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Calculated crystal-field parameters for rare-earth impurities in noble metals
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From nrst-principles density-functional calculations of the charge distribution the crystal-6eld
(CF) parameters for 4f states of Er and Dy impurities in Ag and Au have been evaluated. The
calculations are based on an optimized linear combination of atomic orbitals scheme, where the
local-density approximation (LDA) is used for the conduction-electron states, while the localized
rare-earth 4f states sre treated as "open core shell. " As the 4f localization cannot be properly
described within LDA, s self-interaction correction for the 4f states is included. In this way, any
artificial constraints on the 4f charge density employed in earlier first-principles CF calculations sre
avoided. The calculated CF parameters agree well with recent neutron scattering data.

The calculation of crystal-field (CF) parameters for
rare-earth ions in metals &om 6rst principles has at-
tracted much attention in recent years, since the CF
is one of the basic interactions governing the behavior
of rare-earth 4f electrons in crystals. s In particular, the
CF is of fundamental importance to the understand-
ing of magnetocrystalline anisotropy in rare-earth met-
als and compounds. i Dilute rare-earth noble metal alloys
are ideal model systems to study the origin of crystal
Gelds and to compare results of theoretical investigations
with experiment. In such alloys, the interaction between
rare-earth ions is negligible because of the dilution, and
single-ion behavior can be presupposed. Due to the cubic
point symmetry of the rare-earth sites, two parameters
are sufficient to describe the CF. No magnetic interac-
tion between the transition metal host and the rare-earth
4f states has to be accounted for. Moreover, the elec-
tronic structure of noble metals is comparatively simple
and well understood. Recently, Hahn, Loewenhaupt, and
Prick performed measurements of the CF excitations for
Er and Dy impurities in Ag and Au by inelastic neutron
scattering. This method is the most direct way of de-
termining CF parameters. Other measuring techniques
like Mossbauer spectroscopy, susceptibility, or electron
paramagnetic resonance measurements involve a higher
amount of ambiguity regarding the determination of CF
parameters &om experimental data. Thus, the CF pa-
rameters obtained in Ref. 9 should be appropriate to test
the reliability of theoretical calculations. In particular,
the question can be investigated further, whether the CF
parameters in the CF model Hamiltonian, Eq. (1) be-
low, do have the same meaning as the electrostatic CF
parameters defined in Eq. (2).

The simple point charge model (PCM) of CF cannot
explain the experimental values of the CF parameters of
rare-earth ions in noble metals. Improved PCM's,
in particular those taking into consideration the on-site
contribution of an electron in a nonmagnetic 5d virtual

bound state, ' ' 4 yield the correct sign and magnitude
of the CF, but fail in predicting differences between the
hosts Ag and Au. An ab initio calculation of the CF pa-
rameters for rare-earth ions diluted in noble metals has,
to our knowledge, not been performed up to now. Such
a calculation should take into account eKects of charge
redistribution self-consistently, since the CF is very sen-
sitive to even tiny changes in the charge distribution.
Rigid band calculations 6 are based on the assumption
that both band structure and electronic charge distribu-
tion in the host crystal are not changed if a host atom
is substituted by a rare-earth impurity. Therefore, we
consider them to be less suitable for describing the CF
quantitatively.

The CF Hamiltonian for 4f electrons is given by

6

II,t = ) ) OiOt (r')Ai
LyO rn= —1

containing the Stevens coefficients O~, the Stevens op-
erator equivalents 0&, and expectation values of r'
with the radial 4f wave function. Considering the non-
spherical part of the Hartree interaction energy of the 4f
electrons with all other charges p(R) in the crystal, the
formula

rl
Ai (r') = dRC~ Yi (R)p(R) dr i r p4 f (r)2l+ 1

(2)

for the CF parameters is obtained, ' with

prefactors Ci and real spherical harmonics Yi (cf., e.g. ,

Ref. 18), r& ——min(r, ~R~), and r& ——max(r, ~R~). For
rare-earth sites with cubic point symmetry, Eq. (1) is
reduced to
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TABLE I. 4f radial expectation values (r') of Er[4f ] and Dy[4f ] in Ag and Au obtained from
DF-LDA calculations with self-interaction-corrected 4f states (a) in comparison to free R + ion
Dirac-Fock values of Ref. 29(b).

