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Single-crystal metallic cubic sodium-tungsten bronzes Na„WO3 (x ~ 0.25) and Na„Ta„W& ~03
(x —y =0.42) and monoclinic reduced WO3 z have been investigated by high-energy electron-energy-
loss spectroscopy (EELS) in transmission. For all electron densities the volume plasmon dispersion ap-
pears to be positive quadratic in momentum transfer q. The dispersion coeKcient is much smaller than
that predicted from the random-phase approximation for one isotropic parabolic band. This deviation
can be reduced by recognizing the threefold degeneracy of the conduction-band t2g states in an octahe-
dral field and narrowing of these bands with increasing sodium content. Anisotropy of the dispersion be-
tween the (100) and (110) direction is not observed. Optical efFective masses m (x) of the conduction
electrons and background dielectric constants e (x) have been determined and compare well with data
from optical spectroscopy and EELS in reflection, but not with photoemission results. This discrepancy
is a result of the photoemission-data evaluation in which the conduction-band degeneracy was neglected.
Na 2p core-level excitation energies argue against an admixture of sodium orbitals to the conduction
band near the metal-nonmetal transition at x -0.2. Na 3s states admixed to 0 2p states are observed at
about 10—11 eV above the Fermi level in 0 1s absorption edges. The x dependence of m* and of the
width of the 0 1s absorption edge of Na WO3 supports a model of conduction-band narrowing with in-

creasing Na concentration.

I. INTRODUCTION

The sodium-tungsten bronzes Na WO3 (0(x ( l ) can
be considered as solid solutions of metal atoms (Na) in a
transition-metal oxide (WO3) sublattice. Their structur-
al and electronic properties have been investigated very
extensively by means of x-ray difT'raction, neutron
di6'raction, ' inelastic neutron scattering, nuclear mag-
netic resonance (NMR), photoemission (PES), ' ' in-
verse PES, electron-energy-loss spectroscopy (EELS) in
reAection, ' ' ' optical, specific heat, ' magnetic
susceptibility, ' and chemical potential measure-
ments. At room temperature a slightly distorted cubic
perovskite structure is thermodynamically stable for
x )0.4, but the cubic phase can be synthesized under
nonequilibrium conditions down to x -0.2. By varying
the composition, the conduction electron concentration
can be varied over a wide range within the cubic phase
regime. A metal-nonmetal transition occurs at approxi-
mately x-0.2. ' ' '

The electronic structure is qualitatively understood in
terms of a band model proposed by Goodenough. The
valence band and the conduction band are composed of
oxygen 2p and tungsten Sd orbitals, respectively. The five
W Sd orbitals are split by the crystal field into two o.-type
e and three lower lying m-type tz~ bands. The latter in-
teract with the 0 2p~ orbitals and form the antibonding

tz conduction band, which upon doping with Na accepts
the Na 3s electrons. The conduction-band states are
threefold degenerate at the I point, and the threefold de-
generacy is retained along I -R. ' However, along the
I -X direction the degeneracy is lifted and one of the tzg
bands remains liat. Korringa-Kohn-Rostoker (KKR)
and linear combination of atomic orbitals (LCAO)
band-structure calculations for x =1 are very similar to
that of idealized cubic WO3 (Refs. 34 and 35) and Re03
(Ref. 36) within the conduction-band region: the sodium
orbitals lie well above the Fermi level and do not contrib-
ute to the conduction band. This idea is supported by the
fact that the conductivity in M„WO3 (M =Na, Li) is only
dependent on x and not on the alkali metal M (Ref. 37),
and that there is no Knight shift (at high x) in Na NMR
(Ref. 9).

From the band-structure calculations ' for x = 1 and
idealized cubic WO3 it has been deduced that the
sodium-tungsten bronzes exhibit rigid-band behavior in
the region of the valence and conduction band. The va-
lidity of the rigid-band model has been discussed in rela-
tion to photoemission data for several years. "'
High-resolution PES and high-resolution EELS in
reflection (HREELS) measurements by Egdell and
Hill' ' ' on cubic polycrystalline Na„WO3 (x )0.26)
led to the conclusion that the conduction band narrows
with increasing x in agreement with ideas put forward by
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II. THEORETICAL BACKGROUND

The general volume plasmon dispersion relation for an
electron subsystem with density n is

ai(q)=co~+ Aq +O(q ),
2 4m.ne 2

Q)P-
E~ mopt

(la)

(lb)

where the plasmon frequency cuP contains the optical
effective mass m, , and the background dielectric con-
stant e . For a free-electron gas with effective mass m*
(=m, , ) the dispersion coefficient 2 is conveniently ex-
pressed via the dimensionless dispersion coefficient a as

(2a)

Goodenough many years earlier. Using a free-electron
description this narrowing can be transformed into a
dependence of the effective mass on the sodium content
which, however, does not prove the correctness of the
free-electron description. Actually, regardless of the x-
dependent bandwidth the band-structure calculations
show the existence of three partially filled bands with an
x-independent topology of the three Fermi surfaces.
From the band structure one can deduce their
shape: one Fermi surface is nearly spherical, the second is
a warped sphere, and the third consists of three orthogo-
nal and cross-linked cylinders. A semiempirical LCAO
model ' ' based on W 5d and 0 2p orbitals simplifies this
band structure to three independent two-dimensional
bands, i.e., three cylinders as Fermi surfaces. With only
two x-dependent parameters this model describes well the
electronic specific heat, the magnetic susceptibility, and
approximately the (optical) effective mass. Although this
model overestimates two dimensionality even the ap-
parently free-electron-like high-resolution PES data' are
described quite reasonably when the experimental resolu-
tion is taken into account. The two-dimensional charac-
ter of the Fermi surface is supported also by inelastic
neutron scattering measurements which reveal a large
Kohn anomaly in the acoustic phonon dispersion and by
positron annihilation experiments.

In Na Ta W, 03 tantalum compensates the conduc-
tion electron density which is then determined by x-
y. ' ' These compositions are of interest as they allow
direct growth of cubic crystals with lower carrier densi-
ties than is possible in the uncompensated bronzes.

In the present paper, we report on investigations of the
electronic structure of the system Na WO3 by EELS in
transmission. The loss function and core-level excitations
have been measured for 0.25&x ~0.68. Furthermore,
the dispersion of the charge carrier plasmon as a function
of momentum transfer has been determined. To our
knowledge, this is the first systematic study of the disper-
sion of a charge carrier plasmon in a degenerately doped
oxide where the carrier concentration can be varied over
a wide range. Strong deviations of dispersion parameters
from free-electron random-phase approximation (RPA)
values are observed which partly can be explained by
band-structure effects.

