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Deep-inelastic-scattering measurements at high-momentum transfer Q can provide direct infor-
mation on the momentum distribution of a system of particles if the impulse approximation (IA) is
valid. In many such experiments, however, deviations between the observed scattering and predic-
tions based on the IA are present. In liquid “He these deviations, called final-state effects (FSE), are
caused by interactions among the particles. We have used liquid “He as a testing ground for the
study of FSE. Deep-inelastic-neutron-scattering measurements on liquid “He have been carried out
for temperatures of 0.35 and 3.5 K at a density of 0.147 g/cm®. Under the assumption that current
theoretical calculations of the momentum distribution of liquid *He are accurate, we extract the
form of FSE in the superfluid phase from the scattering data. We also compare the predictions of
several theories for FSE to the experimental data. At the momentum transfer of Q =23 Al
reached in these measurements, we find that an FSE theory due to Silver is the only current theory
in agreement with the data in both the normal and superfluid phases.

I. INTRODUCTION

Deep-inelastic-scattering experiments are now per-
formed in many fields of physics in an effort to gain infor-
mation on momentum distributions.! The basic idea
behind all such measurements is quite simple. In a deep-
inelastic-scattering event, the energy and momentum
transferred from the scattering probe to a particle in the
target are very high compared to the characteristic ener-
gies and momenta of the particles in the system. In this
limit the scattering law may be related to the momentum
distribution through the impulse approximation (IA).
Roughly speaking, the impulse approximation consists of
the assumption that the scattering probe strikes a single
particle of the target and that this particle recoils freely
from the collision.

The scattering data exhibit an interesting scaling be-
havior as the energy and momentum transfer increases.
In the case of neutron scattering from a monatomic sys-
tem, for example, the dynamic structure factor S(Q,w) is
directly related to a Compton profile J (Y, Q):

(Q/M)S(Q,0)=J(Y,0), (1.1)
_ (M| ,_0

where @ and Q are the energy and momentum transfer
from the neutron to the sample, and M is the mass of the
scattering atom (we have chosen units in which #=1). In
the limit Q — o, J(Y, Q) tends to a function of Y only:
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lim J(Y,Q)—J(Y) .

Q>

(1.3)

This behavior of the Compton profile is known as Y scal-
ing.? If, in addition, the IA is valid, then Y is the com-
ponent of the momentum along the direction of Q, and
J1a(Y) is the longitudinal momentum distribution.

Deviations from the IA are present at finite values of
Q. When such deviations exist, the momentum distribu-
tion cannot be inferred from the scattering data alone,
and more information on the system becomes necessary.
IA violations are typically understood to originate from
two different classes of physical effects. In one class of
effects, violations arise from the excitation of the internal
degrees of freedom of the target particle. In this case, re-
ferred to as scale breaking, information on the internal
excitations of the target is necessary in order to extract
the momentum distribution. Deviations from the IA can
also be caused by the interaction of the target particle
with its environment. These deviations are generically
called final-state effects (FSE’s). In the presence of FSE’s,
the momentum distribution cannot be inferred without
information on the interactions among the particles of
the system.

Momentum distribution measurements provide the ob-
vious practical reason for the interest in scaling viola-
tions. Less widely appreciated is the fact that scaling
violations can be of interest in their own right. In the
case of deep inelastic electron scattering from protons,
for example, not only did the scaling behavior of the
scattering data provide important evidence for the pres-
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ence of quarks and gluons, but also the detailed form of
the scaling violations was crucial experimental evidence
for QCD as the theory of strong interactions.® In the
case of deep inelastic neutron scattering from helium,
FSE’s are sensitive to nontrivial correlations in the
strongly interacting ground state of the liquid. A correct
description of FSE’s in helium may provide important in-
sight into the understanding of FSE’s in a number of oth-
er dense, strongly interacting systems.

Liquid “He provides an excellent testing ground for the
study of FSE’s for several reasons. First of all, the heli-
um atom does not possess any internal degrees of free-
dom which can be excited by neutron-nucleus scattering
at the energies used to date in deep-inelastic-scattering
experiments. Therefore, scale breaking cannot be the
source of deviations from the IA, and only FSE’s are
relevant. In addition, many properties which are neces-
sary for the theoretical calculation of FSE’s, such as the
helium-helium scattering cross section, the atomic densi-
ty, and the pair-correlation function, have been measured
accurately.

The most important information available on liquid
“He, without which neither an experimental determina-
tion of FSE’s nor a test of FSE theories could be conduct-
ed, comes from the extensive theoretical calculations of
the momentum distribution. At zero temperature, calcu-
lations of the momentum distribution in the ground state
of liquid “He have been performed using both variational
methods and the Green’s-function Monte Carlo (GFMC)
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FIG. 1. Theoretical momentum distributions used in this pa-
per to extract FSE’s. The solid line is the GFMC (Ref. 4) result
at T=0 K, which includes a &-function singularity due to the
condensate with 9.2% of the total intensity. The dashed line is
the PIMC (Ref. 5) result in the normal liquid at 7'=3.33 K.

method. At finite temperatures, the momentum distribu-
tion has been calculated using both finite temperature ex-
tensions of the variational calculations and the path-
integral Mone Carlo (PIMC) method. Over the past few
years, significant advances have been made in the sophis-
tication of these methods. The results for many proper-
ties of liquid “He, such as the equation of state, * the static
structure factor,” the elementary excitation spectrum, ®
and even the superfluid fraction,’ are in good agreement
with each other and with experiment. On the basis of
this agreement, the calculations of the momentum distri-
bution are expected to be quite accurate. Figure 1 shows
the momentum distribution at 7=0 K at a density of
0.147 g/cm? calculated using the GFMC method and the
momentum distribution at 7=3.3 K at a density of
0.138 g/cm? calculated using the PIMC method. We will
assume that the results of the GFMC and PIMC calcula-
tions for n(p) are also accurate in our experimental
determination of FSE’s and in the comparison of the
scattering data to FSE theories.

A unique characteristic of liquid “He which makes it
ideal as a testing ground for FSE’s is the presence of a 8-
function singularity in its momentum distribution in the
superfluid phase. This singularity is due to the presence
of a Bose condensate containing approximately 9% of the
atoms at 7'=0. In the absence of FSE’s this singularity
would be present in the observed scattering. In the pres-
ence of FSE’s, the scattering in the superfluid phase is
modified and provides a sensitive test of the details of
FSE broadening. The presence of a condensate is espe-
cially important from this point of view because the
width of the FSE broadening in liquid helium is small
compared to the width of the nearly Gaussian momen-
tum distribution of the noncondensate atoms. Without
the condensate, an experimental extraction of FSE’s from
the scattering data would be much more difficult.

