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Magnetoluminescence of GaAs in the quasiclassical limit
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We have observed very sharp lines in magnetoluminescence spectra of a GaAs-Al Gap As single
heterostructure under resonant excitation of 10—70 meV above the GaAs direct energy gap. More
than 14 lines were observed in both o.+ and o polarizations, at magnetic fields as low as 0.6 T.
The spectral positions of these lines and their dependence on the magnetic field allow us to attribute
the strongest lines to optical transitions between electron and light-hole Landau levels with indices
from n = 2 to 15. The nonparabolicity of the bands and efFects of the resonant electron-phonon
interaction were directly observed in the luminescence spectra. The energies of optical transitions
obtained for large Landau indices at low magnetic fields allow an accurate determination of band
parameters in the classical limit. The eRective mass and g factors of the light holes are found to be
mfa ——(0.078 + 0.002)mo and g&'h

—30.7 + 0.7 for a magnetic field along the [001] direction.

I. INTRODUCTION

An external magnetic field applied to a semiconductor
strongly influences the energy spectrum of free carriers
in the conduction and valence bands, producing a set of
Landau subbands with a quasi-one-dimensional disper-
sion law E(k, ) in the direction along the magnetic field,
separated by the cyclotron energies hw,"".Since the op-
tical transitions occur between appropriate Landau levels
of conduction and valence bands, magneto-optical mea-
surements provide important information about the ef-
fective masses of carriers and allow a set of band param-
eters to be obtained. Magneto-optical studies over the
past 30 years have produced some of the most accurate
va]ues of the band parameters of elemental and AiiiBv
semiconductors.

The valence-band parameters of GaAs have been stud-
ied by different methods, such as magnetoabsorption, i z

magnetorefiectivity, s cyclotron-resonance absorption, 4

and recently by resonant magneto-Raman scattering. 5 In
spite of numerous magneto-optical studies carried out on
GaAs, the parameters obtained difFer considerably even
when measured by similar methods. (See, for example,
the discussion in Ref. 6.)

Progress in GaAs molecular-beam-epitaxy-growth
technology over the past decade has enabled high-quality
GaAs crystals to be grown. Samples now available ex-
hibit very sharp (full width at half maximum 0.5 meV)
resonances in a magnetic field, which allows one to study
the fine structure of interband magneto-optical transi-
tions due to band admixing, as well as to study in detail
the effects of the Coulomb and electron-phonon interac-
tion on the energy spectrum of carriers in a magnetic
field.

Recently, a new type of magneto-optical resonance in
the spectra of hot photoluminescence resonantly excited
at energies a few meV above interband transitions has
been observed for a GaAs-Ali Ga~As heterostructure.
In this paper we present the results of a systematic study
of this type of resonance. The sharpness of peaks ob-

served allows us to determine with very good accuracy
the energies of transitions between Landau subbands for
different values of the magnetic field. More than 14 lines
have been observed in both o+ and cr polarizations with
widths as narrow as 0.5 meV. Deviation from linearity
vs H due to band nonparabolicity and resonant electron-
phonon interaction has also been noticed. The light-hole
effective mass and g factor as well as nonparabolicity
terms have been obtained from the data analysis.

The paper is organized as follows: In Sec. II we discuss
the experimental method and the samples on which mea-
surements were performed. In Sec. III the experimental
results are presented. Section IV contains the analysis
of experimental data. In Sec. V we summarize our re-
sults and make suggestions for future investigations. The
paper includes Appendixes in which details of the calcu-
lations are presented.

XI. EX.PER.IMENT

In the present study we used two types of GaAs sam-
ples, both grown on undoped [001] oriented substrates.
Sample 1 was a 20-pm-thick epitaxial layer grown by
liquid-phase epitaxy with an electron mobility of the
order of p 10 cm /Vs and electron concentration
N~ —N = 7 x 10 cm at 77 K. The same sam-
ple was used in our previous experiments. Sample 2
was a single heterojunction (SH) grown by molecular-
beam epitaxy. Two micrometers of GaAs were covered
with 1000-A. Gai Al As (2: = 0.33) selectively doped
with Si at 360 A from the interface, so that a two-
dimensional (2D) channel with a surface concentration
of about n, = 2.2 x 10ii cm existed in the interface
region. The high quality of the interface was confirmed
by the large mobility of the 2D electrons (~ 10s cm /V s)
measured in this structure at liquid-helium temperature.
We believe that the existence of such a high-quality in-
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terface is essential for magnetoluminescence studies since
luminescence properties of semiconductors are usually
very sensitive to the surface quality. Resonant excitation
above the fundamental absorption edge creates carriers
close to the sample surface. A large density of surface
states causes fast nonradiative recombination of the pho-
tocreated carriers, which decreases the lifetime of elec-
trons in the crystal and leads to broadening of the elec-
tron states. In our case, the high quality of the inter-
face seems to suppress surface recombination, with the
corresponding narrowing of the luminescence lines and
enhancement of their intensities.

The data obtained on sample 1 (bulk GaAs) and sam-
ple 2 (wide bufFer SH) are rather similar. No difFer-
ences in energy positions and relative intensities of the
peaks were observed within the experimental accuracy;
however, the absolute intensities of magnetoluminescence
peaks were found to be one order of magnitude stronger
in sample 2, which also exhibited features with an ap-
proximately 30% narrower linewidth, due to the suppres-
sion of surface recombination. For this reason most of
the data presented below were obtained with sample 2.
One should expect in the magnetoluminescence spectra
of sample 2 also some features related to Landau lev-
els arising from 2D electron states conBned in the region
of the interface. The comparison of resonance proBles
measured on both samples shows that peaks from bulk
Landau levels dominate. We attribute this to the large
width of the GaAs layer in sample 2. The bulklike states
are much less perturbed by the interface than the rather
localized 2D states which therefore have shorter lifetimes
and are suppressed under resonant excitation. For these
reasons we shall refer to both samples studied as GaAs
samples in the following.

