
INF LUENC E OF PHONONS ON THE

electron from the [100]valley to one of the four
equivalent valleys at [010], [010], [001], and [001]
(f scattering) has also been predicted and observed
by Onton. However, the involved phonon has a
higher average energy (47 meV) than the phonon
involved in g scattering, and the photoconductivity
minimum falls outside of the energy range studied.

V. CONCLUSION

Extrinsic photoconductivity measurements on
phosphorus-doped silicon, between 300 and 650
cm-', at 4 K, have enabled us to determine the in-
fluence of phonons on the photoconductiviiy spectra.
Photoconduction minima are related to a competitive

absorption by phonons, either by single phonons
activated by the presence of impurities (358, 405,
433, and 478 cm '), or by impurity resonant modes
(433 cm '), or by double phonons (525 and 609 cm ').
A photoconductivity minimum (574 cm ') is due to
a decrease in the lifetime of the photoionized car-
riers by an electron intervalley scattering process
with emission of an LA phonon at 26. 2 meV (210
cm-').

Thus, photoconductivity turns out to be a very
sensitive and very interesting method to study
phonons in lightly doped semiconductors, whereas
purely optical experiments require heavily doped
and compensated (either chemically or by irradia-
tion) samples.
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Electronic Structure of Amorphous Si from Photoemission and Optical Studies
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Photoemission from and optical studies of amorphous Si samples, carefully prepared to mini-
mize the influence of defects, are reported. Photoemission yield and energy distribution curves
were obtained from 5. 5 to 11.7 eV and reflectance data were measured from 0. 4 to 11.8 eV. Op-
tical constants were determined by a Kramers-Kronig analysis. No evidence was found to indi-
cate that the wave vector k provides a significant quantum number in amorphous Si.

I. INTRODUCTION

Amorphous Si, like amorphous Ge, has been
studied widely and is particularly well suited to an
investigation of the effects of the loss of long-range
order on the electronic structure. Because silicon
is an elemental amorphous semiconductor, the com-
plications of compositional disorder and phase sep-
aration are avoided. On the other hand, because
amorphous Si preserves the short-range order of
the crystal (the tetrahedral coordination), the ef-
fect of losing long-rang order is emphasized when
the properties of the amorphous material are com-
pared to the well-known properties of the crystal.

It is becoming clear that care in the material
preparation of amorphous Si and Ge is extremely
important and will be discussed here because this
point may not yet be sufficiently recognized. The
Polk-Turnbull' model represents a standard of per-
fection for amorphous Ge and Si. In this model,
each atom is fourfoM coordinated and no microvoids
are present. In the work on Ge, techniques have
been developed by which films that closely approach
the Polk-Turnbull standard can be produced and
characterized. 3' In such samples, microvoids are
eliminated and densities approaching those of the
crystal are obtained. Such samples have sharp
optical-absorption edges and relatively large mo-
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bilities and lifetimes as judged from photoconduc-
tivity studies. ' Empirically, it has been found that
the following conditions ' are necessary to form
such films: (i) slow evaporation rates (=2 to 5 A/
sec); (ii) fairly good vacuum (p & 5x 10 8 Torr dur-
ing evaporation); (iii) large evaporator-to-substrate
distance (= 40 cm), which may be the equivalent of

having the evaporated material strike the substrate
at near-normal incidence; (iv) substrate tempera-
ture within 50 or 100 C of the crystalization tem-
perature.

If a room-temperature substrate rather than a
heated substrate is used, sharp optical-absorption
edges ' and relatively good mobilities and lifetimes
are obtained; however, the optical-absorption edge
may be shifted as much as a few tenths of an elec-
tron volt to lower energy. It is also cfear from sev-
eral experiments that such films contain an appre-
ciable number of microvoids that have a definite
configuration and geometric arrangement. ' We

suggest that the shift in the absorption edge is as-
sociated with the presence of these systems of
microvoids and„ furthermore, we recognize that
the presence of these systems may create internal
strains resulting in the band-edge shift. It is only

recently that the relationship between substrate
temperature during deposition and the microvoid
density has been appreciated completely. Although

some photoemission studies have been made Rs R

function of substrRte temperature, little difference
has been found to date between a sample formed on
R room-temperature substrate and on a heated sub-
strate provided that the other three criteria (listed
above) are satisfied.

