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For bulk samples of superconducting YBa;Cu3O7; powder and pellets subject to a dc magnetic
field Ho and a parallel ac magnetic field H, at frequency f~103 to 10° Hz, we report data on
the generated harmonic power P(nf) up to harmonic n==40, finding: (1) If Ho=0, only odd
harmonics; (2) if Ho#0, even harmonics are additionally generated; (3) for H, sufficiently large
(X 10 Oe) and n large, then P(nf) vs Ho displays sharp and deep periodic dips, revealing a re-
markably consistent and reproducible macroscopic flux quantization for the bulk sample. These
data, as well as the relative intensities of the harmonic power, are found to be in semiquantitative
agreement with detailed numerical predictions of a dynamical model of the material as a suitably
averaged ensemble of prototype flux quantized loops with weak links. At lower values of H, addi-
tional structure is observed, related to fluxon pinning and depinning.

I. INTRODUCTION

Soon after the discovery of the superconducting copper
oxides, the ceramic specimens were found to be granular
with weak links, having properties! somewhat like those
predicted for superconducting glass clusters.? Some
unusual properties reported for bulk YBa,Cu;O; (Y-Ba-
Cu-O) were strong dependence of ac susceptibility on the
magnitude of the ac field;>* nonresonant microwave ab-
sorption in very low magnetic fields (H ~10 Oe);> sharp
decrease in transport critical current in low magnetic
fields;® and limited critical current in high magnetic fields.
Novel nonlinear electrodynamics has been reported’ in-
cluding extensive harmonic generation which could be
semiquantitatively understood by modeling the system as
a suitably averaged collection of flux-quantized super-
current loops containing Josephson junctions. In an exten-
sion® of this model we have predicted that the harmonic
power will show strikingly sharp dips periodic in the dc
field, even with broad distributions of loop areas and
orientations, e.g., as in sintered, polycrystalline, or
powdered samples. One would have naively expected the
periodic flux quantization of the prototype loops to be
averaged out, but this is not predicted for high harmonics.
The present paper presents detailed experimental results
on Y-Ba-Cu-O, many of which are in semiquantative
agreement with the model predictions. Similar results will
be separately reported for BisSr3Ca3;CusO,.° In Sec. II
we describe the apparatus, procedures, and samples used.
Section III briefly reviews the theoretical model.””® The
data are presented in Sec. IV and compared to the predic-
tions of the model. Section V summarizes the results and
suggests further work on the rather complex problem of
understanding the electrodynamics of these granular ma-
terials.
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II. EXPERIMENTAL PROCEDURE

The method we used to study nonlinear electrodynami-
cal behavior consists essentially of observing and process-
ing the voltage induced into a copper ‘“receiver” coil
wound around a Y-Ba-Cu-O sample, subject to applied dc
and ac magnetic fields. More specifically, the data shown
in this paper were obtained as follows. A sample of cylin-
drical proportions is subject to three applied magnetic
fields, all uniform and coaxial: (i) an ac field
H,(t)=H,sinwt, with 0 < H, <23 Oe, and frequency
f=0/2r=10% to 10° Hz; (i) a dc field Hy,
0< H( <100 Oe; (iii) a repetitive “scan” field H,(z) of
triangular waveform at a low frequency =102 Hz.
These fields were produced by copper solenoids immersed
in liquid N3 in a magnetically shielded Dewar. Solenoids
(i) and (iii) were driven by very stable, independent syn-
thesized function generators (HP model 3325A). Two ar-
rangements of sample and receiver coils were used: (a) in
the “two-coil” method, a long cylindrical sample (2.7 %10
mm?) of powdered Y-Ba-Cu-O sealed in a quartz tube
(sample “C-15) is located in a 4-mm-diameter solenoid
in series with an identical but empty counterwound
solenoid. Except for the last figure, all data were taken by
this two-coil method, using this sample.'® (b) A rec-
tangular bar (2x2x9 mm?3) of sintered Y-Ba-Cu-O
[sample “C-40” (Ref. 11)] with T, =91 K, closely wound
with a single receiver coil of 27 turns of 36 gauge copper
wire. Both the one-coil and the two-coil methods yield a
signal voltage of the form

Vi (t) =A,sin(nwt)+ B, cos(nwt), n=1,2,..., 1)
which is processed by an analog spectrum analyzer with a
90-dB dynamic range (HP model 3585A), to yield the
power spectral components P(nf) o (42+ B?). However,
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FIG. 1. Power spectrum for powdered Y-Ba-Cu-O (sample
C-15) at T=77 K, driven by an ac field at f =28 kHz, of ampli-
tude H;=23 Oe, in a dc field Ho= 1 mOe. Odd harmonics up
to n =41 are clearly observed, as well as much weaker even har-
monics. The broad background resonance at f==363 kHz is
that of the receiver coil itself.

the two-coil method allows a balancing out of the funda-
mental component (n=1), giving improved sensitivity to
the high harmonics; harmonics up to n = 41 can be readi-
ly observed (see Fig. 1). We study and report here P(nf)
as a function of the parameters Hy, H, f, n and the tem-
perature T of the sample.

