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This paper investigates the mobility of electrons scattering from the coupled system of electrons
and longitudinal-optical (LO) phonons in n-type GaAs. The Boltzmann equation is solved exactly
for low electric fields by an iterative method, including electron-electron and electron —LO-phonon
scattering dynamically screened in the random-phase approximation (RPA). The LO-phonon self-
energy is treated in the plasmon-pole approximation. Scattering from ionized impurities screened
in static RPA is calculated with phase-shift cross sections and scattering from RPA screened defor-
mation potential and piezoelectric acoustic phonons is included in the elastic approximation. The
results show that dynamic screening and plasmon-phonon coupling significantly modify inelastic
scattering at low temperatures and densities. The efFect on mobility is obscured by ionized im-
purity scattering in conventionally doped material, but should be important in modulation doped
structures. For uncompensated bulk n-type GaAs, the RPA phase-shift model for electron-impurity
scattering gives lower drift mobilities than the standard Thomas-Fermi or Born calculations, which
are high compared to experiment. Electron-electron scattering lowers the mobility further, giving
improved agreement with experiment, though discrepancies persist at high donor concentrations
(n ) 10 cm ). When impurities are ignored, inelastic scattering from the coupled electron-
phonon system is the strongest scat tering mechanism at 77 K for moderate doping. This result
differs from the standard model, neglecting mode coupling and electron-electron scattering, which
has the acoustic modes dominant in this regime.

I. INTRODUCTION

Good quantitative agreement between previous calcu-
lations and experiment on low-field transport coeKcients
of most high-purity polar semiconductors suggests that
the basic electron interactions are well understood in
these materials. This is not the case for doped polar
semiconductors. A long-standing discrepancy between
theoretical and experimental mobility values for mod-
erately to heavily doped n-type GaAs has been noted
by many authors. The fact that calculated mobil-
ities are consistently too high, especially for moderate
to heavy doping and low temperatures, has motivated
suggestions that compensation efr'ects, " correlated impu-
rity distributions, modish. cations of screening theory
for a multi-ion system, or multiple scattering from ion-
ized impurities should be included to obtain accurate
results.

At the same time, it is known that electron-electron
interactions can strongly inBuence electron transport
in doped semiconductors, by screening matrix ele-
ments and renormalizing phonon energies, and through
electron-electron scattering. More accurate treatments of
electron-electron interactions frequently improve agree-
ment between theory and experiment. For example,
screening of ionized impurity potentials in the static
random-phase approximation (RPA) rather than the
commonly used linearized Thomas-Fermi approximation
(LTFA) has been shovrn to reduce theoretical electron
Inobility in n+ silicon by more than a factor of 2 at 77

K. Including dynamically screened electron-electron scat-
tering gives a significant reduction in drift velocity of
hot electrons injected into n-type GaAs devices. Cal-
culations including the coupling between plasmons and
longitudinal-optical (LO) phonons give shorter electron
inelastic lifetimes ' and enhanced hot-electron energy
relaxation ' in n-type GaAs. Previous attempts to in-
clude electron-electron scattering in GaAs mobility stud-
ies have been limited to static Thomas-Fermi screening
of single-particle scattering. So far, a treatment of in-
elastic scattering from the nonequilibrium coupled mode
system in combination with an accurate model of ionized
impurity scattering has not been attempted.

In Ref. 20, the inelastic collision term in the electron
Boltzmann equation was derived by making the Born ap-
proximation and the RPA for scattering from the coupled
electron —LO-phonon system in a doped polar semicon-
ductor. The result is the sum of an electron-electron colli-
sion term and an electron —LO-phonon collision term that
includes plasmon-phonon mode coupling. Both interac-
tions are dynamically screened by only the electronic part
of the total dielectric function for the electron-phonon
system. The present paper describes an iterative method
for exactly solving the low-field Boltzmann equation in-
cluding the dynamically screened inelastic collision terms
for arbitrary electron degeneracy and spherical energy
surfaces.

