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Specific heat of the ytterbium monopnictides above 5 K from a band-structure calculation
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Applying the self-consistent large-degeneracy expansion to the degenerate Anderson impurity
model in the presence of crystal fields, we compute the specific heat of YbN, YbP, and YbAs above
5 K. Each crystal-field level couples to the band states with its own hybridization function, deter-
mined from a tight-binding fit to an ab initio band-structure calculation. The different amplitudes
of the couplings naturally explain the anomalous crystal-field splittings observed by inelastic neu-

tron scattering. Our calculations reproduce the hitherto unexplained excess specific-heat peak seen
in all three compounds around 5 K, which we interpret as being due to the Kondo effect for the
ground-state doublet.

INTRODUCTION

The occurrence of a broad hump in the specific heat of
all ytterbium pnictides around 5 K,' with no apparent
relation to the Schottky anomaly expected from the
crystal-field splitting of the 4f '

F7~2 ground state of the
Yb ion measured by inelastic neutron scattering, has
led to the conjecture that the quasiparticles in these com-
pounds are heavy fermions. As will be shown below, the
above feature is a natural consequence of the interplay
between crystal field and Kondo effect for an isolated
magnetic impurity, and the coherent or Bloch-type na-
ture of the quasiparticle states needs not be invoked.
This is also true for the interactions between the rare-
earth ions, the scale of which is set by the magnetic or-
dering temperatures of 0.4 K for YbP (Ref. 7) and 0.6 K
for YbAs (Ref. 8) observed by Mossbauer spectroscopy.

Nearly integer-valent rare-earth impurities in metals
are commonly described by the infinite-U degenerate An-
derson model or the equivalent Coqblin-Schrieffer model,
for which the exact ground state ' and thermodynam-
ics' ' have been derived in the Bethe ansatz formalism.
Recently the method has been generalized to include the
presence of crystal fields (CF), ' ' and explicit curves
for the temperature-dependent excess specific heat have
been given for different CF configurations. ' ' For a
doublet ground state which is the case of interest in the
present context, and crystal-field splitting comparable
to' or larger than' the characteristic Kondo tempera-
ture To of the unsplit multiplet, the specific heat displays
a well-resolved two-peak structure. The peak at low tem-
perature corresponds to the Kondo resonance of the
ground-state doublet, with an effective Kondo tempera-
ture T,ff strongly reduced with respect to To.' The
upper peak is the Schottky anomaly describing the exci-
tations between the now "magnetic" ground-state doublet
and higher CF levels.

Although the Bethe ansatz method leads to an exact
solution of the impurity problem, the conditions it im-

poses on the model in order to insure its integrability are
fairly restrictive. In particular it assumes that the cou-
pling to the band states is constant in energy and the
same for all crystal-fields levels, which is certainly not
true in reality. An alternative approach which does not
suffer from this restriction is the self-consistent large-N
(=degeneracy) expansion in the so-called noncross-
ing approxiination (NCA). For vanishing CF and
N =6, the temperature-dependent specific heat and mag-
netic susceptibilities obtained by the two methods are in
excellent agreement with each other. As the degenera-
cy is lowered to 4, the large-N expansion puts the Kondo
peak in the specific heat at slightly too high a tempera-
ture and fails to reproduce the small finite-temperature
maximum observed in the Bethe ansatz result for the
magnetic susceptibility. No comparison is available for
N =2, but we expect the self-consistent approach to yield
sufficiently accurate results in the temperature range
relevant for our study which, to our knowledge, is the
first to include CF effects in the calculation of the specific
heat within that framework.

