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In this paper we study the relationship between equilibrium and kinetics in Cu-Ag (111). We

investigate the kinetics of segregation in a silver —dilute-copper sample and the dissolution kinetics
of one Ag monolayer deposited on Cu(111). We compare results obtained using mean-field and

Monte Carlo methods and relate them to the equilibrium isotherm by means of a local-equilibrium

concept. We 6nd good agreement with available experimental results on segregation kinetics and

on dissolution kinetics when the Monte Carlo simulation is used.

I. INTRODUCTION

In bimetallic alloys A,Bq, the relative concentration
of the alloy constituents near the surface is in general
different than in the bulk giving rise to the surface seg-
regation phenomena. For a given temperature the equi-
librium surface concentration depends in general on the
surface orientation, the size mismatch of the constituents,
the difference in surface energies, and the type of chemi-
cal bonding of the atomic species. Many of these effects
have been studied theoretically in metallic alloys. i s

Prom the kinetic point of view, two kinds of studies
are of interest: the kinetics of surface segregation, that
is, how the equilibrium surface segregation is established
from an initial nonequilibrium condition, and the kinet-
ics of dissolution of one or several A monolayers that
were initially deposited on a free B surface. The kinetics
of surface segregation cannot be theoretically interpreted
by means of the standard Fick's description of the flux of
matter being proportional to the concentration gradient
because it cannot explain uphill diffusion. On the other
hand, during the kinetics of dissolution a metastable sur-
face alloy can be formed in some cases. Moreover, when
the surface energy of the deposit is higher than the sub-
strate one a surfactant effect could happen. It is nec-
essary to have a theory that takes into account not only
the surface energetic factors but also the tendency of the
alloy to either form ordered phases or to phase separate.
In this sense, different models have been proposed to
study segregation kinetics near a solid surface that are
consistent with the equilibrium surface segregation
and some of them also account for the bulk properties.
These models are one-dimensional (1D) multilayer mod-
els that deal with homogeneous concentrations per plane
parallel to the free surface. The in-plane inhomogene-
ity is not taken into account in these models and short
and long distance in-plane ordering as well as correlations
are neglected. To go beyond these limitations one could

use more sophisticated mean-Geld models or Monte Carlo
ones.

The equilibrium and kinetics on the (ill) surface of
Cu-Ag alloys have been studied experimentally14

—16 and
theoretically. Regarding the equilibrium properties
and &om the bulk point of view the Cu-Ag system is one
with a tendency to phase separation and &om the surface
point of view it presents a strong tendency to silver segre-
gation. It has also been shown that layering transitions
occurs in the (ill) surface of Cu-Ag (the near surface
concentrations going from low to high silver concentra-
tion by lowering the temperature or increasing the bulk
concentration). i4 2

There have also been experimental studies of the ki-
netics of surface segregation and the kinetics of disso-
lution of one monolayer of Ag on Cu(ill) using Auger
spectroscopy. 6 They show a linear growth of the surface
silver concentration with the square root of time in seg-
regation kinetics and a linear decrease of the surface con-
centration with square root of time during dissolution.
During these kinetic studies the part of the surface phase
diagram where the system undergoes the mentioned lay-

ering transition is explored. One can then wonder up to
what extent these one-dimensional mean-field models are
able to describe the experimental results. It was found
that a mean-Geld model correctly describes the experi-
mental result during segregation kinetics but not during
the kinetics of dissolution. 2

The aim of this paper is then to compare two different
theoretical approaches: a simple one-dimensional mean-
field model and a Monte Carlo model when applied to the
segregation equilibrium and to the kinetics of segrega-
tion and dissolution in Cu-Ag alloys and also to compare
them with available experimental data. Both models are
based on the same efFective tight binding Ising model '

that takes into account the surface segregation parame-
ters and the tendency of the bulk to phase separate or to
form ordered phases. However, we are aware that both
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models being rigid lattice ones do not take into account
in a rigorous way the displacement of the atoms during
the difFusion process that can be important due to the
large size mismatch of about 12%.