In the RPA for a free-electron system the dimensionless
dispersion coefficient nRP ~ is given by

3 E~
+RPA (2b)

P
&=&RpA l |'27(rs) (3)

where y is the (q/kF) coefficient of the low q expansion
of the local field correction function in the static limit
G (q, ai ~0).

Since Na WO3 is a solid solution of sodium in tungsten
oxide the conduction electron density is rather small, i.e.,
by using the free-electron expression the density parame-
ter is even larger (r, -5—7) than in the alkali metals, sug-
gesting apparently the need to consider local field correc-
tions according to Eq. (3). Actually, these conduction
electrons form a subsystem where band-structure effects
lead to an effective mass m ' & m and the polarizability of
all other electrons results in a screening of the Coulomb
interaction by the background dielectric constant as
e /e . Thus the density parameter is reduced to an
efFective value r,*=r, [m '/(me )]. In our case r,* lies in
the range of 0.5 to 0.7 as shown below and one has to ex-
pect the RPA to be better justified than in any elemental
NFE metal. In this case the observed deviation of the
plasmon dispersion from its free-electron RPA value has
to be attributed to the deviation from free-electron
behavior due to details of the band structure.

We consider band-structure effects within the
Ehrenreich-Cohen (EC) formula for the dielectric func-
tion although crystal local field effects could also be im-
portant due to the localized character of the wave func-
tions forming the conduction band. In the past band-
structure effects on the plasmon dispersion have been

where EF=(fikF) /(2m*) is the Fermi energy and kF is
the Fermi wave vector. In a free-electron system within
the RPA strong damping occurs above a critical wave
vector q, —[flaip/(2' )]kg due to decay of the plasmon
into electron hole pairs. In a real solid the whole
plasmon usually lies in the continuum of interband transi-
tions giving rise to damping and hence to the finite
width of the loss function. For simple metals a quadratic
dependence of the linewidth bE, &2(q)=bE»2(0)+Bq
for low momentum transfer q is then expected.

RPA accounts correctly for the long-range Coulomb
interaction and therefore is exact in the long-wavelength
(q~0) —high-density limit. The latter corresponds to
r, ((1, r, being the density parameter which for the
free-electron gas is determined by r, ao=(4mn /3)
with the Bohr radius ao=R /(me ) where m is the free-
electron mass. Whereas the RPA accounts well for many
properties of nearly free electron (NFE) metals
(2(r, (6), the plasmon dispersion coefficient is
significantly reduced with decreasing density by local
field corrections which account for short-range exchange
and correlation effects. The dimensionless dispersion
coefficient is then given by

2
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considered either within a pseudopotential perturbation
scheme ' or by full band structure based evaluation of the
loss function using the EC formula. But to our
knowledge the following important peculiarity has not
been mentioned explicitly until now. The usual form (2)
for the free-electron dispersion coefficient does not reAect
those dependences needed to understand what happens
when there are several conduction bands instead of only
one. The derivation discussed below in more detail shows
that the transition to several bands is possible after refor-
mulating Eqs. (2a) and (2b) by using Eq. (lb) as

e2 3 5 e2 3 & F&
E' m CO p E foal CO p

where in the second step we assumed for simplicity the
existence of M identical parabolic bands with the density
n; = n /M. Compared to the one-band system with
EF-n the M bands have all the same Fermi energy
Ez, —n, ~ =(1/M) ~ n ~ giving (1/M) ~ El... Then the
sum in Eq. (4) yields g„EF;=M(n/M)(1/M) EF and

consequently the dispersion coefficient 3 is reduced by
the factor (1/M )

~ compared to the one-band case.
Thus, in the case M = 3 the dispersion coefficient would
be smaller by a factor of 0.48 compared to a naive appli-
cation of Eqs. (2a) and (2b). A more general formulation
for the plasmon dispersion used below is given in the Ap-
pendix. Regarding the critical wave vector q, within this
three-NFE-band model, whereas the plasmon frequency
cup remains unchanged compared to the one-band case,
we obtain an increased critical wave vector q,*=3' q,—1.44q, due to the dependence of q, on kF.

III. KXPKRIMKNT

a(x,y =0)=3.7845+0.0821x (A) . (5)

The lattice parameters were measured with an accura-
cy of 10 A by x-ray diffraction (see Table I) on
powdered material from the single crystals using a STOE
diffractometer with a position sensitive detector and Cu
Ka radiation. For calibration silicon was used as a stan-

Large cubic single crystals of the higher doped bronzes
Na WO3 (x =0.57 and 0.68) were prepared by electrolyt-
ic reduction of a molten mixture of tungsten oxide WO3
and sodium tungstate Na2WO4. A cubic single crystal
with x =0.25 was prepared by surrounding an x =0.57
single crystal with WO3 powder and out-diffusing some
sodium. This blue sample showed small visible red-
colored inclusions with higher sodium concentration
which could easily be cleaved off. A blue-colored cubic
single crystal of a tantalum-substituted tungsten bronze
Na Ta~W, ~03 (x =0.62, y =0.20) was grown by elec-
trolytic reduction of a melt consisting of Na2WO&, WO3,
and Ta205.

The accurate determination of the sodium and tan-
talum concentration in the tungsten bronzes is very im-
portant because from this the conduction electron density
and thus the free electron plasmon frequency is calculat-
ed. The sodium concentration x of the uncompensated
bronzes were determined applying the well-established
Vegard relationship for the lattice constants a(x,y =0)
(see Ref. 2):

TABLE I. Data of the sodium-tungsten bronzes: x-ray lattice parameters a; Na (x) and Ta (y) con-
tent, determined via Eqs. (5) and (6), respectively; conduction electron density n =(x —y)/a'; and the
density parameter r,*=(m */e )r„with effective mass m * and background dielectric constant e„. Fit
parameters for the dispersion of the volume plasmon fico{q)=%co&+AAq with fiA =(A /m*}a, the
RPA dispersion coe%cient aRpA from Eq. (2b), and At parameters for the dispersion of the plasmon
linewidth AE&/&(q) =LE&/&(0)+Bq . Critical wave vectors (assuming three NFE bands) q,*=3' q, .

(A)

3.8050( 1)
3.8470(1)
3.8311(1)
3.8404( 1)

0.25
0.62
0.57
0.68

0.20

(10 cm')

0.45
0.74
1.01
1.20

6.15
6.10
5.30
5.20

m */m

0.44
0.66
0.66
0.72

7.08
6.02
5.42
5.12

S

0.51
0.65
0.68
0.71

Aco p

(eV)

1.52(3)
1.59(1)
1.99(1)
2.11(1)

AA

(eVA }

4.8( 10)
4.68(20)
2.39(4)
2.07(17)

0.28(6)
0.41(3)
0.21(1)
o.2o(2)

&RpA

0.89
0.79
0.78
0.76

AE, /~ (0)
(eV)

0.64
0.71
0.33
0.35

B
(eVA )

1.70(37)
2.98(34)
1.44(4)
1.14(6)

{A )

0.25
0.33
0.37
0.4O
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A comparison of the x-ray lattice parameters

0 with those calculated {a„&)via Eq. , w icNa Ta W, yWO3 wi
is a linear fit to a,„,&x,y .

