlier assumed), are
characteristic of a glass. Moreover, the related soft modes
are shown to be actually slow, corresponding to low effec-
tive &equencies, and the related potentials exhibit anhar-
monic features and generate low-energy excitations re-
sponsible for the universal low-temperature properties of
glasses (see, e.g. , Refs. 9 and 18). Then correlations may
be expected between the low-temperature properties and
the electron properties determined by negative-U centers
in glassy semiconductors.

Another example of two-band self-trapping may be
related to deep soft defects in narrow-gap semiconduc-
tors (perhaps, like PbTe:In, exhibiting peculiar electronic
properties; see, e.g. , Ref. 19).

Two principal factors are taken here into account to-
gether in the self-trapping problem:

(i) Hybridization of the bare state gg with extended
states @;of both bands, largely the nonparent band (e.g. ,
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the valence band for electrons), in the gap;
(ii) Anharmonicity of the substrate atomic soft config-

uration.
The resulting properties of the self-trapped states and

related local atomic dynamics are found to substantially
differ in some important respects &om those of single-
band self-trapping in a harmonic lattice. The purpose
of this paper is to develop the theory which gives a de-
scription in essential detail of two-band self-trapping in
soft configurations and of the related local atomic dy-
namics, particularly in glassy semiconductors. The basic
properties only are discussed, whereas concrete related
phenomena will be discussed elsewhere.

Actually many data concerning thermal equilibrium
and steady-state phenomena may be qualitatively inter-
preted within the &amework of the well-known "chemi-
cal" or "defect" model of negative-U centers, ' which
is related to discrete features of the gap spectrum. On
the other side, non-steady-state effects in these Inaterials
rather reflect continuous features of the gap spectrum,
which are basic in an alternative model of negative-U
centers. In this respect, it seems important to derive
these models as limiting cases of the theory of two-
band self-trapping, which is intended to be done else-
where. Therefore only general experimental findings, like
electron-hole symmetry in the characteristics of negative-
U centers and the coexistence of discrete and continuous
features of the gap spectrum, are discussed and no de-
tailed comparison of the theory to the large variety of
data available for glassy semiconductors is given in this
paper.

The basic relations and approximations of the model
system under discussion are presented in Sec. II. The
total electron energy and the related adiabatic potentials
are analyzed in Sec. III. The main results of numer-
ical calculations and analytical approximations for the
characteristics of two-band self-trapping are discussed
in Sec. IV. In these calculations appropriate parame-
ters of the theory characterize the hybridization of states
(V;g) and electron-mode coupling. Microscopic calcu-
lations based on explicit expressions of the bare states
(@g,g;) and hybridization matrix elements (Vg), even for
the glassy semiconductors implied, are beyond the scope
of this paper. The density of states of the ground self-
trapped states and low-temperature thermal equilibrium
properties of negative-U centers, including the mentioned
electron-hole symmetry and coexistence of discrete and
continuous features of the gap spectrum of glassy semi-
conductors, are considered in Sec. V. Concluding re-
marks in Sec.VI summarize the results described and con-
cern some other effects (and approaches) in the theory of
two-band self-trapping.

Electron self-trapping is mainly considered in what fol-
lows, whereas hole self-trapping is siinilar (with trivial
substitutions of the valence-band characteristics for the
conduction-band ones and vice versa).

II. MODEL: BASIC RELATIONS AND
AP PROXIMATIONS

The quantum-mechanical system under discussion con-
tains electrons characterized by a two-band energy spec-

trum, including energy levels in the interband (mobility)
gap, which interact with atoms moving in soft con6g-
urations, their soft-mode potentials. The model takes
into account interactions with a single most important
atomic-motion mode x while interactions with other mo-
tion modes are neglected as less important. This approx-
imation not only simplifies the theory, retaining the basic
features of the two-band self-trapping, but is relevant for
soft con6gurations in glasses.

The Hamiltonian of the model can be described as
follows:

H(x) = V t(x) + II.i(x):—V, (x) + H~, ~ + H.i, (x),

(2.1)

where Vt(x) is the substrate soft-configuration poten-
tial energy, H,

&
is the Haldane-Anderson Hamiltonian

introduced in a different context in Ref. 21, and H, ~

characterizes the electron —soft-mode interaction.
It is shown in the soft-configuration model that actu-

ally a single soft mode x is important for the local atomic
dynamics and the related soft-mode potential energy for
not very large displacements ~x~—:~u~/ap & 1 can be
approximated as follows:

Vt A(qx +(x +px ), (2.2)

where A = koao/2, ko ——Mo~p2, and p = 1. Generally
speaking, the substrate potential energy (2.2) is anhar-
monic, with the basic parameters g and ( of either sign
(q ) 0 or g & 0, ( ) 0 or ( & 0) and small in magni-
tude ()g~, ( ) &( 1, e.g. , (~i1~, ( ) & g* 0.1. The re-
lated effective spring constants k are small, k « kp (e.g. ,
k = kop « ko at 0 & g « 1) and typical displacements
~x~ may be rather large, (x~ & 0.1 —0.3, whereas large
k = ko»d ~~~ll ~x~ && 1 are characteristic of normal
harmonic single-well potentials V t Agx2 —= kx2a2p/2 at

1. Both single-well and non-single-well soft mode po-
tentials (2.2) are available. Single-well potentials occur at
9( /32 & i1 (& 1, and are quasiharmonic for g separated
from the curve g = 9( /32 by a gap sigiuficantly exceed-
ing the important parameter gL, = (h /2MpapA) ~

10 of the soft-mode dynamics. ' However, essentially
anharmonic potentials are characteristic of the alterna-
tive range of iv & 9( /32 ((& 1), a true double-well po-
tential with a pronounced interwell barrier for g ( 0 and) 3gl, while an intermediate, strongly anharmonic
one for ~i1~ & 3gl. , e.g. , ~g~ & gl, .

For disordered systems like glasses, g and ( are random
quantities which obey a probability distribution density
I" (g, (), exhibiting its highest maximum at g = g 1
(and ( = $ « 1) for the overwhelming majority of
atoms in quasiharmonic single-well potentials. Generally
speaking, the parameter A in Eq. (2.2) is also a ran-
dom quantity, as well as the effective mass Mo of atoms
cooperatively moving in the soft mode (see, e.g. , Refs.
9 and 17). Commonly, however, a representative aver-
age value A is used, corresponding to an implied nar-
row distribution, with the typical value koao = 30—60 eV
mentioned above. Two limiting types of I" (g, (), and in
this sense of glasses, may be expected, depending on the
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properties of the basic interatomic forces. One, Ei(g, (),
exhibits analytical (not necessary monotonic) behavior
near g = 0, E(g, () Ep ——const g 0, for variations(x)

(8g, b(() ) & g, , l l'i whereas the other, E2(g, (), con-

tains a nonanalyticity of the type E2(g, () = Ig[Epl l with

E~~ = const for the noted variationsi~ [the variation
scale g, of E(g, () in g and (2 exceeds qg, with typical

0.1 » gg]. For real glasses one can assume ~'l that
E(il, () = ciEi(g, () + c2E2(g, () with 0 & ci 2 & 1 and
ci+c2 ——1, so it is qualitatively similar to Ei(g, (), rather
than to E2(q, (), near g = 0, at actual not too small ci.
Although the difFerence between Eq and E2 may be re-
Qected in some properties of the anharmonic soft-mode
dynamics, it is not essential in the two-band self-trapping
(as results &om the following calculations) and therefore
can be neglected.

The Hamiltonian (see also Ref. 22)

E (e& (E or(o) Ec+ ~o(o)

P.(~' ' Q ) =g (' ')P. (Q.)

Here E„ is the valence-band (mobility) edge and the typ-
ical magnitude of the single-band self-trapping energy
Wp Qq~/2kpap 2(& Eg.