For steady-state transport, electron-plasmon scatter-
ing is correctly accounted for by dynamically screening
the electron-electron collision term. Electron-plasmon
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and electron-electron scat tering events conserve total
electron momentum and energy in direct gap doped
semiconductors since umklapp processes are negligible in
these materials. Therefore, the purely electronic scat-
tering events cannot by themselves degrade an electrical
curent, if spherical energy surfaces are assumed, and they
merely rearrange the nonequilibrium electron momentum
distribution produced by an applied field, thereby chang-
ing the probabilities for other scattering processes.

In the present work, the effect of electronic scattering
is accounted for by solving the Boltzmann equation for
the nonequilibrium electron distribution with electron-
electron, electron-phonon, and electron-impurity scatter-
ing treated simultaneously. An isotropic effective elec-
tron mass and parabolic energy bands are assumed. The
phonon distribution is approximated by its equilibrium
form and the plasmon-pole approximation ' is used
in the LO phonon self-energy. Numerical results are
presented for electron drift mobility in uncompensated
n-type GaAs, including also electron scat tering from
piezoelectric and deformation potential acoustic phonons
screened in the static RPA. The calculations for con-
ventionally doped material include phase-shift scattering
from ionized impurity potentials screened in the static
RPA. This method gives lower mobilities than LTFA or
Born calculations of electron-impurity scattering, in bet-
ter agreement with experiment. Results for n-type GaAs
with no impurities present show that electron-electron
scattering and mode coupling rather dramatically alter
inelastic scattering at 77 K, suggesting that these effects
are significant for modulation doped material at low tem-
perature.

This paper is organized as follows. Section II discusses
the screening functions appropriate for the various elec-
tron scattering mechanisms included in this study. Sec-
tion III describes the iterative method used to solve the
Boltzmann equation. Section IV presents the numerical
results with discussion emphasizing the differences ob-
tained by using RPA vs LTFA screening and by includ-
ing electron-electron scattering and plasmon —LO-phonon
coupling.

II. SCREENING
IN A MULTICOMPONENT SYSTEM

In Ref. 20, it was shown that the nonequilibrium char-
acter of screened electron interactions is essential to ob-
taining the correct form of the collision terms in the
Boltzmann equation, which contain nonequilibrium dis-
tribution functions for the system's excitations. When
this is done, there remain dielectric functions that screen
the interaction matrix elements in the collision terms.
When the Boltzmann equation is linearized with respect
to electric field strength, only terms with equilibrium di-
electric functions screening the matrix elements in the
collision terms are nonvanishing. Therefore, consider the
equilibrium screening process. The interaction between
two test charges in a solid can be expressed as the bare
Coulomb interaction vz ——4vre /q screened by the to-
tal dynamic dielectric function eT (q, w) for the system,

including contributions from both the conduction and
the lattice charges. The frequency dependence of the
screened interaction is determined by the energy differ-
ence between the scattering electron's final and initial
states.

In the RPA, the electron-electron interaction is equiv-
alent to the test-charge —test-charge interaction. In the
same approximation, the total interaction v~/eT(q, w) is
separable into a purely electron-electron interaction plus
an electron-phonon interaction including a phonon self-
energy term, each of these interactions being screened by
only the electronic part of eT. The screened electron-
phonon interaction V„ph includes the interactions with
all relevant phonons. It can be determined by sub-
tracting from the total interaction the purely electronic
interaction v /e(q, w),

Vq
«-ph(q ~) =

Vph

e[1 —(v, + Vp„)P]
'

where v = v~/e, e(q, w) = 1 —v P(q, w) is the elec-
tronic RPA dielectric function, and P denotes the po-
larization of the noninteracting electron gas in this pa-
per. The bare electron-phonon interaction Vph is the sum
over all phonon modes A of the product of the phonon
Green's function Dg and the interaction matrix element
Mp squared Vph = P& ~Mp ~~Dp(q, ~). This method
was used in Ref. 20 in order to determine the screened
electron —LO-phonon interaction V„Lo for the case when
only LO phonons are present (Vph = Vz,Q).

