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Infrared reAectivity of La2Cuo4. . Anharmonic shell-model analysis

S. Koval and R. Migoni

(Received 8 September 1994)

The infrared reflectivity (IR) of La&CuO4 is calculated by means of an anharmonic shell-model (SM)
theory developed recently. The phonon frequencies and eigenvectors are taken from a SM fit of the ex-
perimental data in the principal symmetry directions. The phonon linewidths I are obtained first from
the anharmonic terms of the potentials determined by fitting the phonon frequencies. The correspond-
ing IR spectra show fairly good agreement with measurements, but this is remarkably improved by suit-
ably varying the anharmonic terms. The frequency dependence of I explains certain shapes of the
reflectivity bands, which led to erroneous assignments of phonons in a previous analysis of the spectra
with ad hoc fitted I . The measurements show a low-frequency shoulder of the IR band corresponding to
the stretching mode in the Cu-02 plane ( = 672 cm ). We conclude that this feature cannot be inter-
preted as a peculiar shape of the band due to the frequency dependence of I, and should be ascribed to
an additional IR-active, possibly polaronic excitation.

I. INTRODUCTION

Since the discovery of the high-temperature supercon-
ductors (HTS) many eForts have been made to under-
stand their physical properties as well as the pairing
mechanism which leads to superconducting states with
high critical temperatures. ' There is a justified consensus
that in the high-T, cuprates the strong electron correla-
tions in the Cu-0 planes are most relevant to the physical
properties, including the pairing mechanism. However,
the contribution of the electron-phonon interaction is not
fully clarified and there are several effects which ap-
parently require this interaction to be understood. In or-
der to assess quantitatively the importance of phonons
and their interactions with electrons it is necessary to
perform detailed calculations with realistic models.

From the lattice-dynamical point of view, the cuprate
superconductors behave in general as ionic compounds in
spite of the covalent character of the basal plane bonds.
For LazCu04, neutron diffraction measurements of pho-
nons in all the principal symmetry directions were fitted
accurately with a shell model (SM). However, the size
and quality of the single crystals, strong anharmonicity,
and the interpretation of measurements in the ortho-
rhombic phase were serious complications which led to
an erroneous analysis of the data. Further measurements
and a very careful analysis allowed confident determina-
tion of phonon frequencies, which showed important
differences with the previous ones. This last set of data
was well fitted again with a shell model.

The infrared reAectivity (IR) spectra of La2Cu04 have
been measured with the incident radiation polarized
parallel ' (xy spectrum) and perpendicular (z spectrum)
to the Cu-02 planes. The xy spectrum is expected to
show four bands of maximum reAectivity corresponding
to the four IR-active E2„modes with xy polarization.
However, only three of these bands are observed, which
led to several spectulations. One of these was that the
missing band is overlapped either with the one centered
at =180 cm ' or with the peak at =360 cm '. Another

interpretation was that this phonon is located in the low-
frequency range and is out of the measuring range. In
Ref. 7 it was concluded that the missing band most prob-
ably corresponds to an apex bending mode with small os-
cillator strength and overlaps with the dominant phonon
at =140 cm

The lattice dielectric response of La2Cu04 was recently
calculated with a harmonic SM, but the model parame-
ters were fitted only to the Brillouin zone center modes
and ad hoc values of the phonon linewidths were used to
fit the experimental reAectivity data. The last point
seems to be crucial in explaining both why a fourth band
is missing in the xy spectrum, and several details in the
shape of the reAectivity bands.

In the present paper we calculate the far-infrared opti-
cal reAectivity using a SM with two-body central poten-
tials for the short-range interactions, which gives a good
description of the measured phonon dispersion in all the
principal symmetry directions of tetragonal La2Cu04.
The TO phonon linewidths I .(co) are calculated by using
an anharmonic SM perturbation theory, ' which we pre-
viously applied successfully to obtain the optical zone-
center phonon linewidth and line shift in silicon. " The
anharmonic terms in the expansion of the model poten-
tials are tested by using them in the expression for I'J(co).
However, the IR spectra are better adjusted by suitably
choosing the anharmonic force constants.

II. THE MODEL AND RESULTS

We use the SM cited above to calculate the frequen-
cies and eigenvectors of the infrared-active modes. The
linewidths of these phonons are calculated using the per-
turbative formalism for an anharmonic SM described in
Ref. 11. We considered the third-order force constants
arising from the derivatives up to third order of both the
short-range and Coulomb potentials.

The total crystal potential developed up to third order
in the core and shell displacements is then written as fol-
lows
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FIG. 2. The analog of Fig. 1 for the exciting field along z.
The experimental data are from Ref. 8.