THE MODEL

We consider the infinite-U limit of the degenerate An-
derson model in the presence of CF:

H =H +H +Hband f mix

where Hb, „d is obtained from a tight-binding fit to an ab
initio band-structure calculation, as described in detail in
Ref. 25;

Ã~
6 8 7

=sr, g tr, +Er, g hr, +sr, X &r,
j=l j=1 j=l

with the bare CF levels er (ground state, degeneracy

Nr =2),er (first excited state, N =4) and
6 8 r8

er (Nr =2) for the 4f' F7/2 multiplet. The nf are
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projection operators on the CF states:

It r =
l
I", ;j & & I, ;jl, (2a)

e, = fo&&ol . (2b)

and similarly we define the projector on the full-shell
(zero-hole) configuration:

1
& „(c) = ——ImGr (c+i0+ ),

I 'jT
(sb)

the fact that they vanish exponentially fast below the
NCA ground-state energy E0 makes it necessary, for nu-
merical reasons, to introduce "negative-frequency-
distribution functions"

The mixing matrix elements between localized and
band states take a particularly simple form in a tight-
binding basis. Numbering the basis vectors by lk;a ), we

get

006 r—
6

H;=„"= g [a'"(k)Vk" cl,+r I+H. c.],
k, v, a
I, ,j

where the normalized eigenvector for band v at the point
k is given by

~ 0.04-
Cl

4I

Al P

4)
I

0.02 .

Ik, v& = g a" (k)lk;a&, (3a)
(a)

and the operator ck creates a hole in the basis state
lk;a);

-2 -1
Energy (eV)

and

F, ,, =lo&&r, ;jl

V,'". =&k;t IVII';;j& .

(3b)

(3c)

003 .
YbP r—6

r ——
7

Explicit expression for the matrix elements have been
given in Ref. 25 for the semirelativistic case in which
only the orbital angular momentum of the f hole is con-
sidered. The inclusion of spin-orbit coupling is straight-
forward and the derivation can be found in Appendix A.

The NCA leads to the following set of coupled integral
equations for the empty and occupied state propaga-
tor$, 20 —23

2Go(z)= z —QNr I Vr (c)
I,

0.02

0.01

0 -4 -2 -1
Energy (eV)

(b)

XGr (z+c)f(c)dc
2

Gr (z)= z —cr — Vr (c)
I I

XGo(z —c)[l —f(c)]dc

where f(c) is the Fermi distribution function and

2 I, ,j I, ,j'
Vr, (c) = g a "(k)aII(k)VI, '~ V„'II fi(c —cz)

k, v
a,P

(4a)

(4b)

(4c)

0.02-

4f
LP

4I

cv 0.01
4J

0'

0

Yb As

r—6r--
7

r —-
8

(c)

18(c)= ——ImGc(c+io+), (Sa)

is diagonal in j,j and describes the hopping of a hole
from the level ll, ,j ) to any of the conduction bands and
back. In Fig. 1, we show this function for the three CF
levels of the f hole in YbN, YbP, and YbAs.

Although all properties can, in principle, be derived
from the spectral functions

-4 2 4
Energy (eV)

FIG. l. Energy-dependent coupling functions l Vr (c)l, for
I

the three crystal-field levels I 6, I,, and 1, of a 4f hole on the
ytterbium ion in YbN, YbP, and YbAs. The zero of energy is at
the Fermi level, which is fixed by imposing charge neutrality.
In the first two compounds, the coupling is only to the anion p
bands, in YbAs there is a metal-metal d-f hybridization as well.
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b(e)= e 'B(e),
—P( c—co)

Zf
(6a) or (co)

g(T) =—g Nr p„Pf des,
r

(13)

1 —p(c —co}
ar. (e)= e Ar. (E) ~

Zf I

where Zf is the impurity partition function

Zf = f de e ~' B(E)+ g Nr, ~r,. (. e)
r,

(6b) where pr is the effective high-temperature moment for

the level I'; [&J(J+1)g,.ps for the unsplit multiplet
with total angular momentum J and Lande factor g ]:

—w j 16 —~ / 1040 —.r'4&z
I r6 V 3I B I"r8 V ]47I B I I7 V 49PB

for the 4f '
F7/2 state with g7/2 7

in a cubic CF.

X [1—f(e')]de',

ar (e)=~Gr (e i0+—)~'

X V c.
' b c.

' —c c,
'

c.'.