When acoustic phonons are present as well, V„h
VI,o + V, and the total screened electron-phonon in-
teraction V„ph can be separated into V„gQ (as de-
termined before) plus the screened electron interactions
with acoustic phonons: V„ph ——V, go + V„,. Solving

Vsc-ac ~

VLQ + Vac

e[1 —(v~ + Vr, Q + V, )P]
Vi.o

e[1 —(v + Vr, Q)P]
V,

(e —VgQP —V,P) (e —VLQP)
(4)

Vsc-ac
(ep —v~P) [1 —epV, P/( p

—ev~P)]

Thus e0 appears in the acoustic mode screening function.
The acoustic-phonon self-energy epU P/(ep —v&P) is ne-
glected in the present work.

The electron-impurity interaction may also be viewed
as a test-charge —test-charge interaction. Since the scat-
tering process is assumed to be nearly elastic, the relevant

Since the acoustic-phonon frequencies are small for rele-
vant q values, V„, is evaluated in the static limit. Us-
ing Vr, Q(q, w = 0) = v~(ep —e ), which implies that
e —VQQP = 1 —v~P/ep, we have
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screening function is e~(q, id) evaluated at id = 0. In this
case, eT should include the electronic and LO-phonon
parts plus a contribution from the piezoelectric phonon
interaction. The piezoelectric contribution is assumed to
be small and is neglected here so that the screening func-
tion for the electron-impurity interaction is 60 vqP, the
same as for the acoustic modes.

id„= id„[1 —e '(q, 0)]

2 1 2 -2
(dg~ + (d

2 p

io'r o ~~) + 4~~(~r o —o'ro)]

(10)

III. NUMERICAL METHOD

In order to solve the electron Boltzmann equation for
a weak electric field F, the nonequilibrium distribution
function f(k;) may be expanded around the equilibrium
solution f, =11. —exp[P(E, —p)]) to first order in F,

f(k, ) =f,'+f (1 —f )**0.,

where x, is the cosine of the angle between F and k;
and g, = @(k;) is a function that is linear in F, but is
otherwise unknown and to be determined by solving the
Boltzmann equation. Rode devised and implemented an
iterative procedure for solving the Boltzmann equation to
determine f (k) to first order in F for the case of spherical
energy surfaces, including electron-phonon and electron-
impurity scattering only. Assuming the linear form of f
(6) and using the law of cosines in the electron Boltzmann
equation [Eq. (39) of Ref. 20] gives an integral equation
for the nonequilibrium electron distribution function

fk
~f )linear

k coll

= —) g„xi,„(W(k,p) [1—f„]+ W(k, p) f& )
P

-"—"):(W(k, )[ -f.']+W( k)f,')

(7)

where gk = f&(1 —fi, )@i„x),~ is the cosine of the angle
between k and p, and W(k, p) is the total difFerential
scattering rate for electronic transitions from state ~k) to
state ~p) due to scattering from ionized impurities and
phonons.

In the present work, W(k, p) for the interaction with
LO phonons is modified to include the plasmon-phonon
coupling as described in Ref. 20. Approximating the
phonon distribution function by its equilibrium form
NP(id) = (ei" —1) i and using the plasmon-pole ap-
proximation on the phonon self-energy gives

—2MW" (k, p) = [N (id). ,„)+1]Bke q, idgp

XIm[D+(q, id), „)+ D (q, id), „)],

Im[D+(q, id)] = ~ Rd ~ Cd+ —id

x [6(id + id~) —b(id —id~)],

where M = vq(e —ep )Ru&o/2idTo and the frequen-
cies wz, w+, and u are given by

1 p p f 1 1+ f~(1 —fk) I
+

(k) (r, ) (k) rLo (k) )
(12)

with the terms defined in this section.
For elastic scattering processes, the identities k = p

and W(k, p) = W(p, k) apply in Eq. (7) so that the
elastic scattering rate has the form

1
r, , '(k) = —) (1 —x),p) W, i(k, p).

