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Electron transport in a one-side-modulation-doped single-quantum-well structure:
Remote-ion-scattering contribution
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Low-temperature electron mobility limited by remote ionized impurity scattering in a one-side-

modulation-doped single-quantum-well structure is calculated employing the memory-function ap-

proach. The calculations include self-consistent band-bending effects and the evaluation of quan-

tum states and wave functions. The dynamic response of the quasi-two-dimensionally confined

carriers is incorporated via use of an appropriate screening function. The dependence of the mo-

bility on the thickness of the spacer layer, the width of the quantum well, the dopant density, and

the electron concentration in the well is examined and interesting features concerning quantum-

size effects are brought out for situations of current experimental interest.

I. INTRODUCTION

In recent years there has been considerable emphasis
on the development of new man-made semiconductor
structures which could generate novel electronic and op-
tical responses of significance to microstructure and
nanostructure devices. ' " Amongst the important phys-
ical properties of such structures, carrier transport has
attracted special attention ' since it determines the
speed of electronic devices which is a critical factor in
evaluating their performance. Significant progress has
been made in achieving high carrier mobility in man-
made semiconductor structures through the introduction
of the idea of modulation doping which physically
separates the carriers from their parent ionized
dopants, thus leading to an enhancement of average
scattering time by orders of magnitude. In
GaAs/Al Ga& As(100) heterostructures with the
latter material grown on the former, (the so-called nor-
mal interface) and modulation doped with a spacer layer
of -200 A, mobilities as high as 2)& 10 cm /V sec have
already been achieved. ' These are close to the highest
values predicted by calculations. ' In spite of a number
of attempts however, such high rnobilities have not yet
been attained in inverted (GaAs grown on Al Ga~ As)
heterostructures' ' and in single-quantum-well struc-
tures, ' ' which always involve one inverted interface.
The observation of relatively low mobilities in these
structures is attributed to the structurally and chemical-
ly rough nature of the inverted interface and the possi-
bility of dopant diffusion (and/or segregation) towards
the inverted interface. ' ' It is now recognized that
both these effects are tied to the kinetics of growth of
GaAs on Al Ga, „As and of dopant motion. Since
single-quantum-well structures offer the possibility to
better tailor quantum states via band-offset engineering
as compared to the heterostructure case, it is of interest
to examine whether high electron mobility can be
achieved in such a structure by getting over the inverted
interface problem. One suggestion in this context is to
dope only on the side of the normal interface so as to

bypass the problem of impurity segregation at the invert-
ed interface. ' Also, since the dopant- and carrier-
generated fields in such a structure will pull the
majority-carrier wave function away from the structural-
ly and chemically rough inverted interface and towards
the higher-quality normal interface, the influence of such
other interface-roughness-related scattering mechanisms
on the carrier mobility can also be expected to weaken.
It should be pointed out, however, that since in this case
the wave function is pulled towards the ionized dopants
on the side of the normal interface, the corresponding
contribution may undergo some increase as compared
with the case of both-side doping for which the ground-
subband wave function is centered at the origin. These
complications thus call for a systematic study of the
influence of individual scattering mechanisms on the
carrier mobility in a one-side-doped single-quantum-well
structure, which happens to represent a situation inter-
mediate between a heterostructure and a double-side-
doped quantum well. In the work reported in this paper
we examine the influence of remote ionized donor im-

purities on the low-temperature electron mobility in
one-side-doped Alo 33Gao 67As/GaAs/Alo 33Gao 67As
single-quantum-well structures. We calculate the
ionized-donor and carrier-generated potentials along
with the carrier wave functions in a fully self-consistent
calculation using exchange and correlation poten-
tials. ' We use the memory-function approach,
which intrinsically incorporates what may be called the
self-energy and vertex corrections in a diagrammatic
analysis of the response function, to obtain an expression
for conductivity valid for arbitrary frequencies of ap-
plied field and the value of sample temperature. Having
thus improved over the Boltzmann-transport-equation
approach, we study the systematics of low-frequency
and low-temperature mobility by explicitly calculating
the dependence of the mobility on spacer width, well
width, carrier density, etc. We use a screening function
appropriate for quasi-two-dimensionally confined car-
riers ' [and not a function for pure two-dimensional (2D)
confinement as used in some calculations on heterostruc-
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tures and double-side-doped wells] to obtain the effective
scattering potential experienced by the carriers. We re-
strict the parameter space to cases for which no higher
subband effects are of any major significance. In the fol-
lowing, we first discuss the method of self-consistent cal-
culation of wave functions and confinement potential,
then the mobility calculation within memory-function
approach, and finally the results.