Er in Ag (a)
Er in Au (a)
Er + (b)
Dy in Ag (a)
Dy in Au (a)
Dy'+ (b)

(r') (units of ao)
0.75
0.75
0.71
0.82
0.83
0.78

(r') (units of as)
1.56
1.58
1 ~ 27
1.87
1.91
1.51

(r ) (units of ao)
8.18
8.43
4.82

10.5
11.1
6.05

H, &
= 04A4(r ) (04 + 504) + OsAs(r ) (Os —210s)

(4)

with only two independent CF parameters A4
A4, A6 ——A6. Contributions of the exchange poten-
tial to the CF were not taken into consideration.

According to Eq. (2), the parameters A& can be ob-
tained Rom a calculated charge distribution p(R) by real
space integration. Our calculations of this charge dis-
tribution are based on density-functional theory at the
local-density-approximation (LDA) level. The 4f states
are treated as open core states, i.e. , the 4f shell is con-
sidered to remain in its ionic ground state con6guration,
but is subject to both Hartree and exchange-correlation
interaction with the other electrons. ' ' We use a self-
consistent optimized linear combination of atomic or-
bitals (LCAO) method2i in a scalar relativistic version. 2

The Hartree potential is built up kom overlapping spher-
ical site potentials within this method. In this way, non-
spherical efFects in the "interstitial" region are taken into
account self-consistently. In the final step of the self-
consistent cycle, the charge density is calculated without
any shape restrictions and used to obtain the CF parame-
ters via Eq. (2). The details of the density representation
and the evaluation of Eq. (2) follow the lines described
in an earlier paper concerning SmCo5. The dilute rare-
earth noble metal alloys were simulated as ordered M3qB
compounds (M = Ag, Au; R = Er, Dy) composed of fcc-
like 32-atom supercells with one noble metal atom in the

center substituted by a rare-earth atom. We used the
experimental lattice constants of the related pure noble
metals, a = 7.722ao for Ag and a = 7.708ao for Au. The
von Barth —Hedin version for the exchange and correla-
tion potential was employed.

4f states of heavy rare-earth atoms in intermetallics
are known to be strongly localized due to Coulomb corre-
lation. This localization cannot be described by density-
functional (DF) calculations entirely within LDA but is
accounted for by the above-mentioned 4f core state treat-
ment. However, the LDA binding energy of the open
core 4f states is much too small and sometimes even
negative if the experimental 4f configuration is fixed.
That means, (ri) would be appreciably overestimated or
(r') i oo, respectively. In previous first-principles CF
calculations strictly localized 4f states were modeled by
rather artificial methods. ~ Either the 4f charge was
restricted to the atomic sphere by adding a rectangular
potential well and cutting off the r integration in Eq. (2)
at a certain radius, ' ' ' the 4f states were compressed
by introducing an attractive r potential, or the r in-
tegration in Eq. (2) was cut off at the atomic sphere
radius, where the logarithmic derivative of the radial 4f
wave function was attached self-consistently to a Han-
kel function. ' All these methods are arbitrary to some
extent, since they involve at least one adjustable parame-
ter determining the large-r asymptotic behavior of the 4f
radial wave function and the calculated CF parameters
should depend sensitively on this tuning procedure. To
circumvent this problem we propose another way of mod-

TABLE II. Calculated CF parameters for Er[4f ] and Dy[4f ] in Ag and Au obtained from
DF-LDA calculations with self-interaction-corrected 4f states, decomposed into on-site, nearest
neighbor (NN) shell, and remaining lattice contributions, in comparison with experimental data
from Ref. 9.

