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Spin dynamics of YH2 and YD2
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The properties of cross relaxation between dipolar and rotating-frame Zeeman nuclear-spin sub-

systems in the metal hydride YHz and deuteride YD2 are examined using pulsed NMR spin-

locking measurements in single resonance experiments on the ' Y spin system. A thermodynamic
model is presented to describe the spin dynamics. Observed equilibrium values of the ' Y magne-
tization are described in terms of the magnetic heat capacities of the subsystems and provide a
measure of the second moment of the nonresonant spins. Measured cross-relaxation spectra are
described in terms of proton dipolar fluctuations; a comparison with numerically calculated spec-
tra is presented. Additional insight into the strength and spectral width of the cross relaxation is

provided by comparing the isotopes YH2 and YD2. The calculated spectra decay exponentially
with the Y rotating-frame angular frequency, with characteristic widths of 38.6 ps for YH& and
1.003 ms for YD&. In addition to the quasiequilibrium cross-relaxation processes, large transient
oscillations in Zeeman-dipolar order are observed and discussed. Finally, results from spin-echo
measurements indicate that transverse decay processes are describable by the same fluctuation
spectrum used in the description of cross relaxation.

I. INTRODUCTION II. EXPERIMENTAL DETAILS

Experiments utilizing cross relaxation between rare (or
weak) and abundant (or strong) nuclei have proven quite
important, ' especially for high-sensitivity measure-
ments of weak nuclei. Typically, such cross relaxation is
achieved in a double-resonance experiment under the
Hartmann-Hahn condition, ' where two rf fields are em-
ployed to match the precession frequencies of the two-
spin species. In this paper, cross-relaxation phenomena
are investigated by directly observing the weak spin Y
in a single resonance experiment. Yttrium dihydride
provides an ideal spin system: both Y and 'H are spin
—,', 100&a abundant isotopes, yet their gyromagnetic ra-
tios differ by a large factor, yv/yH=1/20, so that the
characteristic phenomena associated with cross relaxa-
tion between weak and abundant nuclei are clearly mani-
fested.

After a discussion of experimental details in Sec. II, a
spin temperature description is emphasized in Sec. III.
A thermodynamic model is described there, providing a
framework for the rest of the paper. Section IV deals
with the long-time behavior of the magnetization.
There, the equilibrium eventually achieved by the
yttrium-hydrogen spin system is analyzed primarily us-
ing energy-conservation considerations. The intermedi-
ate time scale during which the cross relaxation occurs is
the subject of Sec. V; a detailed theory based upon that
of Demco, Tegenfeldt, and Waugh (hereafter abbreviat-
ed DTW) provides predictions of the spectral densities
for the cross relaxation process. Section VI discusses the
early time behavior of the magnetization, which is
characterized by dramatic transient oscillations. In Sec.
VII, the discussion of the spin system is extended to the
case of zero applied rotating field.

Samples of YHz and YDz were prepared from high-
purity Ames Laboratory yttrium. Spark-source mass
spectroscopy indicated extremely low concentrations
(0. 1 —1 ppm) of typical paramagnetic impurities. Hydro-
gen concentrations were determined to within 2% by
monitoring the change in pressure upon exposing the
metal to a known volume of H2 gas; absorption of H2
proceeds exothermically. All other sample handling and
preparation was performed in an inert atmosphere to
prevent oxidation of the metal. Sample concentrations
were verified by weighing the hydrided metal. After
grinding, the metal powder was sealed and annealed at
450'C for 30 h to insure uniform concentration; particle
sizes in the range 44 —74 pm (200—325 mesh) were then
selected by sieving. The small particle size was chosen
to allow good rf field penetration; for the same reason,
the metal powder was then mixed with quartz powder
and resealed in glass sample tubes. X-ray powder pat-
terns exhibited a single fcc dihydride phase with a lattice
constant of 5.20 A, in agreement with other investiga-
tors.