Generally speaking, the bare single-electron energy
level sg = sg(z) s& —Q~z and hybridization matrix

elements Vg = Vg(x) V& + Q;gx are random quan-(o)

tities depending on x, and obey appropriate distribution
densities Pp(e'&, Qg) and Pi(V&, Q;g). It is assumed(o) (o)

for disordered systems like glassy semiconductors that

HP, =—H.i(x =0) =) s;n; +) s~'in'

+—Ud ) nd ild + ) {V&& ix- d + H.c.)
cr ger' 2 i'

(2.3)

H.)., (x) = b,sg(x) ) ng

+ ) (EVjs(z)a, d+ H.c.j, .(2.4)

with Asg (x) = sg (x) —e'& —Qgx and A V;g (x)(o)

Vg(x) —Vg(0) Q,.gx in the usual linear approxima-
tion. The higher-order expansion terms [e.g. , up to z4,
as in Eq. (2.2)] can be accounted for approximately by
renormalizing the parameters of Vi(z) without essen-
tial changes in the estimations (e.g. , g ~ g + Ag and
( -+ $+ b,( at IAgI IA(( )I & Q~/A && 1).'" The
bare electron state @g is considered (as well as in Ref.
21) as a localized state of which the reference energy level

= eg(x = 0) belongs either (mainly) to the gap or(o)

to the conduction band not too high above its (mobility)
edge E.:"

takes into account hybridization of the bare localized
state [g&, s& = a'g(x = 0)] in a reference (x = 0)(o) (o)

atomic configuration, with the band states (g;, s;), where

n~~ = a, a~~, j = i or d, ay~ = d~, and (a. , a&~)
are the electron operators. Coulomb interactions of elec-
trons in band states with each other and with electrons
in the localized state (gg), as often, are not taken into

A

account explicitly in H, &. These interactions and the as-
sociated polarization of the configuration environment by
a true local charge appear to reduce the bare Hubbard
energy to the e6ective parameter Up, with, as noted in
Eq. (1.3), typically relatively small values in semiconduc-
tors, Ug && E~.

Finally, the electron (hole) —soft-mode interaction con-
tains contributions both diagonal [As'g(x)] and nondiag-
onal [AVg(z)] in the local electron state,

and that Pp i (Q) and gi (Vz ) are narrow distributions

around the respective average values (Qg, V,.& ), whereas
—(o)

the bare density of states gp(e'& ) usually varies weakly(o)

around E, and. steeply drops in the mobility gap for E-
& mq, the band-tail width. Since the displacements

z may be of either sign, the parameter Qg can be chosen
positive without loss of generality, 0 & Qz & D„e.g. ,

Qg 3—5 eV. The width of the conduction (D,) or
valence (D„) band actually exceeds E~ noticeably for the
semiconductors in question, e.g. , D „=5—10 eV && E~ =
1—2 eV. It is also expected that, generally speaking,

IQ'~ I
= IQ,'i" I

& Q~ = Q« = Qgg (2.5a)

and for the valence ("nonparent") band

IV,.~ "I g 0 while V,.~
' = 0 (2.5b)

U = 42(x2) + 4p(Xp) —2@i(xi) = U(g, (). (2.6)

A related problem is to calculate the self-trapping ener-
gies

W„= C„(x„)—C „(0)= W„(q, (), (2 7)

which are negative as self-trapping occurs. The poten-
tial extrema (minima, maxima), including the equilib-
rium self-trapping displacements x along the mode x,
are found as usual &om the equation

for any given random configuration, as long as the bare
state @g originates from the conduction band (i.e. , it is
not a true defect state).

As noted in Sec. I, one of the essential problems in
this theory is to calculate the correlation energy U of a
self-trapped singlet electron pair state in a soft atomic
con6guration and to find out whether and under what
conditions U is negative for the system under discussion,
for which hybridization of states is essential or even deci-
sive. The correlation energy can be expressed in terms of
adiabatic potentials 4 (z) of the configuration distorted
at self-trapping in the bare state, for difFerent nominal
electron occupations n = 0, 1, or 2:
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d@„(x)
dx

x = x„=x„(q,(). (2.8)
Here

&exc &exc

I Ed-(*) —&d'
I

(2.9)

Equations (2.6)—(2.8) take into account the adiabatic-
ity of the self-trapping electron motion with respect to
atomic motion in the slow soft mode x, as the related
parameter

1H 1[s V'd] = H 1[s V d) 'Ud ) nd nd
cr go'I

1bE= —Ud ) vd vd
2

CJ QCJ

H, ((x) —= H, )[sd(x), V;d(x)]

= HHF(x) =—H, ([s'd (x), V;d(x)] —bE. (2.io)

for actual large equilibrium displacements lxl = lx~l
1 and low energies s,„, ((( Ru~) of the soft-mode
excitations. ' However, since V;g depends on x, the true
occupation of the bare level is also a function of x, so
the adiabaticity of the atomic motion (x) with respect to
variations of the electron state occupation often supposed
for single-band self-trapping (see, e.g. , Ref. 11) does not
hold precisely.

The Green's function method is applied and the total
electron energy E,

&
(x) of the system (2.1) is calculated,

in the Hartree-Fock mean-field approximation taking into
account the Hubbard interaction. Then the total electron
Hamiltonian in (2.1) is approximated in a standard way
as10,21

sd'. = sd'. (*) = «(x) + Udvd, --(x)

is the efFective single-particle energy level substituted for
the bare energy level sd in H, ~(x), so that HHF(x) is bi-
linear in the electron operators, whereas vd (x) is the
true occupation of the bare state (@d) with spin pro-
jection o (= +1/2). This approximation is assumed to
be relevant, since in the semiconductors in question the
Hubbard energy Ug (& E~, ' while the resulting pair
correlation energy U is negative and much larger in mag-
nitude, lUl Eg, for most pairs in the soft configurations
in question. In the Green's function approach the elec-
tron energy contribution E!&

l (x) to the adiabatic poten-
tial 4 (x) and the bare state occupation vd are described
by the following relations 10'21

d(u ~sr rlmGd~d~ ((u) [1 —dZ'd(~)/d(u] —bE, (2.11)

and

d~n. 'ImGd~„l ((u).

vd(x) = ) vd~~

vd-(x) =—(nd-(x)) =
(R„)

(2.i2)

Zd = Zd(~, x) = ) lVd(x)l (~ —E, )
2

dE'4 8'q Cd Gd —8' (2.i4)

is determined by the efFective hybridization energy

Here (R ) stands for the range of energies u of the nom-
inally occupied states only, and the following formula is
applied:

dZ'
TrG~ l(~) = G~„l( ) 1—

dhJ

d
ln (cu —sd —Zd) .efF

b, (s, (u) = go (s) l
V (s', (u; x) l

= A (s, (u; x), (2.i5)

0 ( pd2 (x) = d(ver 'ImGd~dl(~)

with Xr~2Vd(x) = V(s, u;x), K the total number of
atoms, and go(s) the bare electron density of states
(DOS). Moreover, an important characteristic of two-
band self-trapping is the degree of hybridization of the
bare state with the band states:

In Eqs. (2.11) and (2.12),

Gdd'( ) = (@dlG"( )l@d) = [ —&d. —~d]

l(
z'd

ll
d~ )

(2.16)

is the respective diagonal matrix. element of the Green's
function operator for the Hamiltonian (2.10), whereas the
self-energy

The degree of hybridization pd (x) is the probability to
find the bare state electron in the cloud of the true state
4'd [Eq. (1.5)] with energy Ed in the gap. In particular,

(x) 0 corresponds to nearly complete hybridization
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at large displacements ixi 1 and p& (x) 1 to negli-
gible hybridization at small ixi. The true, hybridization-
renormahzed single-electron energy level E'g = Eg (x)
is the pole of Gzz (u; x) in the (mobility) gap and can es-

sentially differ from the effective energy level sd (x) for
large displacements ixi 1:

E~- —s~".(x) —~~(E~-) = o

where Z&(w) = Rejig(w) while Z&(u) = ImZg(u) = 0
for E:—0 ( u = Eg & E = Eg. The last relation
in the right-hand side (RHS) of (2.16) just follows from
Eqs. (2.13) and (2.17).