A4(r ) (K)
On site
NN shell
Lattice
Total
Experiment
As(r') (K)
On site
NN shell
Total
Experiment

Er in Ag
—24.2
17.4
0.0

—6.8
—12.1+1.1
Er in Ag

—0.7
7.5
6.8

6.4+0.2

Dy in Ag
—27.2
20.4
0.0

—6.8
—15.3+2.1
Dy in Ag

—0.8
9.1
8.3

6.5+0.2

Er in Au
—35.1
19.6
—0.5
—16.0

—18.5+1.2
Er in Au

—0.9
9.8
8.9

4.9+0.2

Dy in Au
—38.4
26.1
—0.6
—12.9

—30.0+1.9
Dy in Au

—1.1
13.5
12.4

1.3+0.2

Reference 9.
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cling the 4f localization in the CF calculations, namely
by applying a self-interaction correction (SIC) to the 4f
states. Self-interaction corrections to the local-density
approximation eliminate the unphysical interaction of an
electron with itself which is not completely canceled in
the LDA and, thus, improve LDA calculations for local-
ized systems. In particular, SIC-LDA calculations yield
the correct large-r asymptotic behavior of the effective
one-particle potential and provide substantial corrections
to the energy eigenvalues of localized states. For exam-
ple, such calculations were recently found to account for
the spectroscopic splitting of the f band in Pr metal. zs

Including SIC's in the calculation of the 4f radial den-

sity results in a decrease of the energies of the occupied
4f states by about 1.0 Rys and a stronger localization
of the 4f charge density. The Coulomb and exchange-
correlation parts of the SIC potential were calculated
from the spherically averaged orbital densities in each
iteration step of the self-consistent cycle.

The 4f radial expectation values (ri) we obtained for
Er and Dy impurities in Ag and Au are compared with
the related values for free Er + and Dy + ions f'rom a
Dirac-Fock calculationzs in Table I. The latter have been
used by experimentalistss to deduce the "bare" CF pa-
rameters Ai from the quantities Ai (r'), which are di-
rectly connected to experimental data. However, the (ri)
values in the crystal can be expected to be enhanced in
comparison with the free-ion values, as is confirmed by
the data exhibited in Table I. For this reason, the com-
parison between theory and experiment should be done
with respect to the product Ai (ri) Our re.sults for the
CF parameters for Er and Dy impurities in Ag and Au
are summarized in Table II. The main contributions to
Ai (r') originate from on-site and nearest neighbor shell

site densities. Lattice contributions arising from the next
nearest and higher neighbor shells turn out to be neg-

ligible. In the case of A4(r ), the dominating on-site
contribution is negative and changes the sign of this CF
parameter. The main part of this contribution can be
identified with that of the proposed 0 5d virtual bound
state. It is proportional to the difference in the 5d partial
occupation numbers n, /2 —ni„/3, which is found to be
about —0.02 in Ag and about —0.03 in Au. Mulliken

population analysis yields a net valence electron popu-
lation on the rare earth site of 1.1—1.2 of predominantly
d character. Sign and magnitude of all calculated CF
parameters agree with the related experimental data of
Ref. 9. The relation of fourth-order CF parameters for
Er in Ag and Au is reproduced correctly, while this rela-
tion is reversed for the sixth-order parameters compared
to the experimental situation (Fig. 1). Our results for

Dy in Ag and Au are similar. The differences in the
fourth-order parameters in the hosts Ag and Au are pri-

[Kj
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FIG. 1. Comparison between theoretical (present calcula-
tion) and experimental (Ref. 9) CF parameters of Er in Ag
and Au.

We are indebted to M. Loewenhaupt, W. Hahn, M.
Divia, P. Novak, K. Hummler, P. M. Oppeneer, R. Hayn,
and I. Mertig for stimulating and helpful discussions.

marily due to changes of the on-site contributions. The
large difference between the experimental values of the
sixth-order parameter for Dy and Er in Au is hard to un-

derstand and cannot be obtained in our calculations, as-

suming the rare-earth ions to be very similar with respect
to the shape of their radial 4f density and, thus, yielding
only small alterations of the CF parameters between dif-

ferent impurities in the same host. Another point to be
discussed when comparing our results to experiment is
that the rare-earth concentration of typically 0.08 and 1
at. %%up in th emeasurements @ is lowe r tha nabou t 3at .% in
the calculations. However, enlarging the supercell would
not change the results of our CF calculations significantly,
since site charges in second and higher neighbor shells of
a rare-earth ion do only marginally contribute to the CF
(cf. Table II). Finally, a complete full potential treat-
ment requires one to include intra-atomic nonsphericity
effects self-consistently in the calculation of the charge
distribution.