The signal ¥, () is also processed, for n =1 and 2, by a
phase-sensitive lock-in detector (PARC model 5209),
with output voltage V.. For n=1 and assuming linear
susceptibility theory for the sample magnetization,

M =y'H sinwt +y"Hcoswt ,

where y' and y” are the real and imaginary components of
the complex ac susceptibility 7=y’ —iy", one can define a
normalized output voltage proportional to

V./H < (1+4ry') or (—any"),

respectively, for the in-phase and in-quadrature com-
ponents of the lock-in output voltage, for the one-coil
method. For the two-coil method one finds V./H,
o (4ny') or (—4rny”), respectively. Here, for simplicity
in expression, we have neglected the demagnetization
effect in the sample, which will be taken into account later
in actual calculation of x'. In this paper our primary con-
cern is with the harmonics rather than the linear suscepti-
bility.

All data shown were taken with the sample cooled in
“zero” dc field (HoS1 mOe) by immersion in liquid ni-
trogen. Essentially similar results were obtained in a
variety of ceramic pellets and powdered Y-Ba-Cu-O sam-
ples; the general features are believed to be generic. We
only show data for f=28 to 52 kHz; the results are not
very sensitive to frequency in this range.

III. MODEL

Since details of our model have been given in previous
papers,”® we will only briefly review it here and summa-
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rize some of the equations of its different versions for use
in numerical evaluations to be compared to the experi-
mental data in Sec. IV.

The granular superconducting sample, in the presence
of magnetic fields, is assumed to be essentially composed
of a collection of current loops formed by superconducting
‘““grains” in contact through Josephson junctions or other
weak links. We model these loops, complex as they may
physically be, by a simple prototype resembling an rf
SQUID (superconducting quantum interference device),
a thin ring-shaped loop of area Sy in series with a single
junction. In our model, these loops are assumed not to be
coupled and to behave independently from one another.
We then study the behavior of the signal one would get
from the surrounding receiver coil if an ensemble of these
prototype loops of various areas and orientations is driven
by an applied ac magnetic field superposed on an applied
dc field. All loops are assumed to be subject to the same
external fields. In our model, the areas of the junctions
are assumed to be much smaller than the loop areas, so
that the diffractionlike pattern of the junction as a func-
tion of dc field can be neglected at low fields. Then the
Josephson current-phase relation becomes

I(t) =I.siny,

where I, is the junction critical current, and the phase
difference y is proportional to the instantaneous number
of flux quanta enclosed by the loop.

Zero-order model. In the simplest version of the mod-
el, we assume I. to be small and neglect the field generat-
ed by the loop current itself and thus

y=QnSo/®o) (Ho+ H sinwt) ,

where ®g=hc/2e is the flux quantum, and the quantity in
the second set of parentheses is the total applied field.
Due to the nonlinearity of the current-phase relation, har-
monics will be generated in the loop current and should be
detected by the receiver coil. Define the dimensionless
quantities

a=2xSoH /Py, B=2rSoH /Do,

where Sy is a characteristic loop area, and a/2x is just the
number of flux quanta in the loop due to Hy, etc. For a
single loop the Fourier components of the current are

I,(t) < J,(B)sinacos(nwt), n even,
I,(t) < J,(B)cosasin(nwt), n odd,

where J,(B) is the Bessel function of integer order n. As-
sume that in a particular ensemble the loop areas S are
characterized by a distribution function F(A4), with
A=S/So. Then, integrating over all the loops, the signal
amplitude of the nth harmonic as detected by the receiver
coil should be

(V) =nw LZGAJ,, (4B)cos(Aa)F(A4)dA/G, oddn,
: (2a)

V) =now ~ sAIn (AB)sin(A4a)F(A4)dA/G, evenn,

A ==
(2b)
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where

G=), _Fdda,

and 6 > 0 is a lower cutoff. We have shown numerically®
that loop orientations may be approximately neglected in
Eq. (2). In this model the signal has only one phase and
the harmonic power is P(nf) =20logo|{V,)| dB.

Loop model. Another version of the model explores the
possibility that the current-flux relation of the prototype
loop is not sinusoidal, but still periodic with period ®.
We name this version as such because one of many possi-
ble reasons for a nonsinusoidal, periodic current-flux rela-
tion is that there may be current loops in the sample
which simply do not have junctions in their paths, and
obey London’s fluxoid quantization equation. In that par-
ticular case the current-flux relation is a sawtooth func-
tion, and the Fourier series of such a function is given by

I(t) = il(—l)’"ﬂm ~sin(m27d/d,) .

For convergence we will arbitrarily replace the coefficients
1/m above by exp(—m+1) to somewhat smooth the
sawtooth. The sample-averaged harmonic signal com-
ponents for this model version are then

V)=nw X, (—1)mtle—m+l

m=|
x L:‘SAJ,, (mAB)cos(mAa)F(A)dA/G ,
3)

for odd n. Again, cos(mAa) is to be replaced by
sin(mAa) for even n. Also, orientation averaging has
been neglected.

First-order model. 1In order to take the self-field and
dissipation of any normal current component into account,
we introduce a self-inductance L to the loop and shunt the
junction by a resistance R. The self-inductance produces
a field LI which opposes the external field, causing screen-
ing. Thus a relaxation time to the loop current, == L/R,
is also introduced. A first-order nonlinear differential
equation describing the loop current in response to the ac
field is then derived to be

_.,dI
® thl=(xLo)_'[sin(a+ﬂsinwt—LQI|)—Ill
+ -@—]coswt, 4)
Lo

where I =1/I., x=hw/2eRI., Lo=2rLI./®,. The signal
voltage of the receiver coil due to a prototype loop is pro-
portional to d7,/dt, computed by numerical iteration. By
averaging over a distribution of loop areas F(A4) and
Fourier transforming dI,/dt numerically, we get the har-
monic signals predicted by this model.