II. THE NUMERICAL MODEL

It is well known that the total energy of transition
metal alloys A, Bq „where d electrons play a predom-
inant role, cannot be written as a sum of pair interac-
tions. Nevertheless it has been demonstrated that the
part of the energy that depends on the actual configu-
ration can be calculated as an Ising model with effec-
tive pair interactions. These effective pair interactions
are calculated &om the tight binding electronic struc-
ture of a totally disordered alloy in the coherent potential
approximation.

The generalization of this model to surfaces of tran-
sition metal alloys is the tight binding Ising model
(TBIM). ' The internal energy is then written

m are bulk sites and characterizes the tendency to bulk
ordering (V ) 0) or to phase separation (V ( 0). When
at least one site belongs to the surface, the interaction
V„ is enhanced being Vo ——1.5V for the close packed
(ill) and (100) fcc surfaces and Vp = 2V for the (110)
one.

(ii) The linear term b,h„'+is related to the difference
in surface energies between the pure constituents, and is
generally difFerent &om zero only for the surface and first
underlayer planes.

(iii) b,H„'"'accounts for a possible size effect, this term
is calculated by means of a tight binding quenched molec-
ular dynamics 2 and is only significant close to the
surface. In this scheme AH„'"' is calculated as the size
dependent part of the difference between the total en-

ergy when a single impurity is moved &om the totally
relaxed bulk to the totally relaxed surface. For a given
bulk concentration this value decreases with the surface
concentration cp, ~r however, for simplicity in this work
we have used a constant value calculated in the surface
and bulk dilute case (cp, c ~ 0).

HTBIM ) (ghg~g~' ) y ) A. Mean-Seld statics

+ ). p~pmVnm)
n mWn

where p„is the spinlike occupation variable equal to 1

(0) if the site n is occupied by an atom A (B). Let us
recall the main features of the model.

(i) V„ is the effective pair interaction between atoms
at sites n and m:

In this section we present the model used within the
mean-Geld approximation. In this case, the relevant
quantities are the concentration of A atoms in the i plane
parallel to the surface c; (i = 0 being the surface plane).
This assumption of homogeneous concentration per plane
gives rise to a one-dimensional model where the grand-
canonical free energy is written

1 (VAA + VBB 2VAB) G = (HTB'M) —T(S) —y, (NA).

for fcc systems it is negligible if n and m are not first
neighbor sites. It takes a constant value V„=V if n and

I

(HTB~M) represents the mean value of the internal energy
calculated from Eq. (1):

(H ) = coN„(bHo"'+who —Vo(Z + Z') + Vo(Zco + Z'cg) j
+cyN&(AH~ + Ah& —V(Z + Z ) —VpZ + V(Zcy + Z c2) + VpZ cp)

+ ) c;N~( V(Z+ 2Z') + —V[Zc;+ Z'(c;+i + c; i)]).
i)2

(4)

(S) is the mean value of the entropy:

(S) = kN„) [c; ln(c, )—+ (1 —c;) ln(1 —c;)].
i=0

I

equations:2

ci

1 —ci

c
( BK)

(N&) is the mean number of A atoms in the system:

(N~) = N„) c, . (6)

where c is the bulk concentration, AH; is the segregation
enthalpy on the i plane, that is the energy needed to
exchange an atom B in the i plane by an atom A &om
the bulk:

N„is the n»mber of atoms in a plane parallel to the
surface, T the temperature, p, = p~ —p~ the difference
of chemical potentials, and Z, Z' the numbers of first
neighbors in the same and adjacent planes, respectively.