Then the problem of the two-band self-trapping char-
acteristics and related hybridization effects is reduced
to calculations of E,i (x), E~ (x) and v~(x), pd (x), as
well as of x (q, (). The basic parameters of the the-
ory, besides those for a reference (x = 0) configuration,

(s& /Eg, Ud/Eg, A(s, cu;x = 0)/E~), are also soft-
mode-related characteristics~

4 (s, cu; x) /Eg, Qg/Eg, A/Eg (2.18)

The calculations are performed by applying the follow-
ing approximation for A(s, ~; x):

A(s, ~; x) = A„(x)0(s —E„')8(E„—s)
+A, (x)0(E,' —s)0(s —E ) (2.19)

&.,-(x) = ~IV'~(x) I'ao(E. ,-)
= iv, i'/D. „=0.01-0.1.V

(& E, =1-3 eV, (2.20)

with Vg = Vi& i, ~Vi[ 0.3—0.5 eV, and go(E „)
1/D, „, 5 & D, „&10 eV.

III. TOTAL ELECTR.DN ENEH. CY

As noted, hybridization of states significantly infiu-

ences the total electron energy E,i
) (x) of the system in

Here 8(z) = (1 at z & 0; 0 at z & 0), while A„,(x)
are, generally speaking, x-dependent characteristics of
extended states of the valence and conduction bands,
with E„'—:E„—D, E,':—E + D, and D the band-
widths. The approximation (2.19), taking into account
the gross features of the two-band single-particle energy
spectrum, assumes that the dependence of 4 on e, the
band state energy, does not afI'ect the qualitative features
of the self-trapping in question and the related estima-
tions. Moreover, hybridization of the bare electron state
(sg) with the gap states (w) far from the edges (E „) is
shown to be also relatively unimportant for the quali-
tative features of the self-trapping, so the cu dependence
of L may be neglected for the estimations as well. In
fact, the important variations of both r near E „and w

in the gap are small in the sense that (R', bw} « Eg and
(hs, Std) « D, „ for the D, „and Eg implied. Typical
values of A, „(x) can be estimated as

question. The hybridization of the bare state (g&) is taken
into account not only with the nonparent band states but
also, under self-trapping (x g 0), with the parent band
states, the eKciency of hybridization depending on the
position of the bare energy level s~(x) in the gap. If the
level is far from the band edges E „,

& «I"(*)-E.
,-I «E,

the interactions of the bare state with the band states
are not essential and the true occupation vg of the self-
trapping state within the mobility gap is close to its
nominal occupation n. However, the situation changes
drastically as the bare level approaches a band edge
or penetrates a band. If the energy level sg(x) is lo-
cated within the conduction band [sd(x) & E,], the hy-
bridization of the state gg with unoccupied conduction-
band states gives rise to such an electron (or electron
pair) state, which mainly consists of the conduction-band
states, rather than of the state @g. Therefore, as fol-
lows from Eq. (2.12), the true occupation of the state
g~ becomes close to zero, vg 0, independently of its
nominal occupation n, actually due to the well-known
quantum-mechanical dispersion of the wave packet in the
conduction band. . A similar situation takes place when
the bare level sg(x) appears within the valence band
[sq(x) & E„] The di.fference is that hybridization leads
to almost complete occupation of the state @g by two
electrons coming &om the valence-band states, so that
vp 2, independently of the nominal state occupation
n. Essential changes Lvg = vg —n in the state occupa-
tion occur within an energy range around the appropriate
band edge, of which the width is of the order of magni-
tude of the efI'ective interaction energy A. Since actually
A/Eg « 1 and Ug/Eg « 1, simple approximate rela-

tions can be derived for the electron energies E,i (x) of
the system, taking into account the obvious expressions
characteristic of the hybridization-&ee case:

E(,")(x) = nod(x) + Ug8„2. (3.1)

In this connection let us assume, for the sake of sim-
plicity, that the hybrid. ization generates abrupt changes
in the state occupation as the energy level sg(x) crosses
a band edge with increasing soft-mode displacement. As
just noted, if the energy level sg(x) is located in the con-
duction band [sz(x) & E,] and the state gg is singly oc-
cupied (n = 1), the true occupation of the state becomes
close to zero, vg 0, and the electron occupies the band
bottom, E i (x) E,. Then the true and nominal occu-(1)

pations nearly coincide (vg n 1), if E„&s'g(x) & E,
so the relation (3.1) at n = 1 is still applicable. On the
other hand, if sg(x) is located within the valence band,
the true occupation vg 2, so the relation (3.1) may be
applied for n = 2. In a similar way the cases of other
nominal occupation can be described. The approximate
expressions for E,i (x) follow:

E(o)
( )

E(~=o) at s, (x) & E„=0,
2eg(x) + Ud at ed(x) & 0;

(3.2)
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at s~(z) & E.:—E„
E~,'1(z) = s~(z) at 0 & s&(z) & E„

[ 2sg(z) + Up at sg(z) & 0;
and

(2) 2Eg at ~~(z) & E„
2"(*)+ U. - "(*) (3.4)

E~", 1(x) = ——) P (~, x)d(u
VB

cr (occupied)

Eg (x) —hE, (3.5)

1
vg (x)—:(ng ) = — d(u

VB

dP ((u;z)
d,.ir(' )

+ ~~.(*)

(3 6)

In accordance with the note above, it is taken into ac-
count that E,i (x) = nEg, if cg(z) & Eg )) Ug. The(n)

expressions (3.2)—(3.4) give a simple qualitative picture
of the electron energy changes under self-trapping. This
is supported and. quantified by the results of numerical
calculations presented and discussed in the next section
for actual positive soft-mode displacements which corre-
spond to s'q(z) approaching and penetrating the valence
band, i.e. , to s'g(z) & Eg in Eqs. (3.2)—(3.4). Although
the hybridization energy 4 is finite and therefore the
related changes in the state occupation are continuous,
the latter indeed are rather sharp for actual A/Eg, the
sharper the smaller b, /Eg.

The expressions for E,
& (x), as well as for the other

characteristics Eg (x), v~, and y&2 (x), and for the equa-
tion determining the equilibrium self-trapping displace-
ments, which are applied in the numerical calculations,
can be derived in the approximation (2.19) from Eqs.
(2.11)—(2.17). It follows that (see also Ref. 10)

with E,'—:E +D, E„'—:E„—D„,E = 0, and E, = Eg.
The integrals in Eqs. (3.5) and (3.6) are taken over the
energies (u) of the (fully occupied) states of the valence-

band, and the reference energy for E,i (x) is the total
energy of the unperturbed, hybridization-free, valence-
band states.

The first terxn in Eq. (3.5) characterizes the decrease
of the total valence-band energy due to the hybridization
of states, while the first term in Eq. (3.6) describes the re-
spective change in the true occupation of the bare single-
electron state. The second term in Eqs. (3.5) and (3.6)
corresponds to the energy of the occupied energy levels
Eg (z) and to the related contribution to the occupation
of the bare state, respectively. Note that the conduction-
band states only slightly contribute to E,i (x), v~ (x),
and p& (x), i.e., to Zq(u = E~~), as long as Eg~(z) ap-
proaches E„and sg(z) penetrates the valence band at
large displacements ~z~, 1 & ~z[ & xg ——Eg/Qg. In this
actual case (see Sec. IV) implied in what follows, the ex-

pressions for E,i" (x) and p&2 (x) can be simplified, withio

Eg (z) ——) P (~, z)d~ = s'„(z)
7t VB

(3.10)

- —1

&~.(z) = 1 + E ( )
(3.11)

The latter correspond. s to practically complete hybridiza-
tion with the valence-band states at 0 & E~ (x) & b,„
and to negligible hybridization at E~ (x) sz+(z) ))
A, in agreement with the corresponding note in Sec. II.

As noted above, applying quantitatively more ad-
equate expressions for b, (s, w; x) is not expected to
give rise to essential changes in the basic features of
E,i (x), Eg (x) and v~ (x), p& (x), althogh quantitative
corrections may occur.

