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We have performed a detailed linear-muon-tin-orbitals calculation of the electronic structure of
Fes C (cementite). The orthorhombic unit cell contains 16 atoms, with 4 Fe atoms taking type-1
positions which are not equivalent to the type-2 positions of the other 8 Fe atoms. The calculated
moments in the ferromagnetic state are ts = 1.98@~ on the Fe(1) sites, ls = 1.74ts~ on the Fe(2)
sites, and p = —0.06@,& on the carbon sites, in excellent agreement with experiment. The hyperfine
fields in Fe3C have been calculated from the spin densities at the center of each atom. We obtain
B = 26.9 T on the Fe(1) sites, B = 25.7 T on the Fe(2) sites, and B = 0.23 T on the carbon sites
The calculated electron states are in qualitative agreement with x-ray photoemission spectroscopic
data. The electron-phonon coupling parameter estimated from our calculations is A = 0.77. This
gives an electronic heat capacity close to the experimental one. Experimental data on the electrical
resistivity are uncertain and larger than our estimated value p = 47 @Oem at 300 K. The calculated
cohesive energy per atom E„h ——615 mRy is to be compared with the estimate E„h ——370 mRy
based on experimental information.

I. INTRODUCTION

Pure iron transforms from a low-temperature bcc
structure to an fcc structure at 1184 K. The close-packed
fcc phase has a high solubility of carbon while the solu-
bility in the bcc phase is low. When iron with carbon in
solid solution is cooled from high temperatures, cemen-
tite (FesC) precipitates. The morphology of these pre-
cipitations is of decisive importance for the mechanical
properties of iron alloys. Therefore, cementite has been
studied in much detail, when considered as a structural
component of steel. Contrasting this, little is known, ex-
perimentally and theoretically, about the physical prop-
erties of pure cementite. One reason is the experimental
difliculty to prepare specimens of cementite. Often the
properties of cementite have been deduced from measure-
ments on two-phase systems with cementite in an iron
matrix.

Cementite has an orthorhombic structure, with 16
atoms per unit cell. It is a ferromagnetic metal. The
magnetic moment is well known experimentally, ~ but
only as an average over the iron positions. There are
relatively few spectroscopic investigations, and the only
complete x-ray photoemission spectroscopic (XPS) spec-
trum of the valence band refers to a temperature well
above the Curie temperature. The electrical resistivity
has been reported in several works s but the results are
widely differing.

Considering the technological importance of cementite,
and the incompleteness and uncertainty in the experi-
mental data, there is strong motivation for a detailed
ab initio calculation of the electron band structure and
properties derived from that. We know of only one pre-

vious band-structure calculation for cementite, which,
however, is not accurate or detailed enough for our pur-
pose.

In this work, we present theoretical results for a num-
ber of physical properties of Fe3C, related to the elec-
tronic structure, Our analysis is based on a spin-
polarized, semirelativistic band-structure calculation us-
ing the linear-muf5n-tin-orbitals (LMTO) method. The
outline of the paper is as follows. In Sec. II we summa-
rize what structural and computational parameters that
were used in the LMTO calculation. The electronic en-
ergy bands and density-of-states curves are presented in
Sec. III. In this section we also compare our magnetic
moments, hyperfine fields, and cohesive energies with ex-
perimental results. An estimate of the electron-phonon
coupling constant is also determined. In Sec. IV we dis-
cuss spectroscopic results and a theoretical XPS inten-
sity, calculated by us, is compared with an experimental
curve. Contributions from diA'erent angular momentum
transitions are separated and the energy variations of the
corresponding matrix elements are studied. Before con-
cluding, we discuss the electrical resistivity of cementite
in Sec. V. The electron-phonon coupling constant is used
to get a theoretical estimate of the resistivity. This is
found to be considerably lower than most experimentally
determined values. A possible explanation is that the ex-
periments refer to nonideal Fe3C crystals,

II. COMPUTATIONAL AND STRUCTURAL
PARAMETERS

The band-structure calculation was performed us-
ing the semirelativistic LMTO method described
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elsewhere. ss The local-density approximation with the
Gunnarsson-Lundqvist parametrization was adopted to
get a self-consistent potential from the charge density.
The energy spectrum was calculated for a 64-k-point
mesh in an irreducible wedge of the Brillouin zone. The
basis functions were chosen to include s, p, and d states
for the iron atoms and s and p states for the carbon
atoms. The atomic spheres were made larger for the
iron atoms than for the carbon atoms by setting the
Wigner-Seitz (WS) radii equal to RFw's —0.299a and
R~s ——0.272a, where a is the lattice parameter.