Minimizing the free energy G with respect to the plane
concentrations ci gives a system of coupled nonlinear

EHO = b,H "+Ah; + V(Z+ 2Z') —V,(Z+ Z')

+2Z(Voco —Vc) + 2Z'(Vpc1 —2Vc),
EH, = AH]"'+ bh; + VZ' —VoZ'+ 2ZV(c, —c)

+2Z'(Vpcp + Vc2 —2Vc),
b,H~ ——2ZV(c; —c) + 2Z'V(c;+i + c; i —2c).
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B. Mean-Beld kinetics

In order to describe the kinetics of either segregation
in an A,Bi, alloy or dissolution of an A deposit into
a B substrate we use a simple one-dimensional model
consistent with the equilibrium model. This kinetics ex-
tension of the TBIM [the KTBIM (Refs. 13 and 22)] also
assumes homogeneous concentration per plane parallel to
the surface and ensures that the steady state concentra-
tion profile corresponds to the equilibrium pro6le given
by Eq. (7). The time dependency of the mean concen-
tration c, (t) is calculated as a detailed balance between
incoming and outcoming Buxes:

Oci D ci+ i
(1 —c) p; ic;

where D = Do exp( —Q/kT) is the bulk diffusion constant
and d the interplanar distance. p, represents the transi-
tion probability for an exchange between an A atom in
plane i and a B atom in plane i + 1 and it is related to
the instantaneous segregation energies:

p;(t) = exp
~b, H;(t) —AH, +i(t) ~

2kT (10)

The dynamics of the system is found by iterating the
system of Eqs. (9) using a constant time step algorithm.
A large number of equations (approximately N = 5000)
is needed in order to get a dynamics independent of the
system size. For the kinetics of segregation we use the
initial conditions c;(0) = c, i = 0, N and the boundary
condition c~+i(t) = c. For the dissolution kinetics we
use co(0) = 1;c;(0) = O, i = 1,N, and c~+i(t) = 0.

It is interesting to note that the system of Eqs. (9) is
equivalent to the discrete classical Fick's equation when

To calculate the equilibrium profile one can use either
an area-preserving map algorithm or a local field re-
laxation one. ' In this work we used the second proce-
dure that consists to extract ci from the left hand side of
Eq. (7) and to iterate the system of equations from a set
of initial concentrations for a given system size (N 20)
and a given bulk concentration determined by imposing
the following boundary condition: cN+i ——c. This pro-
cedure converges to a minimum of the free energy. When
a first order layering transition occurs (one of the near
surface layers going from almost pure B concentration to
almost pure A concentration at a given bulk concentra-
tion), this procedure gives the stable (absolute minimum
of the free energy) and metastable (relative minimum
of the free energy) parts of the isotherm. The unsta-
ble (maximum of the free energy) part is found using
a similar procedure but now fixing the concentration of
the layer that undergoes the transition and calculating
the remaining concentrations including the bulk one by
iteration.

the transition probabilities p; tends to 1:

Oci 1= —(c,+i + c; i —2c, ),Ot to

where to ——d /D. This condition can be fulfilled exactly
when all the energetic parameters are neglected and ap-
proximately when the concentration is weak t"i (& 1.

C. Monte Carlo statics

The Monte Carlo method was also used in conjunction
with the energetics provided by the TBIM to study the
equilibrium alloy segregation pro61e and the segregation
and dissolution kinetics beyond the mean-6eld approx-
imation. The calculations were performed in a system
box of / x l x m fcc unit cells with the largest side (m)
oriented along the [111] direction. Periodic boundary
conditions were always used in the (111) plane but dif-
ferent boundary conditions were used on the two surfaces
along the [111]direction regarding the type of calculation
performed.

For equilibrium the standard Metropolis algorithm for
Monte Carlo calculations was used. Starting from an ar-
bitrary configuration new system configurations were ac-
cepted or rejected according to the thermodynamic prob-
ability of their occurrency. The algorithm consists on the
repetition of the following steps:

(i) Choose randomly a minority atom.
(ii) Choose randomly another atom in the system box.
(iii) If the second chosen atom is a majority one, cal-

culate the initial F;„;tand final (after exchange) Efi
total energies from Eq. (1).

(iv) Accept the exchange if a random number re(0, 1)
is less than exp((E;„;t —Efi i)/kT).

Two different types of equilibrium properties were
studied at a given temperature T: the bulk solubility
limit c (T) and the equilibrium segregation profile c, (c)
for bulk concentrations c in the solid solution region of
the phase diagram.