These three variations of the model predict similar but
not exactly the same behavior. However, they all predict
the following. (1) If Ho=0, then @ =0 and only odd har-
monics are generated. (2) If Ho=0, then even harmonics
are additionally generated. These two conclusions arise
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from the symmetry in Eq. (2). (3) If H, is sufficiently
large then the harmonic power P(nf) for both even and
odd n displays sharp, essentially periodic dips as dc field
Hy is scanned, revealing periodic flux quantization of the
prototype loop, even in a “random” granular sample.

IV. EXPERIMENTAL RESULTS AND INTERPRETATION

It will become evident below that much of the data
shows a nonlinear dependence on the ac field H; which al-
lows one to distinguish a transition between several re-
gions: a “high-H” region, roughly 2 < H; <25 Oe, an in-
termediate region 0.2 < H; <2 Oe, and a “low-H,” re-
gion, roughly 10 73 < H; <0.2 Oe, although there is not
always a clear distinction. We first show some data in the
high-H | region.

Extensive harmonic generation. Figure 1 shows the
harmonic power P(nf) versus the harmonic number n for
Y-Ba-Cu-O powder sample C-15 at 7=77 K, taken by
the two-coil method, with H, =23 Oe, Hyo= 1 mQOe. The
power falls off slowly with »n; all odd harmonics up to at
least n =41 are clearly observed, superposed on a broad
receiver coil resonance at 363 kHz.

Figure 2 shows the P(nf) vs n data of Fig. 1, corrected
for the receiver coil resonance; the slope for large nis 1.9
dB/harmonic. The broken line is that computed for the
zero-order model, Eq. (2a) with the area distribution

F(4) =sinh(47/2)/14 (cosh (4x) —1)], (5)

which is to be discussed below; the slope for large n is 2.4
dB/harmonic; this model thus gives a reasonable explana-
tion of the slow falloff of the harmonic power. The dotted
line, computed for the first-order model, Eq. (4), does not
fit the data owing to a resonance near n =17 due to the
choice of the parameters Lo and «.

Plots of P(nf) vs H, for n=3, 5, and 7 show a roughly
cubic dependence on H, in the intermediate-H region,

_40 L) T T T T T T T T T T T T T T T T T T T
0.\\
\Q\o o ©
~
.S @
- - TN ®
°© Sso (o} 1
L S [} 1
~~ \\ ©
/M ™ °©
= i S (o] 1
~ AN o]
~ T \\\ ° o] 71
[ S )
E | . %o |
o . )
L ~ 4
\\
- \\
N
\\\\
B 7§ S S T T Y S S ST T S S S
3 7 n 41

FIG. 2. Circles: P(nf) vs harmonic number n from Fig. 1;
crossed circles: data from Fig. 1 corrected for receiver coil reso-
nance. Broken line: relative P(nf) computed from the model
Egs. (2) and (5), B =5, adjusted to fit data at n =3. Dotted line:
P(nf) computed for first-order model, Eq. (4), with =S5,
Lo=0.35, k=0.3, as in Fig. 8.
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for which we have no numerical model, and more complex
behavior in the high-H, region. We note that Xia and
Stroud ' have developed a model of superconducting clus-
ters by which they try to explain the power dependence on
n reported earlier.”

Temperature dependence. The circles in Fig. 3 show
the temperature dependence of P(2f) at Ho=2.7 Oe and
H;=2.3 Oe, i.e., in the high-H, region. Order harmonics
show quite similar behavior. The solid line is a fit of the
Ambegaokar-Baratoff expression'? for the critical current
of a Josephson junction

Je =[zA(T)/2eR,1tanh[A(T)/2kT] , (6)

where we have used the high-tem})erature limit for the
gap A(T)/A(0)=1.741 —T/T.)"?* with T.=88.5 K,
chosen for best fit. Although there are fluctuations at
T. % 2 K, the data fit this expression over 3 orders of mag-
nitude, but only for our limited temperature range, 7, to
77 K. This suggests that the weak links are Josephson
junctions, but other types of weak links cannot be ruled
out.

Symmetry of harmonic power. Figure 4(a) shows the
second harmonic power P(2f) as a function of Hy, ob-
tained by slowly scanning from Ho=+20 to —20 Oe.
The dip at Ho =0, shown in expanded scale in Fig. 4(b), is
very narrow, AH ~0.1 mQOe; P(2f) increases by 85 dB for
a dc field change of ~1 Oe. This is qualitatively in agree-
ment with the prediction of the model, based on the sym-
metry of Eq. (2b), that P(nf)— 0 as Ho— O for even n.
To observe this very narrow dip it is necessary to both use
H 22 Oe and to cool in zero field to reduce the remnant
local fields due to pinned fluxons. Moreover, there is some
experimental evidence that this very narrow dip is an un-
stable state. If the dc field is scanned up to Hyo > 5 Oe and
back, the narrow dip cannot be recovered without zero
field cooling, possibly the result of pinned fluxons. The
system appears to be somewhat unstable, probably at lo-
calized sites, against self-symmetry-breaking.