Interactions with acoustic phonons are approximated as
elastic so that ~ l is composed of the rates for acoustic
deformation potential, piezoelectric, and ionized impu-
rity scattering, r, & (k) = 7DP(k) +7, (k) + r, , (k). The
acoustic mode scattering rates are calculated as in Ref. 1
except the interactions are screened in the static RPA as
described in Sec. II,

1 E kgTm* q

7DP(k) 47rA cik p [1 —vqP(q, 0)/ep]

1 e P kggTm' q

qp (k) ephsks p [1 —vqP(q, 0)/ep]2
'dq, (15)

where E~ is the acoustic deformation potential, c~ is
the spherically averaged elastic constant for longitudinal
modes, and Pp, is the piezoelectric coe%cient.

The electron-impurity scattering rate 1/r, ; is calcu-
lated with the phase shifts 8i(k) determined by numer-
ically solving the radial Schrodinger equation with an

The weight factors (id+ —id„)(id+ —id ) in Im[D+] give
the phonon strength in each of the hybrid ~~ modes, so
that the differential scattering rate TV is the rate for
scattering from only the phonon component of the hybrid
modes. The screening function for the I 0 phonons is the
electronic part of the total dielectric function e(q, id) =
1 —v P(q, id).

Rode's iterative method can be generalized to include
electron-electron scattering by adding the linearized ver-
sion of the electron-electron collision term (f); ii [Eq.
(46) of Ref. 20] to the right-hand side of (7) before solv-
ing for Qy. The Appendix shows how this is done by
again using the law of cosines and simplifying (f); ii.
Then, the nonequilibrium function g satisfies the inte-
gral equation

@(k) = ~'-)[&(k)]-
eI' c)f„P
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impurity potential screened with the static RPA total
dielectric function ez (q, 0).~ The results presented be-
low include a comparison with the Born approximation
1/r Born

4' h
N; ) (l+ 1) sin [b~(k) —b~+q(k)], (1.6)

k+k~
~„o(k) = ) A

]k—k~ f

dqI(q, (ug) N ((u), ) + 1 —fo

For scattering with the LO-phonon component of the hy-
brid modes,

1 4' m*

rB""(k) e,'(j'k)'
2k 1

dg-
q [1 —mqP(q, 0)/eo]

x O(Ek —Rug)

k+k+

dqI(q, ~y) N (ofp) + f„+—kq+
f

(19)

8e'f" (') =
~ nk 0

"+"dq Im[P(q, )uk, „)]
le(q ~k, ~) I'

dp p(1 —f~) (N'(~k, ~) + 1]

where N; is the ionized impurity concentration.
The LTFA is made by using the temperature-

dependent Thomas-Fermi dielectric function cg~pA ——1+
q&F/q, where q&F ——4me /e(Bn/Op) and p is the chemi-
cal potential. The dielectric constant e is e for electron-
electron or electron —LO-phonon scattering, while e = e0
for the screened impurity and the acoustic-phonon po-
tentials. Using the LTFA in Eq. (17) gives the familiar
Brooks-Herring formula.