It is necessary to emphasize sample preparation
because it is now clear that the properties of amor-
phous Ge and Si are very dependent on the prepara-
tion conditions. If any of the first three criteria
are not followed, the sharp optical-absorption edge
may be lost. This is well demonstrated by the ex-
periments of Theye who formed samples at deposi-
tion rates much larger (200 A/sec) than those indi-
ca«d above (2 A/sec), and found that no»s»rp»-
sorption edge appeared after deposition; however,
when the evaporation rate was reduced to that pre-
scribed above, a sharp absorption edge was ob-
tained. Although much more work is required,
these results suggest that a higher evaporation rate
leads to a decreased density and probably a differ-
ent type and pattern of microvoids.

Because the variations in the samples are caused
by their method of preparation, it is important that
the results of various measurements be judged in
terms of the materials preparation. The most sig-
nificant distinction to be made is between films that
exhibit sharp absorption edges and band edges and
those that do not exhibit sharp absorption edges Rnd

show evidence of very strong tailing of states, as

judged from photoemission experiments. Experi-
ence indicates that, if the first three preparation

.criteria are followed, sharp edges will be obtained;
whereas, if they are not followed, strong tailing of
states into the gap will be evident. It is important
that this distinction be made in view of previous
theoretical arguments that tailing of states into the

gap is a necessary consequence of a lack of long-
range order and, in view of Weaire's recent theo-
retical results, that destruction of long-range or-
der does not necessarily result in a loss of sharp
band edges. These results support %eaire's find-
ings and also indicate that the distortion of the co-
valent bond in reasonably perfect amorphous Ge
and Si is not severe enough to destroy the sharp
band edges; however, if the amorphous Ge or Si
film is formed so that it differs somewhat strongly
from the ideal Polk-Turnbull standard, sharp band

edges can be destroyed, with large tailing of states
into the gap. It should be emphasized that such
tailing is an extrinsic effect caused by defects and

not an intrinsic effect caused by loss of long-range
order.

Although this discussion of sample preparation
may seem overly long to the casual reader, it was
necessitated by two articles that appeared recently.
The first, by Pierce and Spicer, ' was a partial re-
port on the results that will be presented here; their
principal finding was the lack of evidence for tailing
of states in amorphous Si. The second article, by
Fischer and Erbudak, "reported good evidence for
tailing of states in their samples of amorphous Si
which were prepared with a much closer (=6 cm)
evaporator-to-substrate distance than the 40 cm
listed as a criterion necessary to obtain sufficient-
ly perfect samples so that the sharp edges are not
destroyed. The difference in the two results ap-
pears to be caused by the degree of perfection of
the sample studied.

The optical properties of amoryhous Si in the re-
gion of the absorption edge have been described by
Tauc, Brodsky et al. ,

' and recently by Donovan
Fischer, and Spicer. '6 The optical constants have
been measured to 7 eV by Beaglehole and Zavetova'4
and to 12 6V by Philipy'5 but not in ultrahigh vacuum.
Here, we present the optical constants determined
from a Kramer-Kronig analysis of reflectance mea-
surements from 3. 2 to 11.8 eV for amorphous Si
prepared in situ in ultrahigh vacuum. The reflec-
tance was extended to 0.4 eV with the reflectance-
transmittance measurements of Donovan. '6

II. PHOTOEMISSION MEASUREMENTS

The techniques we used in preparing the amor-
phous Si films were similar to those used to pro-
duce amorphous Si and Ge films that exhibited sharp
absorption edges. v' The amorphous Si films were
electron-gun evaporated from 190-Q cm n-type and
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FIG. 1. EDC from amorphous Si with respect to ini-
tial-state energy.