(8a)

(8b)

The impurity partition function is then readily ob-
tained as

Zf =B(eo)/b(eo)= &r (eo)/ar (eo), VI, , (9)

and from it we derive the excess specific heat in the com-
putationally convenient form:

C; p(T)=
t)(lnP)

lnZf(T) .
t) ln

(10)

From the above defined spectral functions (so=0), we
can derive the photoemission and inverse photoemission
spectra

and co is an offset energy chosen for convenience. The
function b(e) and ar (e) must be computed independent-

(

ly as self-consistent solutions of the following new set of
coupled integral equations:

APPLICATION TO THE YTTERBIUM PNICTIDES

Our approach differs from previous model calculations
in that the absolute position of the Fermi level EF is
unambiguously fixed by the condition of charge neutrali-
ty for any given f-level occupation nf Sinc.e the latter is
in turn determined by the distance between the manifold
of CF levels and EF, both quantities have to be computed
self-consistently. In Table I, we present the parameters
used in our calculations. The values of nf for YbN and
YbP are about 5% lower than those obtained from a
careful analysis of the 3d core-level spectra of the three
pnictides with the variational method. Due to the
proximity of EF to the bottom of the (hole) band (see Fig.
1), higher values of the f-level occupation lead to numeri-
cal instabilities for these compounds. The CF splittings
are taken from inelastic neutron scattering experiments
and, in view of the prohibitive computational effort in-
volved, no attempt has been made to extract the position
of the bare levels from these measurements. Finally we
note that the low hybridization strength of the I 7 level
allows us to treat it as isolated, which limits its contribu-
tion to the specific heat to the region of the Schottky
anomaly. Furthermore, due to its high energy, the corre-
sponding component of the static spin susceptibility, Eq.
(13), is negligibly small below room temperature.

p'(~) =pf(~)f(~)

Nr f ar (ro+e)B(e)de t

r
t

p'(~) =pf(co)[l —f(~)]
= g Nr f A r (co+ e)b(E)de,

r,

(1 la)

(1 lb)

YbN Ybp YbAs

TABLE I. Parameters used in the calculation of the thermo-
dynamic properties of the ytterbium pnictides. The values of nf
are from the analysis of the 3d core-level spectra in Ref. 28.
The crystal-field splittings are taken from inelastic neutron
scattering experiments. Eo is the resulting NCA ground-state
energy. E+(E ) is the peak position of the positive (negative)
energy resonance in the 4f density of states at 14.6 K.

where the temperature-dependent f density of states

pf (~)=p '(ro)+ p'(c0) (1lc)

carries all the information concerning the effect of hy-
bridization on the CF splittings.

Finally we introduce the partial f moment spectrum:

1
o r (co)= Imyr (co+&—0+)

( 7T I

= f ar (e)[Ar (e+ro) —Ar (e —ro)]dE, (12)

in terms of which the static spin susceptibility is obtained
as a sum of principal value integrals

nf (T=O)
(&r EF ) (meV)

6

(&r &r ) (meV)
8 6

(r cr ) (meV)

Eo (meV)
E+ (meV)
~F- ) {me&l

0.94
—500

55'

—566.3
73
71

0.95
—200

20b

32
—238.8

34
33

0.921
—100

1 8c

40c

—128.8
28
25

'Ref. 5: The I & level is not seen, as it is not accessible from the
ground state and the I 8 level lies too high in energy to be appre-
ciably populated at room temperature.
Ref. 3.