0.64
0.60
0.33
0.29
0.28

0.25
0.13
0.11
0.23
0.13

a,„„(A)
3.854
3.840
3.816
3.816
3.811

a„) {A)

3.852
3.841
3.815
3.816
3.812

daf d.
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0
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(6)
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IV. RESULTS
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Im( —I /e) and to determine the dielectric function
e=e, +ie2. Figure 1 shows the resulting loss function
Im( —I/e) of Nao6sWO3 for q=0. 1 A . The scale of
the loss function was derived from the condition
Re[1/e(co~0)]=0 for a metallic material. At 2.1 eV a
very sharp VP peak appears which is caused by the col-
lective excitation of the conduction-band electrons. ' In-
terband transitions (IB's) from the valence band to the
conduction band cause a maximum in the loss function at
6 8 V1841

There are several structures between 8 and 26 eV
which have maxima at 9, 12.2, 13.7, 15.6, 20, 22.5, and
25.6 eV. At -32 eV a weak broad shoulder is observed
below the onset of the Na 2p core-level excitation. These
peaks are probably due to further interband transitions
and screened valence-band plasmons of the o. and m elec-
trons. '

For x =0.57 and 0.68 and the Ta-compensated sample
the Na 2p core-level excitation (see Fig. 2) appears with a
maximum at fico=(34.24+0.02) eV. In metallic sodium
this peak lies at 30.9 eV, the shift of 3.3 eV being due to
the oxidation of the Na atom in the tungsten bronzes.
For x =0.25 the Na 2p core-level excitation is shifted to
(34.48+0.02) eV. This 0.24-eV shift to higher energy in
the x =0.25 sample also appears for all other high-energy
excitations (i)iso 5 eV) in the loss spectrum. The intensi-
ties of the Na 2p excitations are proportional to the sodi-
um content x.

The W 4f7/i and W 4f s&z core-level excitations appear
with broad maxima at approximately Ace-34. 7 eV and
-36.5 eV, respectively. ' The separation is due to a
spin-orbit splitting of 2.20 eV. The rather broad W
5p3/2 and W 5p &&2 core-level structures have broad maxi-
ma at Ace-43 eV and —52 eV, respectively. ' The ener-

Here, Qz is the free-electron plasmon frequency. A plot
of e, versus I/(co +I ) for irido &2.3 eV yields the extra-
polated interception e =5.20 with the e, axis (see Fig.
3). For the FWHM iiiI of the volume plasmon we used
the value at q-0. 2 A ' where contributions from the
surface plasmon excitation are almost negligible (see Sec.
IV B).

In Fig. 4 we show e values derived from the present
e, values according to Eq. (7) together with results de-
rived from optical measurements on Na„WO3 (x &0.5)
(Ref. 25), WO3 (Refs. 25 and 59), and the related com-
pound Re03 (Ref. 60). The present values for e „are also
listed in Table I.

The optical effective mass m* of the conduction-band
electrons can then be calculated via

2
Qp

co~(q =0) (8)

The plasma frequency coi, (q =0) is obtained from an ex-
trapolation of momentum-dependent data to q=0. For
x =0.68 we obtain a value of Ace&=2. 11 eV leading to
m *=0.72. A plot of m* versus sodium concentration x
is shown in Fig. 5 (see also Table I). Our data compare

gy difference corresponds to a spin-orbit splitting of 8.5
eV.

In Fig. 1 we also show the real part e& and the imagi-
nary part e2 of the dielectric function of Nao 68WO3. The
energy of the lowest interband transition is at 4.10 eV as
can be seen from the e2 curve. For x =0.57 and the Ta-
compensated sample (x —y =0.42) this peak lies at the
same energy, while for x =0.25 it appears at 3.85 eV.

Following Dietz et al. ' a background dielectric con-
stant e can be deduced from the Drude model where e,
is given by

Ap
e, (co)=e„—

m* cu +I

Na2

0)

(8

6)

6-

6)
N
CU

E
R
e

~ ~

e rree ~ e
~ ~ I g I ~ ~ ~ ~ I ~ i ~ I i I ~ ~ ~ I ~ ~ ~ ~ I

33.0 33.5 34.0 34.5 35.0 35.5

Energy (eV)

-8
0 0. 't 0.2 0.3 0.4 0.5 0.6 0.7

[(Am) +(A.l) ] (eV )

FIG. 2. The Na 2p core-level excitation of Na068WG3 for
x =0.25 and 0.68 after background subtraction.

FICx. 3. A plot of e, of Nao 6,WO, vs [(A'co)'+(A'I )~] ' for
small Ace to determine the background dielectric constant e„.
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6» between the maximum of the first peak in the 0 1s
spectra and the maximum of the followin struct

e . This band splitting decreases simultane-
ously with the width of the first peak.

B. Dispersion of the charge carrier ylasmoa

InFi. 8& &'g. &a& we show the loss function in the region of
the charge carrier plasmon of Na WO f

0
ao 68 3 or momentum

transfer q up to 0.6 A ' parallel to the (100) direction.
The dispersion of the volume plasmon, indicated b the
dashed-dotted line is clearl posit' . Mposi ive. axima occur be-
tween 2. 1 eV (q=0. 1 A ) and 2.7 eV (

For ~0. 15 Aor q . an additional structure appears on the
low-energy side of the volume plasmon due to surface

r e sur ace plasmonp asmon excitations. The reason fo th f l

co& to occur at nearly the same energy as the bulk exci-
tation Atop is the relatively high background dieln ie ectric

an e =5.2. This leads to a ratio of the surface
plasmon to the
Ie„l(e +1

o t e volume plasmon energy of
) ] =0.92. Therefore, surface and bulk

plasmons overlap. Surface plasmon excitations lying at
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energies comparable to the screened volume plasmon en-
ergy have already been detected with EELS
reAection. ' ' ' At

wi in

q 0.4 A an additional peak at
2.1 eV is observed which is due to double scattering by an
excitation of a plasmon with q =0 dq= an a p onon with q
equal to that set by the spectrometer.

volume plasmon peaks are plotted versus the squared
momentum transfer q . As expected the dispersion is
quadratic in q for low momentum tra f . Irans er. n order to fit
a function of the form co(q)= + A h—co& q to the plasmon
maxima only data from 0.14 A up to q, =0.28 A
were used. This avoids inaccurac' '

th dies in e etermination
of the dispersion coefficient n du t th fe o e sur ace plasmon