(u —sq~(z) —Z~(u); x)
(~; x) = —+ arctan "„' . (3.7)

2

Here the self-energy

IV. BASIC FEATURES OF SELF-TRAPPED
STATES AND RELATED ATOMIC

DYNAMICS. FORMATION OF NEGATIVE-U
CENTERS

E1
Zg((u) = a„(z) ln " + b,.(z) ln

C

+i sr A„(z)8(E„—(u)0((u —E„')

+b.,(x)8(u) —E,)8(E,' —(u)

and

+ L„D„'"-"= '+(--E)(--E)
L,D+ (E. —~)(E.' —~) E„(~=E&.(~)&z.

(3.8)

(3.9)

Equations (2.8), with Eqs. (2.12) and (3.5), and also
Eq. (2.17) have been numerically solved and the basic
characteristics (3.5), (3.6), (3.9), (2.6), and (2.7) have
been calculated for the self-trapped states at equilibrium
soft-mode displacements z (i1, (), for difFerent nominal
occupations n = 0, 1, or 2 of the bare state. In what fol-
lows the main results are presented and discussed. The
situation is considered in detail for the case of a nomi-
nally free bare state (n = 0), which exhibits in a most
pronounced way the basic features of the self-trapped
states and the related atomic dynamics. Hybridization
eKects, giving rise to these features, actually are strong
just for the substrate soft configurations (2.2) of which
anharmonicity limits the equilibrium d.isplacements to
realistic ~z„(g, ()~ & 1. Characteristic values (g",(")
of the soft-mode parameters (g, (), which mark essen-
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tial changes in the bare state occupation vg and related
atomic adiabatic potentials (atomic dynamics), are also
calculated. However, analytical approximations for esti-
mating (g„",$„**)can be obtained only for quasiharmonic
soft configurations belonging to the range of (g, (), actu-
ally at 1 )) xj )) gl, (since most important contributions
come froxn ( = (, the mean value, which is small, (2 &( 1,
and practically can be chosen ( = 0).

It is worth noting that two-band self-trapping is re-
alized as long as the bare electron energy level sd(x)
cq(x) —Qqx moves toward and penetrates the valence,
nonparent, band with increasing soft-mode displace-
ments x () 0), and strong hybridization of the elec-
tron state with the valence-band states occurs at large
enough positive equilibrium displacements x„(i7,() 1.
The soft-mode asymmetry (() in Eq. (2.2) does favor
x ) 0 and x (xl, () ) 0 at ( ( 0 while it does not
at ( ) 0. Therefore a finite subrange of (xI, ( ) 0)
may exist, in which x„(g,() ( 0 and s~(x) moves to-
ward (and may penetrate) the conduction, parent, band
and hybridization with these band states becomes strong.
Self-trapping in such soft con6gurations does not con-
tribute to the two-band self-trapping under discussion
and is a special type of single-band self-trapping which
does not favor formation of negative-U centers. Numer-
ical calculations of x„(g,() show that such a subrange
A2 of (g, (), although finite, is small compared to the
main subrange Ax of (i7, (), which corresponds to two-
band self-trapping with large x„(i7,() ) xg = E~/Qd
and e'g(x ) & 0 & s'd(0) Eg. As shown in the next sec-
tion, only the contribution of the main subrange Aq of
(g, () to the electron density of states (DOS) and thermal
equilibrium statistics of the system under consideration
is important. In this connection in what follows we focus
on the two-band self-trapping and related soft modes in
the main subrange Ax of their parameters (i7, (). In fact,
as seen in Sec. V, only a small part of this subrange A~ is
important in thermal equilibrium properties, and corre-
sponds to quasiharmonic single-well soft-mode potentials
(2.2 ), at 1 &) g )& gl, . However, the whole subrange Ax,
including anharmonic non-single-well soft-mode poten-
tials, and the related spectrum of self-trapping energies
W (g, (), pair correlation energies U(xI, (), and atomic
adiabatic potentials C„(x;g,() are considered in what
follows, since those may be important for nonequilib-
rium properties of the system. An example is a corre-
lation between photoinduced electron efFects, associated
with generation of negative-U center excitations (pho-
toluminescence, photoconductivity, etc.), and changes in
atomic structure (photostructural changes ' ), in atomic
soft-mode potentials and low-energy dynamics, as well as
in the associated low-temperature properties, of glassy
semiconductors, which will be discussed elsewhere.

Three most important efFects can be revealed, which
are due to hybridization of states in the gap and are char-
acteristic of the two-band self-trapping and the related
spectrum of W (g, (), U(x1, (), and C' (x, g, () under con-
sideration.

(i) As the electron level s'„(x) = eq(x) + Uqv(g, — (x)
approaches under self-trappixig the (mobility) edge E„,
increasing hybridization of states gives rise to repulsion

1.5 I
—- —--- bare
———effective

true

w 0.5

0
0)

-0 ' 5

0.1 0.2 0.3 0.4 0.5

FIG. 1. Dependence of bare [eq(x)], effective [ez (x)], and
true [Eq (x)] energies on x at rz = ez /Eg = 1, Qq = 4;(o) (0)

V. = 0 = Qg( &, g Qg() = 0.5, N V.
& &

—0.2, i.e.,

Q„= 0.01, Ug ——0.15, and. D„= 5, with E~ taken here as
the energy unit (the same set of parameters is used in the
subsequent figures).

of the true level Eg (x) off E„. As seen from Fig. 1,
hybridization is negligible as s& (x) is far &om E„=0,

0(Eg (x) &E and vg~ (x) 1. (4 2)

In fact, the efFective electron-mode coupling energy

Qz (x) can be defined, for large displacements and(eff}

Eg (x) close to E at least, as

as follows &om Eqs. (2.16) and (2.17). As seen,
Qz' (x) « Qg and p& (x) = 1—vg (x) « 1 for large [x[,
in accordance with Eq. (3.11). The essential decrease of

Q& (x) can be considered as the ultimate cause of repul-(eff}

sion of the true energy level ofF E„. It follows from Eqs.
from Eqs. (2.17) and (3.8) that Eg~(x) approximately
approaches the (mobility) edge E„ in an exponential way,

jef
Eg (x) = D„exp (4 4)

for [s„'ff[ = -c„'ff )) A.
(ii) The hybridization of states also is responsible for

an increase of the bare state occupation &om the nomi-
nal n = 0 to the true occupation vq~ ) 0 (Fig. 2). This
corresponds to a change in the equilibrium self-trapping
displacement from xp 0 to a fixiite xp g 0, as follows
&om Eq. (2.8) and discussed also below. Solutions of Eq.
(2.8) are illustrated in Fig. 3 for difFerent possible values
of the substrate softness parameter x1 and for ( = ( —0
corresponding to the main maximum of the distribution
density I" (x1, (). A single solution xp ——xpi 0 only oc-
curs for large enough g & go = g' 0, at weak hybridiza-

Eq (x) c& (x) )) b, and v& (x) = 1 —pd (x) « 1,

(4 1)

whereas it becomes decisive as e'&ff(x) approaches E„and
penetrates the band, s&ff(x) & 0. In the latter case,
Ed, (x) is stopped near E„,
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2

O

1.5
C
O

t

O
O~ 0.5

~x~ && 1] but finite, and then increases with growing ~x~

up to xG2 xg, due to increasing contributions from
extended valence-band states. The resulting self-trapped
pair state is still localized, but its efFective size p increases
as compared to the bare state size pp (1—2)ay, ay being
the average nearest neighbor separation (aq 2.0 A.). A
rough estimation of p/po can be obtained from Eq. (3.11)
and the approximate relation

0 t

0 0.1 0.2
X

0.3 0.4

FIG. 2. True occupation of the defect state at difFerent
nominal occupations as a function of x.