The experiments were performed in magnetic fields of
H & 14 T with a sample temperature of about 5 K.
We used an Oxford Instruments 14j16T superconducting
magnet with a 52 mm bore diameter and Beld uniformity
better than 0.1% in the spherical volume of 1 cms. Mag-
netoluminescence spectra in the range of 1520—1600 meV
were studied in backscattering geometry with the mag-
netic field applied perpendicular to the layer surface. To
realize resonant excitation conditions we used a tunable
Ti-sapphire laser pumped with a cw Ar+-ion laser. The
laser excitation power was restricted to less than 3 mW,
with a spot size of 0.5 mm in order to decrease the ef-
fects of exciton-exciton interaction and prevent sample
heating. Most of the data were taken in Faraday geom-
etry in the z(cr+cr+)z and z(cr o )z polarizations, i.e. ,

the excitation and detection were performed in the same
circular polarization. For most of the measurements a
double monochromator was set as spectral band pass at
the energy of 2—5 meV below the laser energy. The lu-

minescence intensity was then measured as a function of
the magnetic Beld. A small hysteresis of about 20 mT
was found between scans with increasing and decreasing
magnetic fields at a rate of 0.6 T/min and this difFerence
was taken into account in the following data analysis.
To obtain the exciton ground-state energy, luminescence
spectra excited by the green lines of the Ar+-ion laser
were also studied in magnetic fields up to 14 T.

III. EXPERIMENTAL RESULTS

Ga&,Al, As —GaAs

H=O

T=5 K

ExlS

DAP

148 149 150 151 152
PHOTON ENERGY (eV)

FIG. 1. The spectrum of bulk luminescence of GaAs-
Gaq Al As samples near the fundamental gap of GaAs taken
at 0 = 0, T = 5 K. Arrows show positions of the n = 1 and
n = 2 exciton terms and donor-acceptor pair recombination
(DAP).

Figure 1 gives the luminescence spectrum of sample 2
at zero magnetic field under excitation by the green lines
of an Ar+ laser. The bulk-exciton luminescence line at
the energy Eip = 1515.1 meV dominates the spectrum.
This assignment to the bulk exciton is in accord with the
literature value of Eis =1515.01 meV (Ref. 8) and also
agrees with the results of our magnetoreBectivity study.
On the high-energy side of the 1S-exciton line an ad-
ditional feature at E„—~ ——1518.2 meV was observed,
which corresponds to the exciton excited state (n = 2).
Some traces of bound-exciton complexes appear on the
low-energy side of the free-exciton line. The good reso-
lution of the n = 1 and n = 2 exciton lines and the low
intensity of the bound-exciton lines indicate the low con-
centration of structural defects and residual impurities in
our samples. The spectral positions of all luminescence
lines observed at H = 0 are consistent with those of the
bulk exciton recombination given in the literature.

Figure 2 shows typical luminescence spectra taken at
magnetic fields between 6 and 6.8 T in small steps AH =
0.2 T under resonance excitation at EL, = 1583 meV. At
energies of a few meV below the laser energy a rather
narrow line is observed, with both its energy position
and intensity being strongly dependent on the magnetic
field. With increasing field, the line shifts rapidly towards
higher energies and its intensity increases by about two
orders of magnitude. The spectral position of such a lu-

minescence line has been found to depend only on the
magnetic Beld, while its intensity is mainly controlled
by its energy separation from the exciting laser energy
6 = EI, —Es. With increasing 4, the signal intensity
drops rapidly, and for E ) 7 meV it is too low for reliable
measurements. When we set the monochromator at an
energy a few meV below the laser (in what follows, most
data were taken at 4 = El, —Es = 2 meV) and measure
the luminescence intensity I(H) as a function of magnetic
field, a series of resonances is observed in the I(H) pro-
file. Figure 3 shows such profiles taken in the z(cr+cr+)z
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FIG. 2. Luminescence spectra of GaAs in z(o+o+)z con-
figuration for difFerent values of magnetic field H for exciting
photons with EI, ——1583 meV.

energy matches with that of the spectrometer.
The large difference in peak positions for the two cir-

cular polarized configurations (large efFective g factor)
indicates that light-hole levels are involved in the opti-
cal transitions observed. s To distinguish between reso-
nant luminescence and Raman-scattering contributions
we also performed measurements for difFerent excita-
tion energies with the luminescence being detected at
a fixed energy (see Fig. 4). We found the positions of
the main peaks in magnetoluminescence spectra I(H)
to be independent of the laser energy and determined
only by the detection energy. The variation of the laser
energy only affects the intensity of the peaks observed
which decreases strongly with increasing energy differ-
ence 4 = EI, —Es between excitation and detection en-
ergies. On the high-field side of the magnetoluminescence
lines one can also see small peaks, which result from res-
onance in the excitation channel; these peaks occur when
the laser energy coincides with the energy of interband
transitions with a corresponding increase in the lumines-
cence background.