Finally, the momentum distribution of liquid “He has
the unique property that the singular part of the momen-
tum distribution, due to the condensate, can be turned off
by entering the normal-liquid phase in which the conden-
sate vanishes. The effect of FSE’s on the normal-fluid
scattering can provide an interesting contrast to the
effects in the superfluid. For a large class of FSE theories
in which the FSE broadening function in liquid “He is not
expected to be very sensitive to temperature or even
phase, the normal-fluid data can provide a nontrivial con-
sistency check on the form of FSE’s obtained from the
superfluid data.

A quantitative understanding of FSE’s in liquid *He
would also enable a large body of inelastic-neutron-
scattering experiments to be more fully understood. Pre-
vious measurements of the scattering from liquid helium
for Q <15 A~ ! have exhibited significant deviations from
the IA.2!! These deviations take the form of oscilla-
tions in the observed scattering of the peak center, width,
and asymmetry of the line shape as a function of Q. The
observed deviations are inconsistent with the minimum
conditions which must be satisfied for the IA to be valid,
and they show that FSE’s are definitely present. The lack
of understanding of FSE’s in these measurements makes
the extraction of information on the momentum distribu-
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tion difficult. An understanding of the nature of FSE’s at
higher Q’s, where the deviations from the IA are not as
large, may lead to important progress in our understand-
ing of the lower-Q data.

In this paper, we make use of recent high-resolution
neutron-scattering studies of S (Q, ) in liquid “He in both
the normal and superfluid phases using much higher Q’s
than in previous high-resolution experiments. Under the
assumption that the momentum distribution calculation
by the GFMC method is accurate, we extract FSE’s by
comparing the predicted scattering obtained from the
theoretical momentum distribution using the IA to the
observed scattering in the superfluid phase. In addition,
we compare several theories for FSE’s to the observed
scattering. Many of the theories provide a reasonable
description of FSE’s in the normal-liquid phase. Howev-
er, we find that the only theory for FSE’s which is con-
sistent with the data in both the normal and superfluid
phases at the Q’s reached in our experiments is a recent
theory due to Silver.!2

This paper is organized as follows. Section II contains
a discussion of deep inelastic neutron scattering. Section
III covers experimental details. In Sec. IV we extract the
form of final-state effects directly from the scattering data
under the assumption that the theoretical calculations of
the momentum distributions are correct. Section V
presents comparisons of the scattering data to various
theoretical treatments of final-state effects. We conclude
in Sec. VI with a discussion of the significance of these
comparisons and suggestions for future work.

J

II. DEEP INELASTIC NEUTRON SCATTERING

The scattering of neutrons is described by the double-
differential scattering cross section

2 k
—d—0=b2—f-S(Q,a)) ,

10 do % 2.1

i

where b is the neutron-nucleus scattering length for “He,
k; and k, are the initial and final momenta of the scat-
tered neutron, and Q and w are the momentum and ener-
gy transfer from the neutron to the sample (we have
chosen units in which #=1). The dynamics of the sample
are contained in S(Q,w), the dynamic structure factor.
The dynamic structure factor is directly proportional to
the space and time Fourier transform of the equilibrium
density-density correlation function. 13

The density fluctuations which contribute to S(Q,w)
include both collective excitations involving many atoms
and single-particle excitations. For sufficiently large Q,
the distance ~21/Q over which the phase of the incident
neutron changes significantly during the scattering pro-
cess is small compared with the distance D between the
scattering atoms. In this limit, known as the incoherent
approximation, the part of S (Q, ) due to the interference
of scattering amplitudes from different atoms is negligi-
ble. The scattering is then due primarily to single-
particle excitations. In the incoherent approximation,
the expression for S (Q,w) becomes

S(Q,w)—»Sinc(Q,w)=%f_+:exp(ia)t) 21 (exp[iQ-r;(0)]exp[ —iQ-r;(1)])dt , 2.2)
i=
where r;(z) is the position vector of an atom and { - - - ) signifies a thermodynamic average. In liquid “He 27/D ~2

A ™!, Measurements of the static structure factor S(Q ),show that it reaches the incoherent limit'* for Q >8 A7l In
our experiments, Q at the center of the recoil peak is 23 A1 and the incoherent approximation is certainly applicable.

The frequency moments of S (Q, ) provide valuable information on the energy dependence of the scattering function
for fixed Q. In general, they depend explicitly on the details of the interactions between the atoms. However, the first
three moments of S;,.(Q, ) are independent of these details.'> The moments are

My(Q)= [ Sp(Q@)do=1,
MI(Q)Zf(w—w,)Sinc(Q,w)dco=0 R
My(Q)= [(0—0,8(Q0)do=40,(E,) ,

(2.3)
(2.4)
(2.5)

where the recoil energy o, is Q>/2My, and My, is the mass of the scattering atom. Under the conditions of the in-
coherent approximation, the average kinetic energy per atom, ( E; ), can be obtained directly from the second moment

of the observed scattering.

The scattering simplifies considerably in the limit Q — o if the interparticle interactions can be neglected. In this
limit, known as the impulse approximation (IA), S(Q, ) is directly related to the atomic momentum distribution n (p):

Jim S(Q,w)=SIA(Q,a))=;1)-fn(p,~)8(w~—E(pf)+E(Pi))'—_

where p; is the initial momentum of an atom, p,=p; +Q
is the final momentum of the recoilong atom, and
E(p)=p?/2My, is its kinetic energy. The & function in
Eq. (2.6) represents the conservation of energy and

d’p,
Pi (2.6)
2r)?

[
momentum for the scattering of a neutron from a single

atom. In the IA, the distance probed in the scattering
event is much shorter than the typical distance traveled
by a helium atom before it is significantly affected by in-
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teractions with other atoms. The recoilong atoms then
acts as a free particle during the collision.