'Ref. 4.
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Q4

YbN

0.8

0.3-

In Fig. 2, we present our calculated specific heats and
spin susceptibilities ' for the I 6-doublet-I 8-quartet
configuration on a logarithmic temperature scale. For all
three compounds we observe the characteristic two-peak

structure in C; „(,T) already found in the Bethe Ansatz
model calculations. ' ' Also shown for YbP and YbAs
are the Schottky anomalies corresponding to the CF
splittings of Table I, with and without inclusion of the I 7

level. For YbN, the two-level Schottky anomaly is indis-
tinguishable from our calculated high-temperature peak.
A comparison of our low-temperature results with those
obtained by Rajan' for an isolated doublet shows that
the scaling temperature for the specific heat is much
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FIG. 2. Specific heat per mole and spin susceptibility normal-
ized to its zero temperature value for (a) YbN, (b) YbP, and (c)
YbAs, as obtained from the self-consistent large degeneracy ex-
pansion for the crystal-field configuration I"6-I &. The tempera-
ture is scaled to its value at the first maximum in c, p ( 9 15,
and 5 K, respectively). Also shown for YbP and YbAs are the
Schottky anomalies expected for the I 6-I 8 and I 6-I"8-I 7

crystal-field configurations. For YbN the two-level Schottky
anomaly is indistinguishable from the self-consistent result
above 20 K.

0
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I

20
T(K)

50 40

FIG. 3. Calculated specific heats at low temperature (open
circles) for (a) YbN, (b) YbP, and (c) YbAs, compared to the ex-

perimental ones (solid circles) where available. The latter were
obtained by subtracting from the measured values those for the
corresponding Lutetium compound: (Ref. 1 for YbN, Ref. 2 for
Ybp) so as to keep only the contribution due to the open 4f
shell.
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FIG. 4. Temperature-dependent 4f density of states in YbAs.
At T= 14.6 K, we show separately the contribution from the I 6

ground level and from the excited level I 8, weighted by their
respective degeneracies. At T= 146 K, we show the photoemis-
sion (XPS) and inverse photoemission (HIS) spectrum.

larger than the one for the susceptibility, reflecting the
limitations of the self-consistent approach for N=2.
Nevertheless, as seen in Fig. 3, where C; ( T) is com-
pared with the published experimental data below 40 K,
the impurity model does, at least semiquantitatively, ac-
count for the observed behavior, and that without adjust-
able parameters. The origin of the excess specific heat
measured in YbN (Ref. 1) above 15 K is not clear. We
note, however, that the Schottky anomaly in that experi-
ment has its maximum at —190 K instead of -240 K as
expected from the CF splitting, which indicates that the

sample may contain other phases. Setting the CF split-
ting to zero produces the expected single peak in

C, (T), of amplitude roughly equal to the one found at
high temperature for the configuration with two split lev-
els. In YbAs, our best converged case, the maximum lies
at -29 K, which corresponds to a Kondo temperature of
-90 K for the unsplit sextuplet.

The 4f density of states for a two-level system has been
calculated before by Bickers et al. in the limit where
the singlet binding energy is much smaller than the level
splitting b, (due in their case to the spin-orbit interaction),
and the spectrum at positive energies consisted in two
narrow peaks separated by h. As seen in Table I, the sit-
uation here is completely different, the CF splitting being
between 20 and 50 percent smaller than the energy
&= 1Eo er ~

gained through hybridization with the con-
6

duction bands. The positive-energy spectrum consists of
a large peak with its maximum near 5, the weight of
which is entirely concentrated in the excited level (I s)
component. At negative energies one finds the expected
broad ionization peak at —c,z and a resonance at rough-

6

ly 5, which we interpret as being due to the emission of a
Fermi-level hole with a simultaneous excitation from the
singlet ground state to the relaxed (:—fully hybridized) ex-
cited level I s. In this picture the position of the reso-
nance is a direct measure of the renormalized CF split-
ting one would observe in an inelastic neutron scattering
experiment. As seen in Fig. 4 which shows the 4f density

of states for YbAs, representative for all three com-
pounds, the spectrum at low temperature also displays
the expected Kondo resonance for the ground-state dou-
blet. The corresponding Kondo temperature T,z of
=2.8 K compares well with the position of the maximum
in C; ~( T ) found at = 5 K. On the other hand, the ratio
o.r (co)/co, which determines the low-temperature suscep-

6

tibility, clearly reflects the ~co~
(' ' +"l divergence pre-

dicted for the large degeneracy expansion at T=O.
The physical maximum expected at =+1.4k~ T,ff is bare-

ly discernable as a slight flattening in the wing of a huge
peak centered at the origin. As a result, y(T) becomes
too large and furthermore does not appear to change its
curvature.