This method has allowed us to obtain a wealth of ex-
perimental information about the energies of magneto-
optical transitions in the region of 1525 meV & E, &
1595 meV. Even with low excitation power, P & 3 mW,
the typical intensities of the magnetoluminescence peaks
are of the order of 104 counts/s. At energies lower
than 1525 meV a strong background due to the exci-
ton ground-state luminescence disturbs the magnetolu-
minescence profiles. At energies around E, = 1590 meV
we observed a threshold where the intensity of lumines-
cence peaks decreases drastically (see Fig. 5). This be-
havior is more pronounced in the z(o+o'+)z geometry,
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FIG. 3. Magnetoluminescence profiles I(H) measured in
z(o' o' )z (dashed line) and z(o'+o'+)z (solid line) configura-
tions. Eg =1571 meV, EI. ——1573 meV, 4 = 2 meV. The
lower part (h) shows the low magnetic-field domain.

FIG. 4. Magnetoluminescence profiles I(H) measured at
the same energy E, = 1577 meV, but with difFerent laser
excitation energies El.. The energy separation A = EL, —Ez
is given next to each plot.
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FIG. 5. Magnetoluminescence profiles I(H) taken in
z(o+rr+)z geometry (solid lines, 6+ 1 P„ transitions) and
in z(cr o )z geometry (dotted lines, a„+z —1 n„ transitions)
for diferent detection energies E, . The plots demonstrate the
washout of magnetoluminescence resonances, when the opti-
cal transition energy becomes close to the magnetopolaron
threshold.
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where an increase of the energy by only 3 meV prac-
tically leads to the disappearance of the magnetolumi-
nescence signal. When Eg increases, the larger index
peaks disappear before those with the smaller indices. In
the z(, r+o+)z configuration the threshold occurs at en-
ergies of about E, —1585 meV and in z(o o )z con-
figurati n at E, = 1590 meV. It will be shown later
that these values correspond to carrier energies about
1 LO phonon above the bottom of the conduction Dand.
Fast energy relaxation due to emission of optical phonons
becomes possible in this case, producing a strong de-
crease in "hot-electron" populations and a broadening of
the corresponding levels. The intensity of the magneto-
luminescence peaks I(H) drops then by more than two
orders of magnitude, which makes the study of resonant
luminescence problematic. In what follows, we shall fo-
cus our attention on resonance behavior in the energy
region Eg, El, ( 1590 meV, where intense and narrow
peaks are observed.

As we have already mentioned, the small width of the
resonance peaks (for numbers n ) 7 it is less than 0.02 T)
allows an accurate measurement of the transition ener-
gies between Landau subbands with large indices n. Fig-
ures 6 and 7 give the positions of dominant peaks in the
magnetoluminescence spectra I(H) measured at differ-
ent energies in z(o+cr+)z and z(o o' )z configurations;
transition energies form we11 defined sets as a function
of magnetic field H. The upper parts of these figures
display the behavior of these "fan plots" in the region of
low magnetic fields. The lines in these figures represent

FIG. 6. Fan plots of magnetoluminescence resonances in
z(rr+o+)z (~) (5+ 1 P„, optical transitions) configuration.
The lines are fits with an expression quadratic in H of the
points in the low-energy range 1530 meV & E, & 1570 meV.
The positions of exciton ground states measured from lumi-

nescence spectra are shown by squares. The upper part (b)
shows fan lines at low magnetic fields.

quadratic fits with for energies below 1570 meV (for de-
tails of the fitting procedure see the next section). The
same figures also give the exciton ground-state energies
measured from luminescence with Ar+-ion laser excita-
tion. One can see that when H ~ 0 the sets of peaks in
both the z(o+o+)z and z(a o )z polarizations converge
to the same energy Eo —1518 meV, which is close to the
direct gap of GaAs. Fan lines E(H) in both circular po-
larization configurations exhibit pronounced deviations
from parabolic behavior at energies around 1590 meV,
where resonant electron-LO-phonon interaction (magne-
tophonon resonance) becomes possible. io i These devi-
ations will be discussed in more detail in Sec. IV.

IV'. DISCUSSIGN

A. Theory

The fundamental gap of GaAs occurs at the Brillouin-
zone center (I' point), where the states transform accord-
ing to the point group symmetry Td. Including spin-
orbit coupling, the s-like conduction band transforms as
I's (J = z), and the triply degenerate p-like valence
band splits into bands transforming as I's (J = ~~) or
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where u,' = eH/m", c is the cyclotron frequency, AH =
(ch/eH) the magnetic length, n the Landau level in-'/2

dex, and P„(r) a harmonic-oscillator wave function.
The degenerate valence band I ~s forms four series (lad-

ders) of nonequally spaced levels ~a+) and Jb+), which
correspond for large n to light holes, and ]a„) and ]b„),
which correspond to heavy holes. Because of degeneracy
of the I's band at k = 0 the external magnetic field mixes
the valence states even to zeroth order in H. For nearly
spherical bands and k, = 0, the problem was solved
by Luttinger, is who also formulated a perturbation ap-
proach to the anisotropic problem. In this approach, the
problem reduces to the diagonalization of two 2 x 2 matri-
ces and allows an analytical solution. The valence states
decouple into two sets with energies (in magnetic units
s = heH/mpc)

- 1/2
e+(n) = pin —Li, + (p'n —L2, ) +3p" n(n —1)

for set a and
- 1/2

ez (n) = pin —Lib + (p'n+ Lzb) +3p" n(n —1)

for set b, with

FIG. 7. The same as Fig. 6 but for z(o o )z geometry

(a++2 -+ n„, optical transitions).