1000-Qcm p-type crystal source materials. The
disk-shaped substrates, 0. 025 in. thick, were pol-
ished, heat-cleaned, Si single crystals [1000 Qcm
(111)n type]. A molybdenum disk was placed be-
tween the Cu substrate holder and the substrate be-
cause Mo has a lower diffusion into Si. Polycrys-
talline films formed by annealing the amorphous
films and Au films evaporated over the Si served
as substrates later in the experiment. The rate
of deposition and the film thickness, typically
1000 A, were monitored with a quartz-crystal mi-
crobalance. The base pressure was less than 1
~10 ' Torr, which rose during evaporation but
remained less than 5&&10 Torr, at the typical

0
evaporation rate of 2 A/sec over a source-to-sub-
strate distance of 48 cm. Evaporations were made
onto both room-temperature substrates and those
held at 100 K, using a cooling device previously
described sv

A conventional retarding-field energy analyzer
and a higher-resolution screened-emitter ana-
lyzer' ' were employed to measure the energy
distribution curves (EDC). The EDC is the nega-
tive derivative of the current-voltage curve; this
derivative is obtained by superimposing a small
ac voltage (typically 0. 1 V peak to peak) on the
retarding voltage and synchronously detecting the
resulting in-phase ac component of the photocur-
rent. ' Higher derivatives can be obtained by
detecting higher harmonics of the ac photocurrent.

Energy distribution curves were measured over
several photon energies in the 5. 5 —8~ —11.7-eV
range. In Fig. 1, typical EDC are plotted with re-
spect to initial-state energy so that the zero of
energy corresponds to the Fermi level. The loca-
tion of the Fermi level is determined if the sam-
ple work function is known. The sample work func-
tion can be derived from the EDC if the collector
work function is known because the difference in
sample and collector work functions equals the en-
ergy difference between the low-energy cutoff of
the EDC and the retarding voltage zero.

It should be emphasized that the EDC obtained
from amorphous Si were very reproducible, wheth-
er the substrate was single-crystal Si, a poly-
crystalline film formed by annealing an amorphous
film, or a Au film; in addition, no dependence on
whether the source material was n type or p type
was observed. Similar results were obtained from
amorphous films evaporated on substrates at room
temperature and at 100 'K, and the EDC were not
changed when measured at the two temperatures.

The EDC of amorphous Si (in Fig. 1) are strik-
ingly structureless, especially in comparison to
EDC from crystalline Si. A single broad peak is
observed at 1.75 eV below the valence-band maxi-
mum. At photon energies of 7. 7 and 8. 6 eV, the
photoelectron escape function obscures part of the
peak, causing the remainder to exhibit an apparent
peak closer to the valence-band maximum. At
higher photon energies, the escape function is less
effective in the vicinity of the EDC peak.

Third derivatives of the current-voltage curve
(second derivatives of the EDC) have been shown
to be very useful in detecting subtle structure in
EDC. ' If the electronic structure of amorphous
Si is simply a "smeared" version of the crystal,
some residual peaks might remain. Second deriv-
atives of the EDC were obtained to search for sub-
tle structure in the EDC of amorphous Si. Figure
2 displays EDC from an amorphous and a polycrys-
talline film at 10.2 eV, along with the second deriv-
atives. None of the typical crystalline structure
apparent in the curve from the annealed film is ap-
parent in the curve from the amorphous film.

When EDC from an Si crystal are examined at
several photon energies, one finds variations in
the position and strength of structure as a result
of the conservation of wave vector k in the crys-
tal; in the amorphous material, no such variations
are found. This is not unexpected because the ab-
sence of long-range order in amorphous materials
renders the Bloch theorem inapplicable and leaves
the crystalline momentum Sk undefined. We there-
fore expect the optical transitions to be described
to a first approximation by the nondirect transition
model in which conservation of energy but not wave
vector is significant.

There is no evidence of structure in the EDC pro-
duced by structure in the final density of states to
which electrons are excited; instead, the single
broad peak reflects the valence density of states.
We concluded, .therefore, that there is no signifi-
cant structure in the conduction band examined by
the EDC (i. e. , from 5 to 10.5 eV above the valence-
band maximum). The peak at 1.75 eV below the
valence-band maximum in Fig. 1 corresponds to a,

high initial state density at this energy. In this
case, the high-energy cutoff corresponds to the
valence-band maximum. For amorphous Si, the
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FIG. 2. EDC at I~ = 10.2 eV from an amorphous film
(a) and from a polycrystalline film (c) formed by anneal-
ing the amorphous film. The second derivative is also
shown. None of the typical crystalline structure appar-
ent in the EDC and its second derivative from the annealed
film is seen in the EDC and its second derivative from the
amorphous film.