II. THEORY

A. Self-consistent calculation for potentials
and wave functions

The self-consistent solutions for potential distributions
and wave functions can be obtained by solving the cou-
pled Schrodinger and Poisson equations given by

Vxc(z) = —[1+0.7734x ln(1+x ')](2/ma/y, )R *

in which, a=(4/9m) ~, x =x(z)=y /21,

y, =y, (z)=[—3n. ( a*) n (z)]

with

(4)

2

m e

2

2Ka
(6)

z distribution of ionized dopants; m' is the electron
effective mass (in the calculations taken to be 0.065m„
the value for GaAs); and x is the dielectric constant of
the quantum-well structure (in the calculations assumed
to have a value of 13.0, which corresponds to GaAs).

We choose the following form for the exchange and
correlation potential:

and

d
z g, (z}+V(z)q, (z)=E, (z)g, (z)

2m* dz

and

n(z)= yN;
~
g;(z)

~

(7)

d p(z ) 417e

dz
(2)

Here, z represents the position coordinate in the
quantum-well growth direction; V (z ) is the z distribution
of the potential comprising of the electrostatic term
—eP(z), the exchange correlation term Vxc(z), and the
band offset terms [AE, is the conduction-band discon-
tinuity and B(z) is the unit step function]; g;(z) is the
normalized electron wave function for the ith subband,
E; is the energy of the ith subband; N; is the areal elec-
tron concentration in the ith subband (cm ); p(z) is the

with

V(z) = eP(z—)+ Vxc(z)+ DE, B(z)+AE, B( —z —d ) .

(3)

Here, N; is given by

m*k, T
N;= ln 1+exp

~fi

E —E
k~T

with EF as the Fermi energy and kz the Boltzmann con-
stant. We work within the so-called depletion approxi-
mation which assumes that all donors are ionized in the
depletion region (z, & z & zz, see Fig. 1) and that the dep-
leted charge density Nd, z for z & z

&
is 5 & 10' cm

which corresponds to an impurity concentration
N~ —ND of —10' cm '; N~ and ND being the acceptor
and donor concentrations.

The procedure of numerical calculation begins by cal-
culating the conduction-band potential at z &z2 for a
finite temperature (T =4.2 K), using the equation given

34, 35

P(z )zz ) =ks T ln
—(1—ND /4NC )+[(1 ND /4NC ) +4—gND /Nc]'

2g
(9)

where

g =2exp(eEd /k' T) . (10)

with N, being the electron concentration (per cm ) and
the equation

The thickness of the space-charge region (dd, ~, see Fig.
1) is determined by the charge-neutrality condition,

Nddd, p
——N, +Nd, p

(12)

In our calculations we used a value of 50 meV for Ed
which represents the donor binding energy. In Eq. (9)

Nc is the equivalent density of states of the conduction
band in AlQ 33GaQ 67As. The boundary conditions used

to solve the Poisson equation in the depletion region
within the attendant framework of assumptions are

V(z =zz ) = —eP(z =zz ), d V/dz ~, , =0 .

—eP(z =z& ) = —eP(z =zz )+ ND(dd, ) . (13)

Correspondingly, the magnitude of the electric field at
z =z& is given by

4vre (Nd, p +Ns )
F(z =z, )= (14)

where the penetration of the wave function in the region
z &z& is ignored. At equilibrium, the Fermi level must
be aligned throughout the whole region. Thus at a fixed

doping concentration, N, and dd, ~ are determined by the
charge neutrality and the equilibrium condition by solv-

ing Eqs. (1)—(14) self-consistently.
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where z =co+I,6 is the complex frequency, co~ is the
plasma frequency, and M(z) =M'+iM" is defined as the
memory function. It is given in terms of the current-
current correlation function ([j(t),j(0)]) via the rela-
tions

M(z)=zX(z)[X(z =0)—X(z)], (16)

Er

X(z)= —ttj j )) = i f —e"'([j (t)j (0)])dt
0

(17)

Zp
z

FIG. 1. Schematic of one-side-modulation-doped

Al„Ga& As/GaAs/Al Ga& „As single-quantum-well struc-
ture and representation of the associated terms used in the
self-consistent calculation of potential distribution.