the SM potential parameters as previously explained.
The values of the third derivatives of the potentials are

given in the upper row of Table I. The overall agreement
with the experimental spectra is much better than in the
previous SM calculation with ad hoc values of the damp-
ing parameters. All refIectivity bands are fairly well
reproduced. The calculated high-frequency dielectric

constants e„„(ac) and e~~(00 ) turn out to be low com-
pared with the experimental values, as can be seen in
Tables II and III. This reveals that the electronic polari-
zability is not fully described in the present SM and this
is responsible for the low value of the calculated
reAectivity compared with the experimental data at high
frequencies, as it is seen in Figs. 1 and 2. According to
our calculation, the xy spectrum shows only three
reQectivity bands because the oscillator strength S„„(2)is
two orders of magnitude smaller than that of the other
three E2„modes (see Table II). This fact is also revealed
by the dielectric function e „(co) in Fig. 3. Re[E„„(co)]
exhibits a very small peak at =168 cm ', and also a
weak structure appears at this frequency in Im[e„, (co)].
The mode j =2 involves bending of the Cu —apex 0
bonds produced by the vibration of the apex oxygen sub-
lattice parallel to and against almost rigid Cu-02 planes.
As argued in Ref. 7, the weak oscillator strength of this
mode is related to its resemblance to the silent mode in
the ideal perovskite structure. In Fig. 1, the shift of the
first peak to lower frequencies in the calculation is equal
to the di6'erence between the SM frequency of the lowest
E2„mode and the neutron diffraction data (see Table II).
The little shoulder appearing in the calculation on the
right side of the second peak, at =400 cm ', is due to
the frequency dependence of I 3(co). This feature appears
also in the experiment, and was wrongly Gtted with a
fictitious phonon at 400 cm ' by the procedure based on
the oscillator model.

In the z spectrum (Fig. 2), the broadband between
=230 and =450 cm ' arises from the large LO-TO split-

TABLE II. Frequencies of the transverse (co, ) and longitudinal [co, (LO)I modes, oscillator strengths
S „(j), and linewidths at the mode frequency I ~(co, ) of the xy-polarized E2„modes. The values of
I, (cu~) corresponds to the fitted anharmonic parameters in the second row of Table I. The dominant
contributions to I J(mj. ) are given in the last column, where C denotes the Coulomb interaction. co and
I are given in cm ' and S in cm . The calculated and experimental values of the high-frequency
dielectric constant e ( ~ ) are also given.
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TABLE III. The same quantities as in Table II for the z-polarized A 2„modes.
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ting of the A2„mode 2 in Table III. The sharp depres-
sion of this band at =330 cm ' led wrongly to the assig-
nation of a phonon by the oscillator fit of Ref. 8. This
depression should be ascribed actually to a peak in the
linewidth I z(co) as a function of frequency. This is plot-
ted as a dashed line in Fig. 4. We observe a peak at
=400 cm ', and a depression of the calculated band
(dashed line of Fig. 2) is seen around the same frequency.
There are three z-polarized A 2„modes which are allowed
to contribute to the z spectrum. However, only two
bands are observed, and this is also explained by our re-
sults. In fact, a look at Table III reveals that the oscilla-
tor strength of mode 1 is so weak compared with the oth-
er two A2„modes that it does not give any contribution
to the reAectivity. It also does not show up in the dielec-
tric function e„(co), plotted in Fig. 5. This mode is
roughly a vibration along the z axis of apex oxygen and
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La ions against the Cu-02 planes. The third peak of the
xy spectrum comes out too high in the calculation with
the SM potentials, while the intensity of the broadband in
the z spectrum turns out to be rather weak. %'e ascribed
these failures of the model to the phonon linewidths aris-
ing from the third derivatives of the short-range poten-
tials. Therefore we determine these five values such as to
reproduce the intensities of the five bands in the xy and z
spectra. The resulting parameters are given in the second
rom of Table I and the corresponding spectra are plotted
with solid lines in Figs. 1 and 2. We observe drastic
changes in all these parameters, particularly the sign
changes in the Cu-Oxy and La, -O, third derivatives.
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that other interactions than anharmonicity may play an
important role. This interpretation is supported by the
observed bleaching of the stretching mode in photoin-
duced carrier experiments. ' We note that previous
electron-phonon models' predict the mixing of this pho-
non with a polaronic excitation, which produces a little
but well-defined peak on the low-frequency side of the in-
frared phonon peak. Such an effect might also explain
the shoulder of the reflectivity peak for the stretching
mode. Compared to the experiment, this peak is too high
in the calculation with the original SM potential parame-
ters. We achieved a reduction of this peak by drastically
changing the anharmonic interactions, such that the
linewidth at the phonon frequency is increased by about a
factor of 3 up to the value =25 cm ' shown in Table II.

As an alternative mechanism, a possible coupling to
the polaron could cause transfer of intensity towards
lower frequencies, which might render unnecessary the
assumption of additional anharmonic or electron-phonon
linewidth of the stretching mode to reduce the intensity
of its reAectivity band.

On the other hand, we confirm that the band missing
from the xy spectrum corresponds to the E2„apex bend-
ing mode at = 168 cm ', which has an oscillator strength
much smaller than the other phonons, as was speculated
in Ref. 7 from symmetry reasons.

The z spectrum is qualitatively reproduced by the cal-
culation with anharmonic force constants from the SM
potentials, but the intensities come closer to the experi-

mental ones by fitting the anharmonic parameters. We
find that the measured sharp depression of the first
broadband at = 330 cm ' must be ascribed to a peak in

the corresponding phonon linewidth as a function of fre-

quency. The oscillator strength of an A2„mode below

this band is so weak that it does not produce any struc-
ture in the spectrum, which is in agreement with the mea-
surement. Since the dipole moment of this mode nearly
vanishes in a nontrivial way, this agreement in addition
to an overall good reproduction of the spectra, including
another almost silent E2„mode, are indications that the
present SM gives realistic eigenvectors for the zone-
center modes.

Finally, we remark our observation that the Coulomb
anharmonicity contributes significantly to the phonon
linewidth and should not be neglected in calculations for
ionic systems.
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