The NMR spin-locking experiments were performed
using a conventional superheterodyne spectrometer with
an intermediate frequency of 160 MHz which has been
described elsewhere. ' The magnetization was measured
by monitoring the amplitude of the free-induction decay
following the spin-locking pulse; these free-induction de-
cays were recorded on a Nicolet 4094 digital oscillo-
scope. Repetition periods of approximately 30 s were
typical; signal-averaging periods of up to 6 h for a given
magnetization curve were required to obtain reasonable
signal-to-noise ratios.

The external field of 5.9 T was provided by an Oxford
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Instruments persistent-mode superconducting solenoid;
the corresponding Y resonant frequency was 12.2
MHz. The solenoid was equipped with an Oxford MD4
cryostat and DTC2 temperature controller, which was
stable and accurate to within 1 K in the temperature
range utilized for these experiments, 100—200 K. As
discussed below, this temperature range was low enough
to ensure sufficiently weak-lattice coupling during the
pulse sequences, but high enough to permit reasonable
repetition rates and to avoid skin depth problems.

The rotating field H& was calibrated by application of
a n or n~ pulse, where n is an integer, and detecting a
null in the free-induction decay; the accuracy of the
values of H& reported here is approximately 3%. Values
of H, in the range 1 —30 G (f|——0.2 —6 kHz) were used
in the experiments. The homogeneity of HI is limited
by two factors: the skin depth of the metal particles and
coil geometry. The coil geometry chosen was dictated
by a compromise between H& homogeneity and sample
filling factor; the lat ter consideration is necessary to
maximize signal strength. Skin-depth problems were
negligible by virtue of the precautions mentioned above;
this was confirmed by the observed Curie temperature
dependence of the apparent magnetization throughout
the temperature range of the experiment. Deviation
from Curie behavior occurred below —70 K, where the
resistivity of the metal particles became sufficiently low
to prevent full rf field penetration.

III. THERMODYNAMICS

Van Vleck' first described the conditions under which
Curie's law could be extended to include nonequilibrium
magnetizations. Even when not in equilibrium with the
lattice, the nuclear magnetization M can be character-
ized by a spin temperature T according to

CH
T

Since in this experiment H
& /Ho is in the range

10 —10, a very low initial spin temperature has been
achieved; correspondingly, a large nonequilibrium value
of the rotating frame Zeeman energy has been created.

The large Zeeman energy will tend to relax toward its
much lower equilibrium value, provided a coupling for
energy transfer to some other reservoir is present. It is
the detailed time evolution of the magnetization from its
initial nonequilibrium value which is of interest here.
Hereafter, the resonant Y spins in YHz and YD2 will
also be referred to as the I spins; the nonresonant 'H (or
D) spins will also be referred to as the S spins.

Figure 1 depicts the energy reservoirs relevant to this
experiment. Eventually, the Zeeman energy could be
transferred to the lattice via some standard route, la-
beled by time constant TIL. However, this coupling is
quite weak for the temperatures at which the measure-
ments were performed, 100—200 K. At these tempera-
tures, there is no appreciable motion of the protons (rig-
id lattice regime) and thus no relaxation by translational
diffusion. The remaining electronic coupling is quite
weak; measurements indicate TIL = 10 s.

A more strongly coupled energy reservoir involving
quanta comparable to those of the rotating-frame Zee-
man energy exists, namely, the dipolar energy of align-
ment of protons along their local fields. The strongly
coupled protons frequently undergo mutual spin flips,
due to the flip-flop terms of the form S;+S~ in their di-
polar Hamiltonian. These mutual flips conserve the
large proton Zeeman energy, but avail small changes in
dipolar energy. An I-S dipolar term in the Hamiltonian
provides the coupling between the S-spin dipolar energy
and the I-spin Zeeman energy. Equivalently, one can
view the proton mutual spin flips as producing field fluc-
tuations at the yttrium sites; these fluctuations will cause
relaxation because they have appreciable spectral density
at the rotating frame frequency, ~& ——ylH&.

where C is the Curie constant, C=Ny A I(I+ 1)/3k~.
The spin temperature is then a measure of the extent of
preferential alignment of the spins parallel to the field