The inverse lifetimes r, , (k) and rLo(k) describe the
rate at which the nonequilibrium population of state lk)
decays due to inelastic scattering with the equilibrium
population of the other states. For electron-electron col-
lisions,

where

k„+ = Qk2 6 2m*~p/h,

Since the mobility is measured on a system with atl of
the electrons out of equilibrium, the linear integral equa-
tion (12) also contains the functional v;„,~[/] describing
the rate of change of the equilibrium occupation of the
state lk) due to inelastic scattering with the nonequi-
librium population of the other states. This term is
composed of electron-electron and electron —LO-phonon
parts vj„e): v~ ~+ v+Q The contribution from electron-
electron scattering is

Wl =, qk-,
" dp(1 —f,')

k+p d
, le(q ~k,~)l

'

x „k +p —q % ~„„+1ImPq~

(k —p +q) z
27t A

ds Q, f, (1 —f,i) —z+ ds& f (1 —f I). ,. .
where z+ = (k2 —p + q )/2q and s+ = gs2 + (k2 —p2). The contribution from the LO-phonon strength in the
hybrid modes is

k+kg (k2 + (k
—

)
2 2]

&Lo[g] = ).& dqI(q, ~ )g(k„) " N (cu ) + f„]J0(E —her )2kk

k+k+

k —k~+
i

dqI(q, (ug)g(k„) [N ((ug) + 1 —f„]+ lk'+(k~)' —q'] o o

2kkq+
(21)

Plasmon-phonon coupling may be neglected by setting
w+ equal to wLo and u equal to w~ in Eqs. (19) and
(21).

IV. RESULTS AND DISCUSSION

The numerical results for the drift mobility were ob-
tained by solving the iterative equation (12) with (6) for

the linearized nonequilibrium electron distribution in or-
der to determine the average velocity per unit electric
Geld. The efFective electron mass value m* = 0.07m
was used throughout the calculations. The other mate-
rial parameters used were taken from Ref. 25. Results
for uncompensated n-type GaAs are presented for con-
ventionally doped material (Figs. 1—4) and for a doped
system with no impurities present, an idealized model of
modulation doped material (Figs. 5—7).
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FIG. 1. Comparison of RPA vs LTFA screening and
phase-shift vs Born electron-impurity cross sections at 300
K for n-type GaAs. Static screening of LO, piezoelectric,
and acoustic deformation potential phonons as well as ion-
ized impurities is included. The RPA phase-shift drift mo-
bility (solid curve) is shown with mobilities in the following
approximations: RPA Born (dotted curve), LTFA phase-shift
(long-dashed curve), LTFA Born (short-dashed curve), and
LTFA Born with unscreened phonons (chain-dashed curve).
Electron-electron scattering and plasmon-phonon mode cou-
pling has been neglected.

The LTFA is an approximation to the static RPA di-
electric function that does not account for the polariza-
tion of the screening electrons by the colliding electron,
but is equivalent in the limit of small momentum trans-
fer, q. Figures 1 and 2 show the carrier concentration
dependence of electron mobility in uncompensated n-
type GaAs at 300 and 77 K, calculated with statically
screened electron-phonon and electron-impurity interac-
tions. Scattering from LO phonons as well as the acous-
tic piezoelectric and deformation potential modes was
included, but electron-electron scattering and plasmon-
phonon coupling were neglected. Each figure shows cal-
culations made by using either the phase-shift (16) or the
Born (17) electron-impurity scattering rate and either the
temperature-dependent static RPA or the LTFA dielec-
tric function in Eqs. (14)—(17). The standard LTFA Born
(Brooks-Herring) calculation with unscreened phonons is
also shown. Compared to the case of n-type Si, a rel-
atively small correction to mobility in n-type GaAs is
obtained by using RPA screening rather than LTFA. Ex-
cept for the unscreened phonon case at 300 K, the combi-
nation of RPA screening of impurities and phonons with
the phase-shift electon-impurity scattering rate gives the
lowest mobilities, while the LTFA Born calculations give
values that are higher by at most 16% at 300 K and
41% at 77 K. A cancellation of errors made by using the
LTFA Born electron-impurity interaction and unscreened
electron-phonon interactions at 300 K makes this result
similar in magnitude to the RPA Born curve. Dynamic
RPA screening of LQ phonons changes the mobility very
little from the static RPA case when electron-impurity
scattering is included.