P(2f)(dB)

-65 | 1 ]
75 T(K)

FIG. 3. Circles: observed intensity of P(2f) vs temperature
T for Y-Ba-Cu-O powder, sample C-15 with f=52.5 kHz,
Ho=2.7 Oe, H;=2.3 Oe. Solid line: computed behavior from
Eq. (6).
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FIG. 4. (a) Second harmonic power P(2f) vs dc field Ho for
Y-Ba-Cu-O (sample C-15) at T=77 K, H,=2.3 Oe, f=52.5
kHz. (b) Expansion of the scan resolution by 2000X, showing
narrow dip at Ho =0, of width AHo~0.1 mOe.

Flux quantization. Yet another aspect of the nonlinear
electrodynamics observable in Y-Ba-Cu-O powder is
shown in Fig. 5, the relative harmonic power for selected
harmonics, versus Ho, scanned at a uniform rate for field
increasing and then decreasing; the ac field has the rela-
tively large value H; =23 Qe. For n=2 the trace is simi-
lar to Fig. 4 except for a broader dip at zero field and a
larger hysteresis. However, for the higher harmonics,
both even and odd, a series of sharp dips is observed, ap-
proximately equally spaced, with average spacing AHj in-
versely proportional to n. These dips are distinct evidence
for flux quantization of superconducting loops in the
granular sample and are a confirmation of the predictions
of the model in Sec. III. For example, Fig. 6 shows P(nf)
vs a, computed for the zero-order model, Egs. (2) and (5),
for the same harmonics as Fig. 5. Since «a is just propor-
tional to H a strong correspondence between experiment
and model is readily apparent for all harmonics. The
small hysteresis in the data is believed to have an origin in
pinnitl14g and depinning of fluxons, as discussed by Blazey
et al.

In the computation for Fig. 6 we used the loop area dis-
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FIG. 5. Relative harmonic power (10 dB/div) of P(nf) vs Ho,
scanned at a uniform rate, for sample C-15, powdered Y-Ba-
Cu-0O, at T=77 K, f=28 kHz, H, =230e. (a) to (f) show data
for selected representative harmonics n. Shown are two scans,
the arrows denoting the direction of time increase. There is a
small hysteresis with this property: if a leftward trace is re-
versed, it superposes exactly on the rightward trace. The sharp
dips are a consequence of flux quantization of an ensemble of
supercurrent loops in the granular sample.

tribution function Eq. (5). This monotonically decreasing
expression was not chosen arbitrarily, but rather empiri-
cally, in order to yield from the integral in Eq. (2b), for
n=0, a dc magnetization of the form M (Hy)~tanh(H/
Hg1), which is an approximate representation of the low-
field data reported® ' for granular Y-Ba-Cu-O at 77 K
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FIG. 6. Relative harmonic power (10 dB/div) of P(nf) vs a,
computed from zero-order model Eq. (2), using =5 and F(4)
from Eq. (5). (a) to (f) show the same harmonic numbers as for
the data, Fig. 5.

for which Hg; ~10 Oe. Equation (2) was numerically in-
tegrated, with Eq. (5), and with limits of integration
chosen as 6 =0.005 and A4 ,.x =30.0. Even though Eq. (5)
is singular at 4 =0, it was found that these limits yielded
a magnetization within a few percent of the hyperbolic
tangent function. Furthermore, we only use Egs. (2) and
(5) to compare the relative power for various harmonics,
or, for a given n, variation of the harmonic signal with a;
these results are not sensitive to the limits of integration as
long as the singularity at 4 =0 is avoided. Equation (2)
with Eq. (5) also qualitatively predicts the observed
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shapes of the lock-in voltage signals V. vs Ho, for n=1
and 2, and the falloff of P(2f) in Fig. 4(a), as Ho moves
away from zero. Note that in Fig. 4(a) of Ref. 7, we ex-
plained the falloff by averaging the diffraction pattern of
Josephson junctions. We now believe, however, that the
falloff may eventually be explicable purely by a more
carefully determined distribution function F(A4) which fits
the data more quantitatively, without invoking the
Josephson junction area as an additional parameter.

We also used Eq. (2) to compute P(nf) vs a for the
Gaussian distribution function

F(4) =expl— (4 —1)%/267], @)

finding predictions similar to Eq. (5) for large n [see, e.g.,
Fig. 1(c) of Ref. 8. However, for small n, predictions do
not agree well with experiment. From data like that of
Fig. 5 we plot in Fig. 7(a) the average spacing AH be-
tween dips for n=3,4,...,30. Except for small n the
data are well fit by the expression AHpocn ~%%3, In simi-
lar fashion we compute from Egs. (2) and (7) the average
spacing Aa, plotted in Fig. 7(b) for several values of the
standard deviation o of the Gaussian distribution. We
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FIG. 7. (a) Average spacing AH, between dips from the data
of Fig. 5, vs the harmonic number n. (b) Average spacing Aa
between dips vs harmonic number n, computed from Egs. (2)
and (7) for various values of the standard deviation o of the as-
sumed Gaussian distribution.
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find that the slope converges to —0.98 for 02 2. Using
Egs. (2) and (5), we also find a very good linear fit for Ac
vs n with slope —0.97. So both calculation and experi-
ment suggest that as n increases, the slope asymptotically
approaches —1. We thus conclude that the decrease in
spacing of the dips with n in Fig. 5 can be semiquantita-
tively understood by the zero-order model, and that it is
not sensitively dependent on the assumed distribution
function F(A), other than that it should monotonically
decrease for large 4; however, Eq. (5) fits the data better
than Eq. (7) for small n.