FesC crystallizes in an orthorhornbic structure with the
space group V& (Dl. Pbnm) '.The unit cell contains 4
carbon atoms, 4 iron atoms of type 1 and 8 iron atoms of
type 2, i.e. , a total of 16 atoms. Fe(1) and Fe(2) are two
stoichiometrically different iron sites. Atomic positions
and lattice constants are listed in Table I.
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III. BAND-STRUCTURE RESULTS

The majority and minority bands of FesC are plot-
ted in Figs. 1 and 2. The corresponding density of states
(DOS) curves are shown in Fig. 3. The general features of
the energy spectrum are the same as for the simple NaCl-
structure carbide FeC."The lowest-lying bands are car-
bon s bands which range from —0.44 to —0.29 Ry. A
band gap up to 0.03 Ry separates these bands from a
region dominated by hybridized carbon p states and iron
d states. The Fermi level, at 0.66 Ry, falls in a dense
part of the energy spectrum where the only important
contribution to the density of states comes from iron d
states. From the projections in Fig. 3 it is seen that iron
s and p states only give small DOS contributions.
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FIG. 1. Majority bands of Fe3C.

FesC is known to be ferromagnetic. Its magnetic
moments do not seem to have been theoretically cal-
culated before. We obtain p = 1.98@~ on the Fe(1)
sites, p = 1.741"~ on the Fe(2) sites, and p = —0.06p~
on the carbon sites. The relatively large difference be-

TABLE I. Crystal data of cementite. ap, bp, and cp are
the lengths in A of the unit vectors of the orthorhombic unit
cell. The atomic positions are all in units of ap.

1.0

Qp

~p

Cp

4.523
5.089
6.743

Fe(l) 0.833
0.167
0.667
0.333

0.045
1.080
0.608
0.518

0.373
1.118
0.373
1.118

0.5

Fe(2)

C

0.333
0.667
0.167
0.833
0.667
0.333
0.833
0.167

0.430
0.570
0.070
0.930

0.197
0.928
0.759
0.366
0.928
0.197
0.366
0.759

0.979
0.146
0.416
0.709

0.097
1.394
0.648
0.842
0.842
0.648
1.394
0.097

0.373
1.118
0.373
1.118

0.0

-0.5
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FIG. 2, Minority bands of Fe3C.
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tween the magnetic moments of the two iron sites is sim-
ilar to that found in the related compound Fe3B. Ex-
perimental information is only available for the average
magnetic moment (p) of iron atoms in FesC. Reference
1 gives pF, —1.72p~ —1.78@~ while Shabanova and
Trapeznikov quote the measured value pF, ——1.78@~.
Averaging over our theoretically determined iron mo-
ments gives pF, ——1.82p~, thus slightly higher than the
experimental values. This deviation is expected since the
local-density approximation is known to overestimate the
magnetic moments in ferromagnetic metals. (See Table
II.)

The hyperfine fields in FesC have been calculated from
the spin densities at the center of each atom. We obtain
B = 26.9 T on the Fe(1) sites, B = 25.7 T on the Fe(2)
sites, and B = 0.23 T on the carbon sites. The calculated
hyperfine fields on the iron atoms of FesC compare favor-
ably with the experimental values B = 20.7 and 20.5 T
for Fe(l) and Fe(2), respectively

The cohesive properties of 3d-transition-metal car-
bides have been studied both experimentally and
theoretically. 4 However, ab initio results are available
only for NaCI-structure carbides in the series. It is
therefore of considerable interest to calculate the cohe-
sive energies of the more complex transition-metal car-
bides. For FesC, we find a total electronic energy of
E«t ——30799.3 + 0.1 Ry per unit cell. This value can
be used to derive the cohesive energy per atom through

the relation

where the total atomic energies E~ are to be summed
over all 16 atoms of the unit cell. Using previously
determined atomic energies, we obtain E,oh ——615
mRy/atom=8. 07 x 105 3/mol. This value can be com-
pared with Ec h ——370 + 5 mRy/atom, an estimate from
a recent evaluation of experimental information.