Fermi level near the surface (within an electron
escape length) was found to be 0. 28 + 0. 05 eV above
the valence-band maximum.

The optical density of states of amorphous Si can
be obtained in terms of the nondirect transition
model. In this model, the EDC N(E, &u) at final

energy E and photon energy hen is proportional to
the product of the density of final states p(E) and

the density of initial states p(E —Ru). Expressed
mathematically,

N(E, &u) = M S(E, e)p(E)p(E —Ru)/vo .

Any variation of the dipole matrix elements M, tak-
en as constant, is assumed to be absorbed in the
p(E) which is referred to, therefore, as the optical
density of states The N(E. , cu) is normalized by
the factor &uo(co) which is the optical transition
strength

+o(&o) = f M p(E)p(E —8+) dE . (2)

The threshold or escape function S(E, v) determines
what fraction of the photoexcited electrons is actual-
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FIG. 3. Optical density of states (solid curve) of amor-
phous Si, calculated by using the photoemission results
of this work compared to the density of states (dashed
curve) calculatedby Herman et al. (Ref. 26) for crystalline
Si.

ly photoemitted into vacuum. This depends on the
depth at which the electron is excited [- I/o. (ur)],
the probability of a collision during travel to the
surface, and the minimum momentum normal to
the surface required to overcome the surface bar-
rier. The probability of collision is related to the
electron attenuation length which, in this case, is
expected to be determined by the electron-electron
scattering length. The contribution of once- scat-
tered electrons is also included in S(E, &o). A trial
p(E) is estimated and used to calculate EDC that
are then compared to the experimental EDC over a
wide range of photon energies; changes in p(E) are
made to improve the agreement. In the absence of
other information on the scattering length, it is
scaled to obtain the best agreement between the ex-
perimental yield and the calculated yield

Y(u&) =J N(E, to) dE, (3)

where E, is the experimentally determined vacuum
level.

The results of such a calculation of the optical
density of states are plotted in Fig. 3. As expected
from the EDC in Fig. 1, the valence states display
a single broad peak approximately 1.75 eV below
the valence-band maximum. Our available photon
energy is not high enough to probe into the deep-
lying valence states which, by analogy with the
crystal valence states, "'6 are expected to extend
to approximately -12 eV. The vertical scale in
Fig. 3 is the number of states/eV atom which was
set by assuming that the number of states between
—5. 1 eV and the valence-band maximum is the same
as in the crystal.

In Fig. 4, the EDC calculated by using the optical
density of states in Fig. 3 and Eg. (1) are compared
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to the experimental curves; agreement both in shape
and absolute magnitude is good. A scattering length
1.(E) of 16 A at 10 eV was used to determine the
escape function S(Z, &u) in Eq. (1).

The conduction-band optical density of states il-
lustrated in Fig. 3 must be taken as a rough model.
The EDC do not yield any information concerning
the unfilled states up to the vacuum level at 5. 1 eV.
Some data on this region can be obtained by com-
paring the imaginary part of the dielectric constant
t.z determined experimentally with that calculated
in terms of the nondirect transition model

~,((u) = (c/(u') J "p(z)p(z —I'(o) dz, (4)
0

where C is a constant derived by fitting to experi-
ment at one photon energy. The lower edge of the
unfilled states p(E) was chosen for best agreement
with the leading edge and peak position of the ex-
perimental &3. The maximum value and variation
of e2 suggest that the optical density of states may
have a peak located near the conduction-band edge

and that the final density of states and/or the op-
tical matrix elements decrease with energy. Be-
cause of the oscillator strength sum rule, the ma-
trix elements must decrease at large photon ener-
gies.

As noted earlier, no evidence was found for con-
duction-band structure in the EDC. For simplicity,
the conduction-band peak above 2 eV has been drawn

as a straight line; this is just a first approximation.
The density of states might slant slightly upward

or downward; however, any variations from the
horizontal line would have to occur in a monotonic
fashion.

