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Anisotropy of the thermal conductivity of YBa2Cu307 —y
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The thermal conductivity, both in-plane (x,b) and out-of-plane (s,), has been measured in
",90-K" crystals of YBa2Cu307 —y from 10 to 330 K. x,b displays an 18 to 40% increase below
the transition temperature T, (as in ceramic data). x„however, is four to five times smaller and
shows no anomaly at T,. Comparing these results to x,b of insulating crystals, we find evidence
for very strong but highly anisotropic electron-phonon coupling in the normal state. Our results
are consistent with a phonon origin for the peak in ~,b.

TABLE I. Dimensions (a,b, c) and YBa2Cu307 —r crystals
studied.

Sample

A

C
D
E
F
G

I
J

T. (K)
nominal

90
90
90
90
90
90
90
&4
&4
&4
&4

Quantity
measured

&ab

&ab

&ab

&ab

Dimensions
axbxc (pm')

1000x 550x 50
1400x 825x 80
1340x430x 65
565 x 590x 220
720 x 620 x 320
650 x 420 x 110
650 x 720 x 220
900x 930x 110
700x 600x 50

950x 400 x 140
950x 700 x 120

A number of groups have reported measurements of the
thermal conductivity x in the high-temperature supercon-
ductors YBazCus07 r (1:2:3) (Refs. 1-5) and
La2 —„Sr„Cu- 04-~. ' ' Studies on polycrystalline
YBa2Cu307 —y have shown a sharp increase of —25% in ~
as T decreases below the transition temperature T„and
then a Tz behavior at low temperatures (T). Esti-
mates' of the electronic contribution run as low as 10%.
However, because of the large electronic anisotropy in
1:2:3, single crystals are necessary for reliable measure-
ments. We have measured ~ both in-plane and out-of-
plane in single-crystal YBa2Cu 307—y and tested its
dependence on carrier concentration (by varying the oxy-
gen content). We find that the electron-phonon scattering
in the normal state is not only very strong but also highly
anisotropic. We also Gnd that the lattice conductivity x "
is more strongly anisotropic than would be expected sim-
ply from the crystal structure.

The superconducting crystals were grown by a Aux
method and slowly cooled in oxygen, giving T, =-90-92 K
and a transition width hT ~0.1-0.5 K. To make the insu-
lating samples, some crystals were annealed in Ar for 14
days at 600-670 C to remorse oxygen and carriers. Table
I gives the dimensions of the samples. Thermal conduc-
tivity was measured by a low-frequency (0.015-0.025 Hz)
pulsed-current technique using one heater and two ther-
mometers. For the in-plane measurement, a miniature
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FIG. 1. The in-plane thermal conductivity rc,b of 90-K crys-
tals of YBa2Cu307 —y vs temperature. The vertical scale for
sample C has been shifted for clarity.

film resistor is varnished to one end of the crystal; the oth-
er end is epoxied to a copper heat sink. Two Chromel-
Constantan thermocouples then measure the temperature
gradient created across the sample by a heat pulse from
the resistor. For the out-of-plane measurement, the crys-
tal is sandwiched between two sapphire chips but with one
corner exposed. The top sapphire holds a film resistor, the
bottom sapphire is epoxied to a copper sink, and two ther-
mocouples are epoxied to the exposed corner of the crys-
tal. The temperature gradient produced across the sample
is 0.2-0.8 K, and stray heat losses (radiation and conduc-
tion through leads) are found to be negligible.

Figure 1 shows the in-plane thermal conductivity tc,b

for three superconducting crystals of YBa2Cu3Q7 —y.
While the temperature dependence of tc,b is very similar
to that of polycrystalline 1:2:3,' its magnitude (=8-10
W/Km at 300 K) is twice as great. For 90 K & T & 330
K, tr,b is either very flat (samples A, 8) or slowly increas-
ing with temperature (C). Below T„ tc,b shows a sharp
increase of 18 to 40% over its normal-state value, as in
ceramic samples. The results for the out-of-plane thermal
conductivity tr, are shown in Fig. 2. tr, is four to five
times smaller than x b. Although the experimental
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FIG. 2. The temperature dependence of the out-of-plane
thermal conductivity a, in single crystals of YBa2Cu307 —~ with
T, =90 K. The experimental configuration is shown in the in-
set. (H represents heater; P represents sapphire plates; 8 repre-
sents copper base; TC represents thermocouples; S represents
crystal. )

geometry introduces some uncertainty into the absolute
magnitude of x„ the T dependence is similar for all sam-
ples: x, increases gently as T decreases from high temper-
atures, exhibiting a broad maximum in the vicinity of
50-80 K and then decreasing sharply at low T. Sig-
ni6cantly, in the vicinity of T„x,shows no anomaly asso-
ciated with the superconducting transition.