The fi
appearing at low q and due to q contribution t h' h

' nsa ig q.
e fit parameters are then A'cop=(2. 11+0.01

AA= 2. +
eV and

=( .07 0. 17) eVA, leading to a=0.20+0.02 via
Eq. (2a). Above q, the dispersion of the maximum b-
comomes weaker. Contributions from possible q terms in
t e series expansion of A'co(q) could not be detected below

q, . %'hen regarding three NFE bands it is also reason-
a e to apply the same fitting region e. . ~ „b, e.g. , q q„ecause

x =0.68 x =0.2$
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(d) x =0.25. The apparent increase below q (0.17 A is due
to the rather large intensity of the surface plasmon lying at
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* the
width increases due to the onset of Landau damping.
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q, is lower than q,*.
Looking at the dispersion of the volume plasmon width

versus q in Nao 6sWO3 [see Fig. 10(a)] an increase below
approximately q-0. 17 A ' apparently seems to occur.
This is probably an effect of the difficulty in estimating
the exact contribution of the surface plasmon in this low

0

q region. Near q -0.2 A ' the width reaches a
minimum value of b,E,&2(0.2 A ) = 0.40 eV, increasing
then linearly with q up to q-0. 45 A '. A fit with the
function AE»2(q)=bE, &2(0)+Bq in this q region
yields bE, &2(0)=0.35 eV and B =(1.14+0.06) eVA .
In order to determine the width at higher q values the
contribution of the 2.1-eV peak due to the double scatter-
ing process mentioned above has been subtracted. Above

0q-0. 45 A, which is of the order of the critical wave
vector q,*=0.40 A ' in the case of three NFE bands, the
width increases more rapidly due to the onset of Landau
damping.

Qualitatively, the preceding description of the plasmon
dispersion in Nao 68WO3 is also valid for the lower
dopant concentrations. We therefore present these re-
sults more briefIy. As an example for loss data from sam-
ples with low dopant concentrations we show in Fig. 8(b)
the rnomenturn-dependent loss function in the energy re-
gion of the charge carrier plasmon for x=0.25. For
x =0.57 and 0.25 and the Ta-compensated sample, the
plasmon dispersion and the dispersion of the plasmon
width are again shown in Figs. 9(b) —9(d) and
10(b)—10(d), respectively. A summary of the evaluated
data is given in Table I. With decreasing x the plasmon
energy iiico(q =0) is reduced, the dispersion coefficient cc is
slightly increased, and there is an increasing plasmon
width AE, &2. Because of the larger width at lower x-y, it
is difficult to separate surface plasmons and volume
plasmons at low momentum transfer.

For one dopant concentration (x =0.57) we have tried
to measure the anisotropy of the plasmon dispersion.
Along two different directions of the momentum transfer
q parallel to (100) and (110) no statistically significant
difference could be found.

V. DISCUSSION

A. Excitations at small momentum transfer

The observed energies of the VP excitation between
A'co~=1. 52 eV (x =0.25) and A'co~=2. 11 eV (x =0.68)
correspond to plasma edges observed in refIectivity mea-
surements. The energies are considerably lower than
their free-electron values, e.g., AQz =2.50 eV for x =0.25
and A'Q&=4. 07 eV for x =0.68, respectively, due to a
rather high background polarizability leading to a back-
ground dielectric constant e of the order of 5 —6. These
x-dependent e values are consistent with those deter-
mined from optical ellipsometry data (see Fig. 4), thus
confirming that our surface plasmon subtraction pro-
cedure was reasonable. However, slight differences that
appear for e are probably due to remaining uncertain-
ties in this surface plasmon correction especially at low
x-y where surface and bulk plasmons are more difficult to
Separate.

Above A~-2. 3 eV the dielectric function cannot be
described anymore by a simple Drude model with a
frequency-independent background dielectric constant e
due to contributions of the IB peak. The maximum of
this peak appears at irico =4. 1 eV (x =0.68) in ei, which is
lower than values observed in optical ellipsometry,
fico-4. 9 eV (x =0.695) (Ref. 25) and fico-4. 55 eV
(x =0.72) (Ref. 24), and the value derived from optical
refiectivity, iiico-4. 6 eV (x =0.65) (Ref. 23), for compa-
rable sodium content. In the isoelectronic compound
Re03 this IB peak appears in e2 derived from reAectivity
data at 4.2 eV. A shift of this IB peak in e2 to lower en-
ergies with decreasing sodium content of the order of
about 0.2 eV on going from x -0.7 to x -0.5 is observed
in optical ellipsornetry measurements ' which is com-
parable with the 0.3-eV shift in e2 between the EELS re-
sults for x =0.68 and 0.25, although for x=0.68 and
0.57 and the Ta-compensated sample no difference is ob-
served. This might be an artifact resulting from inaccu-
racies in the fitting and correction procedure. The zero
crossing of e, at Boo=2.05 eV for x =0.68 does not differ
much from the optical data, yielding 2.3 eV for
x =0.695, 2. 1 eV for x =0.72, and 2.0 eV for

0 65 18 23

Another quantity that can be compared with optical
data is the width b,E,&i(0) of the plasmon line at q =0,
extrapolated from the region where bE, &2(q) varies
linearly with q . Correcting b,E,&2(0) values (see Table I)
for experimental resolution (160 meV) and assuming for
simplicity Gaussian shapes we obtain the corrected
values 0.31 eV for x =0.68, 0.29 eV for x =0.57, 0.69 eV
for the Ta-compensated sample, and 0.62 eV for x =0.25.
The value of bE»2(0)-0. 3 eV for the two higher doped
tungsten bronzes is again in good agreement with damp-
ing parameters Al =0.315 eV derived from optical
refIectivity via a Drude model for an x =0.65 crystal. '

Observed widths of a surface plasrnon excited with EELS
in refiection are of the same order, 0.35 eV (corrected for
experimental resolution) for x =0.61 and 500 eV incident
beam energy, ' and 0.29 eV for x=0.7 and 100 eV in-
cident beam energy. ' Optical damping parameters AI
from a Drude fit on ellipsornetry data are AI -0.20—0.24
eV (Ref. 25), and A'I -0.32—0.64 eV (Refs. 24 and 62) for
0.7)x & 0.5. For Re03 a Drude fit to optical reflectivity
data yields A'I =0.225 eV (Ref. 60), but for a surface
plasmon a rather high width of fil =0.60 eV (measured
at 500 eV incident beam energy and corrected for experi-
mental resolution) was observed. '

The broad feature in the loss function (see Fig. 1) be-
tween about 15 and 30 eV can be attributed to a plasmon
of all 18 o. and ~ valence electrons. The corresponding
plasmon frequency would be 21 eV for x =0.68. The in-
crease of the loss function at about 11 eV is due to an in-
terband transition showing a maximum in ez at 10 eV.
An assignment of the several structures appearing in the
loss function at 9, 12,2, 13.7, 15.6, 20, 22.5, 25.6, and
—32 eV (see Fig. 1) is rather difficult because they lie
close together. Langell and Bernasek' found in their
EELS in refIection spectrum for an x =0.91 sample only
four of these excitations in that region, at 12.9, 15.6, 20,
and 22 eV, and an additional structure at 29 eV. The
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latter might correspond to the weak shoulder at -32 eV
in the present loss function shown in Fig. 1.