The density of states calculated by Herman et
g). 26 for crystalline Si is displayed in Fig. 3 for
comparison to our calculated optical density of
states for amorphous Si. None of the peaked struc-
ture of the crystal density of states is present in
the amorphous case. This is not surprising if we
consider that the origin of the peaks in the crys-
tal density of states is in the flat-band region (or
critical point) near the Brillouin-zone edges; one
would expect no such zones in amorphous Si. It is
useful to make the distinction discussed by Spicer
and Donovan27 between Bragg and chemical gaps.
The peaks of the crystalline density of states are
primarily a result of Bragg gaps at Brillouin-zone
boundaries which are a consequence of the long-
range order. A noteworthy feature of the optical
density of states of amorphous Si (displayed in Fig.
2) is the well-defined gap. The short-range order,
determined by the covalent bond, appears sufficient
to produce a sharp band edge and a well-defined gap.

Theories of amorphous semiconductors have sug-
gested that potential fluctuations caused by disorder
give rise to localized states in the energy gap.
The recent theoretical work of Weaire appropriate
to Si has indicated that a tailing of the density of
states is not necessarily a result of, topological dis-
order but may be the result of quantitative disorder
(variations in bond angles and bond lengths). Theo-
ries have not been developed to the point where re-
liable predictions can be made concerning the num-
ber of states in the gap for complex real systems.
We have attempted to examine the experimental
situation, using photoemission, either to observe
the states or to place an upper limit on the number
if they are not seen.

Because the EDC reflect the density of valence
states in amorphous Si, we can look for a tailing of
the density of states into the energy gap by observing
the high-energy edge that corresponds to electrons
emitted from the top of the filled states. The EDC
from the amorphous and polycrystalline films (Fig.
2) have an apparent tail on the high-energy edge re-
sulting from the imperfect resolution found in
photoemission measurement systems.

We must distinguish what part of the tail of the
EDC is real and what part is a result of imperfect
resolution. This can be accomplished by comparing
the EDC of an Au film prepared in the same vacuum
and measured with the same analyzer geometry and
collector surface; the difference between the true
edge, known from the Fermi function, and the mea-
sured edge will yield a measure of the effect of im-
perfect resolution. Figure 5 compares an EDC
from amorphous Si to an EDC from Au at a photon
energy of 6. 5 eV. The relative position of the two
curves is established by the retarding voltage scale
which is the same in each case because the collector
work function is the same. The energy scale in Fig.
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FIG. 5. The effect of instrumental resolution on the

high-energy edge is illustrated by comparison between
the EDC from Au and amorphous Si at 5~=6. 5eV. Insert
shows the high-energy tails with a 5x magnification of the

vertical scale. Dashed curve is the Si tail shifted 0.35 eV

higher in energy to overlap the Au tail; the broken curve
is the true Fermi function cutoff of the Au. No extra tail-
ing is apparent in the Si, but both Si and Au are resolu-
tion broadened compared to the Fermi function cutoff.
The point of zero retarding voltage is V~=0.

5 illustrates the initial state energy of the electrons
E, =E-S~+y, where E is the measured electron
kinetic energy, cp is the work function, and E, = 0
corresponds to the Fermi level EF. The 1.2-eV
measured width of the Au EDC from the low-energy
edge to EF is consistent with Ace —p, where y is the
Au work function independently determined to be
5. 3 eV from a Fowler3~ plot of the photoelectric
yield. The insert in Fig. 5 displays a 5&& vertical
magnification of the Si and Au tails and the Fermi
tail that corresponds to the undistorted EDC. The
measured Au tail extends well beyond the small
Fermi tail calculated for the measurement temper-
ature of 130 'K3~; therefore, it is apparent that the
lack of sharpness of the cutoff is the result of in-
strumental effects. It is the sharpness of the cut-
off and not the energy chosen for the valence-band
maximum that is important in seeking evidence of
tailing.