Figure 8 shows P(nf) vs a computed from the first-
order model, Eq. (4). This model provides a mechanism
for dissipation, so it is not surprising that the dips are
broader and less resolved, e.g., n =15 and 30. The Fourier
transform of (V,(¢)) now contains both real and imagi-
nary components, and both must vanish to give a deep
power dip. The pattern is more complex, and, in fact, this
feature is qualitatively observed, e.g., in Fig. 5(f), if we ig-
nore the hysteresis. More work is being done on exploring
the (Lo, x) parameter space; values of Lo and « that fit the
data quantitatively have yet to be found.

Why does a random sample show flux quantization?
Recognizing that various versions of the model can ex-
plain the experimental finding of deep dips in the harmon-
ic power, almost periodic in the dc field, we ask an in-

P(nf) (dB)

1 L 1 L 1 1 1

40 00 o 40

FIG. 8. Relative harmonic power (10 dB/div) of P(nf) vs a,
computed from the first-order model, Eq. (4), using parameters
B=5, Lo=0.35, x=0.30, and F(A) from Eq. (5).
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teresting question: How does it come about mathemati-
cally that all this structure is not averaged out in, say, Eq.
(2). Or, to put the question in physical terms, why does a
random powder sample of Y-Ba-Cu-O show sharp dips,
e.g., as in Fig. 5(e), quite similar to those observed in fa-
bricated thin film arrays of identical loops,'® or arrays of
identical junctions?'” It will be easier to first answer this
question mathematically by examining Eq. (2).

The general behavior of the voltage signal, as modeled
by Eq. (2), is clearly determined by the integral in the
equation. To understand the structure of the signal as a
function of a, one can separate the integrand, say of Eq.
(2a), into two factors: the periodic factor cos(4a) and
the amplitude Q,(B8,4)=A4J,(4AB)F(A). One recognizes
that Q,(B,A) is, within a constant factor, the Fourier
cosine transform of (V,(a)), for odd n; for even n, Eq.
(2b), it is the sine transform. For n= 1, the Bessel func-
tion J,(x) initially increases rapidly as J,(x) = (x/2)"/
(n!), and then behaves like a damped oscillation. If the
area distribution F(A4) is a sufficiently rapidly decreasing
function, at least for large enough values of A, then
0.(B,A) will be a rapidly decreasing oscillating function
of A, with a well-defined peak at A, s, dependent on n and
B.

For example, in Fig. 9(a), we have used F(4) from Eq.
(5) and computed |Q,(B,4)| vs A4 for the parameters
n=10 and $=5.0. It indeed shows successive decreasing
peaks with the dominant peak at 4 =4, 5 =2.09, larger
by a factor of 6.7 than the next peak. Thus the integral

x 1073
9.0+
(@ B=5.0
n=10
0.0
x 1072
6.0 ®) B=50
n=5
<
<@
>
0.0
x 107!
1.5t © B=100
n=5
0.0
0.0 A 5.0

FIG. 9. |Q.(B,4)|=|A4J.(48)F(A4)| vs A, in dimension-
less units; F(4) from Eq. (5). (a) n=10, §=5.0; (b) n=S5,
B=5.0; (c) n=5, =10.0.
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could roughly be evaluated at only the dominant value of
A:

(Vn,p)"‘-A,:an (A,:gﬂ)F(A,tﬁ)Sin(A,:pa) s

giving a harmonic power P,(a)~sin?(4¥sa), with
periodic spacing between dips Aa = 7/A, s =1.50, in good
agreement with the directly calculated value of Aa=1.52
using the full expression equation (2b). To show the
dependence on n, we plot, in Fig. 9(b), |0,(8,4)| vs 4
for n =35, p=5.0, also using Eq. (5) for F(4). In this case
the location of the dominant peak decreases approximate-
ly by a factor of 2, to A, s =1.10, corresponding to dip
spacing of Aa= n/A,;=2.86, again in good agreement
with Aa=2.80, directly calculated from Eq. (2a). Addi-
tional computation shows that A4, 4 is approximately pro-
portional to n, in agreement with the full integral and also
with the data, AH, «n ~!, as in Fig. 7, for large enough n.

One can take the view that A4,z is an “effective loop
area” in the sense that the dip spacing Aa e (A4,;5) !
o« n ! is, for large n, determined by the larger areas A in
the distribution and for small n by the small areas. In
some sense @, (B, A, p) is a “sensitivity” factor: out of the
wide distribution of areas, observation of the nth harmon-
ic selects out only areas near A, p.