Both the use of finite Q’s and the presence of strong in-
teractions between the particles can cause the IA to fail.
In order to discuss the manner in which the IA is ap-
proached, it is convenient to express S (Q,w) in terms of a
Compton profile J(Y,Q):

(Q/My.)S(Q,0)=J(Y,Q), (2.7
_ | Mee || Q7
Y= 0 [co M, (2.8)

At this stage, this is just a formal transformation to a
different set of independent variables. In terms of the
Compton profile, the sum rules can be written in the form

[ rrgar=1, 2.9)
[ " yvry,0dy =0, (2.10
[T YU(Y,00dY =2My (E,) . @.11)

The motivation for this transformation is the fact that, in
the Q -— oo limit, the Compton profile is an isotropic sys-
tem such as a liquid can be expressed?® as a function of Y
only:

Q]im J(Y,Q)—J(Y) . (2.12)
This property of the Compton profile is called Y scaling.
It is important to note that Y scaling alone does not im-
ply the validity of the IA. Whether or not the IA is valid
also depends on the nature of the interparticle interac-
tions. For smooth interatomic potentials with Fourier
transforms which decrease exponentially with Q, the IA
is valid in the Q — o limit.2 For atoms with infinitely
repulsive hard-core interactions, however, S (Q,») obeys
Y scaling in the Q — oo limit, but the function of Y to
which it scales is not directly related to n (p).!® Strictly
speaking, of course, an infinitely repulsive hard-core in-
teraction is unphysical. However, the interatomic forces
in helium are steeply repulsive at short distances. As a
result, a slow approach to the IA limit as a function of in-
creasing Q is expected for helium.

In the IA, both Y and J(Y) possess a direct physical
meaning. Y is the component of the momentum along
the direction of Q, and Jy, (Y) is the longitudinal momen-
tum distribution. In this limit, J1, (Y) is simply related to
the momentum distribution:

1 + o0
f\YI pn(p)dp

Jia(Y)=——7—
I (27)p

= [ [ " "n(pep,, Vdpydp, , (2.13)
where the z axis is chosen to lie along the direction of Q.
J1a(Y) exhibits several features which are characteristic
of the IA. It is symmetric about ¥ =0 and depends on Q
only through the scaling variable Y. These features are
equivalent to the more familiar conditions that S(Q,)
satisfies in the IA. Namely, the scattering is centered at
and is symmetric about the recoil energy w,, and the

width of the scattering is directly proportional to Q and
inversely proportional to My,. In bulk liquid “He, both
of tpesle conditions are well satisfied® for Q’s greater than
1I5A7.

For finite values of Q, neither the IA nor Y-scaling be-
havior is satisfied exactly. However, for sufficiently large
Q, it is possible for the scattering data to exhibit Y scaling
to a good approximation over a finite range of Q. In this
case, an analysis of the data in terms of J(Y) provides a
more convenient framework for interpreting the results
than an analysis using S(Q,w). Figure 2 shows J(Y,Q)
in liquid “He for Q’s of 7, 12 (Ref. 18), and 23 (Ref. 19)
A7l To a first approximation, the data from these
different Q’s fall on a universal curve J(Y) and thus ex-
hibit Y scaling. For this reason, in this paper we have
chosen to perform the analysis in terms of J(Y) instead
of S(Q,w).

The IA only approximately describes the scattering for
currently accessible momentum transfers. Deviations
from the IA, known as final-state effects (FSE’s), result
from the interaction of the recoiling helium atom with its
neighbors during the scattering process. These interac-
tions can alter the final momentum of the scattered neu-
tron from the value expected in the IA based on energy
and momentum conservation in the neutron-atom
scattering.

Several theories of FSE’s have been proposed. A de-
tailed discussion of these theories is beyond the scope of
this paper. However, for the purpose of comparing these
theories to the experimental results, it is convenient to
separate the theories into three classes: (a) broadening
theories, (b) additive theories, and (c) theories with alter-
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FIG. 2. Compton profile J(Y,Q) for liquid “He at Q’s of 7,
12, and 23 A . To a first approximation, all of the Compton
profiles fall on a universal curve J(Y) which is independent of

Q.
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native scaling variables.

In one class, referred to as broadening theories in this
paper, the corrections to the IA are expressed as a convo-
lution in Y space of the IA expression with a broadening
function R (Y,Q):

J(Y,Q)=f+°°R(Y—Y’,Q)JIA(Y’)dY’ , (2.14)
where Jy,(Y) satisfies the sum rules which are valid in
the incoherent approximation. If the incoherent approxi-
mation is also valid for the experimental J(Y,Q), then
the sum rules place constraints on the shape of R (Y, Q).
The constraints are

["“rR(v,Quy=1, (2.15)
[ yr(v,Q1dY =0, (2.16)
[ YR(¥,Q1dy=0. (2.17)

To a first approximation, the convolution of a function
with R (Y,Q) simply broadens the function. However,
since the first and second moment of R (Y,Q) vanishes,
R (Y,Q) must possess both positive and negative values.
As a result, a convolution also redistributes the intensity
in a manner which cannot be viewed as a simple broaden-
ing. Whether or not this redistribution is a significant
effect depends on the detailed form of R (Y, Q).

Theoretical calculations of deviations from the IA have
also been expressed as a sum of the IA result plus correc-
tion terms. For these theories, referred to as additive
theories in this paper, it is common to split the correction
terms into two parts:

J(Y,Q)=Ja (V) + AT (Y, Q)+ AT oy (Y, Q)

where AJ,,(Y,Q) and AJ g, (Y, Q) are the FSE correc-
tions which are symmetric and antisymmetric with
respect to ¥ =0. Just as for R (Y,Q), the first three sum
rules for incoherent scattering place constraints on the
symmetric and antisymmetric correction terms. These
constraints are

(2.18)

[T AT ym(Y,00dY =0, (2.19)
[ YA (Y. Q)Y =0, (2.20)
[ YA (Y,0)dY =0 . (2.21)

The sum rules constrain both the zeroth and second mo-
ments of AJg ., ( Y,Q) to vanish. From the zeroth-
moment constraint, it follows that AJ . (Y,Q), if it is
nonzero, must have both positive and negative values.
This constraint, in combination with its symmetry about
Y =0, forces Aszm( Y, Q) to possess at least three extre-
ma as a function of Y.

The first-moment sum rule forces AJ ., (Y,Q), if it is
nonzero, to possess at least two maxima and two minima
as a function of Y. By construction, AJ (Y, Q) already
has at least one maximum and one minimum. But if it
has no other extrema, then | YAJ (Y, Q)] is necessarily
positive everywhere, and its integral over limits which are

symmetric about ¥ =0 can only vanish if AJ,.,.(¥,Q) is
zero.