2.0

1.0—

0.0
10 10 10

Carrier Concentration (cm )

10

FIG. 2. Comparison of RPA vs LTFA screening and
phase-shift vs Born electron-impurity cross sections at 77 K
for n-type GaAs. Calculated mobilities are represented as in
Fig. 1.

B. Electron-electron scattering

The efFect of electron-electron scattering on mobility
in doped semiconductors is limited by three factors. (i)
The screened interaction between two electrons is con-
siderably weaker than the Coulomb interaction. (ii)
When umklapp electronic scattering processes are negli-
gible and energy surfaces are close to spherical, electron-
electon scattering conserves total electron momentum
and produces only an indirect efFect on other scatter-
ing processes by redistributing the electron momenta.
(iii) The Pauli principle restricts the fraction of elec-
trons that can participate in energy-conserving electron-
electron scattering processes to a number that vanishes
in the degenerate limit. Nevertheless, electron-electron
scattering was shown to have an important efFect on
transport in doped semiconductors away from the de-
generate limit. Chattopadhyay studied its efFect on mo-
bility in n-type GaAs by using a variational solution of
the Boltzrnann equation including electron-electron scat-
tering statically screened in LTFA with eo. He found
that, for n = 10 cm, electron-electron scattering re-
duces the mobility by about 10% at 80 K. The reduc-
tion increases to 20% when. e rather than eo is used in
the LTFA screened electron-electron interaction. as dis-
cussed in Ref. 20. Figures 3 and. 4 show the drift mobil-
ity calculated by iteratively solving the Boltzmann equa-
tion at 300 and 77 K, including electron-electron scat-
tering in addition to the electron-impurity and electron-
phonon mechanisms already discussed. The Pauli prin-
ciple restriction is clearly seen from the vanishing of the
electron-electron contribution at higher concentrations.
Also shown in Figs. 3 and 4 are experimental data ' '

for the Hall mobility of n-type GaAs. No attempt has
been made in the calculations to include the Hall factor
relating the drift to Hall mobilities. The Hall factor is
generally larger than unity so that the Hall mobility is
larger than the drift mobility, but its magnitude depends
on doping density and temperature, approaching unity in
the degenerate limit. Despite the reduced mobility values
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FIG. 3. Effect of electron-electron scat tering on elec-
tron drift mobility in n-type GaAs at 300 K. The dotted
and dashed curves are the RPA phase-shift calculation ne-
glecting and including, respectively, statically screened elec-
tron-electron scattering. The solid curve includes dynamically
screened electron-electron and electron —LO-phonon scatter-
ing with mode coupling. Experimental Hall mobilities are
indicated by Q (Ref. [9]) and (Ref. 27).

compared to previous calculations (see, e.g. , Refs. 1, 2, 4,
and 7), a disagreement between theory and experiment
persists for carrier concentrations above n = 10 cm
at both temperatures considered.

C. Coupled plasmon-phonon modes

The uncoupled plasmon temperature Ru„/k~ varies as
n ~; for n-type GaAs, it ranges from 50 K to 1594 K
for electron concentrations of 10 —10 cm . The plas-
mon temperature crosses the LO-phonon temperature of
419 K at 7 x 10 cm . In this concentration re-
gion, the electronic and the lattice excitations hybridize
to form the normal modes of mixed electron-phonon char-

aeter. The other energy relevant to electron mobility is
the Fermi energy E~, which varies as n ~ . For n type
GaAs, Ep /k~ ranges from 29 K to 2930 K for n = 10
10 cm and crosses the LO-phonon temperature at
~6x10 cm