SUMMARY AND CONCLUSION

We have presented a calculation of the specific heat of
the ytterbium pnictides above 5 K, based on the degen-
erate Anderson impurity model in the presence of crystal
fields. Using the hybridization matrix elements obtained
from a tight-binding fit to a semirelativistic band-
structure calculation, the mixing term in the Anderson
Harniltonian was transformed into an effective, energy-
dependent potential for each of the three CF levels I 6,
I s, and I 7 of the 4f hole on the Yb ion. The different

amplitudes of the three potentials naturally explain the
anomalously large CF splittings observed in these com-
pounds by inelastic neutron scattering. Applying the
self-consistent large degeneracy expansion to the model
with the above potentials leads to a two-peak structure in
the specific heat, characteristic of a situation with finite
CF splittings. The upper peak is very close to the
Schottky anomaly for the corresponding CF
configuration, while the one at low temperature is inter-
preted as being due to the Kondo effect for the I 6

ground-state doublet.
Our results strongly suggest that the broad hump seen

in the specific heat of all Yb pnictides around 5K is a
single-site effect. Also, the logarithmic temperature
dependence above T,ff predicted by the impurity model is
consistent with the very slow approach to R ln2 observed
experimentally. '

In contrast to the specific heat which is obtained as a
thermodynamic derivative, the spin susceptibility by its
definition directly reflects the limitations of the self-
consistent approach at low temperature and cannot be
used to draw any conclusions about the true ground state
of the system. We note, however, that the Bethe ansatz
treatments do produce a susceptibility whose shape is
compatible with the observed one, and that the work of
Okiji and Kawakami on the magnetic properties of the
Coqblin-Schrieffer model in the presence of crystal fields

immediately explains the observation that the magnetiza-
tion per Yb ion in YbP at 1.6 K and 70 kOe only reaches
a third of the saturation value of 1.33 p~ for the I 6 level,
as due to the fact that the corresponding Zeernan energy
of 0.4 meV is much smaller than the Kondo energy kg Tp
for the unsplit multiplet.
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APPENDIX A

In a cubic CF the J=—', ground-state multiplet of the

4f hole splits into two doublets and a quartet:

In the semirelativistic treatment of Ref. 25, it was
found that the hybridization is dominated by nearest-
neighbor ligand-metal (pfo ) and (pfn ) interactions,
which led to the following form for the matrix elements
(3c):

V&" =X ' 2(pfo )cosk„—

—( —', )' '(pj's) cosk —+cosk, —

(AS)

07

lr, ; l & =&—,', I+-', &+&—,', I

—
—,
' &,

Ir, ;2& =Q —,', I

—
—,
' &+&—,', I+-,' &,

lr, ;»=~—;,I+, & -~-„I--,&,

lr, ;» =~-,', I--, & -~-,', I+-', &,

lr, ;» =&—,', I

—
—,
'

&
—v' —,', I+-,' &,

lr, ;3&=Q—,', I+-', &++—,', I

—
—,'&,

lr, ;4& =~—,', I

—
—,
' &+~—,', I+-,' &,

(Al)

(A2)

(A3)

0.6

z 05-

u 0.4

03-

0.2
r X W

YbN

K X

where the kets on the right-hand side are indexed by the z
component of the angular momentum. The hybridization
matrix elements are independent of spin and couple only
to the orbital part of the impurity wave function, for
which the CF decomposition is

'- (I2& —
I

—2&),
2

lr;~ & =Q —,', (ll &
—

I

—l &)—Q —,', & I3& —
I

—3&),

(A4)

Ir&s', y &
= —~Q —,', (ll &+ I

—l &) —~g —,', (I3&+ I

—3&),
(A5)

Ir„;z&=lo&,

lr;y &= —~Q —'&ll &+I —l &)+~&—,', &13&+I—3&),

06

~~ 0.4

1
CP

4J
c 0.3

0.2-

0.1
I

gL

X W

(b)