Po

(xo2) dr 4vrr ]4'g (r~x: xone)]
G

1 f2pol'
6k~) (4.7)

tion, with vg~(xoq) = 1 —
p& (x) = A/Eg && 1. However,

an additional solution xp2 g 0 appears for smaller rI & rlo,
for a large displacement ~xo2~ xg = Eg/Qe & 1, which
corresponds at Grst to a metastable minimum and, for
still smaller rl, to an equilibrium (absolute) minimum,
as discussed below. Thereby, the efFective electron level
s&+(x) reaches E„and penetrates the valence band, the
true level Ed, (x) is repelled off E„, and nearly com-
plete hybridization occurs, p& (x) « 1, so xo2 should
be close to the equilibrium self-trapping displacement xq
for a nominally doubly occupied state (n = 2) in the
hybridization-free case:

(4 5)

for soft enough configurations.
The characteristic value gG, corresponding to appear-

ance of an infiection point for @o(x;g), is found to be
0.08 for the representative values of the parameters

used in the calculations. A value gGh 0.10 close in scale
to gG follows Rom the approximate expression

d
77Gh + ~ 0 ~ 1

A
(4.6)

obtained in the harmonic approximation.
It is worthy of note that self-trapping of the nominally

free state (n = 0) is entirely determined by hybridization.
The latter originally is weak [vg (x) b, /Eg « 1 for

0.5

x- 04
ground-state

———metastabie

0.3
O

o 0.2
CL
g$
E 0.1

E 0 *4 *

-0. 1

-0.2 -0. 1 0 0.1 0.2 0.3

FIG. 3. Minima positions of the adiabatic potential i'o(x)
depending on the softness parameter g (for the same set of
parameters noted in Fig. 1 and A = 40, g = ( = 0, as also
used in Figs. 4—9 and Figs. 11—13).

with 4g~ (r ~xo2) = Cg exp ( r/p) —and
Cp exp ( r/po), —so that

1 & p/p, —[1+b, /E,.(x„)]'~' & 5 (4 8)

for realistic not too small Eg~(xp2), 1 & A/Eg (xp2) &
10 .

The related effects of the true single-electron energy
level E~ (x) being repelled off the valence-band edge E„
and of the increase of the bare state occupation may be
interpreted as follows. The true occupation vg (x) with
increasing ~x~ changes &om n = 0 to vg = 1 due to
contributions of the valence-band electrons which How
into the region of the bare state, strongly interacting
with the soft mode. Thereby, in accordance with the
behavior of the total electron energy, the bare level eK-
ciently drops and penetrates the valence band, effectively
as sg(0) —v~Q~x at vg ~ 2. However, the contributions
of the bare state to the true, hybridization-renormalized.
state 4'g are characterized by p& (x) ~ 0 for the large
displacements ]x] -+ xo2. This may correspond to the
fact that the true energy level, as a solution of the efFec-
tive Schrodinger equation (2.17), behaves in such a way
as if it is unaffected by the true occupation of the bare
level, and may be characterized. by the nominal occupa-
tion which is zero in the case in question.

(iii) A competition between an increase of the sub-
strate atomic potential energy and an electron energy
gain due to growing hybridization, with increasing ]x~,
can generate for sufBciently soft substrate con6gurations
additional anharmonic features of the adiabatic potential

4o(x) = Vt(x) —Ug [vg (x)]' —2 Eg (x) —s'„(x)
(4.9)

C'o(xone —0) 2K ln (D„/Eg)
C o(xo2 x2) 2' —Q~/Arloq + Ug,

and thus of the related local atomic dynamics. A signa-
ture of the potential anharmonicity is softness and/or ap-
pearance of an extra potential minimum as a metastable
one for an excited self-trapped state at g ( gG, and then
as a lowest-energy minimum for a ground state at smaller
rI & rlo" & re « 1 (Fig. 4). The value go* 0.01 is found
for the representative values of the parameters. An ap-
proximate expression of gG& for a harmonic substrate fol-
lows &om
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FIG. 4. Dependence of the adiabatic potential 40(x) on x
for different values of the softness parameter g.

FIG. 6. Self-trapping energies: dependence on the softness
parameter g.

1.e.)

op~ = Qd/A(2Eg + U~) (4.10)

fore,

42(x) = V g(x) + Ug + 2sg(x) (4.11)

so that mph = 0.05 is not far in scale from gp" (cf. Ref.
10).

One can conclude that the lowest-energy minimum po-
sition of the adiabatic potential depends on the value of
q/gp*, unlike the universal single minimum at xp ——0
for single-band self-trapping. For g & go*, the electron
ground state related to the lowest-energy potential min-
imum at xo2 x2 is the self-trapped state for a singlet
electron pair Ivy(xp2) 2], so the self-trapping rather
requires overcoming the interwell barrier. It is seen that
actually go* is rather small, so the related extra anhar-
manic features appear for soft enough con6gurations oc-
curring in a glassy semiconductor.

The situation shown in Fig. 5 for a nominally singly
occupied state (n = 1) is similar to that for n = 0. The
main difference is that the respective gz and gi

* are larger
and characteristic of more numerous and less soft con6g-
urations: m~ & ~o»d %* & ~o', at ~x'
g,* - 0.12 & g,' - 0.08 and g,** 0.05 & go* 0.01.
Of course, in this case self-trapping occurs even without
hybridization although the latter changes it substantially
for soft enough configurations.

The situation is essentially different for a nominally
doubly occupied bare state (n = 2) which is weakly sen-
sitive to hybridization, since it is 6lled originally. There-

C'2(x2) 2sd + Ug + W2,
(o) (4.12)

as if the influence of the valence-band states vanishes.
Then the adiabatic potential has the same structure as
the substrate one V t(x). For instance, it would be har-
monic, with

W2g = W2g(x2) —Qq/Arjap (4.13)

at x2 Qg/Ag if Vg(x) Agx2.
The hybridization-induced changes in C p (x) and

@q(x), as well as in x„, for the lowest-energy minima,
give rise to significant deviations of the total electron en-
ergies E,&" (x), self-trapping energies W„(n = 0, 1), and
the pair correlation energy U in Eqs. (2.6) and (2.7) from
the standard formulas

Wp ——0, Wg ——W2/4 = —W = —Q„/2ka,
E,)" ——n(s~ —Qgx) +b„2', and U = —2W+ Ug

(4.14)

for single-band self-trapping in a harmonic substrate con-
figuration V q(x) Agx2 = kx a2p/2. In Eqs. (4.14)
U decreases linearly with R and is negative for k

Qd/2Ugap ( kp. The deviations of Wp, Wq, E,&" (x)
(n = 0, 1), and U from Eqs. ( 4.14) are schematically
shown in Figs. 6 and 7. Those become essential for small
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FIG. 5. Dependence of the adiabatic potential 4'q(x) on x
for different values of the softness parameter g.

FIG. 7. Total electron energy gain E,I . dependence on x
for different nominal occupations.



52 THEORY OF ELECTRON TWO-BAND SELF-TRAPPING IN. . . 2567

enough g & g&* as the electron ground state, nominally
singly occupied (n = 1), is related to the extra minimum
at xi ——xi2 x2 for 4i(x) and is actually doubly occu-
pied [vg(xi2) 2]. This behavior might be illustrated for
self-trapping in a harmonic substrate configuration with
W2g &om Eq. (4.13),

rations (i1 ( rjo*), whereas the anharmonicity itself does
not. A quantitative difference exists between U p in Eq.
(4.17) and the true lowest value U of U for self-trapping
in anharmonic configurations, which is, however, rela-
tively small, so that

0 & U g —U &( IU ~I, i.e. , U Eg—/2, (4.]8)
Wi ——Eg —4W+ Ug = W2(x2) + Eg + Ug & 0,
U„=4' —U„—2E, & O,

4.15 as seen &om Fig. 8 as well.
It is worth adding that the behavior of U(rI) and its

hybridization-induced features, as also the scale of the
magnitude, do not essentially depend on whether V,.&
0 or Viz) is finite (e.g. , IVY&)IN = IViI & 1 ev) in

V;q(x) = V~&)+Q;dx, as shown in Fig. 9. Presumably this
holds because of the relatively large magnitude Ix2I 1.