In the first case, a closed system of typically t = 20,
m = 100 was used and the initial configuration is formed
by 50 contiguous (111) planes of A and 50 JB ones. The
system is then equilibrated until a 1 —c /c interphase is
stabilized: c is then calculated from the core planes on
either side of the interphase. In order to simulate an infi-
nite system, the boundary condition in the [111]direction
is imposed by the following procedure: for sites in the top
and bottom layers the number of A and B neighbors in
the boundary planes outside the systems are computed at
random according to tentative bulk concentrations ct p
and t"b~tt~~. For example, a site in the bottom plane
(the one in the c side of the interphase) has a proba-

bility (1 —cb~«~~) to have no neighboring A atoms, a

probability Z'cb tt (1—cb t& ) to have one neigh-
boring A atom, etc. For consistency the top and bottom
tentative concentrations are periodically updated during
the simulation to the values of the lately calculated 1 —c
and c, respectively.
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To study the equilibrium segregation profile we also
consider a closed system of the same size, but in the
[ill] direction a free (111) surface is considered in one
side while a bottom layer in contact with the bulk and
handled as above is taken in the opposite side. For a
given number of A atoms the system is set to evolve until
thermalization, the surface planes and bulk (arising from
the layers close to the bottom side) concentrations are
then calculated as temporal averages. Care is taken not
to exceed the bulk solubility limit.

Bf; Z'
+change (fi+1 + fi 1— 2fi ) 1

07 Z+ 2Z' (13)

where r is the Monte Carlo time in units of Monte Carlo
steps per minority atom and P,h „g is the probability
of accepting an exchange between an atom A and a B
one in the very dilute limit, P,h „g,——1 if Metropolis
dynamics is used and P,h „g,——2 if Glauber dynamics
is used. The comparison between Eqs. (11) and (13) gives
a relation between Monte Carlo time and real time:

D. Monte Carlo kinetics

Z'
t —Pchange 407 .Z+ 2Z' (14)

The kinetics algorithm differs Rom the equilibrium one
because the exchange is performed only between first
neighboring atoms. In addition, the study of the Monte
Carlo kinetics presents two additional complications: the
first one is to impose the boundary condition when the
system is allowed to change the number of minority atoms
and the second is the more general problem about the
definition of the time scale in kinetic Monte Carlo simu-
lations.

Regarding the boundary condition, the number of
atoms in the bottom plane is fixed to the corresponding
bulk concentration: l c in segregation and 0 in dissolu-
tion. In the first case, we also calculate the number of A
neighbors in the boundary plane below the bottom plane
using the same procedure as described for the equilibrium
calculations.

In kinetic Monte Carlo simulations "time" is very of-
ten measured in "Monte Carlo steps per atom, " i.e., the
"time" after M attempts is t(M) = M/N where N = l2m
is the total number of sites. If one chooses only minority
atoms the "Monte Carlo steps per minority atom" and
"Monte Carlo steps per atom" are related by the mean
concentration N~/N where N~ is the number of minor-
ity atoms. In our case an additional problem exists due
to the nonconstant number of minority atoms during the
kinetics. In this case the time in units of "Monte Carlo
steps per minority atom" after M attempts is defined by

(12)

where N~(i) is the number of minority atoms in the ith
attempt.

The initial condition simulates the experimental start-
ing condition: in segregation kinetics we place at random
in each plane the number of minority atoms (l2c) that
ensures the homogeneous bulk concentration c. In dis-
solution we begin with a full surface of A atoms placed
over a substrate of B atoms. We typically use a sys-
tem of lengths l = 20 and m = 1000 in segregation and
dissolution kinetics.

The master equation that describes the kinetics con-
sidered above reduces to the SD random walk equation
dynamics in the very dilute case. If one considers now
plane averages (f;) of the site probability, one gets the
1D Pick's equation:

This "fortunate" relation is possible thanks to the low
solubility limit that enables us to linearize both the KT-
BIM equations and the Master equation governing the
Monte Carlo simulation and also because in this system
the kinetics is controlled by bulk diffusion.