III. EXPERIMENTAL DETAILS

This section contains a brief discussion of the experi-
mental procedure used to obtain the scattering data and
the methods of data analysis used to transform the
scattering data to Y space. A more detailed discussion
has appeared elsewhere. %

Inelastic-neutron-scattering measurements of liquid
helium were carried out using the PHOENIX spectrome-
ter at the Intense Pulsed Neutron Source (IPNS) at Ar-
gonne National Laboratory. PHOENIX is a time-of-
flight inelastic spectrometer using a Fermi chopper for
incident energy selection and a single high-angle detector
bank (135° < 6 < 144°) containing 25 detectors for observa-
tion of the scattered neutrons. The incident energy used
in these measurements of 495.5 meV corresponds to an
average momentum transfer at the helium recoil peak of
23 A~!. The scattering from liquid helium was measured
at temperatures of 0.35 and 3.5 K at a constant density of
0.147 g/cm3. The helium sample was contained in a cy-
lindrical sample cell made of 6061-T6 aluminum. The
cell was 0.10 m high with an inner diameter of 0.04 m
and a wall thickness of 1.6 mm. The cell was attached to
the mixing chamber of a dilution refrigerator in a special-
ly designed cryostat with no cryogens in the neutron
beam. The cell temperature was monitored using ger-
manium resistance thermometers attached to the top and
bottom of the cell.

The scattered neutrons are histogrammed as a function
of time of flight for each detector individually. The data
from each detector are transformed to S (Q,w) using the
mean incident energy and time at sample obtained by
comparing a Monte Carlo simulation of the incident
beam with the observed monitor spectra. The data are
then converted to J(Y) using the energy and momentum
transfer for each histogrammed point and the known
mass of the helium atom. Finally, in order to take into
account any systematic errors in the Y scale, the scatter-
ing data are shifted by +0.04 A ™! (about half a channel
width) so that the first-moment sum rule for incoherent
scattering is satisfied.

Since the statistical accuracy of the results from an in-
dividual detector is low, the data from the 25 detectors
are added together after being converted to a common Y
scale. There is little variation of Q across the detector
bank and the data that are already approximately Y scale,
and so this procedure results in a significant increase in
the statistical accuracy of the results with little degrada-
tion in instrumental resolution.

An absolute-intensity scale for the scattering was ob-
tained from measurements of low-density (0.0073 g/cm?)
helium gas at 5.6 K using the same experimental setup
and cell as used in the liquid measurements. This pro-
vides an absolute-intensity scale to within the 5% statisti-
cal uncertainty in determining the area of the helium
peak. Thus, after correcting for the effects of sample
self-shielding and multiple scattering, the scattering from
the liquid may be placed on an absolute-intensity scale.

The effects of instrumental resolution must be taken
into account in order to determine the true scattering
from the liquid. In general, the instrumental broadening
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is a complicated function depending on the energy and
momentum transfer and the instrument geometry, and a
simple closed-form expression for the resolution function
is not possible. In the case of helium, for which the bulk
of the scattering intensity is concentrated near Y =0, an
effective resolution function which is a simple one-
dimensional convolution can be defined. This effective
resolution function, I(Y,Q), is calculated by a Monte
Carlo simulation of the spectrometer. In terms of
I(Y,Q), the observed resolution-broadened Compton
profile J (Y, Q) is

T %,0= [ “"I(Y-Y,Qu(Y,0dY, (.1

where J(Y,Q) is the unbroadened Compton profile. The
instrumental broadening has a full width at half max-
imum (FWHM) of ~0.6 A~ ! and is much narrower than
the total observed scattering.

IV. EXPERIMENTAL DETERMINATION
OF FSE CORRECTIONS

The observed scattering from the bulk liquid at tem-
peratures of 0.35 and 3.5 K and at a constant density of
0.147 g/cm? is shown in Figs. 3(a) and 3(b). The scatter-
ing has been converted to an absolute-intensity scale us-
ing the helium-gas measurements. The integrated inten-
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FIG. 3. (a) Normal-liquid data at T"=3.5 K. The line is the
instrumentally broadened IA prediction using the PIMC calcu-
lation of n (p). (b) Superfluid data at T'=0.35 K. The line is the
instrumentally broadened IA prediction using the GFMC calcu-
lation of n (p).
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sity of the observed scattering, when sample attenuation
is taken into account, is unity at all the temperatures, to
within the 5% error in the absolute-intensity scale pro-
vided by the helium-gas measurement. Thus the ob-
served scattering satisfies the zeroth-moment sum rule for
incoherent scattering, which simply indicates that all the
scattering is observed. In addition, the observed scatter-
ing is consistent with the minimal features mentioned in
Sec. II for IA scattering.

We will now exhibit the presence of final-state effects in
the scattering data under the assumption that the
theoretical calculations of the momentum distributions
are accurate. We will use the IA to convert the theoreti-
cal n(p) to Jio(Y), broaden J,(Y) by the instrumental
resolution function, and compare the result directly to
the scattering data. If the momentum distribution calcu-
lations are correct, then any differences which appear in
this comparison must be due to FSE’s.

Figure 3(a) shows a comparison between the observed
scattering in the normal liquid at 3.5 K and a density of
0.147 g/cm? and the theoretical prediction of the PIMC
results of Ceperley and Pollock® at 3.33 K and a slightly
lower density of 0.138 g/cm>. The theoretical prediction
has been converted to J, (Y) using the IA and broadened
by the instrumental resolution. The agreement between
the IA prediction and the observed scattering is excellent.
Deviations from the IA due to FSE’s are very small in the
normal-liquid scattering at these Q’s.

Figure 3(b) shows a similar comparison of the experi-
mental results at 0.35 K and the ground-state GFMC cal-
culation of Whitlock and Panoff* at the same density.
Differences between the theoretical prediction and exper-
imental results are clearly evident. The GFMC calcula-
tion predicts substantially higher intensity near the peak
center than the experimental results. This discrepancy is
just what one would expect if a condensate peak is
present which is broadened by FSE’s.

If the FSE’s are expressed as a convolution with the IA
prediction, as in Eq. (2.14), then the final-state broaden-
ing function may be obtained by deconvoluting the in-
strumental resolution function and J,(Y) from the ob-
served scattering. The dotted line in Fig. 4 shows the re-
sult of this deconvolution for the superfluid data. The ex-
perimentally determined R (Y, Q) exhibits a sharp central
peak and negative tails at higher Y. Figure 4 also shows
the shape of R (Y, Q) for some of the broadening theories
which will be discussed in Sec. V.