It follows from the above that the hybridization of
states in two-band self-trapping in general changes the re-
lationships between E~ (z„) and W„(r), () (n = 0, 1, 2),
as well as the behavior of U(i), (), compared to those
for single-band self-trapping. The difference is minor in
the subrange of not very soft configurations at 1 ) q &
pi* & go* and ( = ( = 0, in which actually the substrate
soft-mode potentials (2.2) are quasiharmonic. The devia-
tions, however, become essential for softer configurations
at r) ( i)i' and even more at i) & go* (& i)i*), for which
the substrate potentials are rather anharmonic and even
non-single-well, e.g. , double-well ones. Then in the sub-
range of (rI, () at 1 » g & pi* and ( = ( 0, in which U
is close to its lowest value U, U = U Eg/2, an a—p-
proximate electron-hole symmetry exists, as introduced
for single-band self-trapping in an earlier theory, in the
sense that

for qoz & rI & i)iz at Ir)I « 1 and typical sz ) E—:Eg
[with accuracy to sinall corrections O(b, /Eg)]. In Eq.
(4.15), Wi decreases linearly with W r) i, whereas
the negative U passes through the lowest value U g at
g = gz&, increasing in the range go& ( g ( g&&. Further
decrease of ri (& qoz) changes the lowest-energy minimum
position for 4o(x) &om xp = zpi 0 to xp xp2
zi2 z2, so that [with accuracy to small corrections
o(+/Eg)] @2(x2) —c 1 (z12) —C 0(z02)

(4.16)Ug & —b, , i.e. , IUs,
I

& A « Eg.

In fact, U asymptotically tends to zero, not becoming
positive, at g ( go&. Then the negative correlation en-
ergy U exhibits a nonmonotonic dependence on TV, and
the lowest value

U, l
U ~ = Ua(ni~) = —-Eg

I
1+ (4.17)

U() E/2 U( ) (4.19)

with accuracy to small corrections & A/Eg « 1,
& Ud/Eg « 1, and I+UI/Eg « 1, with AU
Eg/2. Correspondingly, with the same accuracy, the pair
self-trapping energies also exhibit this symmetry in the
sense that

~2e — Eg —~2h q (4.20)

0.1

is actually close to, though slightly less than, ( Eg/2)—
for E, » U~ IU-~l = E./2.

&s noted above, the basic features of U(rI) shown in
Fig. 8 (solid line) for self-trapping in anharmonic sub-
strate configurations (2.2) are similar to those of the non-
monotonic dependence Ug(i)) from the formulas (4.15)—
(4.17). On the other hand, even in the absence of hy-
bridization, the behavior of U(g) shown in Fig. 8 (dashed
line) for the self-trapping in the anharmonic configura-
tions with double-well potentials is similar to that de-
scribed by the solid line in Fig. 8 and by formulas (4.15)—
(4.17). This similarity can be interpreted to mean that
hybridization effects give rise to anharmonic features of
the same type as the original anharmonicity of Eq. (2.2).
The difference is that hybridization prevents occurrence
of positive correlation energies for anharmonic configu-

0.2
anharmonicity+hybridization——anharmonicity without hybridization

0
Q)

g) -0.1

O
~~ -0.2
Q)

o -0.3

-0 4
-0.3 -0.2 -0. 1 0 0.1 0.2 0.3 0.4 0.5

7l

FIG. 8. Dependence of pair correlation energy on the soft-
ness parameter g for diferent cases.
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Yl

FIG. 9. Variations of the pair correlation energy be-
havior for diferent dependence of the hybridization en-

ergy on the soft-mode displacement x. Curve 1:

Q,q~„) = 0.5. Curve 3: N V,.~& )
——0, Q, s~„) = 0.5. (The

other parameters are the same as in Fig. 3.)
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although 1/4 & ~Wq/W2~ & 1/3, rather than W2 ——4'
for single-band self-trapping in a harmonic lattice. This
kind of symmetry is important since just the subrange
of (g, (), in which the relations (4.19) and (4.20) hold,
determines the principal spectral and thermal equilib-
rium properties of the gap states. That is why the earlier
theory of the gap states in soft configurations, though
applying relations of single-band self-trapping theories,
still might approximately be used for interpreting ther-
mal equilibrium properties of negative-U centers in glassy
semiconductors.

c„=c(') + c(") (5.6)

atn= 1 orn=2, where

c("")= dg d d~"g' "' ~")

(5.7)

and the Gibbs occupation factor

The concentration of the positive-U or negative-U cen-
ters is

V. DENSITY OF STATES AND THERMAL
EQUILIHRIU'M PROPERTIES

AT LOW TEMPERATURES

n —E ~" gP„(sq~, g, () = Z g„exp " " ' ', (5.8)

For the semiconductors under discussion (e.g. , for
glassy semiconductors) for which the electron subsystem
is not excited, the principal spectral characteristic of the
gap states, their density of states (DOS) per particle

g(E) &( ) (E) + g( ) (E) (5.1)

n=O

go
——g2 ——1, and gq ——2 (5.9)

(e, h) (E) (e, h) (E) + (e, h) (E) (5.2)

additively contains electron (e) and hole (h) contribu-
tions of both single-particle states of positive correlation
energy U (positive-U states) gz" (E) and singlet-pair
states of U & 0 (negative-U states) g2

' (E). The re-(e,h)

spective expressions are as follows:

In what follows low temperatures T are only implied
[(o = ((T = 0)» T ~ 0] and temperature-dependent
e8'ects, in particular in c, are not considered in detail in
the present paper. Some approximations are introduced,
which may simplify the discussion and are justified below
by calculations concerning in particular the electroneu-
trality equation

(e,h) (E) ds(o) ( h)( (0))
(e) (() (h) (() (5.10)

xS(&,g)S E —E,(.„(";&,g), (5.S)
for an actually intrinsic glassy semiconductor. As also
may follow from general qualitative arguments, the
electron-hole symmetry in Eqs. (4.19) and (4.20) corre-
sponds to g near the midgap E = Eg/2,

(e,h) (E) d, (o) (,h), (o)

xP(g, ()h E —E2(sq~ .
, r), ()/2 (5.4)

E. = O, E,(.(";&,g) =.(')+ W, (~, g) —W, (~, g),

E2(sd, q, () = 2sz + W2(g, () —Wo(g, () + Uq,

with the total energies of the system nominally occupied
by n = 0, 1, or 2 electrons (or holes) being

( = (, =—((T = O) = E,/2+ ~g = E,/2» ~~(~. (5.»)
It is also taken into account here (see below) that

g(&) = »(&) » ~~(&). (5.12)

E2,(ez, g, () = 2sz, + W2, (g, () —Wo, (g, () + U„'
=2(, =Eg (5.13)

In this connection most important (e'&,' rj, () obey, e.g. ,

the equation

so

dqd(I" (r), () = 1, gp(s~())ds~() = l. (5.5)

The DOS g(E) determines both the total concentra-
tion of the self-trapped states and the related thermal
equilibrium properties, such as the concentration c2 of
the occupied negative-U pair states, or negative-U cen-
ters, and the position of the chemical potential (, or the
Fermi-level (o (at low temperatures T -+ 0), in the gap.

for actual

Therefore,

~, —(W, —W, )
(o)

(e)W2, —Wo, + U~' —(Wg, —Wo ) & 0
2

—Wo
I

& 21 W& Wo I + Uz' .
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2g —E2
Z 1+exp )& 2exp (5.14)

gp (sg ):gp exp(e) (o) (E.—s„"l
(~) )

for the low temperatures in question. It is worth not-
ing that the subrange ( 5.13) of (g, () still corresponds
to small @p(xp 0) —A « ~U

~
E~/2, not much

dig'erent from the situation for negative-U centers in the
mentioned earlier theory applying the relations of single-
band self-trapping.