The thermal conductivity may be written as

&ab &ab + &gP t

where x,'b (icg)) is the electronic (phonon) contribution.
A contribution from spin excitations is a distinct possibili-
ty in this oxide, but will not be discussed here. The lattice
resistivity is the sum of terms due to scattering of phonons
by electrons (8 b) and by Umldapp processes (8',b),

I/xgb W'b+ 8',y .

An additional term 8'g, (scattering by defects and
domain boundaries) has been neglected in Eq. (2). Quan-
tities for the c direction are de6ned in an analogous way
with subscripts ab replaced by e. If we use the
Wiedemann-Franz-Lorenz (WFL) law [rc,'b/o, b T 3
&& (kg/e) /2] to estimate v,'b from the measured in-plane
electrical conductivity cr,b f—(150 p Q cm) at 290 K],
we find that a,'b 4.5 W/Km, which is about 55% of the
measured x,b above T,. Thus, in contrast to the ceramic
results, the electrons carry a substantial fraction of the
normal-state in-p/ane heat current. By contrast, the
WFL law estimates ir,' to be 0.02 W/Km above T„which
is insigni6cant compared with x, (1-2 W/Km). However,
more detailed analysis of the data casts serious doubts
about the validity of applying Bloch-Boltzmann theory to
the transport along c (see below).

An important question is the origin of the sharp in-
crease in x b at T, and the pronounced peak near 50 K.
The ceramic studies ' suggested a sharp increase in the
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FIG. 3. The in-plane thermal conductivity x b of insulating
crystals of YBa2Cu3O7 —y ac susceptibility measurements indi-
cate that T, & 4 K in these crystals.

phonon mean free path below T, as the cause. The size of
the peak would require very strong electron-phonon
scattering, at least in the plane. However, this conAicts
with other studies which argue that the electron-phonon
coupling constant X is very weak in the normal state.
Ginzburg' has proposed that the peak may be caused by
convection of the quasiparticles (QP) in the superconduct-
ing state. Comparing Figs. 1 and 2, we note that a phonon
origin for the peak would require substantial anisotropy in
x.~" in the absence of electron-phonon scattering, since the
phonon component has to account for most of the in-plane
conductivity below T,. (In sample B, ir, b is —12 W/Km
at 50 K. Assuming that a'b decreases to approximately
half its value at T, in accordance with Geilikman's calcu-
lation" for the case of dominant inelastic scattering of the
QP, we estimate that a.g' equals —9 W/Km at 50 K.
Thus, this interpretation requires irg to be four to 6ve
times ir, in the limit when W,b is negligible. )

To address this question, we have measured the in-plane
thermal conductivity in insulating crystals (samples
H-K). Here the absence of carriers should give 8 b =0,
so that the lattice resistivity at high temperatures should
be limited only by 8'b. Since L'b 0 as well, Eqs. (1)
and (2) give a,b = I/8",b. At low temperatures, r,b is ob-
served to rise sharply with T until T=100 K, ~here it
shows either a broad maximum or a gentle increase with
further increase in T (Fig. 3). No trace of the peak in
Fig. 1 remains in Fig. 3. The magnitude of x,b for
T & 100 K is remarkable in the insulating samples. At
7-10 W/Km, it is fully as great as ir,b in the "90-K"crys-
tals, and four to 6ve times larger than ~,. ' Thus, despite
the loss of the substantial (—50%) electronic contribu-
tion, x;b in the insulating crystals is restored to close to
the value in the 90-K crystals above 100 K. %'e conclude
that «g) roughly doubles in size when the charge carriers
are removed, i.e., in the 90-K crystals, 8' p and 8"b are of
the same order of magnitude [Eq. (2)). This near equality
is unusual in conventional metals, where 8' is ten times
(or more) larger than 8"above 100 K.s