For the Ag, Cuq, system and the (111) face the fol-
lowing values were used for the mentioned energetic
quantities: AHO"' ———0.25 eV, Aha ———0.11 eV,
6Hz"' ——Eh/ = 0, and V = —0.032 eV. Also the pref-
actor and activation energy for diffusion were taken from
Ref. 20: Do ——0.63 cm2/s and Q = 2.02 eV/atom. Fi-
nally, for the (111) orientation, Z = 6 and Z' = 3.

III. RESULTS

A. Equilibrium surface segregation

The Cu-Ag system is one with a strong tendency to
phase separation, as can be seen by the value of the ef-
fective pair interaction V calculated &om the formation
enthalpy AH = —(Z+ 2Z')Vc(1 —c). It gives for ex-
ample a Monte Carlo solubility limit at T = 1000 K of
c 0.012. Regarding the surface segregation in the
copper rich region, the three energetic parameters segre-
gate the silver atoms: the negative value of the effective
interaction segregates the bulk minority atom, the size
effect leads the bigger silver atom to segregate, and the
surface tension effect also segregates the Ag atoms due
to their lower surface energy. The effect of these three
factors is responsible for the layering transitions observed
experimentally and theoretically in this system.
Roughly speaking, the inclusion of the effective interac-
tion in the segregation enthalpy AH; gives an i-plane
concentration dependency responsible for the phase tran-
sition, while the constant terms AHO"' and Ah& place
the layering transition at a bulk concentration within the
solid solution region at this temperature. Using mean-
field equations the solubility limit can be found approxi-
mately:

((Z+ 2Z')V)

and the critical bulk concentration for the first surface
phase transition (the surface concentration going from an
almost Cu concentration to an almost Ag concentration)
can be also calculated:
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EHO'-+ AID" —Z'I'o + tZ+ IZ')V

I
c'- exp

kT

AHp + Ahp —Z Vp= c exp

This first order layering transition occurs if the temper-
ature T is smaller than Tt ———ZVp/2k 1678 K. A
second first order layering transition (the subsurface con-
centration going &om an almost Cu concentration to an
almost Ag concentration) occurs at a critical bulk con-
centration given by

j z'V. + (z+ z')v j z (vp —v)
cl —exp

kT
= c exp

(17)

In this figure we also show the Monte Carlo results
for the same five temperatures. We see a general good
agreement between the mean-field and Monte Carlo seg-
regation isotherms, but in Monte Carlo the limiting tem-
peratures T& and TI are lower. The new maximum crit-
ical temperatures for the first order layering transitions
to happen can be estimated taking into account that the
maximum critical temperature for the phase separation
of a two-dimensional triangular lattice is lower in Monte
Carlo than in mean field by a factor of 0.6068;35 it gives

T) 1018 K and TI 679 K. It is also interesting
to note that the Monte Carlo layering transitions occur
at the same bulk concentration than in the mean-field
model, suggesting that Eqs. (16) and (17) are also ap-
plicables in Monte Carlo. The reason for that is the low

bulk concentration that assures that the mean-field ap-
proximation is reasonably good.

if the temperature is lower than Tti ———ZV/2k 1119
K.

We illustrate this in Fig. 1, where we show the sum
of the mean-field surface and subsurface concentrations
cp + ci as a function of the bulk concentration c for five
diferent temperatures. As mentioned above at 2000 K
(T ) Tip ) Tti ) the segregation isotherm does not show
van der Waal's loop and hence no first order layering
transitions are present. At 1500 K and 1200 K, in the
temperature region 1119 K T,' & T ( T,' = 1678 K,
only one van der Waal's loop appears in the lower part of
the isotherm corresponding to the surface layering transi-
tion. Finally, at 1000 K and 800 K when T ( Tti 1119
K, there are two van der Waal's loops, the first one in
the lower part of the isotherm that occurs at lower bulk
concentration corresponds to the transition of the surface
layer and the other one in the higher part of the isotherm
and occurring at higher bulk concentration corresponds
to the first subsurface layering transition.