In the approximation (5.11) and (5.14) the total low-
temperature concentration of negative-U and positive-U
centers in the gap,

ci~i = ci + C2 ~ c2 = c2 + C2 )) ci + ci, (5.15)(e) (h) (e) (h)

and cq can be expressed in terms of g2 (E) and
(0).(t.(s~, n, (), e.g,

x8(E —xx ) y tx, a(xx —E)),,

(5.19a)

F(n () = Fp(i)) exp
C)7 —i7)

' r'$ —(')
r

(5.19b)

Here gz, i,
= gp" (E, „), n, i, = const, il 1, ( « 1;

Ag and A( stand for the respective distribution widths,
and

ds~gp(s& )@(s& )
(e) (0) (0)

dEg2, (E)$2,(E) . (5.16)
OI

Fp()7) = Fp = const

Fp('g) = ~v)~C'p, @p = const (5.2o)

Here

q( (o))

$2,(E)—:$2, (E2/2) = 1 —(j&2i (E)
(o).—:P,.(s,'; )7, ()

1+ exp '—

with E = E2(s~();g, ()/2, so

(5.17)

$2, (E) = 1 —$2i, (E) m 0 for

while

P,.(E) -+1 for

2E = E2(sz, il, (),
so that

at T —+0.
Numerical calculations of Eqs. (5.10) and (5.15)—(5.17)

justify the relations (5.11)—(5.14). The calculations were

carried out by finding s&
——f (E, )7, () &om the definition

of E,

for the two mentioned limiting types of F(r), () at ~i)~ && 1
in the soft-configuration model (see, e.g. , Refs. 9 and 16).
The constant Fp (oi' Cp) as well as ratio n, /n&, can be
estimated by taking into account the normalization Eqs.
(5.5), actually with n, = ni„and i0," are the band-
tail widths, mi" /Es « 1, e.g. , xiii" /Ez 0.1. The
variation scale hi7 of F(q, () in i) for ~g~ && 1 is

b~ = (a~)'/2q = o.1 - (a()' (5.21)

for typical soft-mode concentrations cg 10 in glasses
(see Sec. I). The parameters in the calculations include
both the basic parameters of the theory [Eq. (2.18)j and
those introduced in Eqs. (5.19)—(5.21).

The results of the numerical calculations for
g(E), c2(g), and ( are presented in Figs. 10—13 and
discussed below. At least qualitatively and in order-of-
magnitude estimates, the DOS g(E) around the midgap
and the related thermal equilibrium properties do not
change at typical variations of the parameters in Eqs.
(2.18) and (5.19)—(5.21) and of the type of Fp(i)) in Eqs.
(5.20). The results are weakly sensitive to the type of
Fp(g), since quasiharmonic soft modes with not very
small ~g~ )) gL, 10 mostly contribute to the proper-
ties under discussion (see also below) while the difFerence
in Fp()7) is important here for very small ~)7~ & g~.

Rough estimates also show, and it is implied in what
follows, that other realistic approximations of gp(sz )
and F(il, ()/Fp(g), e.g. ,

gg(E) = )( dq dgF(g, ()Q(i7, $; E) (5.18) gp (s„)= gp, exp(.) (0) (E.—.,"l
(~)

with gp(s„)—:Q()7, (;E).
The bare DOS gp(G'& ) of the two-band system and the(0)

distribution density F(g, () are approximated by often
applied Gaussian-like functions:

xH(E, —~x ) + a,9(xx —E,) ),
do not give rise to essential changes in the qualitative
behavior and order-of-magnitude estimates of the DOS
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FIG. 10. Partial DOS's (per particle): g (E') for elec-
trons (solid line) and gi, (E) for holes (gii, =- gi'iz ——0.1,
a 2 = nh, = 1, ri = 1, ( = 0, Ail = 0 4, A( = 0 3;
other parameters are noted in Fig. 3). For gi, (E): solid line
in the symmetric case (all the parameters are the same as
for electron states), dashed line at Q&

——3, and dotted line
at A„= 0.1 (other parameters are the same as for electron
states).
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g(E) and thermal equilibrium properties under discus-
sion compared to the results of calculations presented in
Fig. 10.

As seen, the symmetric shape of g(E) = gq(E) around
E at complete electron-hole symmetry (X, = Xh with
X = Qg, gp, toi, n, and Ug) is weakly distorted at real-
istic non-symmetric values of the parameter X, with de-
viations &om symmetry less than 10% in accordance with
Eqs. (4.19) and (4.20). The largest deviations are associ-
ated with variations of the parameters Q~ and 4, whereas
variations of the other parameters give rise to smaller de-
viations not exceeding about 1% in magnitude. It follows
also &om the calculations that the variation scale bE for
g(E) around E much exceeds toq, bE Es/2 » tot, , ie.
the variations of g(E) at E E are much slower than
in the band tails. Indeed, since most of the soft modes
(2.2) are quasiharmonic at 1 » g » rll, Eqs. (4.14) and

FIG. 12. The truncated sector A = Ai + A2 in the (il, ()
plane, in which the electron negative-U centers exist at T = 0,
for actual ez, 1 (for the same set of parameters noted in
Figs. 3 and 10).

(5.13) give rise to

bE = bgkpapQ~ (sd(
) + Ug/2 —E)

Eg 0 1A Eg Eg—'- —'&)~~
2 Qd, Qg 2

(5.22)

for typical bg 0.1 g* and, as shown below, c&
E, E E. This means that the variations of g(E) at
E = E are due to variations in g, rather than in r&
Moreover, even the lowest value gl, of g(E) g2(E), at
E = Ei. —E, is very high compared to the corresponding
value of the bare DOS,

gp(E) (( gi, = g2(EI, ) = g2(E) ( 10 (5.23)

10

o 10

0
0 3

x10
CO

In this connection, a rough estimate gl, cgfi corre-
sponds, for typical cg 10, to an effective concentra-
tion of the related tail states in the gap ft ( 10,which
does not seem implausible in scale in a glassy semicon-
ductor.

Actually, the electron (and hole) negative-U centers
are formed, with their Fermi level position near E, as
long as the conduction-band split DOS g2, (E) for elec-
tron pairs and the valence-band split DOS g2h(E) for

-0.5
-0.4 -0.3 -0.2 -0. 1 0.1 0.2 0.3 0.4

10
0.4 0.6 0.8

( /E

FIG. 11. Dependence of the singlet electron pair energy
E2, (e~; g, () on the soft configuration parameters (il, () at im-
portant e&, l.

FIG. 13. The Fermi level position for the negative-U cen-
ters, in the mobility gap, as found from the electroneutrality
equation (the same parameters and notations as in Fig. 10).
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hole pairs are overlapped in a noticeable energy range
LE ff & bE around the midgap. As long as the overlap
occurs, electrons &om the valence-band split DOS How

to and occupy the pair states in the DOS g2, (E) below g,
whereas holes occupy the pair states above (. This redis-
tribution gives rise to formation of electron (E2, & 2()
and hole (E2i, & 2t,') negative-U centers in the gap. The
overlap indeed takes place, since for the actually im-
portant sg, E„sgh, E„assumed (see below) and
U = U = —Eg/2, Eg/2 & 2)Wi) & 2Eg/3,

E 2E +2W +U(')+U„

& 2( & E2i, 2E„+.2Wi + U" + Uq (5.24)

(it is taken into account that Wo = 0 for the implied
U = U, i.e. , g & gi" & go"; see Sec. IV).

The total subrange (g, () for soft modes at (~q~, (2) &
0.1, in which electron negative-U centers are

formed, can be found from the mentioned relation

E2, (sd, g, () & 2( Eg (5.25)

for the actual variety of c& in question. However, as

noted (and justified below), the bare energy level e'&

lies near E in the actual cases with g E—:Eg/2,
Ee—:Eg. For such e&, the variation of E2,(o) (o)

with i1, found from numerical calculations for different (,
is shown in Fig. 11. As follows for ( & 0, Eq, —2Eg
monotonically decreases with decreasing g, because of
complete hybridization with the valence-band states for
small enough g. In contrast, a nonmonotonic dependence
of E2, on g is rather expected at ( & 0, as long as com-
plete hybridization with the conduction-band states oc-
curs at v2 —0 —vo C'o(xo) 0, and 42(x2) 2E~, so
that E2, increases with decreasing g and approaches 2Eg
at small enough g.