14

All of the results of the three subsequent sections are
from ordinary spin-locking experiments performed on
the Y nuclei in YH2 and YD2. In such an experiment,
one begins with the large Curie magnetization Mo, cor-
responding to equilibrium at the lattice temperature TL
in a large, static external field Hp. After tipping the
magnetization 90, a small rotating field H& is immedi-
ately applied parallel to it, thus establishing a large mag-
netization parallel to a small field H&. In terms of a
spin-temperature description, ' the magnetization has
been artificially cooled to an initial temperature T; much
different from the lattice temperature:

CH)
Mo ——

T

I spins
89

rotating
frame

Zeeman
Energy

Lattice
lX/XPW/8/8/Xl

S spins

Dipolar
Energy

where

Hi
Tl T

Ho

FIG. 1. Thermodynamic model for the spin-locking experi-
ment. The Y rotating-frame Zeeman energy is coupled to the
'H dipolar energy by the I-S interaction. Electronic coupling
to the lattice for either reservoir is weak.
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The quantitative form of the dipolar fluctuation spec-
trum is the subject of the Sec. V. Before that, the equi-
librium achieved between the Zeeman and dipolar sub-
systems will be examined; this depends only on the rela-
tive heat capacities of the two reservoirs. It should be
mentioned that since the time scale of the cross relaxa-
tion is in the millisecond range, while, as mentioned
above, the lattice coupling is much weaker, the four sub-
sequent sections assume with validity that the Zeeman
and dipolar energies are isolated from the lattice. Thus,
for example, the following discussion of Zeeman-
energy —dipolar-energy equilibrium implies a quasiequili-
brium, on a time scale short compared with relaxation to
the lattice.

IV. EQUILIBRIUM

m=&z +W, +W„+W„. (3)

To examine the long-time (equilibrium) behavior of
the magnetization, a number of similar ap-
proaches ' ' utilizing conservation of energy and a
spin-temperature description have been employed. One
can start with the system Hamiltonian in the rotating
frame:

(1—3cos 8J)
.3
lj

(1—3cos 8;i )
A;J = ——,'@san

rlJ

& J =siss& (9)

(10)

where it will be assumed that all traces are suitably nor-
malized to TrI1I =(2I+1} '(2S+1) . Adopting the
spin-temperature description, the state of each spin sub-
systern is identified by a temperature. The initial state of
the system can thus be described by a density matrix of
the form

It is the last term, Wd, which comprises the large S-
SS

spin dipolar reservoir. The Zeeman energy of the S
spins has been neglected; it essentially remains in equilib-
rium with the lattice, playing no part in the experiment
under consideration.

To calculate the expectation value of the energy, the
density matrix is used in the high-temperature approxi-
mation:

exp( —&/ks T )
P= 1—

Tr[exp( &/ks—T ) ) ks T

The first term
1 . 1

B
(12}

&z = yIRH) Q I (4)

W = —ga, ,i.,s„, (6)

represents the rotating-frame Zeeman energy of the I
spins. The secular (time-independent) terms of dipole-
dipole interactions are

Wd„———g li;j(3I„I,~ —I; I~),

Here, T; =(H(/Ho)TL and the lattice temperature can
be written Tl ——C&Ho/Mo, as discussed above.

The coupling which provides the thermal mixing is
the subject of Sec. V. Here, it is assumed that the two
reservoirs eventually reach an equilibrium state charac-
terized by a common final spin temperature, Tf
=CIH&/Mf, where Mf is the equilibrium value of the
spin-locked magnetization. Thus the density matrix for
the final state is

———g A;~(3S„S,J —S;.S, ),
1

Pf 1
k T (~z +~d +~d +~d (13)

where the coefticients are given by

(1—3 cos 81 )
b; - = ——,'yIA

rij

Conservation of the total spin energy then requires

E, =Tr[p, &I =TrIpf&) =Ef .