In the plasmon-pole model, the phonon spectral func-
tion —vr ilm[D(q, w)] has two h-function peaks [see Eq.
(9)] with frequencies sr+ and ~ given by (11). As dis-
cussed in Ref. 20, mobilities at low densities and temper-
atures are expected to be reduced when plasmon —LO-
phonon coupling is included, because of increased low-
energy electron-phonon scattering due to the w mode.
Figure 5 shows that this is in fact the case. The mobilities
in this figure were calculated by neglecting all scattering
mechanisms except electron —LO-phonon scattering. For
a wide range of densities at 77 K, the LO-phonon lim-
ited mobility including mode coupling and dynamic RPA
screening (solid curve) is significantly lower than the rno-
bilites calculated by neglecting these effects. The dip
observed below n = 10 cm in all the Fig. 5 mobility
curves is related to E~ crossing the LO-phonon emission
threshold. An interesting though minor effect appears in
Fig. 3, where the mobility including mode coupling is
actually higher at low doping levels and 300 K than the
mobility neglecting the coupling, when electron-impurity
is included.

Since mobility is limited primarily by scattering from
ionized impurities at low temperatures in conventionally
doped GaAs, the mode-coupling effect is obscured in this
case. Nevertheless, it could be important for mobility in
modulation doped structures where the effects of impu-
rity scattering are greatly reduced because of the large
separation between dopants and carriers. Figure 6 plots
the electron drift mobility as a function of concentration
at 77 K when electron-impurity scattering is neglected.
The figure shows that scattering from the acoustic (piezo-
electric and deformation potential) modes is stronger
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«3
C)

o 10
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FIG. 4. Effect of electron-electron scattering on electron
drift mobility in n-type GaAs at 77 K. Calculated mobilities
are represented as in Fig. 3. Experimental Hall mobilities are
indicated by Q (Ref. 9) and A (Ref. 12).

FIG. 5. Effects of screening and mode coupling on
LO-phonon limited electron mobility in n-type GaAs at 77
K. The dynamically screened coupled mode mobility calcu-
lation (solid curve) is compared to mobilities determined by
scattering from uncoupled LO phonons screened with LTFA
(long-dashed curve), static RPA (short-dashed curve), dy-
namic RPA (dotted curve), and unscreened (chain-dashed
curve). All other scattering mechanisms are neglected.
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dashed curve, and static RPA screening of LO phonons

vrithout mode coupling (long- as —s
tron scattering from acoustic pic honons screened in static R

lIis included and electron-impurrt;y scattering g
~ ~

is De lected in a
cases.

The mobility calculations presented in t is paper show
that a more accurate treatment of electron interactions in
n-type GaAs yields results that differ from simple mod-

ll d te doping levels in convention-
a y ope ma eria11 a d t rial and for low densities and temper-

a i t -d d material. For conventionaatures in mo u ation- ope
n-type GaAs, RPA screening of phonons and impurities
combined wit p ase-s in h — h ft electron-impurity scattering
rates give lower ri mo i id ft obilities than LTFA screening or
Born ca cu a ions.1 t' A convergent iterative met o as

~ 0 ~been developed for solving the Boltzmann equation in-
c u ing e ec ron-e1 d' 1 t — lectron scattering. Inclu ing t is scat-
tering mec anism ur ern f ther reduces the mobility excep a
high doping eve s, so a1 1 th t the full calculation gives better
agreement wi experimt 'th perimental Hall mobilities than previ-

stan ing iscd' d' repancy between theory an experiment is
resolve in e rniu

' th ddle concentration regime, the a
nt modelmobilit should be calculated with the present mo e,mo iitys ou e

1 d the influence of nonequilibrium phonons. Atinc u lng e i
1 mobilit forthe highest concentrations, the theoretica mo i y

uncompensate n- ype ad -t GaAs is larger than experimental
values.