1 / 1
Lie = —Pi + P ——&)

2 2

1 /L2
2

(6)

I'7 (J = 2) with the energy splitting Ap. The wave func-
tions of the electron states at I' (k = 0) can be written
in the Kohn-Luttinger representation as

(rn, = 3/2)

(m, = 1/2)

(rn, = -1/2)
(rn = —3/2)

ui ——So, )

us =SP
ui ——2 ~ (X+ iY') n,
u., = i6-»' [(X+iY) P - 2Z~],

us = 6 '~z [(X —iY') o, + 2ZP],

4
—'2 i~2 (X —Y) P,

where S, X, Y, and Z transform under Tg like atomic
s, p~, p&, and p, functions, and n and p indicate states
with spin up and down, respectively.

In a magnetic field the bands are quantized into Lan-
dau subbands. There are two sets of Landau subbands
in the conduction band corresponding to different spins
o = cr, P with energies

1 / 1b= —py —p + —m
2 2

1 /
Lgg = py —e ——p,2

4„+= ]a+) = ai ui(r)4'„2(r) + az u3(r)C (r),

@„+= ~b„+) = bi uz(r)C „2(r)+ b2 u4(r)4„(r).
(7)

The cyclotron frequencies co~ for the light and heavy
holes in the classical limit (large n) are the same for holes
from the a and b sets and are given by

where pq, p', p", K are the Luttinger parameters describ-
ing the valence band of a cubic semiconductor in a mag-
netic field. The parameters p' and p" depend on the
direction of the magnetic field with respect to the crystal-
lographic axes. In the case H

]~ [001] they are connected
with the Luttinger parameters pg and p3 through the re-
lations p' = pq and p" = (p2 + ps)/2. For the definition
of pi, p2, and ps see Ref. 13 and Appendix A.

The wave functions designated here by the index n are
combinations of n and n —2 harmonic-oscillator states:

5'k,'
&' = &s+ &~~

~

n+ —
I +, +»g oH

2) 2m~

and wave functions

@„'=u'„(r)C„(r), o = n, p,

4„(r)= —exp (i (k,z+ k x)] P~ ~

1 . &y —ypl
L ( &0 )

(2)

(3)

The Luttinger solution is linear in the magnetic field,
with the cyclotron masses of holes for large n depend-
ing only on the direction of the field with respect to the
crystal axes. This is due to the fact that in the Lut-
tinger scheme only states from the I'8 multiplet are cou-
pled by the magnetic field, while explicit coupling with
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other bands is neglected. This coupling was taken into
account by Pidgeon and Brown (PB),~4 who treated the
I'7, I'~8 and I'~ states in an 8 x 8 k p scheme. This
approach was developed further in the papers of Suzuki
and Hensel, Aggarwal, Weiler, Aggarwal, and Lax 7

and Trebin, Rossler, and Ranvaud. s The authors of Ref.
18 analyzed the terms in the Hamiltonian in accordance
with the different symmetry classes and introduced terms
which occur, because of inversion asymmetry, in zinc-
blende semiconductors. The coupling with conduction
and spin-orbit-split bands leads to an additional mixing
of wave functions as compared with that described by the
Luttinger solution. As a result, a deviation from a linear
behavior with H occurs for electron and hole energies
(nonparabolicity) and some otherwise dipole forbidden
transitions become allowed. EfFects of nonparabolicity
on the effective masses of conduction and valence bands
will be discussed in more detail in the next section and
in Appendix B.

Selection rules for the interband magneto-optical tran-
sitions follow from the mixed cyclotron orbital character
of the valence-band wave functions. In contrast to simple
bands, where transitions are allowed only between levels
with the same Landau indices n, = nh, , En = 0, the de-
generate valence bands of GaAs allow, even in the spher-
ical approximation, optical transitions with An = 0, —2.
The optical transitions allowed in the o.+, o. , and ~
(e, II H) polarizations can be summarized as follows:~s

la.') l~ ), lb.') lP ); (~+)

la.+) l~ -z) lb.+) IP--2); (~ )

la.+) ~ I& ) lb.+) ~ I& -z) (~)

respectively. In Faraday configuration only transitions in
circular polarization are possible with the selection rules
An = 0 in o+ and An = —2 in o polarizations.

There is some confusion in the literature concerning
the indexing of the valence subbands. Two schemes are
found. One, proposed by Luttinger, is used in Refs. 19
and l. In this scheme, which we also use in our pa-
per, t;he valence-band wave functions have the form (7)
and are a combination of two oscillator wave functions,
with an index referring to the largest oscillator quantum
number n The second .scheme has its origin in the PB
approach and was used in Refs. 16 and 20. The PB ap-
proach is based on the diagonalization of an 8 x 8 k p
Harniltonian with the I'c6, I'~8, and I'~7 wave functions as
basis. The main coupling occurs between levels n in the
conduction band, and levels (n —1) and (n + 1) of the
valence band. The eigenvectors in this scheme are a com-
bination of conduction- and valence-band wave functions
where n refers to the conduction band. This leads to the
selection rules An = n, —n„= +1. The apparent dif-
ference in the selection rules is fictious and is connected
with a different scheme of indexing Landau levels in the
valence band arising from the different perturbation the-
ory schemes used.

„(H) = ~g + s"„(H)+ E."„(H)—R"„(H), (10)

where A = a+, b+, a, b; cr = o;, P; magnetic energies s',
z" of carriers are energies of Landau levels with respect
to the bottom of the conduction band and the top of
the valence band, respectively, both being positive for
conduction- and valence-band levels; and B"„(H) is the
energy of Coulomb correlations between electron and hole
involved in the optical transition.