To examine the dependence of Aa on the ac field 8, we
show in Fig. 9(c), |Q.(8,4)| vs A for n=5, §=10.0.
The dominant peak, A, s =0.58, corresponds to dip spac-
ing Aa=5.45, in_good agreement with that computed
from Eq. (2a), Ae=5.39. Additional calculation shows
that approximately Aae«p, ie., AHyx H,, for large
enough values of ;. We show below that this behavior is
observed experimentally:

To summarize, the unexpected observation of sharp, al-
most periodic dips in the nth harmonic power with dc field
for a distribution of loop areas A4 can be understood semi-
quantitatively as the consequence of the folding of a rap-
idly decreasing function F(A4) and the rapidly increasing
part of the Bessel function J, (x).

Structure in the intermediate-H, region. Figure 10
shows what happens to P(16f) vs Hy as the ac field is re-
duced from H;=23 to 2 Oe. The spacing AH decreases,
initially linearly with H, as expected from the argument
in the previous paragraph. Then structure develops,
which seems irregular, and depends on the sense of the Hy
scan, e.g., Figs. 10(c) and 10(e). However, if the leftward
trace is reversed, shown as the dotted line in Fig. 10(d), it
superposes exactly on the rightward trace. This is the
same property shown by the traces in Fig. 5 and is possi-
bly a consequence of fluxon pinning and depinning,'* but
here the narrow spacing gives an enhanced effect. In Figs.
10(i) and 10(j) there are many resolved and reproducible
sharp dips not uniformly spaced but with average spacing
still roughly proportional to H,. This behavior in the
intermediate-H | region is similar to the flux jumps ob-
served in nonresonant microwave absorption in low fields
[see Fig. 15(c)], but is not really understood yet.

A set of P(nf) vs Hy traces taken as in Fig. 10 but for
odd harmonics shows similar behavior for large H,, with
AHy linearly proportional to H, but with the dips de-
creasing in amplitude as H; becomes small. The sharp
spikes in Figs. 10(i) and 10(j) are not observed for odd



39 NONLINEAR ELECTRODYNAMICS IN THE GRANULAR . ..

Hi=23.00e

P(16f) (dB)

1 N 1

20 <10

10
Hg (Oe)
FIG. 10. Relative harmonic power (10 dB/div) P(16f) vs Ho
for sample C-15 powdered Y-Ba-Cu-O at T =77 K, f =28 kHz,
for a series of values of the ac field H,; the arrows denote the
direction of increasing time in the scan. If leftward trace (c) is
reversed and plotted (d), it superposes exactly on the rightward
trace (e).

1

20

harmonics.

Figure 11 summarizes the experimental results in a plot
of the values of Hg for the dips versus the magnitude of
H,. The circles denote positions of well-resolved dips, the
diamonds regions of unresolved and more closely spaced
dips. The solid lines are plots of the dip positions a versus
the ac field 8, computed for the zero-order model, Egs. (2)
and (5). This figure shows graphically the general agree-
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FIG. 11. Circles: Measured values of the dc field Ho for a
sharp dip in P(15f) as a function of the ac field H; taken for

‘sample C-15 at 77 K. Diamonds denote less well defined dips.

Solid lines: B vs a, where a o Hy is the computed position of a
sharp dip as a function of goc H,. Computation is made from
Eqgs. (2) and (5).

ment between experiment and theory for large H, with
poor agreement for H, <S5 Oe.

Structure in the second harmonic. The smooth deep
narrow dips in P(nf) vs H, Fig. 4, are observed only in
the high-H, region. Figure 12 shows the behavior in the
same sample as the ac field is reduced to the intermediate
region: at H;=1 Oe the dip has broadened; at H,;=0.5
Oe there is a fairly abrupt transition to a wide dip with
more hysteresis; at 0.4 the pattern is seen to consist of
three dips, which broaden and change shape at 0.2 Oe.
Although this structure is not predicted by the zero-order
model, we find the loop model does predict similar behav-
jor, shown in Fig. 13, computed from Egs. (3) and (5).
Although this model does not predict the hysteresis, whose
origin is noted above, the abrupt onset of the structure is
reasonably close to the experimental behavior. We do not
yet know if there are alternative explanations, e.g., the on-
set of a critical state behavior, described below.

T

Hi=

3
g';
-]
T @ _ 02 T
‘ ~
8 a0 4 8
Ho (Oe)

FIG. 12. Relative harmonic power (10 dB/div) for P(2f) vs
Ho for sample C-15, T =77 K, showing well-defined transition,
with structure, as H field is reduced. Similar behavior is ob-
served for n=4.
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FIG. 13. Relative harmonic power (10 dB/div) for P(2f) vs
a, computed from the *“loop” model, Egs. (3) and (5). An
abrupt transition to structure is observed as 8 is reduced; cf. Fig.
12.

Coherent detection of the second harmonic voltage.
This transition to low-H | behavior was studied by record-
ing the output of the lock-in detector V.(2f) versus the
scanned H field, Fig 14. In Fig. 14(a), H, =1 Oe and we
are still roughly in the high-H region; the observed shape
is similar to that predicted from Egs. (2) and (5). A tran-
sition has occurred, Fig. 14(b), at H,=0.1 Oe, and the
shape has drastically changed, with large hysteresis, more
fully developed in Fig. 14(c), at H, =0.05 Oe, with a sym-
metry and shape similar to that observed for the M (H)
hysteresis loop of superconductors in the critical state.'®
Traces of the lock-in voltage for n=1, V.(1f) vs H, are
symmetric about Ho=0, and do not show hysteresis when
H | is reduced to low values.