There are two noteworthy features in the experimental-
ly determined R (Y, Q). First of all, the R (Y, Q) obtained
from the deconvolution satisfies the constraints which
follow from the sum rules for incoherent scattering
within the uncertainties of the deconvolution procedure.
This must be true in the incoherent approximation, since
in this case both J(Y,Q) and J,(Y) obey the second-
moment sum rule. In particular, as mentioned in Sec. II,
the negative tails are consistent with the second-moment
sum rule. In addition, the central peak of the broadening
founcl:tion is relatively narrow with a full FWHM of 0.67
A

While the general features of the extracted R (Y, Q) are
accurate, the finer details of the shape are affected by the
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~ FIG. 4. Comparison of the experimentally determined FSE
broadening function R (Y, Q) in the superfluid phase with vari-
ous theories. The dot-dashed line is the Lorentzian broadening
function with a width I'=po(Q)/2. The dashed line is the
broadening function due to Silver. The solid line is the broaden-
ing function due to Gersch and Rodriguez. The dotted line is
the broadening function determined from the experimental data
in the superfluid phase.

statistical noise in the numerical deconvolution pro-
cedure. To illustrate which features of R (Y, Q) are deter-
mined by the scattering data, we have performed decon-
volutions in which the form of R (Y, Q) is constrained to
be a sum of Gaussians. Figure 5 shows the results of the
numerical deconvolution shown in Fig. 4 along with two
Gaussian and three Gaussian R (Y,Q)’s. Upon convolu-
tion with the instrumental resolution function and the
GFMC J4(Y), all of the R(Y,Q)’s shown in Fig. 5 pro-
duce equally good agreement with the experimental data.
It is clear from Fig. 5 that the main feature of the FSE
broadening function which is constrained by the data is
its width. The detailed features of R (Y,Q) at high |Y]
cannot be determined from our scattering data.

Although all of the results of this paper are obtained
under the assumption that the theoretical calculations of
the momentum distributions are accurate, it is useful to
possess a qualitative understanding of the sensitivity of
the extracted R (Y, Q) to certain features of the underly-
ing momentum distribution. We have performed two
sensitivity tests. In the first test, we have compared the
extracted R (Y, Q)’s obtained from two momentum distri-
butions with the same condensate fraction, but with
different distributions for the uncondensed atoms. Figure
6(a) shows the GFMC J,(Y) along with a Gaussian
Jia(Y) with the same kinetic energy (14.5 K) and the
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FIG. 5. Three different R(Y,Q)’s which produce equally
good fits to the experimental data when convoluted with the in-
strumental resolution function and the GFMC J,(Y). The dot-
ted line is R(Y,Q), as determined from a Fourier transform
deconvolution. The solid line is R (Y, Q), as determined from a
fit using a parametrized two-Gaussian form. The dot-dashed
line is R(Y,Q), as determined from a fit using a parametrized
three-Gaussian form.

same value for the condensate fraction (9.2%). There are
differences between the two momentum distributions at
low Y and at high Y. Nevertheless, the corresponding
two Gaussian R (Y, Q)’s, shown in Fig. 6(b), are similar in
width. In the second test, we have compared the extract-
ed R(Y,Q)s obtained from three momentum distribu-
tions with the same functional form for the uncondensed
momentum distribution, but with different condensate
fractions. Figure 6(c) shows three Gaussian Jy,(Y)’s
with the same kinetic energy as in Fig. 6(a), but with con-
densate fractions of 7%, 9%, and 11%. The extracted
R(Y,Q)s are shown in Fig. 6(d). There are large
differences between the R (Y,Q) extracted from the
momentum distribution with a 7% condensate and the
other two extracted R (Y,Q)’s. As one might expect, the
width of the extracted R (Y,Q) is somewhat more sensi-
tive to changes in the size of the condensate than it is to
changes in the momentum distribution of the uncon-
densed atoms.

Another feature of the momentum distribution of the
uncondensed atoms which might be expected to affect the
extracted R(Y,Q) is the condensate-induced power-
law singularity which is expected on theoretical
grounds.?! 726 This term is included in the T =0 momen-
tum distribution calculation of Manousakis and Pan-
dharipande,® and the calculated n(p) shows significant
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FIG. 6. Sensitivity of the extracted R(Y,Q) to certain
features of the underlying longitudinal momentum distribution.
(a) GFMC momentum distribution along with a Gaussian
momentum distribution with the same condensate fraction of
9.2% and the same kinetic energy of 14.5 K. (b) Corresponding
R (Y,Q)’s as determined from a fit using a parametrized two-
Gaussian form. (c) Three-Gaussian momentum distributions
with the same kinetic energy of 14.5 K with condensate frac-
tions of 7%, 9%, and 11%. (d) Corresponding R (Y,Q)’s.

differences from the GFMC momentum distribution at
small p. However, these differences become very small
when the three-dimensional momentum distribution # (p)
is converted to the longitudinal momentum distribution
J(Y).?7 This is because J(Y) is proportional to the in-
tegral of pn(p). The extra factor of p in the integrand
suppresses the effects due to the condensate-induced
singularity at small p. For this reason, the presence of
the condensate-induced singularity has little effect on the
extraction of R (Y, Q) from our scattering data.

In principle, the same procedure as used above could
be used to determine FSE broadening in the normal
liquid. However, due to the limited statistical accuracy
of the data (3%) and the small effect of FSE’s in the nor-
mal liquid as shown in Fig. 3(a), it is not possible to ex-
tract a final-state broadening function using the same

procedure as for the superfluid. The experimental data
must posses much higher statistical accuracy before a
broadening function can be determined experimentally in
the normal liquid.

There is a possible point of confusion regarding the
FSE’s in the normal fluid which we wish to clarify. The
fact that FSE’s appear to have little effect for the
normal-fluid data does not necessarily mean that the FSE
broadening function for the normal fluid is significantly
different from that for the superfluid. In fact, if the phys-
ical ideas behind the successful FSE broadening theory of
Silver!? (discussed in Sec. V) are correct, then one would
expect the broadening function for the normal fluid to
differ little from that of the superfluid. At this point, we
merely wish to point out that there is no internal incon-
sistency in this possibility. Since the scattering in the
normal fluid is nearly Gaussian and the extracted FSE
broadening function in the superfluid is relatively narrow
by comparison and has zero second moment, the shapes
of the broadened and unboardened distributions for the
normal fluid would be almost indistinguishable.