B. Kinetics of dissolution

Figure 2 shows the dependency of the surface concen-
tration cp on the square root of time during the kinetics
of dissolution of one Ag monolayer on a Cu substrate at
T = 1000 K for the mean-field and Monte Carlo models,
where the relation between Monte Carlo and mean-field
times given by Eq. (14) with P,h „s,——1 (Metropolis
dynamics) was used.

There is a remarkable difFerence between both kiads
of descriptions. The mean-field kinetics shows essentially
two different regions, the first one with cp up to 0.6 being
slower and thea a speed up of the dissolution. The Monte
Carlo kinetics, however, shows a linear behavior, that is
a constant dissolution rate in square root of time, that
was experimentally observed in this system using Auger
spectroscopy.

It shows a clear limitation of the mean-field models
that are currently used to study equilibrium and kinetics

2.0
Co

0.8

Co+C1 0.6

0.4

0.5 0.2

0.0
0.00001 0.0001 0.001 0.01 0.1 200 400 600 800 1000

v'(t/t )

FIG. 1. Mean-field (lines) and Monte Carlo (points) equi-

librium segregation isotherms. Sum of the surface co and
subsurface cq concentrations versus bulk concentration in log-

arithmic scale at difFerent temperatures.

FIG. 2. Dissolution kinetics, co vs gt/tII at T=1000 K.
Comparison between mean field (solid line) and Monte Carlo
(dot ted line) .
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of surface segregation even if they have the main ener-

getic ingredients.
A linear growth of the surface concentration with the

square root of time is known to happen experimentally
during segregation kinetics ' in case of strong segrega-
tion. Theoretically it can be found as a solution of the
Fick's equation when the subsurface concentration (c„)
is kept constant during the segregation dynamics:

t
co(t) = co(t = 0) + 2(c —c„)

porto
' (18)

or in the more complete multilayer models of segregation
kinetics when the segregation enthalpy is high. s'ii si In
the later case the condition of constant subsurface con-
centration during the kinetics does not need to be im-

posed artificially because even when c„(t)is not con-
stant, it remains very small and then its variation in time
is also negligible with respect to the bulk concentration
C.

The same argument can be used to predict a linear
decrease of co with y t if the bulk concentration in Eq.
(18) is lower than c„(t).During dissolution c = 0 and
then a square root behavior is expected if c„remains
constant.

It makes us pay attention to the subsurface concen-
trations ci and c2 that are shown in Fig. 3 in function
of Qt Once .again the mean-field and Monte Carlo mod-
els show different kinetic behaviors, especially the second
subsurface concentration c2 that is constant in Monte
Carlo but shows a time dependency in mean field, ex-
plaining the observed difference in co(t). It also suggests
the identification of c2 as the subsurface concentration in

Eq. (18), the more complicated behavior of ci in mean
field and its linear decrease in Monte Carlo being related
to the companion transitioni '22' 's@ (see below). Using
the constant value of c2 0.001 as c„in Eq. (18) and the
transformation of Monte Carlo to real time given by Eq.
(13) we find the correct slope for the Monte Carlo co ver-

sus +t in Fig. 2. In mean field the mentioned slower and
faster regions in the co vs Qt curve that correspond to c2

C. Local equilibrium

As we have already mentioned in Sec. IIIA there is a
strong silver segregation energy that concludes in a high
transition probability of exchanging atoms between the
surface and subsurface layers. The near surface kinetics
is expected to be faster than the bulk kinetics, suggesting
that even when the overall profile is far &om equilibrium
the instantaneous relation between the surface and sub-
surface concentrations is not different kom the one cal-
culated in equilibriuin. We can then compare, for exam-

ple, the relation co(c2) obtained by eliminating the time
in co(t) and c2(t) during the kinetics with the relation

co(c2) obtained by eliminating the bulk concentration in
the equilibrium isotherm co(c) and c2(c).

In Fig. 4(b), we show this comparison at T = 1000 K

C
1

08 c,
0.5. ,:

o.s — "~=

04-

0.2—

0 I I ll&i

0.0001 0.001 00' c 0

C

%T ~ ~1 + ~ +~ ~ ~

smaller and larger than 0.001, respectively, almost corn-
pensate and the total dissolution time for the mean-field
kinetics can also be estimated by Eq. (18).