K X

—(I2&+
I

—2&),
2

lr;~ &=&—,', (ll &
—

I

—l &)+Q —,', (13&—
I

—3&),

(A6)
0.5

04
YbA

J+mJ
2J

IL.;,—-'&I+ &
I
J=L+ —,';mJ &

=

1/2J—mJ+ Il;~, +-,' &I

with the same notation as above, but with m J replaced by
mL. All states in (A4) —(A6) are doubly degenerate in

spin I+ & and
I

—
&, and the two sets of states (Al) —(A3)

and (A4) —(A6) can be related with help of the following
relation from elementary quantum mechanics:

1/2

CL
MP 3

c 02

0r W K X

(A7)
FIG. 5. Self-consistent sernirelativistic band structures of

YbN, YbP, and YbAs.
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Vi"' =N 'i
( ', )'—i (pfm. ) cosk ——cosk, — (A9)

After multiplication by the unit operator in spin space,
matrix elements can be taken between the states
(Al) —(A3) with the result

and the corresponding permutation for y and z.
Whereas in YbN and Ybp these are the only couplings

that need to be considered, in the "more metallic" YbAs
it is important to include the second -neighbor metal-
metal (dfcr) interaction between the I &s-like f orbitals
and the bands derived from the Yb-5d orbitals of e sym-

metry, for which a typical example is

(A10)

In (A8) —(A10), N is the number of unit cells in the
crystal and a is the lattice constant. If interactions
beyond nearest-neighbor metal ligand and second-
neighbor metal metal are ignored, the I z level does not
couple to the bands at all.

After forming the combination (4c) of the above matrix
elements, one is left with the following energy-dependent
CF Hamiltonian for the impurity in the absence of spin-
orbit coupling:

&I;;jlH "(e)l, ;„II,';j'&=IV„(E)l 5r r 5 ', (A12)

I v, (e)I'= —,', I vr (e)I'+ —,', I v„(e)I',

Iv, «)I'=-', IV „(e)l'.

(A13)

APPENDIX B: NUMERICAL DETAILS

From these expressions and (A8) —(A10) it is immedi-
ately apparent that the I 6 level will be the most affected
by the hybridization, followed by I 8 and I 7, which ex-
plains why the crystal-field splittings observed in the Yb
pnictides are larger than expected from a straightforward
extrapolation from pnictides of lighter rare earths, based
on a point ion model.

HsR(e)= I Vr„(s)l X II &s'a&&l is'al

+ I Vr„(e) I g ll 2s, a & & I 2s, al . (Al 1)

All convolutions in the integral equations were per-
formed by fast Fourier transform methods. A linear en-
ergy mesh with a step size 2X10 eV (4X10 eV) and

TABLE II. LCAO parameters {in Rydbergs) obtained from the fit of the band structure. We use the notation of Ref. 34; the pa-
rameters in brackets [e.g., (ffo )] are in the two-center approximation. The rms deviation refers to 85 inequivalent points in the irre-
ducible part of the Brillouin zone.

Metal
E„(0,0,0)
E...(1,1,0)
E, „y(1,1,0)
E 2 2(1 10)
E„„(0,0,0)

(1 1 0)
E„y „y(0, 1, 1)
E„y „,(0, 1, 1)
E

3 2 2 ( 1, 1,0 )

2 2 2 2(

E„(2,0,0)
E 2 2{002)
E y y(2 0 0)
E I „„(0,0,2)
E

3 2 2 3 2 2 ( 2 s 0s 0 )

E.2,2„2 „2(002)

E y y (0 0 0)