In conclusion, we have shown that the crystal-field pa-
rameters for rare-earth impurities in noble metals can be
calculated &om first principles in the &amework of the
crystal-field model (1). Our results are in good agree-
ment with recent data &om neutron scattering measure-
ments, except those for Dy in Au. Artificial constraints
on the 4f radial charge density can be avoided if the self-
interaction correction for the localized 4f states is taken
into account.

R. Coehoorn, in Supermagnets, Hard Magnetic Materials,
Vol. 331 of NATO Advanced Study Institute, Series
Mathematical and Physical Sciences, edited by G. J. Long
and F. Grandjean (Kluwer, Dordrecht, 1991),p. 133.

G. H. O. Daalderop, P. J. Kelly, and M. F. H. Schuurmans,
J. Magn. Magn. Mater. 104-107, 737 (1992).
K. Hummler and M. Fahnle, Phys. Rev. B 45, 3161 (1992).
P. Novak and J. Kuriplach, J. Magn. Maga. Mater. 104-



16 292 STEINBECK, RICHTER, ESCHRIG, AND NITZSCHE 49

107, 499 (1992).
M. Richter, P. M. Oppeneer, H. Eschrig, and B. Johansson,
Phys. Rev. B 46, 13919 (1992).
M. Divis and J. Kuriplach, Physica B 183, 25 (1993).
P. Novak and J. Kuriplach, IEEE Trans. Magn. (to be pub-
lished).
P. Fulde and M. Loewenhaupt, in Spin 8'aves and Mag-
netic Interactions 1, edited by A. S. Borovik-Romanov and
S. K. Sinha (Elsevier, Amsterdam, 1988), p. 367.
W. Hahn, M. Loewenhaupt, and B. Prick, Physica B 180-
181, 176 (1992).
G. Williams and L. Hirst, Phys. Rev. 185, 407 (1969).

' J. C. Duthie and V. Heine, J. Phys. F 9, 1349 (1979).
F. Christodoulos and J. M. Dixon, J. Phys. C 20, 5537
(1987).
H. C. Chow, Phys. Rev. B 7, 3404 (1973).
F. Christodoulos and J. M. Dixon, Phys. Lett. A 124, 437
(1987).
J. M. Dixon and F. Christodoulos, Physica B 147, 192
(1987).
E. A. Albanesi, H. M. Pastawski, and M. C. G. Passeggi,
Physica B 154, 397 (1989).
K. %'. H. Stevens, Proc. Phys. Soc. London Sect. A 65,

209 (1952).
M. T. Hutchings, Solid State Phys. 16, 227 (1964).
M. S. S. Brooks, L. Nordstrom, and B. Johansson, Physica
B 172, 95 (1991).
M. Richter and H. Eschrig, Physica B 1'72, 85 (1991).
H. Eschrig, Optimized I CAO Method and the Electronic
Structure of Extended Systems (Springer, Berlin, 1989).
M. Richter and H. Eschrig, Solid State Commun. 72, 263

(1989).
P. Eckerlin and H. Kandler, in Structure Data of E/e

ments and Intermetallic Phases, edited by K.-H. Hellwege,
Landolt-Bornstein, New Series, Group III, Vol. 6 (Springer,
Berlin, 1971).p. l.
U. von Barth and L. Hedin, J. Phys. C 5, 1629 (1972).
P. Novak (private communication).
M. Fahnle, K. Hummler, M. Liebs, and T. Beuerle, Appl.
Phys. A 57, 67 (1993).
J. P. Perdew and A. Zunger, Phys. Rev. B 23, 5048 (1981).
W. M. Temmerman, Z, Szotek, and A. Winter, Phys. Rev.
B 47, 1184 (1993).
A. J. Freeman and J. P. Desclaux, J. Magn. Magn. Mater.
12, 11 (1979).