The selection rules discussed in the preceding para-
graph allow transitions with n = m in sr+ polariza-
tion and n = m —2 in o. polarization. Using the re-
sults of magnetoabsorption studies, 2' the main peaks
in magnetoluminescence profiles have been attributed to
the transitions b~+ ~ P„ in the o+ polarization and
a„+2 ~ a,„ in the ~ polarization. Between the main
peaks others with a much smaller intensity were also
seen, which probably correspond to optical transitions
b++2 —+ P„and a+ ~ o.„The p.osition of these peaks
was measured with a much lower accuracy because their
shape is strongly disturbed by a background arising from
the main peaks. We will not discuss therefore their be-
havior, but rather focus our attention on the main peaks.

When analyzing the optical transition energies, correc-
tions to the electron-hole Coulomb interaction have to
be made. A general theory describing exciton states in
the intermediate range of magnetic fields is not available.
We estimated the exeiton corrections using a quasiclas-
sical approach which was recently proposed to describe
Coulomb correlations for electron states with large Lan-
dau indices n (see Appendix C for details).

We are interested in the slope of the fan plots E „(H)
as a function of magnetic field H for different levels in-
volved in the optical transitions. We shall first use an

empirical description of the optical transitions and then
connect it with the band parameters of GaAs. We fit the
energies of optical transitions with the expansion

This description is based on Aggarwal's analysis, ~s who
considered the energies of magneto-optical transitions
within the framework of the 8 x 8 k p model, and de-
rived expressions for the energies of the electron and light
holes by expanding the secular equation in powers of the
magnetic energies s = heH/moc. Except for corrections
due to Coulomb interaction, eo in expression (11) is the
gap energy at H = 0, e1 is related to the reduced optical
mass, and e2 represents the sum of nonparabolic contri-
butions arising from valence and conduction bands.

B. Data analysis

The behavior of the discussed magnetolurninescence
peak energies as a function of the magnetic field directly
indicates that these peaks arise from interband magneto-
optical transitions between different Landau levels in con-
duction and valence bands. The energy of an optical
interband transition equals the sum of gap energy s~,
and the magnetic energies of the electron and hole par-
ticipating in the recombination process, reduced by the
Coulomb interaction between electron and hole,
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The energies of magneto-optical transitions were fitted
by the least-squares method in the 1530—1570 meV range.
To reduce the resonant polaron effects, only data below
1570 meV were taken into account. Parameters obtained
from the fit were found to be insensitive to the choice of
the high-energy limit up to E —1575 meV, where the
inBuence of magnetophonon resonance on the energies of
electron states becomes appreciable. The results of the
fitting procedure performed for the optical transitions in
0.+ and cr polarizations are displayed in Figs. 6 and 7 by
solid lines. From this fitting we obtained the coefBcients
eo, ei, and ez for the transitions b+ ~ P„(2 & n & 10)
and for transitions a„++2 —+ n„(1 & n & 9).

All the fan lines converge to the same energy eo within
1 rneV for H ~ 0, (eo increases monotonically from
1517.8 meV for transitions with low numbers n = 2 to
1518.5 meV for transitions with n & 5).

The linear coefficient ei = e~z+ ei" in (ll) describes the
slope of fan lines for low magnetic fields (H ~ 0) and is
thus connected with the electron and light-hole masses
at k = 0. It can be expressed in terms of the electron
mass and Luttinger parameters, neglecting electron spin,
as follows:

1 ( +-I+ ~( ),
m~ g 2j (12)

where m = n for the o+ polarization and m = n+ 2
for the o polarization and the ep(m) (A = a+, b+) are
given by Luttinger expressions (4) and (5).

The slopes ei(n) of the optical transitions b+ —+ P„
and a„++2 —+ n„are displayed in Fig. 8 as functions of
the index n. Their behavior is linear with n and, for the
optical transitions with indices n & 5, it can be described
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FIG. 8. Slopes of the optical transitions Bs/BH at H -+ 0
as function of the Landau index n. The experimental data are
represented by o and ~ for b+ —+ P„and a++2 —+ n„optical
transitions, respectively. Lines are linear fits of the points
with n & 4.

by the following expressions: for b„—+ P„ transitions (o+
polarization)

ei(b„~ P„) = (3.242 n+ 0.78) meV/T

and for a„+2 —+ n„ transitions (cr polarization)

Ei(a +2 ~ n„) = (3.246 n + 2.54) meV/T .

The change of the slope ei(n) —er(n —1) in the limit of
large n is connected with the reduced cyclotron masses
of the electron and light hole

ei(n) —er(n —1) = p ' =
mg m]Q

+ 71 + ('7" + 3'7'")
mp

(15)

Equations (13) and (14) give us the value of the re-
duced mass p i = m, + m&&

——28.02me . Using
the electron effective-mass value m~ = 0.0660mo, ob-
tained recently from cyclotron resonance with corrections
for nonparabolicity, 2~ we found for the light-hole mass
m~i, [H ~~ (001)] = (0.078 + 0.002)mo, which is approxi-
rnately 10% smaller than the previously reported values.
We believe that the difference in band parameters in
comparison with other magneto-optical studies is mainly
due to our more accurate treatment of nonparabolicity
effects. The light-hole masses have been calculated re-
cently for GaAs using the five-level k p model. 2s These
calculations give the cyclotron mass of the light hole for
H

~~ (001) as mig = 0.0755mo, which is in good agree-
ment with our result. The light-hole mass determined
in the present work is also more consistent with the pa-
rameters generally used in k p calculations than other
data (see Appendix A). We have found that Coulomb
corrections to the interband transition energies decrease
rapidly with increasing Landau index n and with decreas-
ing magnetic field. For large numbers n & 4 and mag-
netic fields in the range of 1 T& H & 5 T these correc-
tions give a contribution to the slope BE/BH of less than
5%. We would like to note that neglecting exciton cor-
rections during the fitting procedure gives an even lower
value m~g = 0.075mo for the light-hole mass.