The electron-phonon coupling parameter (A) can, due
to the large mass difference between the iron and carbon
atoms, be estimated asis

&7Fe 'pc

Mi;, (ur F2,) Mo (~c~)
(2)

P( = (2l+1)
l

D~ is the logarithmic derivative, R~ is the radial part of
the wave function, and j~ and n~ are the amplitudes of
the Bessel and Neumann functions, all evaluated at the
WS radius. The denominators in Eq. (2) include atomic
masses (MF, and Mo) and averages over the phonon fre-
quencies at each site:

(~') =
~n~F(~) Cku

ln'F(~)/u)j Cku

(5)

where n2F(cu) is the electron-phonon coupling
function. ~ In the diatomic case, a widely used ap-
proximation is to write (cuz&) (~ ) and (su&) (~ )
since the acoustic vibrations mostly can be ascribed to
the metal sites while the lighter nonmetal carbon atoms

TABLE II. Results from band-structure calculations.

iV(Ep) (states/Ry unit cell)
'v~ cm s
Ii~p (eV)

187.8
0.20 @10
5.32

The numerators, gp~ and gc, depend on the electronic
structure and can be expressed in LMTQ results. For
each atom one can write

1 (l+ 1)Xi%i+i(Pi+i —Pj)~Ri2Ri2+,
'9 =

N - (21+ 1)(2l + 3)(jiPi —&i)'(j i+iP&+i —ri&+i)~
'
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Magnetic moments (p~) Fe(1)
Fe(2)

1.98
1.74

—0.06
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Energy (Ry)

Hyperfine fields (T) Fe(1)
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FIG. 3. Density of states curves of Fe3C. The upper curve
shows the total DOS, while / projections of iron and carbon
atoms are plotted below.
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p = ~su kj3N(E~)(1+ A), ()
,~~mo &, in reasonable agreement

wi an experimental i value p = 6.25 Jy" lwi anex en — . m /~mo K ).

IV. XPS SPECTRA

Spectroscopic investigations of ceme tite ar ompl'-
e y ie i culty to obtain a clean Fe C s
F-C t . Th b'd
ibl o l tth

e car i e pha, se is ex
y a e interior of a sample. 0 t 'd

g', ayer of iron with chemisorbed carbon is
while the surface of an Fe-C s
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e p o oelectron spectroscopy (UPS~j measurements.
y p o oelectron spectroscopy (XPS) is less sensitive

to the surface layers than UPS but

The
e ai e in ormation on valence t ts aes.

he wave functions and the densit of

ca cu ate XPS intensities through the relation

1 )- ) - max(l;, lg}
Ni (E; + h~)

ly —lr +&

x N, , (E;)(M..., (E;,~)~',

where u is the x-e x-ray frequency and N'E' is the l-

(7)

dominate the density of o ticalop ica phonons. In the case of
e3, &is simplification is not possible. Ip . o o g

e size of the electron- honon
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matrix elements (M~~ ~,. ) for the most important transi-
tions are shown in Fig. 5. It is clear that most of these
matrix elements remain almost constant over the energy
interval corresponding to the valence band. The only im-
portant exception is the element belonging to the Fe d f-
transition, which increases by a factor of approximately
2.5 over the valence band. This rejects the fact that d
functions in transition metals become strongly localized
when the energy is close to the Fermi level. Because the
muslin-tin potential V(r) has its steepest slope close to
the nucleus, this localization effect will increase the XPS
matrix element Mg, g,

V. ELECTRICAL RESISTIVITY

Op) is the electron plasma frequency and At, is the dimen-
sionless transport electron-phonon coupling constant. It
is usually a good approximation to take At-, ——A, where
A is the electron-phonon mass enhancement parameter
(Sec. III). The Debye temperature of FesC is 0 394
K, and Eq. (9) should be applicable at ambient tem-
peratures. Following standard procedures, we have
calculated Qp~ and A within the I MTO scheme used here
and we get A = 0.77, hBp~ ——5.3 eV. The resulting resis-
tivity is p(298 I&)= 31 pQ cm. To this value, a magnetic
contribution p „should be added. &e get a crude es-
timation of p~~s„ from a calculation by Schwerer and
Cuddy26 on pure iron. One can write

pm asn = po f(+/+c ) ~ (10)

We assume that the temperature dependence of p~, sn is
given by the same function f(T/Tc) as for Fe, but with
Tc = 488 K for FesC. The magnetic moments in FesC
are of the same order of magnitude as in Fe, and we let
p0(FesC)= p0(Fe). Then, for FesC, p s„(298 I&) 16
pAcm. Adding this to the contribution from electron-
phonon scattering gives p 47 pO cm. Obviously the
electron-phonon scattering and the magnetic scattering
do not sufBce to give a total resistivity as large as sug-
gested by experiments. We believe that, the experiments
refer to samples with static lattice defects. A large num-
ber of such defects might also alter the magnetic behav-

The resistivities for FesC quoted in experimental works
are, for various reasons, very uncertain. Radcliffe and
Rollason~ and Masumoto5 measured the resistivity of
two-phase systems containing cementite in a matrix of
ferrite and tried to extrapolate to pure cementite. They
obtained the resistivities 79.5 and 140 pQcm, respec-
tively. Lee and Simkovichs recently reported p = 228
pQ cm for cementite, but their specimen contained pores.
Helsing and Grimva1124 have reanalyzed the data from
Radcliffe and Rollason and from Masumoto, using more
accurate descriptions of the effective resistivity of a two-
phase mixture. They get p = 104 and 107 pO cm, respec-
tively, for the resistivity of cementite at 300 K.