(ffa)i
(ff~)i
(ff5)i
(ff4')i
(sfo )|

YbN

1.442 912 8
—0.063 264 8
—0.008 942 3
—0.039 730

1.009 403
—0.060 765 4

0.015 543 4
—0.006 235 8
—0.035 581 2

1.170023 2
—0.007 324 5
—0.011 376 8

0.022 089 9
0.038 719 2

—0.013 849 0
0.003 895 7

—0.010925 8
—0.000 1997

0.502 799 3

0.498 436 3
0.505 745 8

0.001 1039
—0.000497

0.000 653 2
—0.000 494 7

0.0100619

Ybp

0.919399 7
—0.003 909 6
—0.004 3197
—0.002 946 6

0.778 441 7
—.053 540 3
0.010603 0
0.002 198 9

—0.006 701 6

0.887 523 9
—0.009 270 6

0.001 803 2
—0.031 106 6

0.037 676 6
—0.010 158 5

0.001 744 0
—0.049 401 1

0.001 165 1

0.387 813 5

0.385 135 1

0.387 474 2
—0.000 273 8
—0.000 297 9

0.000 149 9
0.000297
0.006 388 4

YbAs

0.848 981 1
—0.001 915 3

0.000 643 3
—0.019509 2

0.659 116 1
—0.037 468 9

0.090 733
—0.007 468 5

0.004 509 9

0.877 004 9
—0.005 737 7
—0.009 823 9
—0.020 902 1

0.021 275 8
—0.006 007 5

0.003 599 3
—0.047 282 6
—0.002 971 5

0.1644164

0.165 1494
0.164433 0
0.000 280 4

—0.000 566 9
0.000 082 3

—0.000 048 8
0.001 029 1
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Metal

(dfo)~
(df sr),
(df5),
(sfo)2
(dfo),
(df n. ),
(df5),
(pfo)i
(pf&)i
(pfo4
(pf~»
E„„(0,0,0)
E„(1,0,0)
E„,(0, 1, 1}
E, y(1, 1,0}
E„(1,1,0)
E„„y(0,1, 1)
E p q(0, 1, 1}
E 2 2(01 1)

E, (1,1,0)
E, ,(2,0,0)
E „(2,0,0)
Ey y(2, 0,0)
E„(0,2,0)
E 2 2(00 2)

TABLE II. (Continued).

YbN

—0.006 595 4
0.003 267 0
0.005 236 7

—0.018056 8
—0.007 251 7

0.002 455 2
—0.000 167 3

0.013 196 5

0.006 821 5

0.014067 6
0.003 661 9
1.633 637 9

—0.016772 7
—0.077 749 3

0.053 743 7
—0.052 708 8

0.024 582 3
0.011 696 9

—0.021 252 8

—0.015071 3
0.054 983 1

—0.034 001 4
0.047 056 5

—0.023 566 3
—0.004 061 6

YbP

—0.000 446 6
0.000 9116
0.000 580 7
0.008 375 3
0.005 004 6

—0.002 047 0
—0.002 009 2

0.004 647 7
—0.002 054 7

0.000 349 5
—0.001 391

1.002 841 8

0.016 168 2
—0.011 909 0
—0.037 933 4
—0.042 473 4

0.011 601 7
0.001 297 6

—0.012 790 5

0.010041 8

0.020 703 8

0.016637 4
0.022 440 1

—0.016 317 2
0.035 1330

YbAs

—0.005 220 3
0.000 6170
0.002 406 7
0.001 852 3

—0.005 078 7
0.003 5184

—0.004 1399
0.000 981 8

—0.003 878
0.006 852 6
0.006 726 2
1.188 970 2

—0.022 248 9
0.035 154 2
0.043 283 4

—0.025 171 9
0.012 091 9
0.032 235 1

0.005 770 2

0.001 972 5
0.020 588 3
0.066 607 2
0.005 710 5

—0.005 1133
—0.038 816 3

Ligand
E, , (0,0,0)
E, , (1, 1,0)
E„„(0,0,0)
E„(1,1,0)
E„„(0,1, 1)
E y(1, 1,0)
E, ,(1,1,0)
E, ,(2,0,0)
E, (2,0,0)
E (2,0,0)
Ey y(2 0 0)