Nonresonant microwave absorption® has been widely
reported and is related to the experiments we report here
at much lower frequencies. To demonstrate this we show
in Fig. 15 the magnetic-field-modulated derivative of the
absorption at f=9.6 GHz versus the dc field H, for a Y-
Ba-Cu-O pellet at T=14 K. The field modulation fre-
quency is 8.7 kHz and with amplitude H,, =5 Oe in Fig.
15(a), which bears a strong resemblance to Fig. 14(a);
they are both in the high-H region. In the intermediate
region, Fig. 15(c), H,,=0.11 Oe, is to be compared to
Fig. 14(b), H;=0.1 Oe. In the low-field region, Fig.
15(d), H»=0.03 Oe, has the symmetry of the critical
state, as does Fig. 14(c). Thus the amplitude of modula-
tion H,, in the microwave experiments plays a role similar
to the ac amplitude H in the low-frequency experiments,
where the frequency f is comparable to the modulation
frequency. The striking feature of Figs. 15(d) and 14(c),
for small ac fields, is that the sign of the signal voltage de-
pends on the direction of the dc field sweep. This
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FIG. 14. Relative lock-in detector output voltage V.(2f) vs
Ho for sample C-15, T=77 K, f=28 kHz. (a) H,=1 Og;
essentially the same shape is observed at H, =5 Oe; (b) H,=0.1

Oe; (c) H;=0.05 Oe.

phenomenon has been studied by Blazey, Portis, and Bed-
norz'* and by Warden et al. '° who show that it is a conse-
quence of fluxon pinning and depinning in the critical
state. However, this is greatly reduced [e.g., Figs. 14(a)
and 15(a)] for large ac fields, which apply a force exceed-
ing the pinning force.

Linear ac susceptibility. In Sec. IT we showed that the
normalized lock-in signal for n=1 yields the real (') and
imaginary (") components of the complex ac susceptibil-
ity. These were measured, Fig. 16, in zero dc field, as a
function of H; over 3 orders of magnitude, showing a
transition from the high-H to the intermediate- and low-
H, regions. In Fig. 16(a), made by the two-coil method
for powder sample C-15, the vertical axis is proportional
to |4ny'|, showing large screening for H; S50.1 Oe, and a
transition to greatly reduced screening at H; 2 10 Oe. In
Figs. 16(b) and 16(c), made by the one-coil method for a
pellet sample (C-40), the vertical axes are proportional to
|1+4ny'| and |4zy"|, respectively. The data show at
some “large” field H;=10 Oe that |4zy'| has its
minimum value while y” is very small, i.e., there is very
little ac loss. As H, is reduced there is a transition at
H ;=3 Oe characterized by a peak in x”, in the inter-
mediate region. Below H;==0.01 Oe, y" has again
dropped to essentially zero and |4zy'| has reached its
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dX"/dH (arbitrary units)

H (Oe) 70

FIG. 15. Nonresonant microwave absorption at f=9.6 GHz
for Y-Ba-Cu-O pellet at T =14 K, using magnetic field modula-
tion Hmcos(2zfmt), and lock-in detection, with f,, =8.7 kHz.
(a) Hm=5.0 Oe, relative lock-in gain=1.0; (b) H, =0.5 Oe,
relative gain=5; (c) H, =0.11 Oe, relative gain=50; (d)
Hp,, =0.03 Oe, relative gain=50. Each figure is a superposition
of five scans, revealing reproducible dips due to flux jumps.

largest (negative) value. Taking demagnetization effects
into account,?® and finding the demagnetization factor D
to be 0.088 for the geometry of sample C-40,%' the
minimum and maximum values for |4zy'| are calculated
to be 0.21 £0.03 and 0.85%0.13, respectively. The be-
havior in Fig. 16(b) is quite similar to that of Raboutou et
al.,* for a Y-Ba-Cu-O pellet at 77 K. Following their
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FIG. 16. (a) The inductive phase of the lock-in voltage at the
fundamental frequency (f =28 kHz), normalized by the ac field
H,, measured by the two-coil method for Y-Ba-Cu-O powder
(sample C-15) at Ho=1 mQOe, T=77 K. The vertical axis is
just proportional to |4zy'|. (b) Inductive phase of the funda-
mental lock-in voltage (f=28 kHz), normalized by the H\,
measured by the one-coil method for a Y-Ba-Cu-O pellet (sam-
ple C-40) at T=77 K, Ho=<1 mOe. The vertical axis is propor-
tional to | 1+4ny'|. (c) Same as (b), but resistive phase; verti-
cal axis proportional to |4zy”|; the broken line marks the
zero-voltage level.

ideas as well as those of Clem,?>?3 we draw a simple pic-

ture of what is happening in the low-H, to high-H transi-
tion: At very low H, the ac field creates few vortices; x' is
constant. At high H, most vortices are freely swept in
and out of the sample with the ac field and y' is again con-
stant. At intermediate fields there is a nonlinear region in
which a significant portion of the vortices is being pinned
and unpinned by surface or volume pinning centers, giving
rise to hysteresis and ac losses. Other loss mechanisms are
also possible, e.g., flux flow or “eddy current” losses,
which should be frequency dependent.