Starting from the valence-band maximum at 4.4 eV
below EI; three maxima lying at about 10.5 eV, 21—22
eV, and 27 —28 eV, and a weak hump at 16 eV final-state
energy above E~ have been observed in constant initial
state (CIS) spectroscopy' for x =0.5. The corresponding
transition energies are then 14.9, 25.4—26.4, 31.4—32.4,
and 20.4 eV for the weak hump which were assigned to
transitions from 0 2p states to empty d states. ' These
energies are similar to the present structures at 13.7, 25.6,
-32, and 20 eV. Comparing their results with x-ray in-
duced PES on 02 in the gas phase, Langell and Ber-
nasek' attribute their 22-eV peak to an 0 2s core-level
excitation.

The 0.24-eV shift of the Na 2p core-level excitation to
higher energy in the x =0.25 sample also appears for all
other high-energy excitations (fico ~ 5 eV) in the loss spec-
trum. This simultaneous shift is an argument against a
change of the oxidation number of sodium near the
metal-nonmetal transition at x-0.2. An admixture of
sodium orbitals to the conduction band near x -0.2 was
derived from NMR Knight shifts and enhanced spin-
lattice relaxation times. ' ' However, this should result
in a shift of the Na 2p excitation to lower energy. The
constant shift of all levels in the x =0.25 crystal might
indicate a higher band gap due to the beginning of a
structural phase transition being connected with the
metal-nonmetal transition in the cubic Na WO3 crystals
at x -0.2. This may indicate some tetragonal distortion
for this concentration. The x-ray powder pattern for the
x =0.25 sample shows very weak additional structures
near the (100) peak.

The onset at 529.2 eV in the O 1s absorption edge spec-
tra (Fig. 6) of Na„WO3 corresponds to the Fermi level for
the unoccupied states of the conduction band broadened
by the energy resolution of 0.4 eV. An interpretation of
the several structures appearing in the 0 1s absorption
edge spectra can be obtained by comparing the present
data with the band-structure calculations for monoclin-
ic W03 and Na]WO3 and also with the 0 1s absorption
edges of TiOz (an oxide with completely unoccupied 3d
states) and BaTi03 (a perovskite) measured with x-ray ab-
sorption spectroscopy. In the Ti compounds the Ti 3d
states are split into t2 and e bands by the octahedral
crystal field. Further structures above 536 eV extending
up to about 18 eV above the onset of the 0 1s edges were
attributed to Ti 4s and 4p states hybridized with 0 2p
states. For BaTi03 the spectrum is more complex with
additional intensity at Ace-537 eV, presumably due to Ba
6s states. The crystal field splitting is also present in
Na„W03 and we therefore assign the first two 0 1s peaks
lying at 531 and —538 eV to t2g and eg states, respective-
ly, which are hybridized with 0 2p states. For the un-
doped W03 the region above 540 eV, also extending up to
about 18 eV above the onset of the 0 1s edge, then maps
the density of W 6s and 6p states admixed to 0 2p states.
For the doped Na W03 additional intensity appears with
increasing x at about 540 eV which can be attributed to
Na 3s states which are expected to be somewhat higher in

energy relative to E+ than Ba 6s states in BaTi03. The
energy of these Na 3s states relative to the Fermi level is
then —11 eV for x =0.25 and —10 eV for x =0.68. This
is in very good agreement with Bullet's LCAO band-
structure calculation for Na&WO3 where sodium orbit-
als contribute to the unoccupied density of states mainly
at —12 eV above the Fermi level.

The width of the t2 peak, e.g., the unoccupied part of
the conduction band, decreases with increasing x [see
Fig. 7(a)]. Together with the nearly constant width of
the occupied part this supports a model of conduction-
band narrowing with increasing x in Na W03 as pro-
posed by Egdell and Hill. ' ' This is also consistent with
the fact that the effective mass increases with increasing
x. The explanation given by Goodenough is that Na
competes for bonding to the 0 2p states and thus the 0
2p —W 5d interaction decreases with increasing Na con-
tent. The 0 2p —W 5d interaction produces the ti
bandwidth and gives the crystal field splitting b, 5d of the
t2g and eg bands which also decreases with increasing
sodium content x [see Fig. 7(b)]. This crystal field split-
tings b5d=7 eV (WO3) and 55d=6 eV (x =0.68) are
higher than in Ti02 (b,5d =2.6 eV) and in BaTi03
(b,~d=2. 8 eV). Generally, an increase of crystal field
splittings is expected as the oxidation state is increased
[Ti(IV)~W(VI)] and as going from the first transition
series to the third.

In Bullet's LCAO band-structure calculations for
NaiW03 the overall width of the conduction band is 2.6
eV, having a sharp peak in the density of states at about
1.65 eV above the bottom of the band. The Fermi energy
(E~-1.1 eV) derived from this calculation is comparable
with the x-independent width (1 eV) of the occupied part
of the t2g bands measured with high-resolution PES.'

Subtracting Ez = 1.1 eV from the theoretical 2.6-eV
conduction-band width we obtain 1.5 eV (x =1) for the
unoccupied part. The width (FWHM) [Fig. 7(a)] of 1.94
eV for x =0.68 of the first peak in the 0 1s absorption
edge is comparable with this value. However, the full
width at the bottom of the peak which should be com-
pared with the calculated density of states has a value of
approximately 3.5 eV for x =0.68, much higher than the
calculated value even if the experimental resolution of 0.4
eV is taken into account. According to the LCAO band-
structure calculation of Bullet for x =1 the eg bands lie
2.5 eV (onset) above the bottom of the Fermi level and
have a width of about 4.25 eV. In the experiment the on-
set of the feature corresponding to the e bands is shifted
to approximately 5 eV above E~ and has a width of about
5 eV. These differences between the band-structure calcu-
lations ' and experimental results have already been
observed in PES (Refs. 10, 11, and 14) for the width of
the occupied valence band and in inverse PES (Ref. 17)
for the width of the unoccupied part of the conduction
band.