We can also determine the form of FSE deviations
from the point of view of the additive theories. To obtain
the corrections to the IA result for this case, the theoreti-
cal prediction using the IA must be subtracted from the
measured scattering after the instrumental broadening
has been removed. For perfect data with no statistical
noise, a unique deconvolution is possible. However, for
data with statistical noise, deconvolution is an ill-posed
problem which can lead to large and unphysical fluctua-
tions in the results. Therefore, in the presence of statisti-
cal noise, a whole family of scattering functions can pro-
vide an accurate description of the observed scattering.

Rather than attempt to deconvolute the instrumental
resolution, we will fit a model function broadened by the
instrumental resolution to the observed scattering. We
will choose the model such that is has physically realistic
behavior and sufficient flexibility to accurately reflect the
behavior of the true scattering. The model scattering
function that we have found most convenient for describ-
ing the observed scattering is a sum of Gaussians:

—(Y—Y,)

202

n a;
J model( Y)= 2 ( NV exp , 4.1)

=1 (27o;

whose amplitudes, widths, and common center may be
varied. This form is not unique, and many other forms
could be used to fit the data. Nevertheless, this form,
with the restrictions that the amplitudes are always posi-
tive and the centers are locked together, does provide a
physically realistic model scattering function. It is sym-
metric about Y, and positive definite. It is free of spuri-
ous oscillations and other obviously unphysical features

TABLE I. Two Gaussian fitting parameters, resolution and FSE deconvoluted.

Temperature A, A A, I3, Y_c1
(K) (%) (A ) (%) (A ) (A )
0.35 0.785 0.95 0.215 0.29 —0.03
3.5 0.875 1.00 0.125 0.45 —0.04
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which often appear when a direct deconvolution is at-
tempted. The variation of the center of the scattering
function Y, enables the fitting function to take into ac-
count a scattering component which is asymmetric about
Y =0 if such a component is present.

We have performed two Gaussian fits to the scattering
data for both 0.35- and 3.5-K data. Excellent agreement
with the observed scattering can be obtained at both tem-
peratures using only two Gaussians in the model scatter-
ing function. The parameters used in the fitting functions
are listed in Tabel I. Once again, we emphasize that the
particular values of these parameters are only representa-
tive of an entire family of values which can equally well
characterize the data. The widths and amplitudes of the
fitted Gaussians are highly correlated, and a relatively
broad set of parameters can lead to essentially the same
shape for the underlying momentum distribution. The
relative uncertainty of the scattering data is larger at high
|Y| due both to the lower counting statistics and the
poorer signal-to-noise ratio. As a result, the J 4,(Y)
scattering functions ar more tightly constrained by the
data at small | Y| than at large | Y].

Armed with J_,.,(Y), we can obtain the additive devi-
ations due to FSE’s for the normal and superfluid phases
by subtracting J,,,4(Y) from Ji,(Y). The symmetric
and antisymmetric components of J4.(Y) for both the
normal and superfluid phases are shown in Figs. 7(a) and
7(b), and the symmetric and antisymmetric correction
terms AJ,,,(Y,Q) and AJ,,,(Y,Q) are shown in Figs.
7(c) and 7(d).

The corrections to the IA in the normal liquid obtained
using 7 (p) from the PIMC calculations of Ceperley and
Pollock® are shown in Fig. 7(c). Both the symmetric and
antisymmetric corrections are small. The maximum am-
plitude of the corrections is on the order of 5% of the to-
tal peak amplitude, comparable to the statistical accuracy
of the data. The small size of the corrections is not
surprising, given the good agreement of the IA prediction
and the observed scattering shown in Fig. 3(a).

The corrections to the IA in the superfluid obtained us-
ing the n(p) from the GFMC calculations of Whitlock
and Panoff* are shown in Fig. 7(d). Both the symmetric
and antisymmetric correction terms are now much larger
than in the normal liquid. The maximum amplitude of
the antisymmetric correction is now =~20% of the total
peak amplitude, compared to =5% in the normal liquid.
The symmetric correction has a peak amplitude of
~25% of the total peak amplitude. In addition, it con-
tains a negative 8-function singularity containing 9.2% of
the total intensity. This term is required to cancel the
condensate § function in Jy, (Y).

It is important to realize that this conclusion is
unaffected even if one allows J_4(Y) to include a nar-
row feature. If it were possible to include a sizeable nar-
row component in the fitting function, then it might be
possible to significantly decrease the symmetric com-
ponent of the difference. We have fit the superfluid data
with a J,4,(Y) which includes a Gaussian much nar-
rower than the instrumental resolution function. The
narrow Gaussian in this fit reaches a size with only =1%
of the total area, which is close to the uncertainty with
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FIG. 7. (a) and (b) Comparisons of the IA predictions in the
normal and superfluid phases with the model scattering function
Jmodel( Y) obtained from a fit to the data. The components of
Jmodel( Y) symmetric and antisymmetric about the recoil peak at
Y =0 are plotted separately. (c) and (d) Symmetric and an-
tisymmetric components of the additive correction for FSE’s in
the normal-fluid and superfluid phases.

which the data determine the condensate. Even in this
case, the symmetric component of the difference is almost
a large as it is using the J 4;(Y) shown in Fig. 7(b).

The sum rules for incoherent scattering place restric-
tions on the shape of the symmetric and antisymmetric
corrections to the IA which are recorded in Sec. II. It is
not difficult to see that the experimentally determined
AJym(Y,Q) and AJ,,,(Y,Q) are consistent with these
constraints. AJ,,.,(Y,Q) possesses two maxima and two
minima as a function of Y, and AJ,,(Y,Q) has more
than the minimum requirement of three extrema.

The reason for the appearance of a large positive com-
ponent and a negative § function in the symmetric
correction term should be clear. The observed scattering
contains no feature with a width comparable to the in-
strumental resolution. Therefore, the 8-function singu-
larity due to the condensate in Jj,(Y) must be removed
and replaced with a broadened peak. This is a natural
consequence of expressing the corrections to the IA as
additive terms in the superfluid.

V. COMPARISON TO THEORIES

We now turn to an evaluation of FSE theories.
Theoretical calculations for FSE may be tested by direct
comparison to the observed scattering. The same pro-
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cedure used in Sec. IV will be applied. The theoretical
calculations for n (p) are used to obtain the scattering in
the IA. The results are then corrected for FSE’s, using
the appropriate theory, and broadened by instrumental
resolution function. These results may then be compared
directly to the observed scattering to evaluate the
theories.