From the difference between the lines in Fig. 8 the opti-
cal effective g factor24 of the light hole can be determined
to be g~q = 2(pi + 2p+ 2K) = 30.7+ g,'. This gives the
Luttinger parameter r = (g~i, —2/mii, )/4 = 1.25 + 0.2,
which is consistent with the published value [K = 1.2&0.2
(Ref. 9)].

It can be seen in Figs. 6 and 7 that pronounced de-
viations from the fitted parabolic behavior occur at a
transition-energy threshold of around 1590 meV. This
bending of the fan lines is ascribed to resonant electron-
phonon interaction between the higher Landau levels n
and the n = 0 state. Whenever the energy difference be-
tween such electron levels equals the LO phonon energy,
an anticrossing occurs in the electronic structure with
the n state becoming clamped to the n = 0 ground-state
level for higher magnetic fields. Due to the small value of
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the Frohlich coupling constant a.~ in GaAs [o.~ = 0.065
(Ref. 9)], these anticrossings are usually hard to ob-
serve in interband magneto-optical experiments. Our
high-quality sample used allowed us to resolve resonant
magneto-polaron effects up to n = 9. Deviations of
the fan-plots from parabolic behavior in the vicinity of
magneto-phonon resonances are in good agreement with
a theory2s proposed recently for description of resonant
polaron corrections to the lower branch of Landau sub-
bands with arbitrary index n. We found that resonant
polaron corrections do not influence the slope of optical
transitions at H ~ 0, while they give a noticeable con-
tribution to the nonparabolic term sq even at energies
lower than 1570 meV. Their contribution is about 20%
of the total nonparabolicity and was subtracted from ex-
perimental fan lines before fitting them with Eq. (11).

The corrections to the optical transition energies
quadratic in H can be written as (see Appendix B)

(",)', ("")'
(16)

~c }}1

where s~& (s'P) is the contribution linear in H to the elec-
tron (hole) energy and s', and sf& are effective parameters
with dimensions of energy.

Figure 9 displays the experimental values of ez and
those calculated with Eq. (16) for the a„++zn„and b+P„
transitions as function of the transition index n. The
electron mass m, = 0.0660mo was used to calculate
the conduction-band energy s~&. The hole energy dP
was obtained from the experimentally measured value
E'y = 8'~ + 6'~ by subtracting the conduction-band con-
tribution. The parameters s*, = 1.31 eV and z&&

——0.47
eV were calculated with k p theory (see Appendix B).
The theoretical values describe the observed band non-
parabolicity reasonably well. It follows from the k p the-
ory (see Ref. 1 and Appendix) that the coefficients ez(n)
and ei2h(n) which describe the nonparabolicity increase

quadratically with the transition index n. This leads
to an approximately linear increase of e„with n. Such
a behavior is consistent with experimental observations.
Expression (B7) also satisfactorily describes the larger
nonparabolicity observed for the a„+2m„set of transi-
tions with respect to the b„P„set, arising from a larger
hole contribution to the transition energy ~„+2
However, the nonparabolicity observed is systematically
15—20 % stronger than the calculated one. A somewhat
better fit can be achieved with the parameters e*, = 1 eV
and eih —0.41 eV. It is interesting to note that an em-
pirical fit of the cyclotron resonance data also gives a
value for e,' lower than 1.31 eV (e,' —0.98 eV from Ref.
23), which is consistent with our findings. We also men-
tion that at energies 1.53 eV & Eg (1.57 eV, where most
data were taken, the nonparabolic corrections to the elec-
tron and hole magnetic energies are much smaller than
in typical magnetoabsorption experimentsi 2i where the
energies up to 1.7 eV were used in determination of band
parameters. The inBuence of these corrections on the
transition energy is thus much lower in our case than in
previous studies.

Another advantage of the present measurements as
compared to previous magnetoabsorption studies of
GaAs (Refs. 1, 2, and 21) is that the main information is
obtained from optical transitions corresponding to large
Landau indices n & 5 where quantum-defect corrections
to the hole mass are small and the light-hole mass ap-
proaches its classical value. Under such conditions cor-
rections due to Coulomb interaction are strongly reduced.
This makes the uncertainty in the estimation of exciton
corrections smaller than in previous studies.

The method presented here has the potential to yield
similar high-precision results in other bulk and mi-
crostructured semiconductors. We have in fact ob-
served similar magnetoluminescence resonances in InP
and CdTe.

V. CONCLUSIONS

1.2—

1.0

0.8
Q

g O. 6

~ —bn n

0 —a +~a

0.g
CQ

0.2—

0.0
0

I I I I I

2 4 6 8 10
LANDAU INDEX n

FIG. 9. Nonparabolic coefficients e~ as a function of
Landau index n for b+ ~ P„(~) and a++2 ~ n„(o) opti-
cal transitions. The lines display results of calculations with
e8'ective two level parameters e,' = 1.31 eV and e&~

——0.47 eV
(see text for details).