A quantitative comparison of the EELS 0 1s absorp-
tion edges with inverse PES measurements' is rather
difficult. In the inverse PES experiment for x=0.64
(Ref. 17) a peak at about 2.8 eV and a very broad feature
at -5.5 eV above the Fermi level are observed, but they
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lie on a strongly rising background. The position of the
first structure is consistent with the maximum of the first
peak in the 0 1s absorption edge, 1.8 eV above EF, when
a shift due to the strong background is taken into ac-
count. The second one probably corresponds to the
second peak in the 0 1s absorption edge, the maximum of
which lies 7.8 eV (x =0.68) above EF (see Fig. 6).

1.0

& 0.5

0 —------------------------------------------0.

B. The dispersion of the charge carrier plasmon

For all Na concentrations, a dispersion of the charge
carrier plasmon has been observed which is quadratic in
momentum transfer q. In general not only terms propor-
tional to q but also higher-order terms, e.g., proportion-
al to q, are expected in the series expansion of hen(q).
However, within error bars, no term proportional to q
could be detected for the sodium-tungsten bronzes, con-
trary to previous investigations on simple metals.
This can be explained by a rule given by Sturm which
states that the quadratic dispersion is a good approxima-
tion for (q/kz) (0.1. For the bronzes investigated here

0 0
this region corresponds to q ~ 0. 16 A and q & 0.22 A
for x =0.25 and x =0.68, respectively. These values are
close to the critical momentum transfers q, in these sys-
tems up to which data were used to fit a quadratic disper-
sion. Therefore, a negligible q term should be expected
below q, . Furthermore, estimating the ratio R of the q
term to the q term from the series expansion for %co(q)
given by Sturm and taking into account the reduction
of EF and kF when considering three identical parabolic
bands (see Sec. II), we obtain R (7.5% for the q ranges
given above. Thus, q contributions are lower than —15
meV within the fitting region and therefore negligible.

The measured dispersion coefficient a for the sodium-
tungsten bronzes are about —,

' of the dispersion coefficients

(xRpA derived in the framework of RPA for a system with
one parabolic conduction band (see Fig. 11). For the Ta-
compensated bronze the measured o,' is about —,

' of o.'RpA.

There is an extensive debate in the literature on models
which can explain in a reduction of the plasmon disper-
sion compared to that calculated in the mean-field RPA
theor 8 53 68 75

Firstly, the small dispersion coefficients could be ex-
plained in the framework of a free-electron model by ex-
change and correlation effects which for higher r, values,
i.e., lower electron densities, should lower a [see Eq. (3)].
In Al (Ref. 66), Na (Ref. 65), and K (Refs. 64 and 65) a
reduction of the dispersion coefficient has been observed
(see Fig. 11) which could be explained by a reasonable
static local field correction function G(q, 0). For the
heavier alkali metals Rb and Cs, having higher r, values,
nearly no dispersion and a negative dispersion had been
detected, respectively, which could not be explained by
present many-body theories on exchange and correlation
effects. ' Lipparini et al. have calculated the
inAuence of multipair excitations to sum rules yielding a
dispersion coefficient close to zero for r, values close to
that of Cs (see Fig. 11).

On the other hand, Aryasetiawan and Karlsson have
recently shown that band-structure effects, which become
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FIG. 11. The volume plasmon dispersion coe%cient a of the
sodium-tungsten bronzes Na WO3 (x=0.68, 0.57, and 0.25)
(solid circles) and Na062Ta02WO, O, normalized to the RPA
value vs the effective density parameter r,*=(m */e )r, . Note
that the value for the bronze with the highest doping is placed
on the right-hand side. Included for comparison are results for
Al (Ref. 66) and the alkali metals (Ref. 64 and from Table I of
Ref. 65) for which r,*-r,. The solid line is the Vashishta-
Singwi (VS) (Ref. 76) static local field correction (r,*=r, ), the
dashed line a dynamical extension (Refs. 64, 65, and 77). An es-
timation of local field corrections for the tungsten bronzes
(m*/e =0.1) within the theory of VS is indicated by the
dashed-dotted line near a/aRpA = 1.

more and more important when going from Na to Cs,
cause the negative plasmon dispersion in Cs.

Since in the sodium-tungsten bronzes the conduction-
band electron densities are rather small ( r, -5—7), corre-
sponding to r, values which are even higher than those of
Cs (r, =5.8), it is tempting to explain the small disper-
sion coefficients in Na WO3 by exchange and correlation
effects. However, on looking more carefully, the r, values
should be strongly renormalized due to the low effective
masses of the order of m*-0.6 m and the high back-
ground dielectric constants e„—5.5. Both lead to a
reduction of the r, values to give effective density param-
eters r,*-0.7—0.5. This reduction occurs by replacing e
by e /e and nz by m* in all formulas. The strong
shielding of the Coulomb repulsion by the background
dielectric constant leads to a reduction of the ratio be-
tween mean potential energy per electron to its mean
kinetic energy and, therefore, we are again in the weak
coupling regime where the RPA should work. Therefore,
in this approximation for a free-electron system, for
Na WO3 we should expect dispersion coefficients which
are close to the RPA values and not strongly reduced by
exchange and correlation effects.

However, the above discussion holds only for a free-
electron system with an effective mass m *. When regard-
ing the band-structure calculations, ' the conduction
band is not a simple parabolic band with an effective
mass but it is composed out of three t2 bands. In Sec. II,
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we have already considered the effect of replacing one
parabolic conduction band by three identical parabolic
bands which is of course an oversimplified picture. Ac-
cording to Eq. (4) the theoretical dispersion coefficient is
reduced by a factor of (1/3) =0.48. In this way the
discrepancy between experiment and theory is
significantly reduced (see Table III). But apart from the
Ta-compensated sample for which a,„=1.08',h, the ex-
perimental o.,„values are still smaller than the theoreti-
cal a,h values for this simple three-NFE-band model,
cx p/cath 0 65 for x =0.25, 0.57 for x =0.57, and 0.56
for x =0.68.

Another apparent contradiction can be resolved using
the three-NFE-band model. High-resolution PES data'
provide directly the width of the occupied part of the
conduction band as roughly 1 eV independent of sodium
content x and in agreement with the concentration-
dependent semiempirical LCAO model of Wolfram and
Sutcu. ' From I*,derived from the present EELS data
on co& and e and from the electron density n, one ob-
tains E~=fi k~/(2m')-2. 3 —2.7 eV by assuming one
band only. But for the three-NFE-band model this value
is reduced again by the same factor 0.48 resulting in a
width of the occupied part of the conduction band of
1.1 —1.3 eV close to the PES and LCAO model results.
Vice versa, the effective masses determined here
(m "/m =0.44—0.78) are in agreement with the results
from optical investigations' ' ' but are smaller by a fac-
tor of 0.45 than those determined from PES data. ' ' In
that case, effective masses were deduced from the PES
conduction-band shape by assuming one band only via
Ez=fi kz/(2m*)-1 eV. ' ' Ez being fixed one obtains
k~ ~ m ' which in the three-band case reduces the
effective masses again by the same factor 0.48, which is
nearly the same factor as the apparent deviation of 0.45
between EELS and PES effective masses when evaluating
the PES data incorrectly within the one-band model.