A number of theories predict a Lorentzian form for the
FSE broadening function over most or all of the Y range.
The earliest estimate of FSE’s in liquid “He, by Hohen-
berg and Platzman,?? takes the form of a convolution in
which the broadening function is a Lorentzian:

1 Q)
R(Y,Q)=— ——2— |
(rO)=7 Y2+T(Q)?

The width wused for the FSE broadening was
['(Q)=po(Q), where p is the density and o(Q) is the to-
tal cross section for helium atom-atom scattering. More
recent Lorentzian theories obtain a width of T'(Q)
=po(Q)/2, half the size of the original Hohenberg-
Platzman value. These theories include the asymmetric
Lorentzian obtained by Platzman and Tzoar,? the
Lorentzian calculated by Reiter and Becher in a quasic-
lassical approximation, and the result of Kirkpatrick®!
which is approximately Lorentzian near | Y| =0.

Figure 4 shows the Lorentzian broadening for the ex-
perimental conditions of this work using the smaller
value of po(Q)/2 for the width. Figure 8(a) and 8(b)
show a comparison of the theoretical and experimental
results in both the normal and superfluid phases. In both
cases, the broadening is far larger than that observed ex-
perimentally. The theoretical results are not in agree-
ment with the experimental observations using a
Lorentzian broadening function of this width.

There is a theoretical objection to any broadening
function with a Lorentzian form. A Lorentzian function
possesses an infinite second moment and is therefore in
violation of the second-moment sum rule for incoherent
scattering discussed in Sec. II. However, the high-Y re-
gion of the Lorentzian function which is responsible for
its finite second moment is not tightly constrained by the
high-Y tails of the scattering data. Thus this theoretical
objection does not preclude a strong constraint on the
form of the broadening function extracted from the ex-
perimental data.

The failure of the existing Lorentzian theories for
FSE’s is chiefly due to the size of the predicted width and
not their Lorentzian form. With an appropriate choice
for the width, it is possible to obtain good agreement with
the data using a Lorentzian broadening function or even
a Gaussian broadening function. The main feature of the
FSE broadening function which is constrained by the
data is its width.

From the point of view of some more recent FSE
broadening theories, there is a physical reason why
Lorentzian theories overestimate the broadening.’* The
Lorentzian form for the broadening follows from the as-
sumption that the struck He atom scatters from the other
atoms in the liquid at a rate which is independent of the
distance of the recoiling atom from the point of collision.
In reality, however, this scattering rate is not constant as

(5.1

T
L

||r|||||I|||||r||

05 (a) JEERS

— Lorentaian

0.4

0.3

1) 0.2

Illll,llllllll!lllll]l

0.1

lAllllllllllllllllllllllll

E W

TTRTTY

0.0

i I I S

-2 0 2

|
A
.h 11

Illlll!l!lll'[ll]r-

(b) Joss x
— Lorentaian
I

¢

0.5

0.4

J(Y)

Illlll!lll]l(ll]llll[1_

lllll[lllllllll 111l

TTYrTTT

lllllll!l'LlllIllll

-2 0 2

Y (A7

|
>
A b Bliag

FIG. 8. (a) and (b) Comparison of the observed scattering
with the theoretical prediction, converted to J(Y) and
broadened by instrumental resolution, using the Lorentzian
broadening function of Hohenberg and Platzman with a width
I'=po(Q)/2.

a result of the strong correlations among the atoms in the
liquid which are present before the atom is struck. Since
the mean separation between the He atoms places them
outside of the hard-core region of the potential responsi-
ble for the final-state scattering, the real scattering rate at
small times (and therefore at large Y) is lower than that
derived from the Lorentzian theories. By taking inter-
particle correlations among the atoms into account, these
theories can be made consistent with the second-moment
sum rule and can result in a broadening function with a
narrower width.

Gersch and Rodriguez®} made the first explicit attempt
to include the effects of ground-state correlations within
this approach. As a result, they obtained a final-state
broadening which is not Lorentzian. Instead, it contains
both a central peak which is narrower than that of the
Lorentzian theories and negative tails. The Gersch-
Rodriguez theory is consistent with the second-moment
sum rule. The calculated broadening is shown in Fig. 4.
Figures 9(a) and 9(b) show a comparison of the predicted
and observed scattering. The agreement in the normal
liquid is excellent. In the superfluid phase, the predicted
intensity at the peak is slightly too high. Nevertheless,
the agreement of the Gersch-Rodriguez theory with ex-
periment is quite impressive.
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FIG. 9. (a) and (b) Comparison of the observed scattering

with the theoretical prediction, converted to J(Y) and
broadened by instrumental resolution, using the broadening
function calculated by Gersch and Rodriguez.

Most recently, Silver!? has calculated a broadening
function similar to that of Gersch and Rodriguez (GR).
The physical point of view taken in Silver’s theory is
similar to that of Gersch and Rodriguez, but there are a
number of differences in detail. Silver uses improved ap-
proximations for the two-body ¢ matrix at high Q (semi-
classical versus eikonal approximations), uses different
approximations for the two-body density matrix which
satisfy sum rules, and expresses the theory in terms of the
Y-scaling variables. Silver’s theory also uses more accu-
rate inputs which were unavailable at the time of GR’s
work, such as the experimentally measured g () instead
of a step function approximation to g (r) and more accu-
rate He-He potentials as measured by He-He scattering
experiments. A detailed comparison between various
theories for FSE’s has been performed by Silver.>* The
most important difference is that the GR theory uses a
longer classical trajectory before collisions begin than
Silver’s theory (as illustrated in Ref. 34, Fig. 4), and this
is the reason why FSE’s are smaller in the GR theory
than in Silver’s theory.

The broadening function calculated by Silver for the
experimental conditions used in this measurement is
shown in Fig. 4. A comparison of the predicted and ob-
served scattering using Silver’s theory is shown in Figs.
10(a) and 10(b). The agreement is excellent in both the
superfluid and normal-liquid phases at this Q. There are
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with the theoretical prediction, converted to J(Y) and
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function calculated by Silver.
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deviations between Silver’s broadening function and the
experimentally determined broadening function for
|Y]>0.8 A™', but since the data do not tightly constrain
the form of R ( Y, Q) for large | Y] these differences are not
particularly significant. The main reason for the success
of Silver’s theory from an experimental point of view is
that the width of the broadening function agrees with
that extracted from experiment.