Evaluating the various traces leads immediately to

(14)

H', +(H, /H, )[ ,'(AH„")'+(f(.H,'"}'+,'(—C /C, )(bH' ')']-
H) + )(bHI(1)) +(b,HI(s—') +—

3) (Cs/CI )(b.Hss')
(15)

or, more simply,

Mf H(
Mo H2(+ 3) (Cs/Cl }(bHs(ss) )

(16)

(1—3cos 8;, )
( gH(I) )2 3 y2))i21(l + 1 ) y 6 (17)

where the dipolar traces have been expressed in terms of
various second moments with conventional' definitions:

(f(.His ) = —,)ysi)'i S(S+1)g(I) 2 I 2 2 (1—3cos 8f )

rij

(bHss ) = 3ysfi S(S+1)g(S) 2 3 2 2 (1—3 cos 80 )

l rlJ
(19)

The sums are with respect to a typical spin j. The
second term in the numerator of Eq. (15) has been
neglected in Eq. (16), since here H(/Ho=10 . The last
term in the denominator of Eq. (15) clearly dominates
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V. CROSS-RELAXATION RATE

To begin discussion of the time evolution of the initial
nonequilibrium Y magnetization, this section will pri-
marily examine the cross-relaxation rate for energy
transfer between Y rotating-frame Zeeman energy and
'H dipolar energy. As was previously mentioned, the
mechanism for such transfer exists in the I-S dipolar
coupling; when a pair of strongly coupled protons under-
go a mutual spin fiip (S-S interaction), the resulting field
fluctuations at a nearby I-spin site have appreciable
spectral density at low (-col) frequencies, and thus can
contribute to the relaxation of the I spin.

To motivate the discussion, let us rewrite the Hamil-
tonian of Eq. (3) in the form

JV=JVz +DYE +&g =JYr+JVs+&p (21)

where the &q term has been omitted, since it is muchII
smaller than the Wz term, which itself is a small per-

IS
turbation, denoted &~. An inverse spin temperature,
P= 1/krl T, for each of the two reservoirs may be written
as

of experimental considerations (e.g. , Hl inhomogeneity).
For the deuteride, however, a large discrepancy is ap-
parent. The deuteron, however, is a spin-1 nucleus; as
such, it experiences a quadrupole interaction due to ran-
dom electric field gradients caused by distortions of its
ideally cubic environment. Such distortions are presum-
ably the result of partial (-5%%uo) octahedral occupancy
and the concurrent tetrahedral vacancies, which are
characteristic of the yttrium-hydrogen system. The
existence of quadrupole broadening increases the second
moment (AH&s') and thus increases the heat capacity of
the S-spin system. To verify that this additional contri-
bution to the deuteron second moment was indeed
present, the rigid lattice line shape for the deuteron reso-
nance was obtained by Fourier transform spectroscopy.
This yielded the value (bHss') =0.99 G, in excellent
agreement with the 1.02 G obtained from the cross-
relaxation equilibrium. This agreement is strong evi-
dence to suggest that in the case of a small quadrupole
splitting (here, -0.4 G ), the quadrupole energy is in
close contact with the deuteron dipolar energy, thus en-
larging the total spin energy reservoir.

Thus simple energy-conservation considerations in the
framework of a spin-temperature description adequately
describe the equilibrium behavior of the spin-locked Y
magnetization. The same spin-temperature picture will
be utilized in subsequent sections to discuss the time-
dependent phenomena involved in the approach to equi-
librium.

and

Tr I &r'
) Tr I &r' I

(22)

Tr I &s I Tr I &s )

Notice that conservation of energy, d /dt ( (&r )
+ (&s ) ) =0, implies that

d
dt

(&Pr +Ps ) =0

where

TrI&rj CrH l

TrI~s l
l Cs(AHsIsl )

(23)

Thermodynamic equations describing the relaxation of
the instantaneous I-spin inverse temperature toward the
instantaneous S-spin inverse temperature have been de-
rived by DTW (Ref. 7) using an orthogonal operator ex-
pansion and projection operator techniques. This theory
has also been reviewed in detail by Mehring. The de-
cay process is characterized by a time constant Tzs.

d 1
Pr = — (Pr Ps) . —

dt Trs
(24)

Equation (24) defines Trs,' a coupled equation then fol-
lows from Eq. (23):