The results show that in the absence of carriers, jcg$ is
large (four to five times x, above 100 K). '2 When car-
riers are introduced, «f$ is strongly suppressed by a factor
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of 2 for all T & T,. The onset of superconductivity (with
the concomitant reduction of W,'b) at T, leads to a steady
increase in xg$ with decreasing T until the phonon popula-
tion is signi6cantly reduced below 50 K. The overall mag-
nitude of 8;b inferred from Fig. 3, together with the QP
contribution at 50 K (which is still substantial), are thus
sufficient to account for most of the observed peak in Fig.
1. The results here demonstrate very strong in-plane
electron-phonon scattering in the normal state of the
90-K material, in disagreement with the conclusions of
Jezowski et al. ' and Gurvitch and Fiory. The latter
deduce a very weak A, ~ 0.2 from resistivity data up to 700
K. (The near equality of «;b above 100 K in the insulat-
ing and 90-K crystals also suggests the more radical
viewpoint that x,b is negligible in both systems. However,
we judge this to be unlikely. '4)

We turn next to the out-of-plane results. From Fig. 2,
the absence of a peak or break in the slope at T, imposes a
bound on the magnitude of W; relative to WU. From the
data we estimate that 8"(0.058'+. As discussed above,
the corresponding in-plane quantities, W,'b and W,b, are
approximately equal. Therefore, scattering by electrons
affects less than 5% of the out-of-plane phonon Aux, com-
pared with 50% for the in-plane direction. This provides
direct evidence for a very anisotropic electron-phonon
coupling parameter.

It is also interesting to estimate the ratio of 8" with
W,b. From the preceding paragraph, W;/W, b & 0.05 WU
& (2x,]), using Eq. (2). However, since x,$ = x',b/2 [ap-
plying the WFL estimate to Eq. (I)], and W, = x, in the
90-K system, we obtain the bound (near 100 K)

W,'/W;b & 0.05(x,b/x;) =0.2.

From this bound, we show next that Bloch-Boltzmann
transport theory leads to a serious contradiction if ap-
plied to the out-of-plane electronic transport. Since W' is
the limitation on the lattice conductivity imposed by elec-
tron scattering, it is directly related to the electrical resis-
tivity p of the electrons due to scattering by phonons.
Using the Bloch theory, Makinson 's derives the relation-
ship (for an isotropic metal),

W'= (p /T)(ekFSF/12tt ) (3/C)

where kF (SF) is the Fermi wave vector (surface area),
and C the lattice speciffc heat, i.e., W' scales with p . We
argue that for an anisotropic solid with a simply connect-
ed Fermi surface, Eq. (4) can be applied to the two princi-
pal axes, so that the ratio W;/W&b is of the order of
a,b/o, . In 90-K 1:2:3, the latter ratio is 200-300 near
100 K. ' Comparing this "Bloch" estimate with the
bound ( & 0.2) in Eq. (3), we ffnd a disagreement of 3 or-
ders of magnitude. The calculation leading to Eq. (4)

may be improved by using the published band structure of
1:2:3. However, it is difficult to see how such a large
discrepancy can be removed. The physical paradox is that
despite the very poor electrical conductivity along c (due
to the combined eff'ect of short scattering times and large
effective mass, within the Bloch theory), the lattice con-
duction along c is almost entirely unaffected by scattering
from electrons, i.e., the electron-phonon coupling is very
small, if not zero, along c. We believe that these results
provide Qrm evidence that the very small o, is not due to
strong phonon scattering, but arises from some other
mechanism. Previously, Hagen et al. ' argued that the
observed diff'erence in sign of der, /dT and da, b/dT below
150 K indicates qualitatively different transport mecha-
nisms in the two directions. Recently, the same sign
discrepancy was found for T & 300 K in 60-K 1:2:3,which
also has a much larger anisotropy (a,s/cr, = 1000).'

The extreme anisotropy of the electron-phonon coupling
makes phonon-mediated superconductivity unlikely in this
system, despite the large A, deduced for the in-plane trans-
port. Previous attempts to derive a T, &50 K from
phonon-mediated pairing had already encountered serious
conceptual difficulties. ' In light of the large anisotropy
in A, found here, these difficulties are further compounded.
Calculations based on the Eliashberg equations show that
such an anisotropic electron-phonon coupling suppresses
T, compared with the isotropic case. ' The very small
shift in T, observed when ' 0 is replaced by ' 0 is further
evidence against a phonon-mediated mechanism for high-
T, superconductivity.