Measurements of the electronic specific heat ' of cu-
bic Na„WO3 (x &0.2) show a nearly linear dependence
of the low temperature specific heat coefficient
y, ~D(Ez) on x. This could not be explained by a NFE
model with an x-independent effective mass
(m "/m =1.6) (Ref. 27). Within our three-NFE-band
model, neglecting electron-phonon interaction, we get
D(E~)=3D;(Ez; ), with D, (Ez; ) ~m*qz; being the densi-
ty of states at the Fermi level in the ith band. Calculating
y, in this way using x-dependent effective mass values as

deduced from HREELS data'" for which the widest
range of x has been investigated we achieve an excellent
agreement with the experimental values (see Fig. 12) and
also with the LCAO results of Wolfram and Sutcu. ' y,
then is proportional to m*(x)x'~ which behaves nearly
linear for 0. 1 (x ( 1. A linear dependence of D (E~ ) on x
was also found in PES.' '

Furthermore, estimating x-dependent efFective masses
within the three-NFE-band model from measurements of
the magnetic susceptibility y, (Refs. 27 and 28) with the
NFE relation y, =@AD(E~)[1——,'(m/m*) ], which
probably oversimplifies the diamagnetic contribution, we
obtain m ' values which are in reasonable agreement with
corrected PES, ' ' optical, ' ' ' HREELS, ' ' and
EELS results (see Fig. 5). The three-cylinder LCAO
model of Wolfram and Sutcu also is consistent with ex-
perimental g, values. '

A quadratic dependence of the plasmon line width
EE,&2=DE, &z(0)+Bq for low momentum transfer q is
generally expected for simple metals and mainly results
from the decay of plasmons via interband transitions.
However, the heavy alkali metals Rb and Cs show a
weaker dispersion proportional to q' and q, respective-
ly. ' We observe a quadratic behavior in the case of
the sodium-tungsten bronzes (Fig. 10) with B= l. 14
eVA for x =0.68 up to B=4.08 eVA for x=0.25 (see
Table I), values which are comparable with those report-
ed for other simple metals like Al, K, ' and Na. A
strong increase of the plasmon linewidth due to the onset
of Landau damping is consistent with critical wave vec-
tors q,

* determined within the three-NFE-band model
while q, values appear to be too low (see Fig. 10). On the
other hand, q,

' values instead of q, are still consistent
with deviations from the quadratic plasmon dispersion
which are not so pronounced, as in the case of the
plasmon linewidth (see Fig. 9).

Thus, apart from the remaining smaller deviation in
the case of the plasmon dispersion coefficient, a rather
consistent description of different data and quantities is
achieved by considering the existence of three bands al-
ready in its most simple way, i.e., three identical free-
electron bands with effective mass I*.

Actually, the conduction band consists of three t2
bands with the following three Fermi surfaces (in the
considered range of sodium content): one is roughly a
sphere, the second is a warped sphere, and these two arise
from the overlap of three orthogonal and interconnected

AA (eVA )

three cylinders
(100). . .(110)experiment three NFE bandsone NFE band

TABLE III. The experimental dispersion coefficient AA of the sodium-tungsten bronzes compared
with theoretical values calculated with one parabolic band, three parabolic bands, and with three 2D
bands for the (100) and the (110)direction, respectively.

AA (eVA ) AA (eVA') A'A (eVA )

0.25
x-y =0.42

0.57
0.68

4.8(10)
4.68(20)
2.39(4)
2.07( 17)

15.64
9.18
8.90
8.05

7.51
4.41
4.27
3.86

6.04. . .4. 54
4.24. ~ .3.18
4.55. . .3.41
4.32. . .3.24
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FIG. 12. The electronic contribution y, to the low-

temperature speci6c heat (Refs. 26 and 27) of the conduction-
band electrons of cubic Na WO3. The solid line is a calculation
based on our three-NFE-band model using efT'ective masses
from HREELS measurements (Ref. 14}, the dashed line
represents the results of the Wolfram and Sutcu LCAO model
(Ref. 41).

(v, )F, =—— cos 8, ,
1 kFUF

2 MQ
(9a)

3

(v )F;=— cos 8;,4 3 kFUF 4

8 ~a (9b)

where i numerates the three cylinders and 0, is the angle
between q and the cylinder normal in the plane fixed by q
and the axis of the ith cylinder. With g;cos 0;=2 we
obtain then from (A5) and (A6)

COPE'~ kF UF
2

4ne 2 Ma
3

2co~A =—,'V~G(e) with G(e)= g cos 0; .

(10)

The bandwidth 28' is the only parameter of this model

cylinders which form the third Fermi surface. The model
of three independent spheres can be regarded as one lim-
iting case and the Wolfram-Sutcu model ' with three in-
dependent cylinders as another one. We now apply the
three-cylinder model, i.e., three independent two-
dimensional (2D) bands, also to the plasmon dispersion
evaluating the expressions given in the Appendix. We
use a model which is simpler than the three-cylinder
LCAO model considering that we only need the Fermi
velocity in (A5) and (A6) and not the whole band struc-
ture. The three bands are roughly 2D sinusoidal bands
with a filling (for the considered sodium concentrations)
for which the 2D Fermi surface cross sections are nearly
isotropic [the 2D k~=a '(2mx /3)'~ is far from the
Brillouin zone boundaries]. Then one can use for the
Fermi velocity v~=(a/A')WsinkFa where 2W is a mea-
sure of the bandwidth. To calculate the plasmon disper-
sion coefficient from (A5) and (A6), Eq. (A3) is required
which in this model is given by

and is determined by means of Eq. (10) from the plasmon
energy %cup and the background dielectric constant e
Interpolation then gives the bandwidth
2W'=2(2. 75 —3.76x+2. 58x ) eV. We thus find a nar-
rowing of the bandwidth from 3.9 eV for x =0.25 up to
2.8 eV for x =0.68 in satisfactory agreement with experi-
mental results, yielding 3.32 eV for x =0.25 and 2.94 eV
for x =0.68, when taking the sum of the 0 1s absorption
edge width [see Fig. 7(a)] and the 1-eV PES conduction
bandwidth. ' However, the full width at the bottom of
the O 1s peak which should be compared with the unoc-
cupied part of the calculated density of states is of the or-
der of 4 eV for x =0.25 and 3.5 eV for x =0.68. Adding
the 1-eV PES conduction bandwidth this gives a width of
5 eV for x =0.25 and 4.5 eV for x =0.68 for the whole
band which is much higher than the calculated values.
Furthermore, Bullet's LCAO calculation gives a con-
duction bandwidth of 2.6 eV for x=1. In the present
three-cylinder model the Fermi energy varies between 0.5
and 0.8 eV which is less than the observed value of 1 eV.