EPs= — (Ps Pr) . —
dt Tss

(25)

The rigorous DTW theory involves no explicit spin-
temperature assumptions, and thus describes the time
evolution of the expectation values in Eq. (22) quite gen-
erally. The quantity 1/Trs in Eqs. (24) and (25) is given
b 7 23

r
=Mrs d~cos(co, r)C(~)

Trs 0

=Mrs d~cos co&~ C ~
0

(26)

where the last equality is valid for times t »~„~, being
a correlation time characteristic of the normalized corre-
lation function, C(r), described below. Here, col yrHl- —
and Mrs is the second moment of the I-S dipole-dipole
interaction expressed in angular frequency units, i.e.,
Mrs =1'r(~Hrs ), where (b,Hrs ) was g've»n Eq
The correlation function is found ' to have the form

C(r) =
Tr g B;S„exp

—'~sr
g B;S„ exp

I

Tr g BS„

l its'r

(27)
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sudden occurrence of a new Hamiltonian brought on by
spin-locking imposes a periodic time dependence on the
magnetization, as is evident in Eq. (26) for t —r, . The
decay of the oscillations represents the establishment of
a true rotating frame spin temperature, which requires a
typical dephasing time T2 following the sudden change

in Hamiltonian to occur. During the oscillations, energy
is transferred back and forth between Zeeman and dipo-
lar subsystems. ' Once the oscillations have died
away, the quasiequilibrium state is describable by a sin-
gle spin temperature; then, the thermal mixing and even-

tual equilibrium, the subjects of the preceeding sections,
occur.

To describe the spin system before a spin temperature
has been established, note that the component of the
magnetization along the applied rotating field is a well-
defined quantity. Utilizing energy conservation in the
form

(&I(&)) + (&s(r) ) = (&1(0))+ (&s(0)), (36)

a more general relation, similar to Eq. (24), can be writ-
ten using the time-dependent form of Eq. (26):

( PI(t) ) = —[(1+@)(&I(t) ) e(—(& s(0) ) + (&1(0)) ))Mzz f dr cos(co&r)C(r) .
dt 0

Integrating, and using MI(t) = —(&1(t)) /H&, one immediately obtains the general solution
I

Ml(t)=MI( oo )+[MI(0)—MI(co )]exp —(1+@)M,', f 'dr' f drcos(ci))r)C(r)
0 0

(37)

(38)

where MI( co ) was given as Mf in Eq. (16). For t -r„
the integral in Eq. (38) indicates that an oscillation will
be superimposed upon the decaying magnetization.
Equation (38) is not integrable in closed form for a
Lorentzian correlation function. Therefore the integra-
tion was performed numerically using Simpson's rule for
each of the three values of H& shown in Fig. 7. The
powder average values of the parameters r, (=1.003
ms), Mls (=1.145&&10 s ), and (AHs's') (=9.7 G )

calculated from the lattice sums in Secs. IV and V [Eqs.
(18), (19), and (22)] were used in the integrations. These
theoretical curves are plotted as dotted lines in Fig. 7.
The theory agrees well with the asymptotic behavior of
the oscillating decay; this is due to the cross-relaxation
process already discussed and for which the theory was
found quite satisfactory. However, the amplitude of the
observed oscillations is much more dramatic than the
slight oscillations predicted by Eq. (38). The additional
coherency observed is physical in origin. It arises from

the high symmetry of the YH2 system, which has the
CaF2 structure, where the yttrium atoms form a fcc lat-
tice " and the protons primarily reside on the
tetrahedral interstitial sites, forming a sc lattice. A
given proton mutual spin flip will thus cause highly
correlated field fluctuations at numerous nearby yttrium
sites; since Y is 100%%uo abundant, this will have a
coherent effect on the net yttrium magnetization. For
t »~„after many proton spin flips have occurred, such
correlations become unimportant due to the random na-
ture of the spin-flip process. But for t-~„ the effect is
appreciable. Such enhanced coherency is not observed
in related double-resonance experiments ' ' on CaF2
and organic compounds, since in those systems the mag-
netically active I-spin nuclei are dilute; Ca and ' C are
only 0.13% and 1.1% abundant, respectively. In those
cases, the contribution of each nucleus may indeed be
considered individually; nearby mutual spin flips will
produce a field fluctuation only for a single, isolated nu-
cleus.