The effects of dynamic screening, mo e coup ing,

obilit in conventionally doped GaAs where scatter-
in from ionized impurities dominates. ow
calculations neglecting impurities sugg
fects could significantly affect mobilities in modulation-
dope struc ures.a t Comparison with experiment would
re uire a more rea is ic rea1 t t tment including the effects of
con nemen on p on6. t h non spectra and electronic structure,

'1.'D '
h nons as well as the effects o impu-

so therities, alloy disorder, and interface roughness. so, e

self-energy, should be investigated. Good candidates or
study would be Al Gai As, since the Frohlich coupling

' n, the more strongly polar materialsincreases wit x, or e m
CdTe ZnSe, or ZnTe. Finally, the fact that inelastic scat-
terin is stronger compared to acoustic-p

)

honon scatter-
ing than the standard model predicts for ope
tering is s

o ed material

r ~ -t e GaAs at low temperatures.reevaluation o i in n- ype

ACKNOWLEDC MENTS

I thank J.R. Lowney, G.W. Bryant, S. Das Sarma, and
P.B. Allen for helpful conversations.



ELECTRON-ELECTRON INTERACTIONS, COUPLED PLASMON-. . . 14 263

APPENDIX: ITERATIVE METHOD
FOR ELECTRON-ELECTRON SCATTERING

Rode's method is generalized by inserting the lin-
earized form of f (6) into the electron-electron collision
term [Eq. (46) of Ref. 20] and using the identity

b(E1 + E2 —E3 —E4)

x f, f2 (1 —f3)(1 —f4) —(1 —f1)(1 —f2) f3 f4 ——Q,

(Al)
giving the linearized collision term

(f(k1)):.« = ', ):IM3, 11'~(E1+E. —E' —E4)
2,314

x8(k1+ k2 —ks —k4)
x f, f2 (1 —f3 ) (1 —f4)
X [4 1 + X12$2 —X 134 3 —X144 4] . (A2)

This symmetric form allows a simple application of the
law of cosines to eliminate x, for i = 2—4 in favor of xq;,
the cosine of the angle between k~ and k, ,

(f(k1)):.» = ~, ).IM3, 1I'~(E1+E2 —E. —E4)
2,3,4

xb(k1+ k2 —k3 k4)
x f1 f2(1 —f3)(1 —f4)
x [xlgl + X242 X343 x444] .

Now use the b function for momentum conservation to
sum over k4 and introduce the variable q =- kq —k3
k4 —k2. The k2 integration of the @1 and $3 terms
can be done analytically. Making the variable changes
kq m kk2 m sk3 ~ p = k —g, and k4 ~ s+ q, we
have

(f(k)f:.» =, „).IMk,.l'(&k xk~@.) 9—"(~k,.) +1]lml&(q ~k,.))f:(1—f.')

+ ~~ ) I~k,pl xks 0'8&~(Ek —E, + ~...+q)fkf.'(1 —f„')(1—f.'+q)
S)P

—~(Ek —E, —~...—)fkf. ,(1 —f, )(1 —f. )) (A3)

where s was changed to s —q in the last term and

m 1 + exp[ P(E+ —p)]-
27rh4Pq 1 + exp[ —P(E——p, )

(A4)

with E+ = (E~ 6 Ru)2/4E .
The symmetry of the problem is best used by choosing bipolar coordinates with the z axis along q and the xz

plane containing k. The p integration variables can be chosen to include the momentum transfer q,

k+p
d'p = 2~

—pj

the factor of 2n coming from integration of the azimuthal angle around k. The s integration has the form I dss =
f dP I dx, ~

J' ds s2, where P is the angle between the (k, —p) and (—s, k4) plane. The P integral is simply done by
again applying the law of cosines,

dgxk, = 2~x,qxkq.

Then, using the energy b functions to do the x,q integrals, the linearized electron-electron collision integral reduces to

k+p

(f(k)):.» = dp p(1 —f„') dqlMk „Ik(2vr)3 )k —p[

X q k —xkp p K ~kp +1ImP q(ukp

Xkq m+ dsg, f, (1 —f,~) —z+ ds 0.f.' (1 —f.')- (A5) .

where z+ = (k —p + q )/2q and s+ = gs2 + (k2 —p ). Adding (A5) to the right-hand side of (7) and solving for
gk gives Eq. (12).
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