We can understand the different behavior of co and
c2 in Monte Carlo and mean field by means of the local
equilibrium concept ' that relates the kinetics with
the equilibrium surface segregation isotherms.

0.025

c), c2

0.020

0.8—

0.6—

0.4—

(b)

0.2—

0.005 0.0001 0.001 0.01 c'2 0.1

0.000
I I I I I

200 400 600 800 1000

~(iso}

FIG. 3. Dissolution kinetics, cq and cq vs gt/to at
T=1000 K. Comparison between mean field (solid lines) and
Monte Carlo (dotted lines).

FIG. 4. Mean-field local equilibrium at T=1000 K, (a) cs vs
cq and (b) cs vs cq (see the horizontal logarithmic scale). Seg-
regation at c=1% (solid line), segregation at c=0.25% (dotted
line), dissolution (dashed line), and equilibrium (circles) . The
inset in (a) shows the equilibrium cs vs cz in a linear horizon-
tal scale and the vertical line in (b) shows the position of the
Grst order transition found using the Monte Carlo model.
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using the Incan-field model: the equilibrium isotherm
shows the first order transition mentioned in Sec. IIIA.
As suggested, during the dissolution the co(cz) curve fol-
lows the equilibrium one, including the metastable and
unstable parts of the equilibrium isotherm. Taken into
account that co is monotonous with Qt it is easy to rec-
ognize in Fig. 3 the van der Waal's loop that causes e2 to
have two relative maxima and one minimum as a function
of Qt

Figure 5(b) shows the local equilibrium now using the
Monte Carlo model. The first order transition is also
present but without a van der Waal's loop. The transi-
tion happens at the same value (in c2) than in the mean-
field calculation as we have marked in Fig. 4(b). We
see that now also during the dissolution the co(c2) curve
follows the equilibrium one and the absence of van der
Waal's loop in this case explains the constant value of c2
seen in Fig. 3.

A similar procedure can be done in order to correlate
the surface co and first subsurface cq concentration that
we show in Figs. 4(a) and 5(a) for the mean-field and
Monte Carlo cases, respectively. The local equilibrium
concept is also well verified but the equilibrium isotherm
is slightly more complicated due to the existence of a
companion transition. It is a small jump of ci (from
0.0006 to 0.014 in mean field) when co undergoes its first

order transition. The mean field co vs cq curve is then
the composition of two van der Waal's loops that has the
eKect to finally get a monotonous but not simple co vs

c~ curve. The kinetic behavior of cq presented in Fig. 3
is the consequence of that. In Monte Carlo there also
exists the companion transition but no van der Waal's
loop is present. In this case t"o growths linearly with cz
inside the transition [see the inset of Fig. 5(a)], which is
consistent with the linear decrease of ci with Qt in Fig.
3.

D. Kinetics of surface segregation

Figure 6 shows the kinetics of segregation at c = 1%
and T = 1000 K for the mean-field and Monte Carlo
kinetics. We have found in this case that both models
show an almost linear dependency in +t slightly more
exact in Monte Carlo than in mean field. It also agrees
with the experimental observation in Cu-Ag for the (111)
surface. 2 As mentioned in Sec. IIIB this behavior is re-
lated with the existence of a constant subsurface concen-
tration and then a constant c2(t) is expected during the
increase of co.

Figure 7 shows the first and second subsurface concen-
trations. After the initial fast transient regime we see
that the Monte Carlo c2 presents a small drift to lower
values until gt/to —50 and the mean field c2 shows a

slightly bigger drift now up to gt/to 100. However,
in both cases the variation of the second subsurface con-
centration Ac2 0.0015 is small when compared to the
bulk concentration c = 0.01.