Then the equation E2,(E,; g, g) = E~ has a single real
solution gi(() at ( & 0, whereas two real solutions gi 2(()
with gi((, ) = g2((, ) occur at 0 & ( & (g') ~ & (,
(and no real solutions exist at ( & (,). The related
subrange of (q, (), at (~g~, ( ) & g* is the truncated
sector A = Aq + A2 in Fig. 12, which mainly corre-
sponds to ( & 0 and thus to positive equilibrium soft-
mode displacements x (g, () & 0. The latter just give
rise to the two-band self-trapping and negative-U centers
in question. Those, however, do not occur in practice for

f & 0 and related negative displacements x (g, () & 0, for
which complete hybridization of the electron bare state
with the conduction-band states actually takes place in
the soft con6gurations, corresponding to wave-packet dis-
persion in the conduction band. In this case v2 0 vo,
Oo(xo) 0, and @2(x2) 2Eg, the state being almost
nonoccupied, and the relation (5.25) does not hold. Actu-
ally, a kind of single-band self-trapping occurs for $ & 0,
which is not important in the characteristic truncated
sector A = Aq + A2 and therefore not considered in what
follows.

The question is what are the (g, () in the character-
istic range (A) which correspond to the states occupied
by singlet electron pairs, i.e., to the electron negative-

U centers? The integrand in the corresponding inte-
gral of Eq. (5.16) exhibits a pronounced maximum at

0 and q „g,~(s&, () for an actual(o)—
I"(q, () steeply decreasing around g 1 and ( 0. In

fact, dF(g, ()/dp & 0 while d$2, (E~., q, ()/dg & 0 as

2E = E2,(s&, p, () increases with p and d$2/dE & 0,(o) —
~

so g „ is found &om E2, (s'&', g, () = 2g. For inost soft(o).

modes which are quasiharmonic, Eqs. (4.14) give rise to

( l (~(ol. () ( l(s(ol. q)

= (q")'/A(E + U") (5.26)

for the mentioned characteristic values of s& and g,

which, Rom the calculations (see below), are e& E,(o)

and ( E = Eg/2 The .related estimates of csT~ ~
and

c2e ale

c2 go (E )E(g ~ 0)$2 (i7 ir
O' E )

(e) (e) (e) +Eeff
g

= 0 Ig2e(E.efF) & 1o & csT(,) g2e(Eefr)
-4 (2) (5.27)

with b(/Eg = 0.1 « E (Fig. 13), so that

g, ir = g,ir(eq ——E,( = E) Qd/AEg, (5.29)

with accuracy to corrections b, /Eg « 1, mt/Eg « 1,
and Ud/Eg « 1, just as assumed in Eq. (5.11). The above

calculations are self-consistent, if the most important e&
are close to the parent band edge. Indeed, the integrand
go' (s'~ )@,(e'& ) in Eq. (5.16) exhibits a rather sharp

maximum at s& E„since, e.g. , dgo (s& )/de& & 0(o) . (e) (o) (o)

while dg, (s& )/de& & 0 in the gap. The resulting pair(o) (o)

correlation energy

U"" =U~""l(E' =E g=/"" (=0)
U~""l Eg/2 — (5.30)

with bE,~ & bE, Pq, (g,&, 0; E,)bE,~/Eg = 0.1, and

g2, (E,ir) = gL, = 10 at E,g = E2(E,;g,~, () = E.
In fact the integrand g2, (E)$2,(E) in Eq. (5.16) ex-
hibits a pronounced maximum at E „-E,ff, since
dgq, (E)/dE & 0 while d$2, (E)/dE & 0, with $2, (E,g) &
0.5 and bE,g/Eg & 0.5 .

The substrate anharmonicity and hybridization lead to
relatively small deviation of g „(z&,() &om g,ir(s~, ()
at s&

——E, and t,
' = E.(o)

As follows &om the above, the main contributions to
c~~'l come from a small spot in the sector A of (g, (),
which corresponds to soft-mode equilibrium displace-
ments x~' (g

' „,(,ir = 0) = 1 and is marked in Fig. 11.(e) (e)

The situation for hole states is similar. Thus negative-U
centers are largely formed due to two-band self-trapping
at large soft-mode displacements x2 = 1 and strong hy-
bridization of the defect states with the nonparent band
states.

Solving Eq. (5.10) numerically gives rise to

(=E+b( E=Eg/2 (5.28)
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is characteristic of most negative-U centers, as long as

Es/2 )) U&" . It is worth adding that ~U, tr~ varies with
increasing band-tail width and the width of I" (rI, (), but
the variations are relatively small as the width remain of
the same scale.

With Eqs. (5.28)—(5.30), the relations (4.19) and (4.20)
still hold so the discrete levels

E„=E —v/Wi/ or E„=E„+v(W, ( (5.31)

with v = 1, 2, 3 and Es/4 & (Wi[ ( Eg/3, ~Wg(

Es/4 (( Eg, are characteristic of the gap spectrum and
coexist with the continuum spectrum DOS g(E) gz(E)
around E = E. In other words, coexistence of continuum
features and discrete levels, which is found in experiments
to characterize most negative-U centers in the mobility
gap of glassy semiconductors (see, e.g. , Refs. 9 and 20)
can also be established in the theory under discussion, in
a rather natural way.

VI. CONCLU SIONS

A consistent theory of two-band self-trapping of elec-
trons (holes) in semiconductors is presented in detail, in
which negative-U centers in the interband (mobility) gap
are formed as singlet electron (hole) pairs self-trapped
in substrate atomic soft configurations. The latter ap-
pear to be characteristic of glasses, and possibly of some
types of defects in crystalline lattices, and exhibit an-
harmonicity, each in a single soft motion mode. Both
the softness of the configuration (motion mode) and the
hybridization of the bare electron (hole) state with ex-
tended states of the nonparent band are essential for for-
mation of the self-trapped states and negative-U centers.
The hybridization significantly changes the soft substrate
configurations, introducing extra anharmonic features in
the related atomic dynamics, i.e., giving rise to an addi-
tional softness and adding or subtracting one minimum in
their adiabatic potentials. The resulting electron (hole)
pair correlation energy U is basically negative and for
most negative-U centers comparable in magnitude to the
gap width, ~U~

—Es/2. The dependence of U(rI) on the

configuration softness (rt) is nonmonotonic and exhibits a
deep minimum with large magnitude ~U

~
Eg/2 char-

acteristic of the negative-U centers. For the latter, the
DOS is rather high, gz(E) & 10, and determines the
position of the low-temperature Fermi level ( near the
midgap E = Eg/2. The related low-temperature concen-
tration of negative-U centers is relatively high, c2 & 10
corresponding to a low electron spin resonance (ESR)
signal and to the Fermi level pinning observed in glassy
semiconductors. The high susceptibility of soft configu-
rations and related negative-U centers to external fields
like hydrostatic pressure in the semiconductors in ques-
tion gives rise to significant eR'ects, which are predicted to
be considerable even at not very high pressures p = 104—
105 bar and still finite gap width, and will be discussed
elsewhere (see Refs. 9 and 28).

The earlier models of negative-U centers in glassy semi-
conductors are characterized either by a continuum gap
spectrum and high DOS gz(E) 10 and c2 10
(see Ref. 11) or by quasidiscrete levels —E —vEg/4 at
v = 1, 2, 3 in the gap with a much lower c2 & 10
The theory under consideration, as well as the earlier
theory of negative-U centers in soft configurations, es-
tablishes the coexistence of both continuum features of
the gap and discrete levels E„=E —psp at Eg/4 &( Eg/3 in the gap, as observed in thermal equi-
librium and nonequilibrium phenomena in glassy semi-
conductors. In this connection, the earlier models of
negative-U centers in glassy semiconductors ' ' may
be considered as limiting cases of the theory in question
with gz(E) & 10 and cz & 10
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