VII. TRANSVERSE RELAXATION

FICx. 8. Classical model for transient oscillations. The oscil-
lation amplitude A and post-transient magnetization Mo are
related to the applied field HI and the local fields HL as dis-
cussed in Sec. VI.

The theory discussed in the previous sections which
was used to describe the time evolution of the spin-
locked Y magnetization during cross relaxation is quite
general, and, indeed, is valid for H& ~0. In that limit, it
is not appropriate to discuss the magnetization in terms
of cross relaxation, since with II& ——0, the rotating frame
Zeeman-energy reservoir has zero heat capacity. In-
stead, the transverse relaxation of the freely-precessing
magnetization is discussed. However, since the theory is
formally equivalent, Eq. (38) may be rewritten for H, =0
(and thus e =0) in the form

I

Mi(&)=MI(0) exp —Mls f dt' f drC(r)
0 0

(39)

An equivalent expression for the free induction decay
can be obtained using an Anderson-Weiss model
theory. ' ' For the Lorentzian correlation function of
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FIG. 9. Spin-echo peak magnetization as a function of echo
time. Open circles are data for YD2. Solid line is the predic-
tion of the theory for transverse relaxation described in Sec.
VII. Comparison with dashed line (same theory with naive an-
gular average) highlights anisotropy of I-S interactions.

directions; these provided, using Eq. (40), the contribu-
tions mt(t); to the total magnetization Mt(t)
= g,. mi(t);. The result is shown as the solid curve in
Fig. 9. Considering that the theoretical curve was gen-
erated with no adjustable parameters (other than the
normalizing amplitude), the agreement is quite good.
The importance of careful powder averaging is demon-
strated by the dashed curve in Fig. 9, which was gen-
erated by merely inserting the powder average values of
the quantities Mts and r, into Eq. (40). It is readily ob-
served that for systems where the relevant lattice sums,
Eqs. (18) and (32), display appreciable anisotropy, the
necessity of averaging the actual time-dependent magne-
tization is dictated. For the YHz and YDz (cubic) sys-
tems, one might at first assume relatively isotropic sur-
roundings for a given nucleus. However, the —I lr
dependence of the terms in Eqs. (18) and (32) enhances
the discrete nature of the nearest-neighbor directions,
thus producing considerable anisotropy in the summa-
tions.

VIII. SUMMARY

2X exp —Ml&~, t arctan
C

(40)

The data for the decay of the freely precessing magne-
tization is shown in Fig. 9. Because of an appreciable
inhomogeneous broadening due to the random macro-
scopic Aelds of the small metal particles in the sample
(demagnetizing fields), the free-induction decay is not in-
dicative of the true line shape. Therefore, an ordinary
Hahn spin-scho experiment was performed to obtain the
shape of the true (homogeneous broadening only) free-
induction decay; these data are the open circles in Fig. 9.

To compare this data with the theory just described, a
powder average of Eq. (40) was performed. As in Sec.
V, ~, and Mz& were calculated for individual crystalline

Eq. (30), the integration of Eq. (39) is elementary; the re-
sult is

t 2 Mrs~ /2

M, (t)=M, (0) 1+

We have shown that the behavior of the spin-locked
Y magnetization in YH2 and YD2 is determined by

cross relaxation between rotating-frame Zeeman- and
dipolar-spin subsystems. The data obtained exhibit an
exponential dependence of the cross-relaxation rate on
co&. This behavior is adequately described in terms of
the dipolar fluctuations of the nonresonant spins; calcu-
lated spectra indicate that the assumption of a Lorentzi-
an correlation function is quantitatively valid. Addition-
al features of the spin system, namely, Zeeman-
energy —dipolar-energy equilibrium, transient oscilla-
tions, isotope eQ'ects, and transverse decay processes
were examined within the same theoretical framework.
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