The energies of interband magneto-optical transitions
between different Landau subbands were investigated
by studying the magnetoluminescence spectra of GaAs
under resonance laser excitation. The luminescence
efficiency was increased through the use of a GaAs-
A1~Gai ~As single heterojunction with a high-quality
interface which results in suppression of surface recombi-
nation. The observed resonances of the luminescence in-
tensity give very precise information on the energy spec-
trum of carriers in a magnetic Beld. The effect of elec-
tron and light-hole band nonparabolicity and resonant
electron-phonon interaction have been directly seen in
our measurements. As a result of the data analysis,
the light-hole mass and g factor have been obtained as
well as coeFicients for the nonparabolicity of the light-
hole band. The light-hole mass has been found to be
m~h = (0.078 + 0.002)mo, 10% smaller than previously
measured values but in good agreement with recent cal-
culations and consistent with parameters used in k p
calculations.
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(A7)

F = p&+4~2 —2G.

Term C in (Al) is responsible for the anisotropy of the
valence band C = 12 (ps —pz). In the case of small
anisotropy Ips —p2I (( p2 the following expressions can
be derived for heavy- and light-hole cyclotron masses for
B II (1oo):

APPENDIX A: COMPARISON
WITH k ~ p BAND CALCULATIONS

mhh ——A —QB~ + C2/8 = —M + —G —1
4 8 (A9)

It is interesting to compare the results of our measure-
ments with band parameters used in k p band calcula-
tions. The shape of the I's valence band of GaAs around
k = 0 is given by

m(h ——A+ QB2+ C~/8 = F+ ——M+ —G —1
—1= 7

3 12 24

(Alo)
and for H

II (111)

E(k) = Ak2 ~ B'k'+ C (k.'k„'+ k„'k,'+ k,'k.')
(A1)

mhh' = A —y B + C2/4 = —M + —G —1, (A11)

where

A = —(F + 2G+ 2M) —1,
1

B = —(F+2G —M),
1

C = — (F —G+ M) —(F + 2G —M)3

(A2)

Here F represents the interaction between I'&5 and I'&
bands separated by the energy gap eo = e~ coupled with
the matrix element P:

2P2
(A3)

M represents the interaction between I'z5 and I'j5 bands
coupled by the matrix element Q

Q2

Eo Es + 260/3

with eo' ——co + 2401/3 being an effective eIi gap.
G represents the interaction between I'&5 and I']2

bands and is relatively small in GaAs because of the large
energy separation between these bands.

The values A, B, and C are connected with Luttinger
parameters through the relations

pi=A, 1
pg ———B, 1

ps = —(F —G+ M).
6

(A5)

The signs in the above expressions are taken to make the
parameters A, B, and the Luttinger parameters positive.

The equations above can be resolved with respect to
parameters F, G, and M expressed in terms of Luttinger
parameters pi, p2, and ps as

m&&
——A + QB2 + C~/4 = F+ —M—+ —G —1.2 5 7

(A12)

It follows from the symmetry of the bands involved and
from Eqs. (A9)—(A12) that F does not couple the con-
duction band with the heavy-hole states and the heavy-
hole mass is totally controlled by M and G.

The parameter F appears only in the expression for the
light-hole mass and thus expression (Alo) can be used to
estimate F and check the consistency of P with the value
determined from conduction-band parameters. This es-
timate can be made by fixing the heavy-hole mass to its
experimental values and adjusting P to obtain agreement
with the determined-light hole mass.

From rn~h = 0.078rno, the matrix element P describ-
ing the coupling between I'i conduction and I'is valence
band can be estimated (EI = 2P = 25 eV). This value
is much closer to estimates from conduction-band param-
eters [Ep = 26 eV (Ref. 27) and EJ = 27.9 eV (Ref. 23)]
than that obtained from a previous set of valence-band
parameters (the set of Luttinger parameters from Ref. 9
leads to EI = 2P2 = 22 eV).

APPENDIX B:BAND NONPARABOLICITY

The solution of the Luttinger 4 x 4 Hamiltonian is lin-
ear in the magnetic field with the wave functions of a+
and 6+ hole states dependent only on Landau quantum
number and the direction but not the magnitude of H. A
deviation from linear behavior on H occurs when higher-
order terms in the expansion of s(k) are included. It is
convenient to describe band nonparabolicity by an effec-
tive two band expression

M =pg —2pg+1 ) (A6)
(Bl)
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where e'i = h k /2m' is the energy calculated in a
parabolic band approximation, with m' being the effec-
tive mass of the electron (hole) at the bottom of the band,
and e' a parameter with the dimension of energy. This
expression is connected with the conventional treatment
of band nonparabolicity:ss

h ks
s(k) =, + nok (B2)

through the relation s" = —h /4(m') ~o
Nonparabolic corrections to the cyclotron masses of

electrons and holes have been considered in Refs. 19 and
16 within the framework of an 8 x 8 k p matrix. For
the quadratic corrections in H the following expressions
were derived for conduction and light-hole bands:

is 15—20 Fo stronger than that calculated with equations
and parameters above.