with X(z =0)=N, /m, where N, is the electron concen-
tration (per cm in 2D case). The electron scattering
time at zero frequency is then given by

r(co =0)= [M"(co=0)]

so that the low-field dc mobility becomes

B. Mobility within memory-function approach p=(e/m *)[M"(co=0)] (19)

The basic formulation for evaluation of the scattering
time (r) within the memory-function approach has been
worked out in detail in Ref. 27. Within this framework
the dynamical conductivity is represented as

The evaluation of M(z) follows straightforwardly the

procedure detailed in Ref. 27. Using (33) of Ref. 27,
modified for the two-dimensional situation at hand, we

obtain the following expression for M" (co):

M "(to)= 8 1 .2'
f dE„ f f dz, N, '(z, )f (E„)

~
I, (E„,z, )

~

'
2~

which in the limit co~0 reduces to

X(fico+ I [Ek(Ek —ih'co)]' —[Ek(Ek +fico))'~ ] cos01)/co, (20)

8 1
M "(co~0)=

N,

2 2m* Qte dOf dEk f f dz; N (z;)f (Ek)
~
I, (E&,z;)

~

(1—cosg) .2' (21)

Here,

l Z Z '

Ii(Ek z;)= f dz
~
go(z)

~

'
1 e Ek)

with
1/2

8m E
sin (0/2)

g2

(22)

(23) e(Ek ) = 1+[sh (q )/q], (24)

the static dielectric constant of the semiconductor ma-
terial (which we take to be that of GaAs), Qt the charge
of ionized dopant equal to 1, and I* the effective mass
of electron.

In so far as the dielectric response function e(Ek ) is
concerned, we choose a form appropriate for quasi-two-
dimensionally confined carriers, '

Here the symbols have the following meaning: z equals
the electron coordinate in the confinement direction, z;
the ionized impurity coordinate, 0 the scattering angle,
Ek the electron energy, go(z) the electron wave function,
e(Et, ) the dielectric response function of quasi-two-
dimensionally confined carriers, f (EI, ) the Fermi distri-
bution function, N (z; ) the ionized impurity profile, tt

where

s =2(m*/2nfi )(2tte /tr)

and

q =2
~

k
~

sin(0/2),

k being the electron wave vector. The function h (q) is
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given by

h (q)= f dz) f dzg p(z) )p(zq)e (26)

where p(z)=
~

&0(z)
~

. Price ' has given an interpola-
tion formula for h (q) which does not introduce an error
in the transport calculation of more than 10%. This for-
mula is given by '

h (q) =1/(1+bq), (27)

where

b = 2 f p (z)dz (28)

We employ this formula in our calculations.

III. RESULTS AND DISCUSSION

Figure 2 shows the dependence of the low-temper-
ature electron mobility and carrier concentration in the
well on the spacer-layer thickness, for a 100-A
Alo 33Gao 67As /GaAs/Alo 33Gao 67As single-quantum-
well structure modulation doped on one side of the well
at a dopant concentration of 5 )& 10' cm . This side
we take to be the normal-interface side of a grown struc-
ture, as also indicated in Fig. 1. It can be seen that in-
crease in the spacer-layer thickness leads to a gradual
decrease in the concentration of carriers transferred to
the well due to enhancement of the effective barrier for
charge transfer. Yet, the mobility increases from
4.77&(10 cm /Vsec for no spacer case to 2.25X10
cm /V sec for a spacer thickness of 300 A. This behav-
ior is an interplay of the self-consistent band-bending
efFects, and the electron wave function and

concentration-dependent mobility parameters such as
KF and the screening function h(q), in addition, of
course, to the distance dependence of the bare interac-
tion itself. In order to bring out the nature of this inter-
play we show, in Fig. 3, the potential-energy distribu-
tions and wave functions for representative thin (25-A)

0
and thick (200-A) spacer-layer situations. Interestingly,
the wave functions in the two cases are not significantly
different, though EF Eo —(and thus X, ) is significantly
higher for a thinner spacer case. The similarity of the
wave functions indicates that the parameter b in the
h (q) function defining the screening expression [Eq. (24)]
is comparable in the two cases. However, the higher
average electron energy attendant to the higher electron
concentration for the thin-spacer-layer case leads to a
higher degree of screening. Nevertheless, this advantage
is negated by the lowering of the average separation be-
tween the ionized donors and electrons in this thin
spacer case. The net effect is thus a lowering of mobility
with decrease in the spacer-layer thickness. An impor-
tant point to be noted here is the intrinsic coupling of
the charge-transfer process with the band-bending effect,
which limits the parametric freedom for tailor-making of
such configurations. Thus, it is of interest to search for
a range of dopant densities for a given range of spacer-
layer thicknesses, which could lead to a desired electron
concentration in the well.