In summary, we 6nd that above T„ the in-plane con-
ductivity x,b is roughly 50% due to electrons and 50% due
to phonons, while the out-of-plane conductivity x, is al-
most entirely due to phonons. Sy comparing ~,b with v„
and between superconducting and insulating crystals, we
deduce that the in-plane electron-phonon scattering is
very strong, but weak, if not absent, along c. The large
anisotropy in A, makes phonon-mediated superconductivity
unlikely in this system. The large peak observed in x,b

below T, is attributed to an enhancement of the phonon
component. No corresponding peak is observed in x,.
Treating the anisotropic conductivity within the Bloch
theory leads to serious convict with these two observa-
tions. In insulating 1:2:3,we 6nd that the lattice conduc-
tivity shows a large anisotropy of —4-5.

Note added in proof. For recent calculations of x' in
superconducting Pb and 1:2:3,we refer the reader to Refs.
21 and 22.
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W. Anderson, P. M. Chaikin, and B. S. Shastry. We are
grateful to D. A. Brawncr for providing the insulating
crysta1s. This research was supported by the Office of Na-
val Research Contract No. N00014-88-K-0283.

~A. Jezowski et a/. , Phys. Lett. A 122, 431 (1987).
2D. T. Morelli, J. Heremans, and D. E. Swets, Phys. Rev. B 36,

3917 (1987).
3C. Uher and A. B. Kaiser, Phys. Rev. 8 36, 5680 (1987).

4M. A. Izbizky, M. Nunez Regueiro, P. Esquinazi, and C. Fain-
stein, Phys. Rev. 8 38, 9220 (1988); M. A. Izhizky et al. ,
Phys. Lett. A 129, 71 (1988);J. Heremans, D. T. Morelli, G.
W. Smith, and S.C. Strite, III, Phys. Rev. 8 37, 1604 (1988).



9392 S. J. HAGEN, Z. Z. 'WANG, AND N. P. ONG

5J. E. Graebner, L. F. Schneemeyer, R. J. Cava, J. V. Wasz-
czak, and E. A. Rietman, in Proceedings of the Fall Meeting
of the Materials Research Society, Boston, 1987, edited by
M. S. Stavola, S. T. Pearton, and G. Davies, MRS Symposia
Proceedings No. 104 (Materials Research Society, Pitts-
burgh, 1988).

M. Nunez Regueiro, D. Castello, M. A. Izbizky, D. Esparza,
and C. D'Ovidio, Phys. Rev. B 36, 8813 (1987).

~D. T. Morelli, J. Heremans, G. Doll, P. J. Picone, H. P.
Jenssen, and M. S. Dresselhaus, Phys. Rev. B 39, 804 (1989).

See, e.g., Electrons and Phonons, edited by J. M. Ziman
(Clarendon, Oxford, 1960), Chaps. 8 and 9.

sM. Gurvitch and A. T. Fiory, Phys. Rev. Lett. 59, 1337 (1987).
~OV. Ginzburg (unpublished); Zh. Eksp. Teor. Fiz. 14, 177

(1944) [Sov. Phys. JETP 8, 148 (1944)].
"See B. T. Geilikman and V. Z. Kresin, Kinetic and Non-

steady State E-ffects in Superconductors (Wiley, New York,
1974).

However, anisotropies of this size are not rare in insulators.
For example, the anisotropy in graphite is —4.

' A. Jezowski, K. Rogacki, R. Horyn, and J. Klamut, Physica C
153-155, 1347 (1988).

' If a'b, =0 above 100 K in both insulating and 90-K crystals,
the different features in the two x,b vs T profiles are difficult
to explain, especially the prominent peak at 50 K in Fig. 1 and
its absence in Fig. 3.

~sR. E. B. Makinson, Proc. Camb. Philos. Soc. 34, 474 (1938).
S. J. Hagen, T. W. Jing, Z. Z. Wang, J. Horvath, and N. P.
Ong, Phys. Rev. B 37, 7928 (1988).

~7D. A. Brawner, Z. Z. Wang, and N. P. Ong, this issue, Phys.
Rev. B 40, 9239 (1989).
For example, L. C. Bourne, A. Zettl, T. W. Barbee III, and
Marvin L. Cohen, Phys. Rev. B 36, 3990 (1987).

~9For example, M. Prohammer, Physica C 157, 4 (1989).
zoB. Batlogg et al. , Phys. Rev. Lett. 58, 2333 (1987); L. C.

Bourne et al. , Phys. Rev. Lett. 58, 2337 (1987).
'Jens Beyer Nielsen and Henrik Smith, Phys. Rev. Lett. 49,

689 (1982).
L. Tewordt and Th. Wolkhausen, Solid State Commun. 70,
839 (1989).