Normally, the true high-energy cutoff or valence-
band maximum is more difficult to determine in a
semiconductor than in a metal where the shape is
characterized by the Fermi function. Ideally, we
would like to derive the exact resolution function
which, when convolved with the Fermi function,
would obtain the measured Au high-energy edge; we
would then deconvolve this resolution function and
the measured Si edge to determine the true Si edge.
Actually, we had to be satisfied with a rectangular-
model resolution function 0. 25-eV wide which, when
convolved with the linearized Fermi function, pro-

duced the slope of the Au EDC edge. ' %hen this
model resolution function and the Si edge were ap-
proximately deconvolved, a valence band edge of
0. 28~0. 05 eV below EF was found.

Another way to measure the valence-band maxi-
mum to Fermi level energy can be seen in the in-
sert of Fig. 5, where the dashed line is the Si curve
that has been shifted 0. 35 eV higher in energy to
overlap the Au curve. This shift overestimates
the valence-band maximum to EF energy because
a piece of the overlapped Au tail stems from a part
of the Fermi tail which is above the Fermi energy.
A closer look reveals that this 0. 35-eV shift is con-
sistent with the 0. 28-eV valence-band maximum
to EF energy found above. Because of the overlap
of the Si and Au tails, one might suggest that any
true undistorted Si tail is also of an exponential
form that would be exp r

-(E —E~ + 0. 35 eV)/0. 01
eV]. The density of states from such an exponen-
tial tail is & 10 states/cmaeV at E~ and 3&10'
states/cm eV at the valence-band edge. In fact,
such calculations have little meaning because the
noise in the experiment limited the accuracy to
which we could compare the Si and Au tails; they
might have quite different shapes on a scale less
than our experimental detectability.

An upper limit placed on the part of the Si tail
that might be caused by a density-of-states tail
rather than resolution effects is obtained by esti-
mating the minimum detectable difference between
the Au and Si tails, given the noise present in the
experiment. To relate the noise level to a number
of states, we make use of the optical density of
states in Fig. 3 and of the fact that an EDC at 10.2

eV is a good approximation to the optical density
of states within 5. 1 eV of the valence-band maxi-
mum that contains approximately 2. 3 electrons.
By comparing the quantum yield at photon energies
of 10.2 and 6. 5 eV, we find that the area of an EDC
at 6. 5 eV corresponds to 0. 15 electrons, and our
noise level corresponds to 3&& 10"states/cm~ eV
which, it should be emphasized, is not an observed
density of states but an upper limit found in this
experiment. Note that, if the states are concen-
trated in an 0. 1-eV peak in the gap, the number
must be less than 3X10"states/cm3.

In determining this upper bound, the optical ma-
trix elements between localized gap states and the
extended conduction states (5 to 6 eV above the con-
duction-band edge) were assumed to be the same
as the matrix elements between extended valence
states and the conduction states. A variation of
matrix elements would change the upper bound on
the states in the gap but would not change the con-
clusion that no states were observed in our photo-
emission measurement.

Our conclusion that localized states are not ob-
served differs from the result obtained by Peterson,
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FIG. 8. An EDC from a polycrystalline film (solid
curve) formed by annealing the amorphous film to 625'C
compared to an KDC from a cleaved single crystal (dashed
curve) measured by Eden.

talline film that had been formed by annealing the
amorphous film was checked with x-ray diffraction.
This film produced a (220) diffraction peak in ad-
dition to a (ill) peak which was all that was ob-
served from the single-crystal substrate. Such
x-ray diffraction peaks did not appear in the amor-
phous film. Beflected electron-diffr action patterns
showed the characteristic broad halos for the amor-
phous Si films and sharp rings for the annealed
polycrystalline films. The broad halos were also
observed in transmission electron diffraction from
Si films evaporated onto and floated off KCl sub-
stra, tes.