In another large class of FSE theories, the additive
theories, deviations from the IA are expressed as additive
corrections to the IA result. These corrections are then
split into terms that are either symmetric or antisym-
metric about Y =0. One of the reasons for the interest in
this approach to FSE corrections is that if the antisym-
metric correction is dominant, then most of the FSE’s
can be removed from the experimental data by simply
symmetrizing the data. In addition, since the removal of
the antisymmetric term leaves both the zeroth and
second moment for incoherent scattering unchanged, this
procedure has no effect on any determination of the aver-
age kinetic energy using the second-moment sum rule.

Sears® performed a formal expansion of the Compton
profile J(Y,Q):
J(Y,Q)=J 5 (Y)+ 2 (—=1)"4, (Q JIA( Y),
n=3
(5.2)
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in terms of J;,(Y) and it derivatives with coefficients
depending on Q. The leading-order correction to
AJym(Y,Q) was found to be of order 1/Q, and the
leading-order correction to AJ,,(Y,Q) was found to be
of order 1/Q2. If this is true, then the antisymmetric
correction should be much larger than the symmetric
correction. Sears noted that this expansion would not be
valid for superfluid helium due to the presence of the con-
densate. There is no reason, however, for it to fail in the
normal fluid.

To test this expectation, we return to the decomposi-
tion of the symmetric and antisymmetric contributions to
FSE’s extracted in Sec. IV. In the normal liquid, as
shown in Fig. 7(c), both the symmetric and antisym-
metric corrections are small. Unfortunately, the correc-
tions are so small that no conclusions can be drawn re-
garding which correction is dominant. The fact that the
corrections are small is not inconsistent with the sym-
metrization prediction. The symmetrization treatment of
FSE corrections does not modify the second moment of
the data. Thus it will have little effect on the broad, near-
ly Gaussian momentum distribution in the normal fluid.

In the superfluid, as shown in Fig. 7(d), the symmetric
and antisymmetric corrections are much larger than in
the normal fluid. In addition, the symmetric correction is
larger than the antisymmetric correction. The symmetric
correction consists of a negative 8-function singularity
with 9.2% of the total intensity superimposed on a net
positive part with a peak amplitude of approximately
25% of the total peak amplitude. [The negative & func-
tion is required to cancel the condensate 6 function which
appears in J, (Y).] Symmetrization does not remove the
dominant part of FSE’s.

Another approach to the description of FSE’s in liquid
“He attempts to incorporate some of the effects of inter-
particle interactions, not in the form of a broadening
function, but into the definition of the Y scale itself.
Theoretical predictions using an alternative Y scale have
been made by Stringari,*® and the general approach has
recently been described by Mayers.>” (Strictly speaking,
this shift should be referred to as an initial-state effect
rather than a final-state effect, since it arises from an at-
tempt to account for the change in the initial energy of
the atom due to its binding in the condensed phase.)
Such a description is incapable of describing the broaden-
ing of the condensate peak observed in the experimental
studies.

Stringari predicts that the recoil peak should be shifted
below the IA prediction of Y =0 by My E; /Q (E, is the
average kinetic energy). The predicted peak shift of
—0.11 Ao_1 is not apparent in the scattering data at
0=23 A7, The approximations underlying the
Stringari model have been criticized by Rinat as too dras-
tic.3® Nevertheless, it is possible that the use of a
different Y-scaling, variable may be useful in describing
the antisymmetric component of FSE corrections at
lower values of Q.

Finally, a new calculation of FSE’s which makes use of
an alternative Y variable has been performed by Rinat
and Taragin.>® Rinat and Taragin expand the Compton
profile J(YR,Q) in a power series in My, /Q with
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FIG. 11. (a) and (b) Comparison of the observed scattering
with the theoretical prediction, converted to J(Y) and
broadened by instrumental resolution, using the additive FSE
theory of Rinat and Taragin.

coefficients depending on Q and an alternative Y variable
Y. The difference between Y, and Y is of order 1/Q
and thus vanishes in the Q — o0 limit. Figure 11 shows a
comparison performed by the authors of their theory
with the Q =23 A~ ! data in terms of the West Y variable
used throughout this paper. The comparison shows good
agreement in the normal-liquid phase. In the superfluid
phase, the theoretical prediction of Rinat and Taragin is
narrower than the experimental data near Y =0.

VI. CONCLUSIONS

We have carried out a test of theories for final-state
effects in liquid “He by comparing the observed scattering
in the normal and superfluid phases of liquid “He with
theoretical predictions for the scattering, using current
calculations for the momentum distribution as input.
Therefore, implicit in our test is the assumption that the
theoretical calculations of the momentum distribution are
accurate. Obviously, our conclusions regarding FSE’s
are accurate only to the extent that the theoretical calcu-
lations are accurate.

We find that several of the theories for FSE’s are con-
sistent with the scattering observed in the normal-liquid
phase in which n (p) is broad and featureless. The only
theories which fail in the normal liquid are those that
predict Lorentzian broadening with a width po /2. These
theories predict a scattering that is much broader than
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that observed experimentally.

The scattering in the superfluid phase provides a much
more stringent test for FSE theories due to the presence
of the condensate. In the superfluid phase, only Silver’s
theory provides an accurate description of the FSE’s.
The theory of Gersch and Rodriguez also produces fair
agreement. From the point of view of the additive
theories, the data indicate that the symmetric correction
is larger than the antisymmetric correction.

However, the success of the Silver’s theory for the sin-
gle momentum transfer of 23 A~ used in this experiment
does not by any means imply that the problem of FSE’s
in liquid “He is solved. Recent calculations of the two-
body density matrix in liquid “He give results which are
significantly different from the approximation used in
Silver’s theory.* Whether or not these differences
significantly modify Silver’s prediction remains to be
seen. For lower values of Q where most of the experi-
mental data exist, Silver’s theory may not apply in its
present form at all.

Much experimental work remains to be done to clarify
the nature of FSE’s in liquid “He. In particular, it would

be very interesting to extend the measurements per-
formed at Q =23 A~ ! to lower values of Q, both to deter-
mine where Silver’s theory fails and to make contact with
the previous lower-Q experiments. Experiments in both
the normal and superfluid should be performed, since any
differences between the two phases in the Q dependence
of FSE’s could give important insight into the underlying
physics. If more theoretical calculations of momentum
distributions are performed at higher densities, then it
would also be possible to perform quantitative experi-
ments to investigate the density dependence of FSE’s.
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