—0.201 346 8
—0.014 235 8

0.537 556 8
0.004 135 7

—0.001 806 8

0.033 104 4
—0.000 891 5
—0.002 422 5

0.004 210 5

0.005 811 6
—0.000 011 3

—0.001 462 5
—0.018 766 1

0.421 883 2
0.002 645 4
0.004 606 5
0.016 577 3
0.014000

—0.003 183 5
—0.001 687 8

0.028 582 1

—0.003 1183

—0.109686 1
—0.022 748 0

0.433 717 3
0.023 426 9
0.000 636 2
0.002 325 8
0.213 989

—0.000 219 7
0.011635 8
0.003 332 8

—0.005 021 8

Metal Ligand
E, ,(1,0,0)
E,„(1,0,0)
E 2 2 (0,0, 1)

E„y „(0,1,0)
E, 2 2 (00, 1)

t

(fpo)i
(fpm),
E„„(1,0,0)
Ey y(1,0,0)
E„,(1,0,0)
E„y,(1,1, 1)
E y {1,1, 1)
E 2 ~ (1,1, 1)

Ey, „(1,1, 1)
E, ,(1,1, 1)
E, „{1,1, 1)

0.057 739 8
—0.010404 3

0.139 1949

0.052 429 3
0.165 4192

—0.016413 6
0.019 577 0
0.095 495 4

—0.021 226 5

0.096 039 4
0.004 503 2
0.000 530

—0.001 102 1

0.002 731 9
—0.016085 3
—0.002 55) 3

—0.469 493
0.082 033 8
0.132 607

0.057 580 5

0.087 468 2
—0.014067 5

0.013 969 3
0.077 661 1

—0.055 378 1

0.118367 2
0.001 331 1

0.003 718 6
O.OOO 349 9

0.005 775 9
—0.004 489 6

0.005 217 7

—0.005 466 8
0.1000730
0.134 131 6

0.079 943 6
0.102 032 7

—0.008 974 6
0.010 897 1

—0.053 464 3
—0.043 597 3
—0.1100097
—0.002 608 2
—0.000 751 1

O.

0.
O.

0.

rms (mRy} 2.0 1.9 1.5
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2f Ar (e)da+4f A„(s)de=6, (B2)

were satisfied to better than 0.5%, 1%,0.4% for (Bl) and
3%, 2.7%, 0.8% for (B2) at the lowest temperature con-
sidered for YbN, YnP, and YbAs, respectively, and to
better than 10 above 30 K for all three compounds. In
the sum rule on the occupied part of the f density of
states

fp (co)dco=nf=2f ar (co)dro+4f ar (~o)dcu, (B3)

a periodically continued interval of 10.5 eV (21 eV) was
used for the YbN and Ybp (YbAs). As in Ref. 20, the
calculations were started by a seed at high temperature
and the converged values for B(s) and A „(e)were used

t

as input for the iterations at the next lower temperature.
Due to the weak coupling of the I 7 level to the bands,
calculations which included this level in the self-
consistency cycle became unstable below 500 K, so that
only the lowest and first excited level were considered ex-
plicitly. The two sum rules

8(e)dc= 1,

the two expressions for nf lead to values which, e.g., at
14.6 K differ by 3 X 10, 6 X 10, and 10 with, again,
a better agreement at higher temperature.

APPENDIX C: INPUT BAND STRUCTURES
AND LCAO PARAMETERS

For the sake of completeness, we show in Fig. 5 the
self-consistent semirelativistic band structures of YbN,
YbP, and YbAs. They are all characterized by a strong
metal f-anion p hybridization and differ only in details.
For the linear combination of atomic orbitals (LCAO) pa-
rametrization we consider the rare-earth 4f, 5d, and 6s
and the pnictide 3s, 3p orbitals, with first- and second-
neighbor metal-metal, ligand-ligand, and metal-liquid in-
teractions, except for the direct f fand the-f-hgand cou-
pling, where we take into account only nearest neighbors.
We further make the two-center approximation for all in-
tegrals involving f orbitals. This leads to 72 independent
parameters, listed in Table II.
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