In Fig. 8, an EDC from a film annealed to 625 C
is compared to an EDC from a 5xl0" holes/cm~

p type cle-aved single crystal measured by Eden. ~

The extra low-energy peak in the single-crystal
(dashed) EDC occurs because the photoelectric
threshold is lower in the crystal. There is good
agreement among the next threepeaks inthe EDC
from the single crystal and from the annealed film;
however, the high-energy edge of the curve from
the annealed film shows much more strength (al-
most a shoulder) than the crystal edge determined
mostly by the direct transitions possible at that
energy. This difference is somewhat puzzling. A

likely explanation is that the film annealed at 625
'C is not entirely crystallized. The strength near
the leading edge then could result from electrons
photoemitted from amorphous regions because EDC
of amorphous films show more strength at the edge.
This is also a probable explanation for the remark-
able similarity (noted in Ref. 10) between the high-

energy tails of EDC from amorphous and "poly-
crystalline" films. At the time of the annealing
experiments, it was not possible to go to temper-
atures higher than 625 C to see if further anneal-
ing changes would appear because of instrumental
limitations.

The quantum yield measured from amorphous
and annealed films is shown in Fig. 9. At high
photon energies, the yield decreases on annealing;
at lower energies, it also decreases on annealing
but the yield of the polycrystalline film increases.
This behavior is quite different from that of Ge,
where the yield first increases on annealing and
then decreases after annealing at temperatures
well above the onset of crystallization. '~

Recently, Ballantyne has developed a model
for photoelectric yield near threshold, which can
be applied to amorphous Si. This yield is expected
to vary as

r~ (e(u —E,)'/(A(u)', (5)
where E~ is the photoelectric threshold. This ex-
pression is derived for a rectangular distribution
of photoexcited electrons that can be smeared out
by phenomenological scattering against phonons,
impurities, voids, or surfaces. Our attempts to
fit the yield near threshold to a simple power law~
were unsuccessful, as were the attempts of Peter-
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FIG. 9. Quantum yield from an as-deposited amorphous
film (solid curve) and from a film annealed to 250 C
(circle), 400'C (triangle), and 625'C (dashed curve).
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son, Dinan, and Fischer. 33 Using the model of
Ballantyne, however, we find it possible to obtain
a good straight-line fit to our yield from amorphous
Si near threshold, as seen in Fig. 10. The inter-
cept obtains the threshold energy E~ = 5.08+ 0.05
eV, which is in good agreement with the threshold
determined from the width of the EDC. The work
function of amorphous Si is 4. 8+ 0. 05 eV.

Figure 11 compares an EDC from amorphous Si
to an EDC from amorphous Ge" at @co=10.2 eV.
The Ge peak is narrower than the Si peak and is
located 1.25 eV below the valence-band maximum,
as compared to 1.75 eV for Si. If the peak position
is related to the strength of the covalent bond, the
position of the Si peak with respect to the Ge peak
is in qualitative agreement with the higher "average
energy gap" of Si as defined in the dielectric theory

of Phillips. ' In this theory, the average energy
gap E, is h&u~/(eo —1)"2, where ~~ is the plasma
frequency and &0 is the static dielectric constant.
The higher plasma frequency in Si and the lower
dielectric constant make E~ larger. The ratio of
Z, (Si)/E, (Ge) is 1.2, compared to the ratio 1.V5/
1.25= 1.4. We find this correspondence interesting
but, at this point, it is not possible to attach further
significance to it.

III. OPTICAL MEASUREMENTS

In Sec. II, the imaginary part of the dielectric
constant &~ was used in determining the shape of
the edge of the unfilled optical density of states be-
low 5 eV. We have determined &~ and other opti-
cal functions of amorphous Si from a Kramers-
Kronig analysis of normal incidence reflectance
data measured over an energy range of 0.4 —S~
~11.8 eV.

Near-normal incidence reflectance measure-
ments (-15') from 3. 2 to 11.8 eV were made on
a 600-A amorphous Si film that was electron-gun
evaporated in situ. The ref lectometer, described
by Endriz, ~ is mounted in the same ultrahigh vac-
uum chamber used for the photoemission measure-
ments. The sodium salicylate phosphor, quartz
light pipe, and photomultiplier form the light-de-
tection system of the ref lectometer, which directly
compares the intensity of the incident light to the
intensity of the light reflected from the sample.
The reflectance, measuredevery 0. 1 eV, revealed
a statistical scatter that indicated a relative mea-
surement accuracy of + leap which is the absolute
accuracy of the ref lectometer.