When T/0 &
z the electrical resistivity due to

electron-phonon scattering is well approximated by

(2~~ r)l

ior, and explain the absence of an anomaly in p near
T —TQ ~

VI. DISCUSSION AND CONCLUSION

Q'e have in this paper presented detailed, ab initio,
LMTO calculations of several electronic properties of
FesC (cementite). The overall characteristics of the elec-
tronic energy spectrum are similar to those of pure iron or
simpler iron carbides. For example, the density of states
at the Fermi level is clearly dominated by localized, iron
d states. The DOS is high enough for a ferromagnetic
spin splitting of the ground state to occur. The magnetic
moments determined in our calculations are in excellent
agreement with experimental data. The calculated spin
densities at the center of each atom have also been used
to estimate hyperfine fields, values that also are close to
experimental results.

Estimates of the cohesive properties of 3d-transition-
metal compounds from ab initio band-structure calcula-
tions are often in relatively poor agreement with exper-
imental data. This is generally ascribed to shortcom-
ings of the local-density approximation. It is therefore
not surprising that our value for the cohesive energy
per atom in cementite, E~~h —615 mRy, determined
as the difference between the total electronic energies of
the compound and of its constituent atoms, is somewhat
higher than an estimate from experimental information,
E, h ——370 mRy. However, comparisons between theo-
retically and experimentally determined cohesive ener-
gies in series of simpler transition-metal compounds
have shown that the theoretical values can be success-
fully used to study both general trends and details in
the variation of E«h, since the shift between theoreti-
cal and experimental energies is remarkably constant. It
will therefore be interesting to compare our result for the
cohesive energy of cementite with results from future in-
vestigations of MsC compounds in the 3d series.

The electronic energy spectrum determined in this
work has been used to calculate a theoretical XPS in-
tensity curve in the valence-band region. The compar-
ison with experimental data is complicated by the fact
that the only available investigation of the entire va-
lence band refers to a temperature well above the Curie
point. 3 There is, however, an overall agreement which
lends strong support to our results and which allows for
a detailed analysis of the origin of maxima and minima
in the intensity. Unfortunately, the experimental reso-
lution is not good enough for any definite conclusion to
be drawn as to whether local magnetic moments in Fe3C
persist above the Curie point. There are experimental
indications that, unlike in pure fcc iron, the local spin
splitting disappears in the paramagnetic state of cemen-
tite. Since this transition is not seen in any of the ex-
perimental results studied here (e.g. , resistivity measure-
ments) we leave this question open.

A question of considerable practical interest concerns
the magnitude of the electrical resistivity in Fe3C. Avail-
able measurements give very different results and no the-
oretical investigation seems to be published. In sam-
ples free from defects, one expects that the electrical
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resistivity is dominated by the scattering of electrons
by phonons. Lacking detailed knowledge of the phonon
spectrum of Fe3C and in absence of suKcient theoret-
ical models for electron-phonon interactions in complex
structures, we restrict ourselves to a crude approximation
of the vibrational properties of cementite through a high-
temperature Debye temperature, Os. The estimated
electron-phonon enhancement parameter is A = 0.77 and
by assuming that this parameter is valid also for trans-
port properties, we get the resistivity p = 41 pOm. In
this estimate, a contribution from the scattering of elec-
trons by magnetic moments has been included. Despite
the uncertainty in this resistivity value, one must con-
clude that experimental investigations refer to samples
with a considerable amount of lattice defects.

In conclusion, we have performed the first detailed cal-

culation of the electronic structure of cementite and dis-
cussed various physical properties related to the electron
states. The experimental data are incomplete or uncer-
tain for several of the properties considered, and our the-
oretical results add significantly to the information on ce-
mentite. This shows how ab initio calculations have now
reached a stage where they can successfully complement
experiments, also for compounds as complex as cemen-
tite. We shall exploit this fact in future investigations of
other transition-metal compounds.
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