In Fig. 4 we present the results on the dependence of
mobility on spacer-layer thickness for the case wherein
the dopant density is changed in such a manner that a
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FIG. 2. Dependence of low-temperature electron mobility
and carrier concentration in a 100-A one-side-modulation-
doped Alp 33Gap 67As/GaAs/Alp 33GaQ 67As quantum-well
structure on spacer-layer thickness for a fixed dopant density
of 5&& 10' cm
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FIG. 3. Potential distributions and electron wave functions0
for two 100-A one-side-modulation-doped Alp 33GaQ 67As/
GaAs/Alp 33Gap67As quantum-well structures for spacer-layer
thicknesses of 25 and 200 A. The dopant density is 5)&10'
cm . The arrows show the average spatial positions of elec-
tron distribution.
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FIG. 4. Dependence of low-temperature electron mobility
and the dopant density required to maintain a fixed electron
concentration (5&10'' cm ) in a one-side-modulation-doped

Alp 33Gap 67As/GaAs/Alp»Gap 67As quantum well, on the
spacer-layer thickness.

out without incorporating band-bending effects and the
electron-electron interaction, we had demonstrated that
the well-width dependence of the electron wave function
and the attendant modification of the screening effects
have a major influence on the nature and degree of
quantum-size effects. In the present case of a one-side-
doped well the band-bending effects are crucial to the
charge-transfer process itself and since the electric field
in the spacer region depends on the density distribution
of electrons in the well, the band bending is influenced
by the size of the quantum well and thus contributes an
interesting feature to the aspect of quantum-size effects.
Clearly these effects are bound to be more important
(not necessarily dominant) in single-side-doped quantum
wells as compared to the case of symmetrically doped
wells.

In Fig. 5 we show the dependence of the low-
temperature electron mobility and the electron concen-
tration on the width of the quantum well for a
fixed spacer-layer thickness of 150 A (solid lines) and a
fixed dopant density of 5& 10' cm . The barrier-layer
Al concentration in these structures is 33%%uo. Before we
discuss the size effect in this case it is important to men-
tion that the size effect does depend on such parameters
as the dopant density, spacer-layer thickness, and the Al
concentration in the barrier layer. In the representative
case shown here it may be seen that a decrease in the
width of the quantum well leads to a significant and in-

fixed electron concentration of 5&10" cm is attained
in the quantum well. These results are, once again, for a
100-A Alo 33Gao 67As/GaAs/Alo 33Gao 67As quantum-
well modulation doped only on the normal-interface
side. It can be readily seen that as the spacer-layer
thickness is increased it becomes increasingly difficult to
achieve a given electron concentration in the well' due
to an attendant increase in the effective strength of the
barrier for charge transfer. Thus almost an order of
magnitude (from 10' to 10' cm ) increase in dopant
density is required to maintain a fixed electron concen-
tration of 5&10" cm in the well as the spacer thick-
ness is increased from —25 to -200 A. Of course, the
magnitude of the range of dopant density required to
maintain a fixed electron concentration in the well is a
function of the desired electron concentration itself and
the width of the well. In so far as the variation of mo-
bility with increase in spacer thickness is concerned, one
has an interplay of the positive contribution from the in-
crease in the effective separation between the scatterers
and the carriers, and a negative contribution from the
increase in the density of dopant needed to keep the car-
rier constant in the well. Clearly, the latter starts
becoming increasingly important for spacer thicknesses
of greater than —100 A.

Next, we address the interesting question of quantum-
size effects in such a one-sided doped structure. In our
previous theoretical studies on symmetrically (uniformly
and modulation) doped, ' single quantum wells carried
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FIG. 5. Variation of the low-temperature electron mobility
and electron concentration in the well as a function of the
width of the one-side-modulation-doped Alp 33Gap 67As/
GaAs/Alp 33Gap &7As quantum-well structure for two cases of
spacer-layer thickness, viz. d,„„„=50A and d,~„,„=150 A.
The dopant density is fixed at 5&&10' cm
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