APPENDIX C: COULOMB CORRECTIONS

The Coulomb interaction between electrons and holes
decreases the energy of interband optical transitions and
has to be taken into account. The calculations of the ex-
citon binding energy are based on the adiabatic approx-
imation which assumes that motion along the direction
of magnetic field is slow compared with that in the 2:y
plane perpendicular to the magnetic field. For the exci-
ton ground state this requires that P )) 1 so where 2P is
the ratio of the cyclotron hA = heH/pc to the Coulomb
binding energy R = pe /2h Kp, i.e. ,

( m,*),s 3so+4Ao+2E2o/so
mo) '

( p+Ep)(3 p+26p)

slh sg + +p y 1hq2
(B4)

mph H
p2esc

4(p, z) = (2') '~ e' ~R(p, z) W(z), (C2)

where p = m, mh/(m, +mh) is the exciton reduced mass
and Ko the dielectric permittivity. Using for the relative
motion a wave function of the form

where e'i and s'ih are terms linear in H.
The expression for the conduction-band nonparabol-

icity was recently improved s in order to include cou-
pling between I'i and I"is conduction bands represented
by the matrix element P'. The following expression was
obtained for the term aoA;:

one can obtain after separation of variables two differen-
tial equations

h (' 1 8 0 M2 p Mi
p + s+ 2+2p ( p Op Op ps 4A2H AsH p

p4
Qg3

0

P2 /Q2

PI2 Q2
+ 27Eg (E'e Ee)

(B5)

Q2

R(p, z) = V(z) R(p, z),
ro (p2 + z2)'~

(C3)
I

where Eo and Ep' are average gaps, Ep ——Ep + 4p/3 =
1.631 eV, and Ep' = Eo + 24p/3 = 4.602 eV. With pa-
rameters for GaAs taken from Ref. 27 we find from Eqs.
(B4) and (B5) s*, = 1.31 eV and si'h ——0.47 eV.

The total nonparabolicity for the optical transitions
can be written as

6'y ~
(B6)2

C Ih

In the classical limit of large n )) 1 (B6) can be written

s, "=
~

n+ —
~

(h~.)'11

6 m, r s," Km+1/2lx 1+
gmih) 8)h ( n+ 1/2 p

with m = n for En = 0 and m = n + 2 for An = —2 op-
tical transitions. This approximate expression describes
quite reasonably the observed dependence of experimen-
tally measured nonparabolic coefficient eq(n) on the
transition index n and also the difference in nonparabol-
ieity between b„~ P„and a„~s ~ a„sets of transi-
tions (see Fig. 9); the observed nonparabolicity, however,

( h d2

2 + V(z) —s
i W(z) = 0.

2p, dz2 ) (C4)

/M[+ M
A Qp +

2 (C5)

This allows one to estimate the binding energy of an exci-

Here V(z) is a one-dimensional potential describing the
relative motion of the electron and hole along the mag-
netic field direction, with e„being the exciton binding en-
ergy, and W(z) the wave function of this relative motion.
V(z) can be found from perturbation theory by using the
Landau wave functions of free carriers as zeroth-order ap-
proximation. Perturbation theory gives satisfactory ac-
curacy only for very high magnetic fields p )) 1, while
the adiabatic approximation itself is already valid for not
very large P ) l.

For excitons formed from higher Landau levels the
binding energy depends on the magnetic field and Lan-
dau quantum number mainly through the efFective Lar-
mor radius of the exeiton IR

——AH(n~+ ~M~+1).2i Here
the radial quantum number n~ is related to the Landau
level number n and exciton magnetic number M through
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ton with a large quantum number n through the binding
energy of the n = 0 state by means of the expression

V(z) =— 2 ~/2

vrrc (p22+ zz)

e,„(n, P) = ~,„(O,P'), (C6) (Cs)

where

H
(n~+ ]M]+ 1)

' (C7)

where K is the elliptical integral of first kind and the
turning points p& and p2 are given by

py 2 = 4A~ 2n —M+ 1 p 2n+ 1 2n —M+1
We have to note here that expression (C7) was deduced
for parabolic bands. In semiconductors with degenerate
bands one has to deal with a system of hole subbands
which are characterized by different values of magnetic
momentum and difFerent longitudinal efFective masses.
The one-dimensional potential obtained from Eqs.
(C3) and (C4) will be strongly dependent on the wave
function admixture and will be different for a+ and 6+
states even with the same Landau number. 3 To use ex-
pression (C7) in such a situation, we have to use dif-
ferent dependencies for the lower (n = 0) transition for
a+, b+ hole ladders with corrections for the change of the
longitudinal hole mass in each set. All this makes the
procedure very complicated.

The situation simplifies drastically for the exciton
states with large Landau indices n )& 1. Gantmakher
et at. have shown that in this case the quasiclassical
approach is valid, so that the problem can be solved ana-
lytically even for intermediate magnetic fields. They have
also shown that the criterion for using the adiabatic ap-
proximation in this case is less strict, namely /3n & 1.

The asymptotic potential V(z) describing the one-
dimensional motion was found to be in the quasiclassical
approximation

(C9)
For n )) M the ground-state energy of an exciton with
quantum numbers n and M was found to be

e = hA[n —(]M]+pM)/2]

]
ln +1 —C ), (C»)era~

pa~ p2~ 256p2 )
where a& ——fi r/p, 'e2 is the exciton radius, 7 = (m,*—
ni*„)/(ni*+rn„'), and g = 0.5772. . . is the Euler constant.

Using for large n the longitudinal light-hole mass
m~h = pi + 2' (Ref. 33), the estimate of Coulomb cor-
rections to the energy of magneto-optical transitions can
be made in a straightforward manner.

Coulomb corrections decrease rapidly with increasing
Landau index n and with decreasing magnetic field. For
large numbers n & 4 and magnetic fields in the range
of 1 T( H &5 T these corrections give a contribution
to the slope OE/OH of less than 0.7 meV/T. This is
small in comparison with the values BE/OH —15 —35
meV/T typical for transitions with n = 4 —10. We note
that neglecting exciton corrections during the fitting pro-
cedure gives for the light-hole mass even a lower value

m~h = 0.075mo.
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