The plasmon dispersion coefficient, Eq. (11), contains
the anisotropy factor G(e) with G(100)=2 and
G(110)=1.5,. This anisotropy would correspond to a
plasmon energy difference at q, of about 77 meV
(x =0.57) which could not be detected experimentally.
On the other hand, the anisotropy of the dispersion
coefficient is too large to be negligible. In Table III the
resulting dispersion coefficients A are given for both
orientations and are to be compared with the experimen-
tal value showing no anisotropy. For x =0.25 the devia-
tion of A from the experimental value is reduced further,
but there is no significant difference to the three-NFE-
band model for x =0.57 and 0.68. The strong anisotropy
is probably overestimated within the three-cylinder mod-
el.

VI. CONCLUSION

We have determined the loss function, the dielectric
function, x-dependent optical effective masses m *(x) and
background dielectric constants e (x), and Na 2p and 0
1s absorption edges of cubic single crystalline Na WO3
for 0.25~x ~0.68 and the 0 1s absorption edge of
monoclinic WO3 &. The dispersion of the charge carrier
plasmon in the sodium-tungsten bronzes is positive quad-
ratic for low momentum transfer q. We have demon-
strated that the reduction of the plasmon dispersion
coefficient compared to the free-electron RPA values is
essentially determined by the threefold degeneracy of the
conduction-band t2~ states in an octahedral field. On the
other hand there remains a discrepancy between theory
and experiment since the experimental values for x =0.57
and 0.68 are still roughly —', of the theoretically estimated
ones. Such a deviation is not surprising since the
plasmon dispersion, though an integral quantity, depends
rather sensitively on details of the band structure due to
the occurrence of the fourth power of the projection of
the Fermi velocity on the plasmon propagation direction.
Such details are lost within the simple three-NFE-band
or three-cylinder model. There are further approxima-
tions which may lead to noncorrect plasmon dispersion
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coefficients. We mention at first the neglect of local field
e6'ects in the crystal which are expected to play a role due
to the localized character of the wave functions in ques-
tion. Also not investigated is the role of the q depen-
dence of the matrix element in the Ehrenreich-Cohen for-
mula for the dielectric function. Furthermore, the
second term in Eq. (A2) is neglected which can be more
important for a complicated band structure. Also, both
models used here are based on using co~@„ to fit band-
structure data. So the dispersion coefficients depend
rather sensitively on the determination of the background
dielectric constant e„. Moreover, low-lying interband
transitions as observed in Re03 (Ref. 79) (which is
isoelectronic to Na, WO3) have not been detected so far in
the sodium-tungsten bronzes. If they are present they
would also inAuence the plasmon dispersi'on. Finally, the
inAuence of disorder of the Na atoms on the plasmon
dispersion is unknown until now.

Within the three-NFE-band model x-dependent
conduction-band effective masses m*(x) as determined
from EELS, HREELS, optical ellipsometry, PES, specific
heat, and magnetic susceptibility measurements are now
consistent. m increases linearly with increasing sodium
content. This conduction-band narrowing model is sup-
ported by the decreasing width of the unoccupied part of
the conduction band while the width of the occupied part
is nearly independent of x. Furthermore, with increasing
x a reduction of the t2g

—
eg ligand field splitting is ob-

served. As the band narrowing, this can be explained by
a decreasing 0 2p —W 5d interaction due to Na which
competes for bonding to the 0 2p states. Na 3s states lie
10-11eV above the Fermi level.

From Na 2p core-level edges we conclude that there
are no contributions from sodium orbitals to the conduc-
tion band close to the metal-nonmetal transition at
x -0.2 in Na„W03. This result has also been derived
from the PES measurements of Hill et ah. However,
below x-0.35, an admixture of sodium orbitals to the
conduction band was assumed to explain NMR Knight
shifts and enhanced spin-lattice relaxation times.
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APPENDIX: PLASMON DISPERSION
FOR A GENERAL BAND STRUCTURE

Niicker et al. gave the systematic q expansion of the
EC formula for the dielectric function for one band
(neglecting the q dependence of the matrix element which
will contribute also in the order q ). Assuming a negligi-
ble imaginary part of the dielectric function, i.e., no
essential interband transitions near the plasmon energy,
their result for the plasmon dispersion (we use a slightly
modified notation here and include e ) is Eqs. (la) and
(lb) with

=(U,')F,
mopt

(Al)

4 2
2~e' &Uq&F 1 ~ a
E'~ cop ~p 12 q Bk2

+ vq
.

vq

v =v.q/q is the projection of the electron velocity
v=iii 'BE/Bk on the plasmon propagation direction and
in

(A3)

one has to integrate over the Fermi surface, f being the
Fermi-Dirac distribution. The spin degeneration is in-
cluded in (A3). Since (Uq )F=D(EF) is the density of
states at the Fermi energy, Eq. (A3) can be rewritten as

(A4)

where now the overbar with superscript F denotes the
mean value at the Fermi energy. In general the second
term in the dispersion coefficient (A2) will be much small-
er than the first one due to the occurrence of higher
derivatives and due to the prefactor and we therefore will
neglect it. Then in the case of several conduction bands
these expressions take the following form:

2
COpE~

4me' ~opt
(A5)

& (U,"&F;

(Uq &~;
(A6)

Measurements of the loss function yield (in the present
case x dependent) the plasmon frequency co&, the back-
ground dielectric constant e, and the dispersion
coefficient A. These three quantities are connected with
the band structure only in the rather complex integral
form of the two Eqs. (A5) and (A6) and there is an addi-
tional connection between m», and e„due to the f-sum
rule (m», is determined by the intraband transitions at
the Fermi energy, e by the interband transitions from
all completely occupied bands to states above Ez, thus
both depend on E~). The form of the dispersion
coefficient [see Eq. (4)] follows directly from (A6) since
then for a parabolic band (A4) yields (U )+~q~ ~nEF
Equation (A6) also shows immediately that the same
number of electrons distributed over several bands in-
stead of one band gives a smaller A, since in the denomi-
nator one has the smaller power of the velocity. Finally
we would like to mention that also in the case of a gen-
eral band structure a dirnensionless coefficient can be
defined similarly to Eq. (2) by
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Pal

n Ia with a=
2fzco~

g (vq)IF

'2 (A7)

the form

~F
n Vq

2ficot, D(E~) (P )&
Vq

(A8)

which in the case of only one conduction band takes on where we made use of Eq. (A4).
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