At low photon energies, amorphous Si films rap-
idly become transparent, and the transmittance as
well as the reflectance must be measured. For
hco& 3. 2 eV, our reflectance measurements were
extended with the precise reflectance and trans-
mittance (RT) measurements of Donovan. " His
and our reflectance measurements agreed to with-
in 1% in the overlap region of 3.2-5. 0 eV; Fig. 12
is the composite reflectance curve. Donovan's re-
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FIG. 11. Photoelectron energy distribution from amor-
phous Si and amorphous Ge compared at a photon energy
of 10.2 eV.
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FIG. 12. Reflectance of amorphous Si. The reflectance
below 3.2 eV is from the measurements made by Donovan.
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7x IQ
AMORPHOUS Si cocr(v) is used to normalize the EDC calculated on

the nondirect transition model IEq. (1)j. The slight
downward turn of the curve near 12 eV is an effect
of the extrapolation.

0 I
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FIG. 17. Optical transition strength ~ q2 for amorphous
si.

talline &~ curve is at approximately 4 eV. The ef-
fect of the lack of long-range order already ob-
served in the EDC from amorphous films also ap-
pears clearly in the imaginary part of the dielectric
constant. In judging theoretical models of amor-
phous semiconductors, however, a comparison be-
tween theoretical and experimental EDC provides
a more sensitive test because the complete set of
EDC for a wide energy range contains more infor-
mation than the &2 curve. "

The optical absorption coefficient o. = 4m@/X is
illustrated in Fig. 16. The need for transmittance
in addition to reflectance measurements at low pho-
ton energies is clear from the sharp drop in the
absorption coefficient. Detailed results in the re-
gion of the absorption edge, where the data are best
displayed on a log plot, have been reported by

Donovan and Fischers; as noted earlier, a sharp
absorption edge at approximately 0. 6 eV was ob-
served.

The optical transition strength cocr(ar) = uPqa(ru) is
plotted in Fig. 17. This experimentally determined

IU. CONCLUSIONS

Our photoemission and optical measurements
have presented a consistent picture of the electronic
structure of amorphous Si, and the optical density
of states has been derived. The loss of long-range
order in amorphous Si causes a, loss of structure
found in the crystal density of states because k
conservation, in the usual one-particle sense, is
not a significant selection rule. The short-range
order, however, is apparently sufficient to produce
sharp band edges and a well-defined energy gap.

Our photoemission data did not indicate a tailing
of the density of states into the gap. Our result
differs from others" presumably because of varia-
tions in sample preparation. We suggest that sam-
ple imperfections (principally microvoids) could
give rise to an apparent tailing of the density of
states but that such states are extrinsic and should
be distinguished from a tailing of the density of
states produced by only the loss of long-range or-
der.
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Polaron Bound in a Coulomb Potential
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We have calculated the shift in ground-state energy of an electron bound in a Coulomb poten-
tial in a crystal, to second order in the electron-phonon coupling and for arbitrary values of
the electron-impurity coupling.

The problem of an electron, in semiconductors,
bound in a Coulomb center and weakly interacting
with optic phonons, has been of considerable in-
terest. ' 7 The first term in the perturbative ex-
pansion of the ground-state energy in terms of the
electron-phonon coupling constant is a function of
the electron-impurity coupling. We have calculated
this term exactly. Qur result, for the ground-
state energy, is in amazingly good agreement with
the energy shift obtained using lowest-order ef-
fective-mass theory. ~ In this theory, the energy
shift is calculated by replacing the conduction-band
effective mass at the bottom of the band by the free-
polaron mass at zero momentum. Another ap-
proach (Platzman-Sak's) is to develop the exact

expression of second-order perturbation theory in
the electron-phonon coupling as a power series in
the electron-impurity coupling P. The first term
in this series is identical to that obtained using
effective-mass theory. The next term (- P4) has
also been calculated. Qur exact result is, on the
other hand, almost identical to the effective-mass-
theory result, for values of the unperturbed ground-
state energy E~, lying between zero and the ener-
gy of one optic phonon.

The ground-state energy shift has been calculated,
numerically, for arbitrary values of the electron-
impurity potential strength. It is compared with
the approximate calculations for b,E. These are
(i) a power series in the strength of the impurity