We can wonder if the local equilibrium is also satis-
fied in this case. Figure 4(b) shows that this is the case
when the mean-field model is used. It also explains the
drift observed in Fig. 7 since c2 shows a monotonous de-

crease while co grows up to 0.8 due to the van der Waal's

loop. In Monte Carlo the local equilibrium is also well

verified as shown in Fig. 5(b). The decrease of cz while

co increases up to 0.4 suggests a slower approach to the

c
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FIG. 5. Monte Carlo local equilibrium at T=1000 K, (a)
cp vs cI and (b) cp vs cp (see the horizontal logarithmic
scale). Segregation at c=1% (solid line), segregation at
c=0.25% (dotted line), dissolution (dashed line), and equi-
librium (points). The inset in (a) shows the equilibrium cp vs

cI in a linear horizontal scale.
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FIG. 6. Segregation kinetics, cp vs gt/tp at T=1000 K
and c=l%. Comparison between mean field (solid line) and
Monte Carlo (dotted line).
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we see that this difference is correlated to the invariance
of the second subsurface concentration in the first case
and the bigger variation of c2 relative to c in the second
one. Figures 4 and 5 show that the local equilibrium is
once again satisfied. Also the lower the bulk concentra-
tion, the slower the kinetics and in consequence the local
equilibrium is even better satisfied.

The linear dependency of the Monte Carlo ci in Qt
that can be seen after the initial transient and during
the linear increase of co in Figs. 7 and 10 is also a con-
sequence of the local equilibrium and the linear depen-
dence between co and c~ inside the transition due to the
already mentioned companion transition. The inset in
Fig. 7 shows the way ci reaches the equilibrium. We see
in Fig. 1 that at c = 1% and T = 1000 K the equilibrium
ci is very close to 1 and that there is also a first order
layering transition involving cz in mean field but not in
Monte Carlo. However, there is no linear dependency
of ci on the square root of time: in both cases because
the variation of c3 while c~ growths is comparable to the
bulk concentration c. At c = 0.25% the equilibrium ci is
close to 0.05, no first order transitions happens and the
segregation equilibrium is slowly reached.

IV. DISCUSSION AND CONCLUSION

In this paper, we have studied the kinetics of segrega-
tion in Cu-Ag alloys and the kinetics of dissolution of one
Ag monolayer deposited on Cu(ill). We find that using
the kinetic Monte Carlo model the experimental square
root dependency with time of the surface concentration
is found for the segregation and dissolution kinetics. We
have also shown that the homogeneous mean-field cal-
culations cannot take into account correctly these phe-
nomena: the surface concentration during the kinetics
of segregation and dissolution cannot present the experi-
mentally observed square root dependency on time. The
reason is that during the mean-field kinetics the second
subsurface concentration follows a van der Waal's loop
in function of time instead of remaining constant as in
Monte Carlo. However, the importance of this variation
in c2 in segregation kinetics is relatively diminished at
higher bulk concentration (when Ac2 « c —c2) but in
dissolution kinetics it is never the case because the bulk
concentration is zero and Ac2 c2.

The local equilibrium concept allowed us to understand
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FIG. 11. Snapshot of the surface microstructure during
Monte Carlo dissolution kinetics at T=1000 K. White points
represent Ag atoms and black points represent Cu atoms. For
sake of clarity four surface cells are shown.

that the constant value of c2 in Monte Carlo corresponds
to the one at which a first order layering transition oc-
curs. During the segregation and dissolution kinetics the
surface concentration co drops into the surface phase sep-
aration region (0.05 & cp & 0.95) and regions of high and
low surface concentrations are expected. It suggests that
a rich behavior of island growth or coarsening can be
expected as a consequence of the first order transition.
Figure 11 shows a snapshot of the surface microstruc-
ture at the end of the dissolution kinetics (cp 0.2) and
T = 1000 K. Isolated silver atoms and islands are both
present representing the low and high surface concentra-
tion phases. The presence of Ag islands has been recently
observed experimentally by Auger line scans during the
transition. One can wonder what is the local environ-
ment of the surface atoms that preferentially enter into
the bulk. Energetically isolated atoms have a priori a
bigger probability to enter than island border atoms and
the last ones a bigger probability than the ones at the
island center. Calculations to quantify this effect and its
relation with island growth or coarsening are currently
in progress.
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