V. SUMMARY AND CONCLUSIONS

In Sec. III we reviewed several variations of a simple
model of granular superconductors that numerically pre-
dicts the electrodynamic behavior for bulk materials by
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suitably averaging over an area distribution F(A4) of flux
quantized current loops containing weak links. We have
presented a number of experimental data on Y-Ba-Cu-O
powder and pellets at 77 K in parallel dc and ac fields,
H=Hy+ H,sin(2zft), for Hy and H, each in the range 0
to 20 Oe, and f in the range 28 to 52 kHz. For a given Hy
the data are sensitive to the magnitude of H;, and we
roughly distinguish these regions: “low-H,,” where
presumably fluxons have not penetrated the intergranular
space; “intermediate-H,”” where fluxons are being pinned
and depinned, with hysteresis and ac loss; and “high-H,”
where most of the fluxons are freely swept in and out of
the intergranular space. The models in Sec. III are valid
for the high-H region, and do not take account of fluxon
motion or pinning. We have not investigated the even
higher field region where H; > H,, for the grains them-
selves.

In the high-H, region extensive harmonic generation is
experimentally observed for all harmonics up to at least
m =41. If Hy=0 the even harmonic power shows a deep
(85 dB) and sharp dip, a consequence of the symmetry of
Eq. (2b). Remnant local fields from fluxon pinning, to-
gether with a tendency for self-symmetry-breaking
prevents the even harmonic power from actually dropping
below the spectrum analyzer sensitivity (—125 dBm).
The odd harmonic power falls off slowly (~2
dB/harmonic) and is in fair agreement with the predic-
tions of Eq. (2a) and Eq. (5) for a monotonically decreas-
ing distribution function F(4). This same model also ex-
plains the shape of the lock-in signals, V' (f) vs Hq and
V(2f) vs Hy in the high-H | region. Gaussian distribu-
tions and uniform distributions do not explain the data for
our samples for small n.

The temperature dependence of P(nf), n=2,3,4, is
reasonably consistent with that expected for Josephson
junctions; however, the limited temperature range of the
data, 77 K < T <95 K, does not preclude other types of
weak links.

All versions of the model predict the rather surprising
result that for large n the harmonic power should show
sharp dips (40 dB) essentially periodic in the dc field (cf.
Fig. 6), and this was experimentally verified (cf. Fig. 5)
for powder and pellets. This strong evidence of flux
quantization is the principal new result of this paper and
was observed in many samples of Y-Ba-Cu-O. We argue
above in Sec. IV that this structure is a consequence of the
product of the (decreasing) distribution function F(A)
and the Bessel functions J,(48) in Eq. (2), and that large
areas contribute to high harmonic power generation and
vice versa. Except for the small hysteresis in Fig. 5 due to
fluxon pinning and depinning, the data of Figs. 1, 2, 4, 5,
and 7 can be reasonably understood by the models of Sec.
III in the high-H, region, perhaps best by Eq. (2) with the
distribution function F(A4) given by Eq. (5), a monotoni-
cally decreasing function obtained empirically. However,
we do not claim to have shown that real samples will all be
well represented by this function; in fact, even for the
samples reported here, more work on refining F(4) will
be needed to fit the data more quantitatively.

As H is reduced new phenomena appear as in Fig. 12,
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showing onset of additional fine structure in the dips for
n=2,4,.... This behavior is predicted by the loop model,
Egs. (3) and (5), in Fig. 13, which could represent flux
quantized loops without weak links; this is experimentally
possible since details of the sample microstructure are not
known. However, other mechanisms cannot yet be ruled
out, e.g., onset of a critical state. For example, under the
same conditions as Fig. 12, the lock-in detected second
harmonic signal at 56 kHz, Fig. 14, shows a transition to
the intermediate and low-H, regions as H is further re-
duced. In fact, the behavior in Fig. 14 is remarkably simi-
lar to the lock-in signals from modulated microwave ab-
sorption, Fig. 15, showing transition to a critical state in
Fig. 15(d).

From the measurement of the complex ac susceptibility
x and x”, Fig. 16, one can see more directly the transi-
tions from high-H | behavior (small shielding, small loss)
to the intermediate region (maximum ac hysteresis loss),
to the low-H | region (maximum shielding, low loss).

Clearly much remains to be done to understand the
complex and interesting problem of the electrodynamics
of granular superconductors. The microscopic models
presented here are sufficient to explain much of our data
at large Hi, but we have yet to show that they are also
necessary; simple emperical or phenomenological models
may also suffice. Data over a wider range of temperature,
frequency, magnitude, and orientation of the ac and dc
fields will be essential, and are in progress. Although the
experimental phenomena we report here are believed to be
generic to Y-Ba-Cu-O, and probably also to
BisSr3Ca3Cu40,,° similar studies of other materials, in-
cluding films, single crystals, powders, and pellets with
different grain sizes and methods of preparation, are also
essential and may reveal additional phenomena. The
theoretical models of Sec. III should be generalized to in-
clude the geometry of the sample, the critical state, and
fluxon pinning and motion. Finally, we note that some in-
teresting work on harmonic generation by Y-Ba-Cu-O has
also been done by Shaulov and Dorman.?* However, they
were interested in the very small H, regime, as first sug-
gested by Bean on conventional type-II superconductors, '®
in contrast to what we have mainly reported in this paper.
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